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In the statement of Theorem 7.4 the functor t: D(S) — D(A) is not the right one. Theorem 7.4,
its proof, and Remark 7.6.3 should be replaced by the text given below. These changes do not
affect any other results or proofs in the paper.

Theorem 7.4. Let X be the DG module described above.
The functor Hom 4 (X*, —) induces an exact functor h:D(A) — D(S).
The functor t = X* ®ISJ —:D(S) — D(A) is left adjoint to h.
This pair of functors restricts to inverse equivalences of triangulated categories:

D(A) D(S)
Ul " Ul
thick 4 (k) <— > thicks(S) (7.4.1)
Ul Ul

thick 4 (A) <— thicks (k)
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Ford = |&1| + - -- + |&| there are isomorphisms in D(S) and D(A), respectively:

h(k) ~ S, t(S) >k,
and (7.4.2)
h(A) ~ 39 k) ~ 3 A.

The DG module structures of Hom 4 (X*, N) over S and of X* ®f§ M over A are those induced
by X*, as explained in 7.6.3.

7.6.3. For every DG A-module N the complex Hom 4 (X™, N) of k-vector spaces has a canonical
structure of DG S-module, isomorphic to Homy (§*, N ).

Multiplication with § annihilates Hom 4 (A ®; S*, k)“. This observation shows that the fol-
lowing natural S-linear isomorphisms are morphisms of DG S-modules:

Hom 4 (X*, k) = Hom (A ®k §*)°, k) = Homu (A & §*,k) = S.

For each DG S-module M the complex X* ® g M of k-vector spaces has a structure of DG
A-module, isomorphic to (A* ®j M)?. Thus, X* ®g — is a functor from DG S-modules to DG
A-modules; it induces a functor X* ®§‘ —:D(S) —> D(A).

Proof of Theorem 7.4. The functor Hom 4 (X*, —) preserves quasi-isomorphisms, by 7.6.5, so
it induces an exact functor h: D(A) — D(S).
It is clear that the functor t = X* ®f§ — is a left adjoint to h. Let

o:1d°S) > ht and A:th — 1dP@,

respectively, be the unit and the counit of the adjunction. Thus, for each M € D(S) and N € D(A)
there are morphisms of DG modules over S and A, respectively:

M2, Homy (X*, X* @% M) and  X* @% Hom(X*, N) 22,

N.

To prove that h and t restrict to inverse equivalences between thick 4 (k) and thickg (S) it suffices
to show A(k) and o (S) are quasi-isomorphisms.

Consider the chain of morphisms of DG A-modules

X* @Y% Homu (X*, k) = X* @F s = x* & i,

where the first isomorphism comes from 7.6.3. By the same token, the DG S-module
Hom 4 (X*, k) is semi-free, so in the formula above one may replace ®IS‘ with ®g. Now a di-
rect verification shows that the composite map equals A (k). Since p is a quasi-isomorphism, see
7.6.2,s01s A(k).

In the following chain of morphisms of DG S-modules the last one is from 7.6.3:

Hom (X*, p)
—

§ 29, Hom, (X*, X*) Hom  (X*, k) = S.

A direct computation shows that the composite map is id®. Since p is a quasi-isomorphism so is
Hom 4 (X*, p), by 7.6.5; hence o (S) is a quasi-isomorphism.
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We have proved that h and t restrict to inverse equivalences between thick 4 (k) and thickg(S).
We now verify the isomorphisms in (7.4.2).

We obtain an isomorphism h(k) >~ S from 7.6.3. Using the quasi-isomorphism p of DG A-
modules from 7.6.2 and the exactness of the functor Hom 4 (—, A), see 7.6.6, one gets quasi-
isomorphisms

h(A) = Homu (X*, A) ~Homa (k, A) = 3%k
of complexes of vector spaces. It yields h(A) ~ 34k in D(S), see Proposition 3.12(1).

Since A :th — id®™ is an isomorphism on thick 4 (k), it follows from the calculations above
that there are quasi-isomorphisms of DG A-modules

t(S) ~th(k) ~k and t(k) >3 %th(A)~3"7A.

Finally, as h restricts to an equivalence thick 4 (k) = thicks(S) and h(A) ~ >4k holds, further
restriction yields an equivalence thick 4 (A) = thickg(k). O
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