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ABSTRACT

We are interested in estimating the average effect of a binary treatment on a scalar outcome.
If assignment to the treatment is independent of the potential outcomes given pretreatment variables,
biases associated with simple treatment-control average comparisons can be removed by adjusting
for differences in the pre-treatment variables.  Rosenbaum and Rubin (1983, 1984) show that
adjusting solely for differences between treated and control units in a scalar function of the pre-
treatment, the propensity score, also removes the entire bias associated with differences in pre-
treatment variables.  Thus it is possible to obtain unbiased estimates of the treatment effect without
conditioning on a possibly high-dimensional vector of pre-treatment variables.  Although adjusting
for the propensity score removes all the bias, this can come at the expense of efficiency.  We show
that weighting with the inverse of a nonparametric estimate of the propensity score, rather than the
true propensity score, leads to efficient estimates of the various average treatment effects.  This result
holds whether the pre-treatment variables have discrete or continuous distributions.  We provide
intuition for this result in a number of ways.  First we show that with discrete covariates, exact
adjustment for the estimated propensity score is identical to adjustment for the pre-treatment
variables.  Second, we show that weighting by the inverse of the estimated propensity score can be
interpreted as an empirical likelihood estimator that efficiently incorporates the information about
the propensity score.  Finally, we make a connection to results to other results on efficient estimation
through weighting in the context of variable probability sampling.
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