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Progress

Data analysis

We have now almost completed the large reprocessing of the Mark III VLBI data
set. Over 800 VLBI experiments have been analyzed in the last 6 months bringing
our processed data set up to February, 1989 for IRIS, and November, 1988 for CDP
experiments. We will request more data from both NGS and GSFC in early June.

Atmospheric delay calibration

We have submitted the results of Gunnar Elgered and our analysis of the WVR
data from the Onsala Space Observatory. A preprint of the paper is attached.

Software conversion

Much of our effort recently and for the near future will focus on conversion of the
VLBI analysis software from the HP 1000 to Unix based workstations. Given GSFC’s
experience recently of transferring the software between two different Unix machines,
we hope that this transfer will go smoothly.

Papers

We have two papers about ready to be submitted to the Journal of Geophysical
Research. These papers discuss our Kalman filter analysis of VLBI data and the theory
of the Earth’s nutation with particular emphasis on the effects of the solid inner core.
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ABSTRACT

An important source of error in very—long-baseline interferometry (VLBI)
estimates of baseline length is unmodeled variations of the refractivity along the
propagation path through the atmosphere. We present and discuss the method
of using data from a water-vapor radiometer (WVR) to correct for the propaga-
tion delay caused by atmospheric water vapor. Data from different WVR’s are
compared with estimated propagation delays obtained by Kalman-filtering of the
VLBI data themselves. The consequences of using either WVR data or Kalman
filtering to correct for atmospheric delays at the Onsala VLBI site are investigated
by studying the repeatability of estimated baseline lengths from Onsala to sev-
eral other sites. The lengths of the baselines range from 919 to 7941 km. The
repeatability obtained for baseline-length estimates shows that the methods of
water—vapor radiometry and Kalman filtering offer comparable accuracies when
applied to VLBI observations obtained in the climate of the Swedish west coast.
It is also clear that VLBI observations made at low elevation angles should not be
used if no estimations of the atmospheric delay are to be made for that site from
the VLBI data. The “best” minimum elevation angle to a]low.depends on the
accuracy of the a priort estimates of the total propagation delay, since the error
in this delay increases with increasing air mass. For use of either WVR data or a
model, based on the humidity and temperature at the ground, the best minimum

is found to be either about 20° or about 35°, respectively.
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1. INTRODUCTION

To correct for the “wet” atmospheric delay of radio signals, water—vapor
radiometers (WVR’s) have been developed for very-long-baseline interferometry
(VLBI) experiments designed for estimation of geodetic parameters. This delay,
although much smaller than the delay caused by the “dry” constituents of air,
is—due to its variability in space and time—a major source of error in estimates
of geodetic parameters such as baseline lengths.

WYVR data can be treated as a priors information about the wet delay, is.e.,
information obtained prior to least-squares estimation of site positions, etc. Other
a priori data are ground measurements of humidity and temperature that can be
used with a model to predict the wet delay. Due to poor mixing of wet and dry
air, the accuracy of this type of model is expected to be too poor to be useful
for our application. For comparison, however, we do use a model of this type
[Saastamoinen, 1972]; we will refer to it as the ground-based model.

Ideally we would like to estimate the wet delay with an uncertainty much
less than 30 ps (~10 mm equivalent path), which is the typical uncertainty of the
group—delay data. It appears that there is no practical possibility for achieving
this level of accuracy other than by use of a remote sensing instrument, such as
the WVR. However, it is also possible to estimate a correction to a priors delays
simultaneously with estimating geodetic and other parameters from the VLBI
data. For example, we can estimate a mean zenith bias for an entire observing
session or values of samples of, say, an assumed random (Markov) process [Herring

et al., 1989a] representing the wet delay.
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This paper addresses the utility of WVR’s in geodetic VLBI experiments.
The experiments analyzed here all consist of dual-frequency band observations
(S and X band). The experiment setup and the data flow are described by Clark
et al. [1985]. Before giving our results, we provide a general background discussion
of atmospheric delays and water-vapor radiometry. Thereafter, we describe the
different WVR’s that have been used to collect the data we analyzed. The results
are presented in two ways. First, we compare the inferred wet-delay variations
from the WVR to estimates obtained from a Kalman filter for several experiments.
Second, we compare the repeatability of estimated baseline lengths obtained using
different methods to correct for the atmospheric delays. Since the longest timespan
of WVR data associated with geodetic VLBI experiments‘was obtained at the
Onsala Space Observatory in Sweden, we present series of estimates of lengths of

baselines from Onsala to other sites in the U. S. and Europe.
2. THE ATMOSPHERIC DELAY AND WATER-VAPOR RADIOMETRY

The delay through the neutral atmosphere depends on two terms [Davis et
al., 1985). The first is called the “hydrostatic® (or “dry”) delay. Its value AL in

the zenith direction, expressed in meters, is

ALy, = (0.0022768 =+ 0.0000015) RERT) , (1)

where P, is the total pressure at the ground in mbar and where

f(®,H) = (1 — 0.00266 cos 2& — 0.00028 H) (2)
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is used to model the variation of the acceleration due to gravity with latitude ® and
the height of the station H, in km, above the (international) ellipsoid, although
the results are not sensitive to the specific ellipsoid chosen. The uncertainty given
for the hydrostatic delay is the root sum square of the effects on it of the uncer-
tainties in (1) the measurements of the refractivity of dry air [Boudouris, 1963]
(which is about sixfold larger than the uncertainty given by Thayer [1974]), (2) the
acceleration due to gravity, (8) the universal gas constant, and (4) the variability
of the dry mean molar mass. Any departures from hydrostatic equlibrium are,
however, not included.

The elevation—-angle dependence of the hydrostatic delay is modeled using
a “mapping function”, the accuracy of which is improved if other meteorological
measurements, such as of the ground temperature, are used (see, e.g., Hopfield
[1971]). The mapping function we used for the hydrostatic delay in this study is
presented by Davis et al. [1985].

The second term of the total delay is the wet delay, AL,,, which, defined

consistently with the hydrostatic delay (1), can be written as

oo

AL, =10"° [(17 + 10) / —;-,ds + (8.776 + 0.03) x 10° / %ds ] ,  (3)
0 0

expressed in the same units as is the path, s; T is the temperature in K; and e
is the partial pressure of water vapor in mbar. The standard deviations are from
the experimental determinations of these constants (Boudourss [1963]; see Davts

et al. [1985] for discussion). This wet delay is determined mainly by the amount
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of water vapor along the atmospheric path, corresponding to the integration path
in Equation (3).

The WVR measures the emission from the sky at two (or more) well sepa-
rated frequency ban:is with one of the bands near the water—vapor emission line
which is centered between 22 and 23 GHz. The WVR intensity output, for the
band closest to the center of this line, will depend on the amount of water vapor
in the direction the WVR antenna is pointed. A second frequency band is needed
to correct for emission caused by liquid water, which occasionally can be larger
than the vapor contribution (even at the center of th;a water—vapor line). Using

the Rayleigh-Jeans approximation and the equation of radiative transfer [Chan-

drasekar, 1960], we can write the sky-brightness temperature measured by the

WVR as

o0
T, = Tyge ™ + / T(s) a(s) e ™®) ds , (4)
0

where T, is the “background” radiation (i.e., from outside the earth’s atmo-
sphere). In the frequency band relevant to WVR’s T, is due primarily to the
cosmic background radiation. T (s) is the physical temperature of the atmosphere
along the path and a(s) is the (composite) attenuation coefficient due to water
vapor, liquid water and oxygen. The parameter 7 (s) is the corresponding opacity

from the ground to the point s:

r(s) = /o "a(s) ds' . (5)



When s is equal to infinity the opacity is written as 7. The attenuation coefficient
for each of the atmospheric constituents has a unique frequency dependence, which
makes it possible to separate approximately the effects due to oxygen, water vapor,
and liquid water.

When studying Equations (3)-(5) it becomes clear that by making some ap-
proximations we can formulate several (non-unique) algorithms which will allow
us to estimate the wet delay from WVR measurements of sky-brightness tempera-
ture. It is possible to take many different approaches. Generally, the development
of the algorithms assumes that the atmosphere is optically thin at the frequen-
cies used by the WVR, and thus, T, can be used to obtain an estimate of 7.
The opacity, or similar quantity such as linearized brightness temperature, is then

related to path delay by an integral of the form,

ALw = /OooW(s)a(s) ds , ()

where, W (s), the “weighting function”, is given by

1078174 + 3.776 x 105%,]

W(s) = a(s) ’ (7)

and where the ratio f;° W(s)a(s) ds/ J,_ a(s) ds is the “atmosphere averaged”
weighting function, W. It is W which is empirically parameterized in terms of me-
teorological conditions, and which must be optimized for a particular site. Most
algorithms do not try to relate the brightness temperature at a single frequency
to AL,, but rather form a linear combination of the brightness temperatures at
two frequencies so that the effects of liquid water can be largely removed (see, e.g.,
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Wu [1979]). The contribution of the attenuation of oxygen is also usually removed
based on empirical models for its dependence on surface pressure and temperature
(see, e.g., Gaut [1968]). While such constructions change the detailed dependen-
cies of the quantities in W (s), the dependence of W on meteorological conditions
remains. Different wet—delay algorithms have been derived by Resch [1983], Gary
et al. [1985], Robinson [1988], and Johansson et al. [1989]. These algorithms are
derived for many VLBI sites used (or to be used) in geodetic experiments and
most of them make use of meteorological parameters measured at the ground.

Let us define the “algorithm error” as the error of the wet delay inferred from
noise free radiometer observables. The algorithm error can then be divided into
two parts. The first part is a scatter which varies on time scales of hours to days.
We obtain this error if we assume that the expressions for radio signal attenuation
used to derive the algorithm are correct. Depending on the completeness of the
parameterization of W, this error source can vary between different algorithms.
For the algorithms referred to above, the root-mean-square (RMS) error of this
part, for the zenith direction, varies between 1 and 4 mm, depending on algorithm
and site, for weather situations excluding rain or heavy rain—clouds. This error
will change slowly with time since it depends on changes in the height profiles
of temperature and humidity in the atmosphere. The typical rate of change, for
the zenith direction, is 1-2 mm/12h but a few times per year it can approach 10
mm/12h (see Elgered [1989] and references above).

The second part of the algorithm error is due to errors in the attenuation
coefficients. This part of the error should be common to all algorithms which
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use the same expressions for the attenuation coefficients. The uncertainty in the
attenuation of oxygen is the least important and corresponds to an error in the
inferred wet delay in the zenith direction of less than 2 mm [Elgered, 1989]. This
value was derived by comparing the results from algorithms of the form described
above using different attenuation coefficients for oxygen [Meeks and Lilley, 1963;
Snider and Westwater, 1969; Liebe, 1985; Liebe, 1987; Rosenkranz, 1988].

The attenuation due to liquid water is assumed to be caused by Rayleigh
scattering, in which case it is proportional to the square of the frequency. This
frequency dependence is valid as long as the sizes of the liquid water drops are
much smaller than the wavelength of the attenuated signal [Staelin, 1966]. For
all the WVR’s used for geodetic VLBI, the “cloud correction band” is centered at
about 31 GHz (wavelength ~ 10 mm). If the size of the drops in the atmosphere
are not, say, a few tenths of a millimeter or less, s.e., negligible compared to
the wavelength, dual-frequency type algorithms will overestimate the wet delay
[ Westwater, 1972]. An example of the effect of large drops is given in Figure 1,
where the effect is further increased by the accumulation of water drops on the
teflon—covers of the horn antennas. Our experience indicates that during rain,
WYVR data are of no use for the calculation of accurate wet-delay corrections.

When it is not raining the uncertainty in the attenuation due to water vapor
appears to be the limiting factor. There are a number of published formulas for
this attenuation [Staelin, 1966; Waters, 1976; Liebe, 1985; Liebe, 1987, and a lower
bound on the errors in the estimates of AL,, obtained by radiometric techniques
can be obtained by comparing algorithms derived with different expressions for the
water-vapor attenuation. Such studies indicate that errors in AL,, of 4-8%, with
the-uncertainty increasing with decreasing temperature, are likely [Elgered, 1989).
Even a 4% error is, however, not negligible. Zenith wet delays of between 100 mm
and 300 mm are not unusual in the temperate summer. (Here, and hereafter, we
express delays in terms of equivalent path length.) For typical elevation angles of
about 30°, we will then obtain errors of the order of 10-30 mm in our estimated
delay corrections. These errors are large when compared to the uncertainties of

individual VLBI group delay measurements which are of order 10 mm or less.
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3. BRIEF DESCRIPTION OF WATER-VAPOR RADIOMETERS
FOR GEODETIC VLBI

Responsibility for the design and manufacture of WVR’s specifically for use
in geodetic VLBI experiments was assigned by the National Aeronautics and Space
Administration (NASA) in the mid 1970’s to the Jet Propulsion Laboratory (JPL)
in Pasadena, CA, where seven WVR’s were subsequently built [Resch et al., 1985].
Independently, at the Onsala Space Observatory in Sweden, one WVR was built
[Elgered and Lundh, 1983]. Later four of the JPL instruments (known as R-series
WYVR’s) were upgraded, and a new more compact (J-series) WVR was made at
JPL [Janssen, 1985]. More J-series WVR’s are now being built and another,
independently designed, WVR is being built at the Geodetic Institute in Bonn for
use at the VLBI station in Wettzell, FRG [Reschert, 1985].

The different WVR’s that have been used in Mark-III VLBI experiments
are briefly described in Table 1. System noise-temperatures are all about 600 K.
The WVR’s are all fully steerable in azimuth and elevation, but the slew speeds
are quite different. Even though all antennas used for VLBI observations typi-
cally slew at 0.5-2°/s, it is an advantage to have a higher slewing speed for the
WYVR. Instrumental calibrations are generally formulated as corrections to the
temperatures of reference loads or noise-diodes and are obtained by frequently
performing elevation scans (also known as “tip—curves”). This procedure should
~ be more successful if the WVR slews sufficiently fast to allow time between the
VLBI observations for making tip—curves.

The tip—curve method is sensitive to any inhomogeneities in the atmosphere;
but, provided that tip—curves'are carried out at different azimuth angles, even
simple gradients are easily detected and modeled. If the atmosphere is very inho-
mogeneous, which is often the case when significant amounts of liquid water are
present, the noise in the tip—curve data becomes very apparent and the data can

be downweighted before using them in the calibration procedure.
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4. INFERRING WET DELAYS FROM WVR DATA AND

FROM A KALMAN FILTER

When a Kalman filter is used to estimate the atmospheric delay [Herring
et al., 1989a], the normal procedure is to use the measured ground pressure to
calculate the hydrostatic delay using Equations (1) and (2), and to estimate an
additional delay which is then assumed to be equal to the wet delay. The wet delay
estimated using the Kalman filter will, therefore, have an additional uncertainty
arising from errors in the inferred hydrostatic delay. Since the water vapor has
a different distribution with height than has the dry air, a special “wet mapping
function” has to be used to calculate the partial derivatives in the estimation pro-
cess. A mapping function for the elevation-dependence of the wet delay presented
by Chao [1972] was used in the analysis.

We have compared the two methods—Kalman filter and WVR—at different
sites involving different WVR’s. Figures 2—4 show the equivalent zenith wet delay
inferred from WVR data and estimated, using the Kalman-filter technique, from
the VLBI data themselves. The error bars for the WVR data have been omit-
ted. They vary, mainly as a function of the elevation angle of the observation,
between 5 and 8 mm for the old R-series WVR and between 2 and 4 mm for
the other instruments. In addition to these random errors, there are the biases in
the measurements and in the inversion algorithm both of which contribute to the
overall uncertainty of the WVR-inferred wet-path delays. The error bars for the
VLBI estimates do not account for errors in either the zenith value or the mapping

function of the hydrostatic delay.
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In Figure 2 the WVR data are from the old R—series used at the Haystack
Observatory, MA; Figure 3 shows the same type of comparison for an upgraded
R-series WVR at the Mojave site, located in the Mojave desert in California. Fig-
ure 4 shows the result from three contiguous observing sessions: one “Atlantic”
experiment wi*.hin NASA’s Crustal Dynamics Project (CDP) [Coates et al., 1985,
including antennas at Westford (MA), Onsala (Sweden), and Wettzell (Federal
Republic of Germany); one “IRIS” (International Radio Interferometric Survey-
ing [Carter et al., 1985]) experiment, including antennas at Westford, Fort Davis
(TX), Richmond (FL), Onsala, and Wettzell; and one “Polar” (CDP) experiment,
including antennas at Kashima (Japan), Fairbanks (AK), Mojave, Westford, On-

sala, and Wettzell.
5. ON THE ACCURACY OF THE ESTIMATED PROPAGATION DELAY

In each of the comparisons shown in Figures 2-4 both sets of estimates of-
ten exhibit similar short—-term variations for the wet delay, but with an apparent
long-term bias. We have studied these biases for the Onsala site using a set of 119
. Mark-III VLBI experiments in which WVR and VLBI data are both available at
the Onsala site for more than approximately half of each experiment. These exper-
iments were carried out between July 1980 and June 1988. The WVR data were
used with the algorithm presented by Johansson et al. [1989)] for estimating the
wet delay. We used ground-pressure measurements together with the WVR data
to determine the propagation delays at Onsala, but during the solution estimated
one constant correction to the equivalent delay in the zenith direction for each
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experiment. At all other sites t'he atmospheric delays were estimated by assuming
that these delays could be represented by a random-walk stochastic process. The
clocks at all sites were estimated using a combined random-walk and integrated—
random-walk stochastic process [Herring et al., 1989a]. The statistical parameters
of the Markov process used for the atmospheric delay estimation were obtained
from previous analyses of the rate residuals for each experiment [Herring et al.,
1989a). Ideally the estimate of this additional delay in the zenith direction would
be zero for each experiment. However, there are several sources of error which
will influence the result. (The estimated errors are given as “root-mean-square
(RMS)” and “bias” for a 24 hour period in each relevant case. The signs of the
biases are unknown; their magnitudes are inferred approximately from the spread

in published values or from experimental evidence.)

1. Error in the inversion algorithm used with the WVR data, due to approxima-
tions of the atmospheric profiles of pressure, temperature, and humidity (2 mm
RMS in the zenith direction for the algorithm used with this data set [Johansson

et al., 1989)).

2. Error in the inversion algorithm used with the WVR data, due to uncertainties
in the attenuation coefficients of water vapor (a bias of approximately 4-6% of the

wet delay |[Elgered, 1989]).
3. WVR instrumental error (RMS 3-5 mm, bias up to 5 mm).

4. Uncertainty of the wet refractivity (the constants in Equation (3), bias of 1%
of the wet delay [Boudouris, 1963]).
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5. Error in the total pressure measurement at Onsala (estimated error: 1 mbar,
corresponding to 2 mm in equivalent zenith delay). This error is a bias during an
experiment but could vary over time scales of months as determined by comparison

of Onsala’s barometer with nearby (<40 km distant) airport barometers.

6. Uncertainty in Equation (1) for the hydrostatic delay (bias of 0.1%, correspond-

ing to 2 mm in equivalent zenith delay).

7. Violation of hydrostatic equilbrium in the atmosphere. Such errors should be
important (larger than 1 mm in equivalent zenith delay) only when very strong
winds exist [Holton, 1979]. In this data set, before March 1987, there are no data
taken at Onsala when the wind exceeded 13 m/s at the grbund due to a wind-
speed limit for antenna operation. However, this surface-wind—speed condition

does not exclude the possibility of high altitude winds affecting our results.

8. Any unmodeled effect in the VLBI data which could affect the estimate of the

excess propagation delay.

9. Errors in the mapping functions. The hydrostatic mapping function which
is used to map the hydrostatic (or dry) delay from the zenith direction to the
elevation angle of the observation. (RMS at 10 degrees elevation angle is about
10 mm, which projects through our estimator to yield approximately 5 mm RMS
errors in the estimated zenith wet delay.) The error in the wet mapping function
is believed to be of the same magnitude. The biases presented in Figure 4 were
reduced approximately 5 mm by using hydrostatic and wet mapping functions
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derived from radiosonde profiles obtained at Géteborg-Landvetter Airport 38 km
from Onsala.

Three sets of solutions are presented in Figure 5. Each solution uses a differ-
ent minimum (cut—off) elevation angle for the observations made at Onsala. The
effect of an error in the mapping function is expected to be larger at low elevations,
which should be reflected in the estimated mean bias. Of course, the uncertainty
of the estimated zenith bias increases rapidly with increasing cut—off angle. We
obtain a rather large uncertainty (2.3 mm) of the estimated bias for a 25° cut—off
in elevation angle. This fact, together with there being no significant difference in
the mean biases obtained in the first two solutions {no cut—off and 15° cut—éff),
imply that it is not possible to explain the bias solely in terms of errors in the
mapping functions.

The errors associated with the estimates of wet delay are primarily fractional
errors and can not alone explain the results in Figure 5: a distinguishable bias of
about 10 mm virtually constant with time. Fractional errors will cause the es-
timates of the wet delay to have errors which increase in the summer, when the
wet delay is large, and decrease in the winter. However, an instrumental bias of
the WVR could be at least partly responsible. To address the issue of instru-
mental biases, side-by-side comparisons of ASTRID (Table 1) and a new J-series
radiometer (JO3) were made at Onsala in June and July 1988, in an experiment
organized by the Onsala Space Observatory and NASA/GSFC. A preliminary
analysis of these data by one of us (GE) and personnel from NASA/GSFC, has
shown that the biases between these instruments varied between 0 and 8 mm, on
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time scales of days, for the duration of the comparison [Clark, private communi-
cation, 1989]. The preliminary estimates of the mean bias and RMS difference
between the results from the two radiometers are 1 and 5 mm, respectively. When
it is completed, a detailed analysis of these data will be presented elsewhere.

Another source of error that deserves comment is the uncertainty in the.
observed total ground pressure. The observed pressures at the Onsala site used in
this data set have been compared to the results from other pressure sensors in the
area and corrected, when necessary. Thereafter, the pressure was referred to the
height at which the signals are referenced within the radio telescope. We believe
this procedure has resulted in an uncertainty of the pressure measurements of
about 1 mbar corresponding to an equivalent zenith delay standard error of about
2 mm.

Finally, we note that by combining the errors discussed above we could repro-
duce the observed 10 mm bias in the estimated zenith delay, but this reproduction
would require the sum of many small terms. Hence, the overall bias can be reduced
significantly only by reducing the size of many of the individual sources of error

described above.
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6. USING WVR DATA AND LOW ELEVATION ANGLE OBSERVATIONS

Low elevation angle observations are not important when atmospheric de-
lay corrections are not estimated [Herring, 1986]. Such observations will actually
degrade the accuracy of the (other) estimated parameters if either there is a bias er-
ror in the atmospheric delay calibrations or if mapping-function errors are present
[Davis et al., 1985].

Independent of the sources of the bias discussed in the previous section, it
is important to study the resulting repeatability of estimated baseline lengths for
different elevation cut—off angles when no atmospheric delays are estimated for the
sites that have WVR’s. Some results are shown in Figure 6 where again the set of
119 experiments involving WVR data at Onsala is used. For each set of solutions
made, for a given elevation cut—off angle, the weighted root-mean-square (WRMS)
scatter of baseline lengths about the estimated slope is presented. The WRMS
value is used as a measure of repeatability. In these solutions no atmospheric pa-
rameters are estimated, and there is a small improvement in repeatability for all
baselines (excluding Onsala-Haystack) when we discard low elevation data. The
effect is larger for the longer baselines since the error made in the local vertical
coordinate affects the baseline length more in these cases. Although the optimum
cut—off angle is not identical for the different baselines, a value of 20° seems rea-
sonable for all cases. Because of ground noise pick-up, it should be noted that an
elevation angle of 20° is approximately equal to the lowest elevation that can be
usefully used by all of the WVR’s described in this paper.
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To show the cut—off effect more clearly, we have used the ground-based model
instead of the WVR data; the results are presented in Figure 7. The expected
errors accompanying the use of this model, averaged over a year, is about 20 mm
RMS in equivalent zenith delay for the Swedish west coast climate [Elgered and
Lundgquist, 1984]. The main part of this error will show up as a bias during a
24 hour observing session. In this case an elevation cut—off angle of about 35°
is recommended. Note that the data deleted in this study are only those for
observations made below the elevation angle cut—off at Onsala. If the cut—off
criterion had been applied at other sites as well we would have had a much larger
data loss (especially for the long baselines), implying a more rapid increase of the

WRMS for higher cut—off angles.

7. REPEATABILITY OF ESTIMATED BASELINE LENGTHS:

COMPARISONS BETWEEN USING WVR DATA AND KALMAN FILTERING

The set of 119 experiments was analyzed several more times, each time with
a different method used to correct for the wet delay at Onsala, but with the
. atmospheric delays for all other sites (as well as the clocks for all sites) modeled
as Markov processes.

The estimated mean rates of change of the baselines from these analyses are
presented in Table 2 as are all the WRMS scatters about these slopes. Based on
the results presented in Figures 6 and 7, an elevation cut—off angle was applied
when either WVR data or the ground-based model was used and no estimates
were made for the atmospheric delay at Onsala. The repeatability obtained is
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about the same in all cases which involve either the use of WVR data as a pri-
ors information or the estimation of the atmospheric delays based on their being
Markov processes. The differences of the estimated rates are small compared to
their estimated uncertainties. Since the estimates of the rates are correlated for
the different solutions because they share common data, we expect, based on the
arguments given in Davis et al. [1985, appendix B], that the uncertainties of the
differences should be equal to or greater than the square root of the difference of
the estimated variances for each rate estimate. Davis et al. showed that, when
parameters are estimated from two sets of data with one of the sets being a sub-
set of the other, the variance of the difference of the parameter estimates is the
difference of the variances from the two estimations. (The sense of the difference
is the variance from the smaller data set minus the variance from the larger.) An
extension of the arguments given there can be used to show that the same rule
applies when different numbers of parameters are estimated, provided the smaller
set of parameters is a subset of the larger set. In our case, the solution with the
larger number of parameters also has the largest number of observations, and thus
we can establish only the lower bound on the variance of the difference as the
difference of the variances. There are complications introduced by our scaling of
the variances so that x? per degree—of-freedom is unity; however, in most cases
these scaling factors were of similar size. Thus, the lower bound is approximately
correct.

For two baselines (Onsala-Haystack and Onsala-Owens Valley), it appears
better to estimate a constant correction to the zenith delay inferred from the WVR

19



data than to discard low elevation observations. In the case of Onsala-Haystack,
we know from Figure 6 that inclusion of the low elevation data actually yielded
a lower WRMS, even with no atmospheric bias estimated. Note that the 90%
confidence intervals are relatively large for these two baselines and that they were
based on more data from earlier epochs than were the other baselines (see the
mean epochs given in Table 2). The quality of WVR data, as well as of VLBI
data, have improved since 1980.

The change of accuracy of the data with time is further illustrated in Figure 8
where we have combined all the results from Onsala to Haystack and to Westford.
Note that either Haystack or Westford or both have been involved in all the 119
experiments analyzed in this paper. The WRMS about th;a “best-—fit” slope for
the last 37 experiments (August 1986-June 1988) is 9.8 mm, when the WVR data
are used, and 12.0 mm when, instead, the wet delays are estimated.

To better understand the differences between the solutions with and without
the WVR data used, we have compared the estimates of the coordinates of Onsala
for the two types of solution shown in Figure 8. We will refer to these as the Markov
and WVR solutions. In general, studies of station coordinates are complicated by
our uncertain knowledge of Ea,r'th rotation parameters. To avoid the complications
of (a) the errors introduced by interpolating Earth rotation data, and () the
effects of correlations between the Earth rotation parameters (which are largely
determined by VLBI data) and our da':.ta,, we choose to restrict our data set to those
experiments which included Wettzell and at least two other sites. The positions
of Onsala were then determined in a coordinate system defined by the other sites
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in the network. These other sites were moved in a such a way that the coordinate
system they defined should be fixed relative to North America (see Herring et al.
[1989b]). The fifty—four estimates of Onsala’s position in its local North, East and
Up coordinate system are shown in Figure 9 for the Markov and WVR solutions.
The WRMS scatters of the results from these two solutions are very similar for
each component. In particular, for the Markov solution, the WRMS scatter of
the North component, which is the component least affected by errors in our
estimates of the Earth rotation parameters, is 3.3 mm; of the East componeﬂt 6.9
mm; and of the height 20.1 mm. The corresponding values for the WVR solution
are 3.2, 7.0, and 22.2 mm. Here we see no improvement in the repeatability of
the estimates of the heights when the WVR data are used, although this lack of
improvement is probably due largely to a single experiment in September 1987, for
which the WVR data had large gaps due to rain. If this experiment is removed,
then the WRMS scatter of height estimates from the WVR solution reduces to
20.4 mm. In examining Figures 8 and 9, we note that the Markov solutions
heve several experiments with large residuals relative to their error bars; their
counterparts for the WVR solution are not anomalous. We have examined some
of these experiments in detail, especially those in June and October of 1987. The
estimates of the heights from all of these experiments show a large dependence
on the minimum elevation aﬁgle of the Onsala data included in the solution—
as low elevation angle data are removed the estimates from solutions with and
without atmospheric parameters estimated approach values consistent with the
trend of the best-fit straight line, but from opposite sides. The WVR solutions
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shown in the figure are not greatly affected by this characteristic because the data
below 20° elevation angle were not used. We interpret this behavior as being
due to an error in the mapping function for the hydrostatic delays. We are now
undertaking a detailed study of some of these experiments so that we can gain a
better understanding of the meteorological conditions which lead to such errors in
the mapping functions.

There is a mean difference of -17+2 mm in the heights estimated from the
Markov and WVR solutions. This mean difference is consistent with the mean
difference in the estimates of the baseline length between Westford/Haystack and
Onsala, and, presumably, arises from the same source which causes the -10.7 mm
average zenith delay bias when the atmospheric delay is fully calibrated. The
relationship between the zenith delay bias and the height difference is consistent
with the source of the bias either being an actual bias in the calibration or an

artifact of a (constant) error in the mapping function for the hydrostatic delay.

8. INTERPRETATION OF RESULTS

The primary aim of this paper is to discuss estimates of the wet delay ob-
tained from water vapor radiometry. However, there are apparently geophysical
signals in the results we have presented which we now examine. The following
discussion is our tentative interpretation of these results; there are still many is-
sues we need to address before we will be satisfied that we fully understand these
signals. Before we start our discussion, we will clarify the meaning of the error
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bars accompanying the results presented thus far. We believe these error bars rep-
resent the random-noise contribution to our estimates of the geodetic parameters;
thus, deviations between results which would be judged significant based on these
errors bars, we believe are significant—but not necessarily of geophysical signif-
icance. Significant deviations could well represent unmodeled ;ystematic €rrors
in our data analyis, and much of our discussion will be concerned with trying to
separate geophysical signals from systematic errors.

The estimates of the mean rate of change of the lengths of baselines con-
necting North America to Onsala are smaller than the rates expected from the
million—year averaged geologic plate-motion models. In particular, the average
rate of change from the geologic models for the Westford-to—Onsala baseline is
17.2+1mm/yr—about 4 mm/yr greater than the rate we find. The study of the
corresponding three-dimensional coordinates indicates that this lower rate, at least
for the last 4 years, is due to the estimated height of Onsala decreasing at an av-
erage rate of about 13+2-3 mm/yr. This result is contrary to current geophysical
theories of post—glacial rebound which would predict an increasing height of On-
sala at a rate of 3 to 10 mm/yr [Peltier, 1986; Wagncr and McAdoo, 1986]. We are
studying the possibility that other effects are causing an apparent vertical fall of
this site. Perhaps relevant here is the origin of the 10 mm zenith—delay residual
which is found after we have purportedly “fully” calibrated the total atmospheric
delay with the WVR data. But, given that this bias has been constant, with
no apparent seasonal signatures, for over 8 years, it seems unlikely that its cause
would introduce a secular rate of change of height. Errors in modeling the mapping
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function for the hydrostatic delay could introduce time dependent biases in the
estimates of height; however, the Markov and WVR solutions each showing about
the same rate of change, despite these solutions having oppositely-signed sensitiv-
ities to this type of error, seems to rule out this possibility. Thus, we have as yet
no plausible source of systematic error that would account for the discrepancy.
The estimates of height from the WVR solution also show some unexpected
systematic behavior, especially in 1984 when all of the estimates are below the
trend of the best—fit straight line. Given the sensitivity of this type of solution to
errors in the calibrated zenith delay, even with data below 20° excluded from the
solution, we are extremely reluctant to attribute this behavior to actual changes
in the motion of the site, especially since we do not see such pronounced behavior
in the Markov solution, which is insensitive to errors in the a priors calibration
of the zenith delays. There are, however, other indications of temporal varia-
tions in the height of Onsala or in the source(s) of systematic error. The average
rate of change of the Haystack/Westford-Onsala baseline prior to late 1984 was
17.4+1.7 mm/yr for the Markov solution, a value consistent with that given in
Herring et al. [1986]. The estimates after this date have an average rate of change
of only 8.841.5 mm/yr. The corresponding rate estimates for the WVR solution
are 18.3+1.9 and 9.841.3 mm/yr. However, despite these large, and consistent
signals, we are certainly not convinced that these differences result from a change
in the motion of Onsala, given the as yet incompletely understood systematic er-
rors affecting our results. In particular, from this data set we can not discount the
possibility that the Westford site is responsible for the changing rate. A complete
analysis of the VLBI data set, discussed in Herring et al. [1989b], does seem to

rule out this possibility.
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9. CONCLUSIONS

WVR data and the Kalman-filter approach for the “wet” delay calibration
give comparable repeatability of estimated baseline lengths when used for the On-
sala VLBI site. We find from our data set that the “best” elevation cut—off angle
when WVR data are used is about 20°. Low elevation angles are, nevertheless,
important since they imply a better geometry and are necessary to obtain accu-
rate results if atmospheric delays are to be estimated [Davis et al., 1989]. Such
estimates may be necessary if, for example, a WVR is not available at a site or if
it rains during a portion of an experiment, thus making the WVR data useless for
our application. It is, therefor;, of the greatest importance to minimize possible
biases in the total atmospheric delay inferred from ground pressure measurements
and WVR data so that data from observations at low elevation angles can be used
without degradation of the accuracy.

Most of the results in this paper involve WVR data taken with one specific
instrument operating in the specific climate of the Swedish west coast. This WVR
is not a state—of-the-art instrument. Moreover, the daily variations in the wet
delay at Onsala are expected to be smaller than those present at many other
geodetic VLBI sites. Since the uncertainties of the estimated parameters increase
if a more variable wet delay is to be estimated by a Kalman filter (see Herring et
al. [1989a]), use of an accurate WVR instrument at a more humid site should yield
larger improvements in the repeatability of the estimates of geodetic parameters

than those obtained in this study.
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Given the repeatability obtained using the Kalman-filter technique and the
cost of a WVR, it may prove useful to have a WVR only at sites frequently used
and/or where the expected wet delay variations are large. The WVR data can
then also be used to check simultaneous Kalman-filter estimates of the wet delay,
and to guard against other unmodeled errors in the VLBI data being absorbed
into atmospheric delay-estimates. However, since the Kalman filter technique is
sensitive to mapping—functionverrors, it may be necessary to use either a WVR
or frequent radiosonde launches at each site to obtain the most accurate geodetic

VLBI results.
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Table 1. Water-wapor radiometers used in the Mark-III VLBI experiments.

R-series! New R-series! J-series! ASTRID?
Frequencies
[GHZ] 20.7 314 20.7 314 20.7 22.2 314 210 314
Antenna
beam-width [°] 7 7 7 7 9 9 7 6 6
Reference load 313 + 77/313 or
temperatures [K] 313/413 313/413 noise-diode 313/360°
IF Bandwidth
(DSB) [MHz]  5-100 10-110 40-200 5-500
Slewing speed

AZEL [°/s] 1.5, 1.5 7.5, 6.6 12, 60 1.7, 1.7

! See text.
2 The WVR at the Onsala site (Atmospheric Sky Temperature Radiometer for

Interferometric Delay corrections).

3 Referred to as “cold” or “hot” mode. The WVR was running in hot mode during
six of the 119 experiments analyzed in this study.
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Table 2. Baseline length repeatability

Baseline: Method used to correct for Slope? WRMS?
Onsala the wet delay at Onsala! about slope
to A priors Adjustment (mm/year) (mm)
Wettzell None Bias -2.1+0.5 5.1
(72 experiments, None Markov -1.91+0.4 4.1
919 km, mean Model(35°)  None -2.410.7 6.3
epoch 1987.0) Model Bias -2.410.5 4.8
Model Markov -1.8+0.4 4.3
WYVR (20°) None -1.6+0.4 4.0
WVR Bias -1.440.5 4.4
WVR Markov -1.61+0.4 4.2
Haystack None Bias 14.5+1.3 14.1
(30 experiments, None Markov 15.2+1.2 12.1
5600 km, mean  Model(35°) None 14.74+2.3 24.8
epoch 1984.0) Model Bias 12.0+1.8 18.5
Model Markov 15.4+1.2 11.3
WVR (20°) None 16.3+1.3 13.3
WVR Bias 14.6+1.2 11.5
WVR Markov 15.4+1.3 12.0
Westford None Bias 11.6+1.6 20.9
(96 experiments, None Markov 12.9£1.0 13.9
5601 km, mean  Model(35°) None 12.0+1.5 20.8
epoch 1986.8) Model Bias 11.2+1.4 19.0
Model Markov 12.8+1.0 13.7
WVR (20°) None 13.31+0.9 12.3
WVR Bias 13.3+1.1 14.6
WVR Markov 13.5+1.0 14.0
Richmond None Bias 4.4+3.3 21.2
(32 experiments, None Markov 4.4+3.3 21.2
7307 km, mean  Model(35°) None 6.415.7 38.4
epoch 1986.9) Model Bias 4.413.6 23.0
Model Markov 4.8+3.4 22.1
WVR (20°) None 5.6+3.1 20.6
WVR Bias 7.9+3.5 22.3
WVR Markov 6.8+3.3 21.5
OVRO None Bias 12.942.7 36.6
(28 experiments, None Markov 13.9+2.3 29.4
7914 km, mean  Model(35°) None 9.8+3.0 39.7
epoch 1984.6) Model Bias 12.1+2.2 29.6
Model Markov 13.61+2.2 29.2
WVR (20°) None 12.9+2.9 36.9
WVR - Bias 13.0+1.8 23.4
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WVR Markov 13.8+2.3 28.4

GRAS None Bias 10.512.2 38.8
(73 experiments, None Markov 11.2+1.6 27.8
7941 km, mean = Model(35°)  None 12.0+1.9 33.1
epoch 1986.2) Model Bias 10.7+2.0 35.4
Model Markov 11.2+1.6 27.6
WVR (20°) None 12.0+1.7 28.4
WVR Bias 11.7£1.5 25.9
WVR Markov 12.2+1.5 26.1

1 The a priori information used is either none, or the ground-based model, or the
WYVR. If an elevation cut-off angle is applied, its value is given in parentheses. If
an atmospheric dela.y is estiméted, it is assumed to be either a constant in the
zenith direction (bias) or a Markov process.

2 The standard deviations are scaled so that reduced x? per degree of freedom=1
[Herring et al., 1986].

8 weighted root-mean-square.
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Figure captions

Fig. 1. WVR measurements carried out during four days in November 1986. The
large errors in the inferred wet delays from WVR data taken during rain is in this
case further increased by water drops forming on the covers of the horn antennas.
The error bars for the WVR data have been omitted.

Fig. 2. Simultaneous WVR 'measurements and Kalman filter estimates of the
equivalent zenith wet delay at the Haystack Observatory. The old R-series WVR
was used.

Fig. 3. Simultaneous WVR measurements and Kalman filter estimates of the
equivalent zenith wet delay at the Mojave VLBI site. The new R-series WVR was
used.

Fig. 4. Simultaneous WVR measurements and Kalman filter estimates of the
equivalent zenith wet delay at the Onsala Space Observatory. The ASTRID WVR
was used.

Fig. 5. Values of a constant atmospheric delay at Onsala estimated in addition
to an a priors delay consisting of the hydrostatic delay calculated using the total
ground pressure and the wet delay inferred from WVR data. The estimation is
done for 119 VLBI experiments three times, each time with a different elevation
cut-off angle at Onsala in order to check the sensitivity of the estimated value for
mapping function errors.

Fig. 6. Weighted RMS residuals of estimated baseline lengths about a “best-fit”
straight line. The error bar shows the 90% confidence interval. The hydrostatic
delays and the WVR data constitute the a priori information used; no estimate of
the atmospheric delay at Onsala was made. Seven sets of solutions were made, each
with a different elevation cut-off angle at Onsala. The baselines are from Onsala
to: Wettzell (Z, 919 km, 72 experiments), Haystack (H, 5600 km, 30 experiments),
Westford (W, 5601 km, 96 experiments), Richmond (R, 7307 km, 32 experiments),
OVRO (O, 7914 km, 28 experiments), and GRAS (G, 7941 km, 73 experiments).
Fig. 7. Weighted RMS residuals of estimated baseline lengths about a “best—fit”
straight line. The hydrostatic delay and the ground based model constitute the a
priori information used; no estimate of the atmospheric delay at Onsala was made.

For the baseline code, see the caption to Figure 6.
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Fig. 8. Estimated baseline lengths from Onsala to the “combined” Haystack/West-
ford site. The circles denote measurements to Haystack and the triangles denote
measurements to Westford. Since both sites have been involved in seven experi-
ments simultaneously there are 126 measurements all together. Both the statistical
standard error for the individual experiments and the repeatability have improved
with time. The following milestones should be noted: June 1982: The Mark-
IIT system at Onsala was upgraded from 7 to 14 videoconverters implying better
group-delay measurements; May 1985: Westford installed a cooled receiver and
replaced Haystack in almost all CDP experiments; August 1986: Onsala installed
a cooled receiver; and March 1987: Onsala installed a dual-frequency feed in the
20m radome enclosed telescope which previously was used for X-band observations
only.

Fig. 9. Estimates of the coordinates of Onsala, in a North America fixed frame,
in its local North (N), East (E) and Up (U) frame obtained from the analysis of 24
hour VLBI experiments. The squares denote solutions which used stochastic esti-
mation for the atmosphere delays at Onsala; the diamonds denote solutions which
used WVR data, excluded data below 20° elevation angle, and did not estimate
any atmospheric parameters. The results are given as linear displacements from an
arbitrary location. The rates of change of the N and E components predicted by
the NUVEL-1 geologic plate-motion model are -9.5 and 17.2 mm/yr, respectively
[DeMets, private communication, 1987]. The motions of Onsala indicated by these
results are probably most sensitive to the velocity of the Wettzell site used in the
analysis: The motions of the sites used here were obtained from the preliminary
analysis of a much larger VLBI data set [Herring et al., 1989b); for Wettzell, the
horizontal velocities were within 3 mm/yr of the NUVEL-1 velocities and the ver-
tical velocity was -10.2+2.9 mm/yr, consistent with the vertical velocity estimate
of -10.6+3.4 mm/yr obtained from the analysis of 5 years of satellite-laser ranging
data from the nearby (within 50 m) laser-ranging facility. The WRMS scatter of
the heights obtained from the 19 quarter-year laser solutions was 22 mm, about
the same as that seen from the VLBI experiments [Smith et al., 1988, and private

communication 1989).
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Elevation cut-off angle at Onsala (deg)
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-.010 Slope -B.1 4+~ D.4 mm/yr i

-.030F WRMS 3.2 mm ' . . . . i

0/ —+ } T 1 T T 1 1 o
.05: Slope 18.8 +- 0.7 mm/yr
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05" Slope 18.0 +- 0.7 mm/yr
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- Slope -8.1 +- 0.4 mm/yr
L. WRAMS 3.3 mm
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Slope -14.3 +- 2.2 mm/yr
WRAMS 20.4 mm

=.08" gigpe -12.6 +- 2.4 mm/yr 1
- WRMS 22.2 mm } h
-A0" 1 y N [ A1 1 3
Jan Jul Jan Jan Jul Jan Jul

19684 1885 1987 1868



