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1. Introduction

During the 1997-1998 Umbria–Marche
earthquake sequence more than 2000 shocks
were recorded, three of which had moment
magnitudes larger than 5.7: the September 26,
1997 at 00:33 GMT (Event 1, MW=5.7) and
09:40 GMT (Event 2, MW=6.0) in the Colfiori-
to area and the October 14, 1997 at 15:23

(Event 3, MW=5.6) in the Sellano area (fig. 1).
A reference value of the scalar seismic moment
and focal mechanism of the ruptures is given by
the moment tensor analysis of long period seis-
mological data from the MedNet network (Ek-
strom et al., 1998, CMT solution hereinafter).
This analysis suggests normal faulting with a
NE-SW tension axis and the presumed fault
plane dipping towards SW. Several data sets
concerning the coseismic displacement field
were available after the three events. 

The assessment of the properties of extend-
ed seismic sources is a fundamental require-
ment for further studies aimed at relating the
source properties to damage, computing accu-
rate stress transfers and characterizing hazard
related to a given seismic province. When this
result is obtained through inversion of available
data, it is said that a finite-fault inversion is per-
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formed. We review here the studies that charac-
terize the three seismic sources of events 1-3 by
means of inversions of two kinds of data: geo-
detic data (e.g. Lundgren and Stramondo, 2002;
Belardinelli et al.., 2003; De Martini et al.,
2003; Hernandez et al., 2004; Santini et al.,
2004; Crippa et al., 2006; Dalla Via et al.,
2007) and seismological data (e.g. Capuano et
al., 2000; Pino and Mazza, 2000; Hernandez et
al., 2004). We briefly indicate as UMI studies
(Umbria-Marche inversion studies) the finite-
fault inversions of the three main events of the
1997 Umbria-Marche sequence that will be dis-
cussed here. 

After an introduction of the data used, this
paper will present generalities of the inversion
methods and the specific methodological ap-
proach followed by studies dealing with geo-
detic data or seismological data separately.
Then the main results achieved on the three
main events of the Umbria-Marche sequence
will be presented. Some topics about UMI stud-
ies versus the state of the art of finite-fault in-
versions will be discussed in the last section.

It is worth noting that for this sequence no

study to date has inverted the source parameters
using both seismological and geodetic data
jointly, whereas there are several examples of
such a kind of inversions for subsequent earth-
quakes. For instance the 1999 MW 7.5-7.6
Izmit, Turkey mainshock is studied by Delouis
et al. (2002) by inverting GPS, DInSAR,
strong-motion and teleseismic data. The 2000
MW 6.6 western Tottori, Japan earthquake is
studied by Piatanesi et al. (2007) by inverting
GPS and strong-motion data.

2. Data selection

The moderate magnitudes of events 1-3 of
the Umbria Marche sequence impose measure-
ments with the largest «signal to noise» ratio
within the ensemble of available data. Perma-
nent displacements induced by the three events
were measured through the analysis of DInSAR
data. During the Colfiorito sequence several in-
terferometric images were acquired by satel-
lites ERS1 and ERS2, but few of them can be
organized in pairs of images revealing enough
coherence in the area of interest (Lundgren and
Stramondo, 2002; Crippa et al., 2006). The dif-
ference between the images taken on 1997 Sep-
tember 7 and 1997 October 12 by satellite
ERS2 will be called «Colfiorito interferogram»
hereinafter. It regards the displacement (in the
satellite line of sight or slant range direction)
caused by events 1 and 2 and intervening small-
er events. Another pair of images taken by
ERS2 and ERS1 at 1997 August 9 and 1997
October 17, respectively, also contains the co-
seismic displacement caused by event 3 and
will be referred to as the «Colfiorito-Sellano in-
terferogram». Finally a pair of images taken by
ERS2  on 1997 October 12 and 1997 November
16 basically contains the deformation due to
event 3 and will be referred as the «Sellano in-
terferogram» (Lundgren and Stramondo, 2002). 

Measures of permanent coseismic displace-
ment as a 3-D vector were obtained at GPS
monuments by differentiation of the data col-
lected in two surveys (e.g. Belardinelli et al.,
2003). The first survey was taken in 1995 by Is-
tituto Geografico Militare (IGM) and the sec-
ond survey, between 1997 October 7 and 10, by
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Fig. 1. The epicentres (red stars) of three largest
events in the Umbria-Marche (1997-1998) sequence.
Strong-motion stations are indicated by black trian-
gles. The inset shows the area in the figure (red rec-
tangle) and the location of broad-band MedNet sta-
tions used in UMI studies (black triangles).
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Istituto Nazionale di Geofisica at 13 monu-
ments of the first survey. Of the latter, only four
monuments (CAPA, CROC, FOLI and PENN,
fig. 2) showed significant horizontal displace-
ment caused by events 1 and 2 and intervening
smaller events and only two stations, CROC
and COLF, were subjected to a vertical dis-
placement greater in absolute value than the ac-
curacy. Unfortunately, the coseismic displace-
ment errors are affected by the significantly
lower accuracy of the first survey compared to
the second one. Accordingly, the accuracy of
GPS data are estimated as 2.4 cm and 4.0 cm
for the horizontal and vertical components of
displacement, respectively (Belardinelli et. al.,
2003). After event 3, no major coseismic defor-
mation at GPS sites was observed (Hernandez
et al., 2004). The elevation changes caused
mainly by event 2 were also measured along a
levelling line surveyed in 1992 and 1998 by
IGM (De Martini et al., 2003).

Seismological data consist of measurements
of ground acceleration, velocity or displace-
ment as a function of time at the locations of
seismic stations. Records of 3-D ground accel-
eration were provided by strong-motion ac-
celerometers deployed by Servizio Sismico
Nazionale (SSN), National Energy Agency
(ENEA) and Electric National Board (ENEL).
In order to provide the highest level of detail on
the rupture process, UMI studies consider the
records taken by accelerometers located at dis-
tances less than 30 km from the focal area and
having a good azimuthal coverage relative to
the fault orientations (taken from the CMT so-
lution). Moreover only the accelerometers pro-
viding the simplest waveforms (with the least
site-effects) are considered (Capuano et al.,
2000) or weighted more than other stations
(Hernandez et al., 2004). For events 1 and 2
these accelerometers are located at the stations
of Assisi and Cerreto (fig. 1). For event 3, they
are located at the stations of Cerreto and Cesi.
The latter station, not considered by Hernandez
et al. (2004), has been operating only since
1997 October 3. During events 1-3, three
broad-band seismic stations of the MedNet re-
gional network, at distances less than 500 km
from the focal area (AQU, TRI and VSL, fig.
1), recorded good quality (high signal-to-noise
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Fig. 2. Geometry assumed by Hernandez et al.
(2004) for the sources of events 1 and 2. GPS data of
horizontal displacement recorded in near field sta-
tions are compared to model results (best model ac-
cording to both DInSAR data and GPS data). The
figure shows only five out of twelve GPS stations
used in the inversion (see text). The epicentres of
events 1 and 2 are indicated with black stars. The
fault discretization used is also shown in map view.
The solid lines parallel to fault strikes represent the
intersections of the prolongation of the fault planes
with the Earth surface. The top edge depth of the
fault of event 2 is fixed to 700 m. The crustal model
assumed is reported in Table I. Figure modified from
Hernandez et al. (2004).

ratio) waveforms of 3-D ground displacement
as a function of time (e.g. Pino and Mazza,
2000). Station AQU is also conveniently placed
to show directivity effects, having an azimuth
close to the strike of the fault planes involved in
the seismic ruptures (figs. 1 and 2).

3. Methodological approaches

3.1. Generalities

We may schematize an inversion problem as it
follows. Let m be a vector containing the pa-
rameters to be inverted (or free parameters), c
the vector of parameters fixed or assumed as
known during the inversion. The inversion de-
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termines the parameter m by comparing the
available data organized in a vector d with their
estimates dmod provided by a model equation 

dmod = g(m;c) (3.1)

where dmod is the vector containing the model
estimates. The inversion is performed by mini-
mizing a misfit or cost function that, following
the approach of Belardinelli et al. (2003), can
be expressed as

ε(m) = (dmod – d)T C-1(dmod – d) (3.2)

where C is the covariance matrix whose ele-
ments contain data uncertainties. The vector of
free parameters retrieved from the inversion,
mI, also called «inverted model», is such that:
ε(mI) = min �ε(m)�, with varying m in the pa-
rameter space. In order to find the minimum
value of the misfit function, the exploration of
the parameter space is performed starting from
a given set of parameters ms, the so-called start-
ing model. If the model equation is linear in m,
i.e. in (3.1) g(m;c) = G(c)m, where G is a ma-
trix, then the inversion is linear and mI satisfies
the so called «least squares» criterion. In this
case, the retrieved parameters can be expressed
analytically as it follows 

mI = (GT C-1 G)-1 GT C-1 d) (3.3)

When the model equation is nonlinear in m the
inversion is said non linear and the misfit func-
tion can be characterized by several local mini-
ma. In this case, a local exploration of the pa-
rameter space, such as a trial and error explo-
ration, may determine estimates of parameter
values mI which depend on the starting model.
This occurs when mI is incorrectly identified
with the point in the parameter space realizing
the local minimum of the misfit function that is
closest to the starting model, ms. To avoid this,
it is better to perform a global exploration of the
parameter space, by means of genetic algo-
rithms, for instance. The latter algorithm is used
by Hernandez et al. (2004) to generate different
models of slip distribution of events 1 and 2 that
are in agreement with geodetic observations
within the data accuracy (i.e. they represent

models that are consistent with data). The re-
sulting model population is used to evaluate the
resolution of the inverted model along the fault
planes, as will be discussed later in section 4.
Also simulated annealing algorithms are suit-
able to escape local minima of ε and to find the
absolute minima in nonlinear inversions. Inver-
sions using simulated annealing (Belardinelli et
al., 2003 for event 2, Lundgren and Stramondo,
2002, for events 1-3) are a particular case of
Monte Carlo inversions, where trial sets of pa-
rameters m are generated randomly (Santini et
al., 2004, for events 1-3). 

In order to improve the resolution and the
stability of the inversion obtained with a single
data set, it is possible to perform a joint inver-
sion of different kinds of data. In a joint inver-
sion, following the notation of Belardinelli et
al. (2003), the cost function is obtained by as-
signing a different weight to different data by
means of a weight matrix W, as it follows

ε = (dmod – d)T WC-1(dmod – d) (3.4)

The weight matrix is diagonal and it should
be chosen in such a way that the cumulative
contribution to the cost function of each data set
is comparable, regardless of the number of data
contained in the different data sets.

3.2. Parameter selection and data treatment

Inversions of geodetic data allow the deter-
mination of parameters that characterize the
fault from a static point of view. These are the
fault geometry (location, focal mechanism,
maximum length and width) and the final distri-
bution of the slip vector over the fault plane. In
addition to the parameters mentioned above, in-
versions of seismological data determine pa-
rameters that characterize the fault from a kine-
matic point of view, such as the distributions
over the fault plane of the rupture time (or the
rupture velocity) and the rise time. In the latter
case, generally the same source time function
over the whole fault is assumed. The larger
number of parameters that can be inverted from
seismological data is justified because, for each
component of ground displacement at every
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seismic station, seismological data are in the
form of a time series instead of the single value
provided by geodetic data.

We shall see that, given the restricted num-
ber of good-quality available data discussed in
section 2, in order to limit the number of free
parameters, most of UMI studies further restrict
the number of free parameters with respect to
what is stated above, by making a priori explic-
it assumptions. For instance, apart from Lund-
gren and Stramondo (2002) who also invert for
the direction of the slip vector in each point of
the extended sources (fig. 3), most UMI studies
assumed a seismic source with a homogeneous
rake angle. In so doing, the slip distribution is
meant as the slip amplitude distribution over the
fault plane. Geodetic data are used to invert the
slip amplitude distributions by Hernandez et al.
(2004); Santini et al. (2004), Crippa et al.
(2006) and Dalla Via et al. (2007). It is worth
recalling that in principle, this kind of inversion
is linear, since the model displacement, dmod, is
linked to the vector m of slip values on the fault
plane, through a linear Green operator, G. Apart
from Hernandez et al. (2004) who also invert
for the rupture time distribution of events 2 and
3, UMI studies dealing with seismological data
assume a homogeneous rupture velocity vector
over the fault plane, to be determined from the
inversion. All UMI studies dealing with seis-
mological data assume a homogeneous rise
time value, eventually vanishing (Pino and
Mazza, 2000; Capuano et al., 2000). 

Some UMI studies perform a joint inversion
of different kinds of geodetic data. The Colfior-
ito interferogram and GPS data are jointly in-
verted by Belardinelli et al. (2003), for event 2
and Hernandez et al. (2004), for events 1 and 2.
For events 1-3, Lundgren and Stramondo
(2002) perform a joint inversion of different
DInSAR image pairs and GPS data in order to
better resolve horizontal components of the slip
vector (fig. 3).

3.2.1. Inversion of geodetic data

Unlike seismological data, geodetic data refer
to temporal windows encompassing more than
one seismic event of the Umbria-Marche se-

quence (see section 2). In principle these data
view a displacement field caused by events 1-3
and the smaller events, intervening between the
times of the first and the second GPS survey (or
between SAR images). However the contribution
of minor events to the observed displacement is
much smaller than that of events 1-3. The minor
intervening events are either neglected (Lundgren
and Stramondo, 2002; Hernandez et al., 2004;
Crippa et al., 2006; Dalla Via et al., 2007) or re-
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Fig. 3. Joint inversion of GPS data and DInSAR
data performed by Lundgren and Stramondo (2002)
for the slip distribution of events 1 and 2 (top) and
event 3 (bottom). The inverted direction of slip (nor-
malized vectors) is shown in the patches of slip larg-
er than 1 m (green arrows). Black stars represent ver-
tical projections of the observed epicentres on the in-
verted fault planes. Events 1 and 2 are assumed on
the same fault plane (see section 3.2.1.). Faults are
assumed as rectangular dislocations in an elastic ho-
mogeneous half-space.

Vol51,2_3,2008  4-03-2009  10:28  Pagina 481



482

M. E. Belardinelli

solved as a part of the inversion for events 1-3
(Santini et al., 2004 under the assumption that
minor events roughly belong to the same fault
zone of events 1-3) or explicitly taken into ac-
count as fixed parameters, c, together with event
1 parameters. The latter procedure is followed by
UMI studies inverting for event 2 only (Belar-
dinelli et al., 2003; De Martini et al., 2003), that
choose c in agreement with previous studies.

Forward modelling of events 1 and 2 is made
by Hunstad et al. (1999) in order to reproduce
GPS data, in particular their study focuses on
the heterogeneous slip distribution, the top edge
depth and the rake of event 2. Details concern-
ing the slip distribution of events 1and 2 are pro-
vided by inversions of the Colfiorito interfero-
gram (Lundgren and Stramondo, 2002; Hernan-
dez et al., 2004; Santini et al., 2004; Crippa et
al., 2006; Dalla Via et al., 2007). In these cases,
either a fixed geometry of the fault (location, fo-
cal mechanism and maximum dimensions) is
assumed in agreement with previous studies or
some of the fault parameters are chosen as it fol-
lows. Trial values of these parameters are put in
the vector of «fixed» parameters c and an inver-
sion with respect to the remaining free parame-
ters m is performed for each set of trial values.
Then the set of trial values that produces the in-
version with the smallest cost function is cho-
sen. Even if not inverted simultaneously as the
free parameters m are, the parameters c retrieved
in this way can be considered as «inferred» by
trial and error. Similar studies are performed for
event 3 by considering the Sellano interfero-
gram (Lundgren and Stramondo, 2002; Santini
et al., 2004) or the Colfiorito-Sellano interfero-
gram (Lundgren and Stramondo, 2002; Hernan-
dez et al., 2004). Belardinelli et al. (2003) invert
the fault mechanism, the location of the fault
with respect to the observed hypocenter, the
depth of the fault and a simplified slip distribu-
tion (fig. 4a), largely inspired to findings of
Hunstad et al. (1999), using both GPS data and
the Colfiorito interferogram.

Both GPS data, the Colfiorito interferogram
and the Colfiorito-Sellano interferogram con-
cern the cumulative coseismic displacement of
events 1 and 2, which occurred very close to
each other in space and time and have a similar
focal mechanism, according to the CMT solu-

tions. For this reason some UMI studies dealing
with geodetic data assume that events 1 and 2
occurred on the same fault plane (e.g. fig. 3,
Lundgren and Stramondo, 2002, Santini et al.,
2004). This hypothesis was recently confirmed
by high-resolution studies assessing the conti-
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Fig. 4a,b. Simplified slip distribution of event 2 ob-
tained by a) joint inversion of DInSAR and GPS data
(Belardinelli et al., 2003, model a in their table II) and
b) inversion of strong-motion data (Capuano et al.,
2000). An elastic homogenous half-space is assumed
for inversion of geodetic data and a layered half-space
(table II) for strong motion inversion. In each panel the
black star represents the location of the hypocenter on
the fault plane and the arrow represents the inverted
direction of slip, assumed as homogeneous on the
whole fault plane. In panel a slip is obtained by linear
interpolation of the inverted solution outside the patch
with the largest slip (53 cm). Figure in panel b is re-
drawn after Emolo and Zollo (2001).
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nuity of the slip distribution across the two al-
most parallel faults of event 1 and 2 (Dalla Via
et al. 2007). At first, UMI studies using the
Colfiorito interferograms assumed it to consist
of nine fringes of equal slant range displace-
ment. The latter are discretized into 258 sites of
known slant range displacement (fig. 5) in Be-
lardinelli et al. (2003). Similarly the Colfiorito-
Sellano and Sellano interferograms are as-
sumed to consist of a discrete number of fringes
of equal slant range displacement, subsequent-
ly digitized in a discrete number of data points
(e.g. Lundgren and Stramondo, 2002). Later,
from the Colfiorito interferogram Crippa et al.
(2006) estimated slant-range displacement val-
ues in a 2-D grid containing more than 8900 da-
ta points. This denser data set allows a greater
resolution in the inverted slip distribution com-
pared to previous studies, but it also requires
smoothing algorithms in order to reduce the
roughness (the average gradient of the slip over
the rupture area) of the inferred slip distribution
(Dalla Via et al., 2007). 

In order to limit the parameter space ex-
plored during the inversion, all the theoretical-
ly-based a priori constraints on m should be
used, mainly in cases of nonlinear inversions.
For instance, while inverting for the source lo-
cations, the fault planes should be forced to
pass through the instrumental hypocenters or to
intersect the volume spanned by their hypocen-
ter, taking into account the uncertainties in its
location. In order to determine the inverted
model of event 2, Belardinelli et al. (2003) con-
sider the large error in its hypocentral depth
(Amato et al., 1998) and vary the fault location
in such a way that the vertical projection of the
observed epicentre on the fault plane is located
within the depth interval of uncertainty of the
observed hypocenter, [3.7 km, 7.7 km], (fig.
4a). The same is true for the inverted model ob-
tained by Lundgren and Stramondo (2002) for
event 2 (fig. 3, top), but not for events 1 and 3.
As we can note in fig. 3, for these events the
vertical projections of the epicentres on the in-
verted fault planes locate at depths that are
smaller than the minimum estimates of
hypocentral depth provided by seismology (5
km for event 1 and 6.2 km for event 3, Amato
et al., 1998).

In order to perform an inversion it is neces-
sary to refer to a particular crustal model. If the
inverted parameters include the slip distribution
over the fault plane, then the scalar seismic mo-
ment can be derived from the inverted solution,
mI, and the crustal model used. Thus in this case,
the scalar seismic moment cannot be considered
an additional free parameter to be determined by
inversion, unlike the approach followed by
Lundgren and Stramondo (2002). To this aim,
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CROC

4 cm

data
model

Fig. 5. Geometry used by Belardinelli et al. (2003)
for the sources of events 1 and 2 and the other two
minor events occurred on 3 and 6 October 1997 (grey
boxes), whose epicentres are represented by black
open stars. GPS data of horizontal displacement in
the four stations located within 15 km from the main-
shock epicentre are compared to model results. Re-
sults of the best model for event 2 according to joint
inversion of GPS (at the four stations indicated) and
DInSAR data are shown (model a in table II of the
mentioned paper). Slant range displacement seen by
DInSAR data is assumed to be known in 258 «data
points» (black dots). Dot size scales with the loga-
rithm of the squared residual between model and
DInSAR datum, as evaluated in the dot location. For
the fault of event 2, the inverted value of the top edge
depth is 70 m. Faults are assumed as rectangular dis-
locations in an elastic homogeneous half-space.
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both Belardinelli et al. (2003) for event 2 and
Santini et al. (2003) for events 1-3 determine by
inversion of geodetic data a slip distribution ful-
filling the a priori constraint of a scalar seismic
moment equal to the CMT solution. Similarly,
for event 2, De Martini et al. (2003) inverted
levelling data by grid search, assuming the
scalar seismic moment of the CMT solution as a
constraint to determine the fault length, width,
top depth and a slip distribution homogeneous
along dip, largely inspired to Pino and Mazza
(2000) results (see next subsection).

3.2.2. Inversion of seismic data

For events 1-3, Pino and Mazza (2000) ob-
tain the apparent source time function (STF)
from waveforms recorded at three broadband
stations (see section 2), using the method of the
empirical Green functions (EGF) by deconvo-
lution in the frequency domain. For each of the
three major events, the authors select a suitable
EGF (as a smaller event with a similar focal
mechanism located close to the studied event).
The STF is low-pass filtered below 1 Hz in or-
der to remove small-scale source complexities
of the EGF. The STF is also averaged along the
three coordinate axes for each station and each
event considered. For each event, the maximum
amplitude and the duration of the obtained STF
at the three stations are the data d that can be
compared with model results. The latter are de-
veloped using the Haskell source model and ap-
proximating the STF with a triangle having a
width equal to the observed duration. The mod-
el estimates of the STF amplitude and duration
(dmod) depend on the following source parame-
ters (m): the fault length, the horizontal compo-
nent of the rupture velocity vector (assumed as
homogeneous and unilateral) and the LP mo-
ment ratio (the ratio between the scalar seismic
moment of the event studied and that of the
EGF) for a fixed value of the average wave ve-
locity (c). The free parameters, m, are inverted
by trial and error. Assuming fixed values of
crustal rigidity and fault width, it is also possi-
ble to determine the maximum slip on the fault
and its position along strike as a part of the so-
lution. For event 2, a bimodal STF is suggested

by AQU data, yielding a slip distribution with
two maxima along strike.

Capuano et al. (2000) perform a trial and er-
ror inversion of S-waveforms recorded by the
strong-motion accelerometers to infer the
source geometry (focal mechanism, length and
width), the location of the hypocenters on the
fault plane, the rupture velocity vector (as-
sumed as homogeneous), and a simplified slip
distribution for events 1-3. Unlike the other
events, for event 2 an inhomogeneous distribu-
tion of slip is required by data, with a gaussian-
like peak located at about 3-4 km up-dip and
NW of the nucleation point (fig. 3b). Only the
acceleration field associated with the direct S-
wave motion is computed, assuming that it
largely dominates in amplitude with respect to
direct P-wave and converted/reflected waves in
the near-source distance. The authors filter the
signals of accelerometers in the range 1-5 Hz
and integrate them to obtain ground velocities.
The low frequency limit is imposed by the as-
sumptions made by the authors in modelling the
seismic radiation using the asymptotic theory
(Frauhnofer approximation: wavelengths much
smaller than distance from the source, compa-
rable with the fault dimension in near field).
The parameters of the starting model are in-
ferred from previous analyses of the same au-
thors. The latter estimate the STF and
isochrones of events 1-3 at the considered seis-
mic stations (see section 2) and study the S-
wave polarization of measured waveforms.

Hernandez et al. (2004) instead low pass the
frequency content of accelerometer signals (as-
suming a 0.1-1.5 Hz filter) and integrate them
twice (to obtain ground displacement), owing
to difficulties in modelling the high frequency
content of waveforms. The obtained data set is
used to invert the slip distributions and the rup-
ture histories of events 2 and 3 by means of non
linear iterative inversion in the frequency do-
main, where each step is linearized. In this case,
data, d, are represented by the waveform spec-
tra for each frequency and component of dis-
placement at each station. Free parameters, m,
are the rupture time and slip distributions over
the fault plane, assuming fixed the fault geom-
etry and a homogeneous source time function
with a rise time equal to 1 s.
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4. Results

Inversion studies using only one kind of
data or a part of the available data set should
in principle check the consistency of their re-
sults with the observational evidences not di-
rectly taken into account during the inversion.
To this aim, several UMI studies verify if the
«misfit a posteriori» with observations not
used for the inversion is small, where the mis-
fit a posteriori is obtained by means of a for-
ward model using the inverted source parame-
ters mI. For instance, this is the case of Santini
et al. (2004) who compare inversion results
obtained for events 1 and 2 with vertical GPS
data and with the Colfiorito-Sellano interfero-
gram (not used in the inversion). For events 1-
3, Hernandez et al. (2004) check the inversion
results obtained from geodetic data with
strong-motion data, assuming the inverted slip
model, a homogeneous rupture velocity and 1 s
rise time. Capuano et al. (2000) check their in-
verted final model for events 1 and 2 compar-
ing the waveforms obtained by forward mod-
elling at the station of Nocera Umbra (not used
in their inversion) with recorded data at the
same station.

Moreover, UMI studies not using the a pri-
ori constraint of the total scalar seismic mo-
ment (see Section 3.2.1.) verify a posteriori
the consistency of their estimate of the seismic
moment with the CMT solution.

The estimates of the inverted parameters,
mI, are affected by uncertainties that can be re-
lated to errors in data or parameters fixed in
the inversion. Uncertainty is also intrinsic to
the inversion method, taking into account the
limitations concerning the resolving power of
the data used and the modelling appropriate-
ness. Capuano et al. (2000) and Pino and Maz-
za (2000) estimate an uncertainty of 10-20%
in each component of mI by determining the
maximum and minimum values of each of the
free parameters producing model results dmod

compatible with the reading errors of data. For
event 2, Belardinelli et al. (2003) define as
«acceptable» a model m that reproduces on av-
erage the data within the measurement error
(having ε< εmax). An ensemble of  acceptable
models, mj

a , j = 1,2, …, nA, is built by select-

ing a subset of the inverted models mi
I generat-

ed by varying randomly the starting models
mi

s, i = 1, 2, …, 500. The authors provide esti-
mates of the uncertainty of each free parame-
ter by analyzing the distribution of that param-
eter within the ensemble of acceptable models.
Some UMI studies demonstrate that the reso-
lution of the inversion of geodetic data de-
creases with increasing the source depth. In
particular in the deepest parts of the seismic
sources of events 1 and 2 (depth> 3 km), the
resolution gets significantly worse. For these
events, both the uncertainty of each inverted
parameter (Hernandez et al., 2004) and the
«minimum resolvable area of the fault» (with
respect to the slip distribution, Crippa et al.,
2006) increase significantly at depths larger
than 3 km. The minimum resolvable area of
the fault is defined as the area of a fault patch
producing on surface measure points an aver-
age displacement of the order of data uncer-
tainty, for 1 m of homogeneous slip.

The following state of knowledge of the
three seismic sources of events 1-3 can be out-
lined on the basis of UMI studies. All three
sources are recognized as NW-SE trending
and SW dipping (e.g. fig. 2). However the val-
ues fixed, or inferred (in the sense explained in
section 3.2.1.), or inverted for the strike of
event 3 belong to a quite large interval 123°-
160°. The hypocenter is located near the bor-
der of the faults of event 2 (SE border, e.g.
figs. 2, 4 and 5) and event 3 (NW border, e.g.
figs. 3 and 6). The rupture of events 2 and 3
propagated from the hypocenters with an aver-
age rupture velocity of about 2.6-3 km/s (Ca-
puano et al., 2000; Pino and Mazza, 2000). In
most of the studies, the hypocenter of Event 1
is assumed to be located near the NW border
of the fault, suggesting a unilateral rupture
(e.g. figs. 2 and 5), however Capuano et al.,
2000 attribute a bilateral rupture mechanism to
event 1.

The most studied source is that of event 2,
characterized by a fault length of about 12-15
km (e.g. Capuano et al., 2000; Pino and Maz-
za, 2000, see e.g. fig. 4). For event 2, GPS da-
ta, in particular the large horizontal displace-
ment recorded at the station PENN (Hunstad
et al., 1999), require the top of the fault to be
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shallower (0.04-0.7 km) than using levelling
data (3.4 km, De Martini et al., 2003), SAR
(1-2 km) or strong motion data (0.7-3.38 km).
Except for the Capuano et al. (2000) solution
(fig. 4b), the inverted value of the rake angle
of event 2 entails a small left lateral compo-
nent superimposed to the dominant normal
component (figs. 3 and 4a) in agreement with
the CMT solution. Even if less resolved by
GPS and DInSAR data, the inferred value of
the dip angle of event 2 is around 40 degrees
(Belardinelli et al., 2003; Hernandez et al.,
2004, De Martini et al. 2003; Capuano et al.,
2000) in agreement with the CMT solution,
showing an anomalously small value for a nor-
mal fault. 

On the average, the top of the fault of event
2 is found to be shallower than that of events 1
and 3 (e.g. fig. 6). The inverted slip distribu-

tions are heterogeneous and characterized by
patches containing the maximum values near
the hypocenter locations (figs. 3, 4 and 6). For
event 2, this patch has about 5 km extent along
strike and concentrates below about 2 km depth
(Lundgren and Stramondo, 2002, Belardinelli
et al., 2003, Santini et al.; 2003, Hernandez et
al. 2004; Crippa et al., 2006). For event 2, an-
other smaller patch of slip located close to NW
end of the fault can be inferred on the basis of
some of the inversion studies (Pino et al., 1999;
Lundgren and Stramondo, 2002; Hernandez et
al., 2004; De Martini et al., 2003; Crippa et al.,
2006; Dalla Via et al., 2007, see figs. 3 and 6).
Outside and around the two high-slip patches,
the distribution of aftershocks recorded in the
first three months after event 2 shows a larger
density (De Martini et al., 2004) suggesting the
presence of an asperity.
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Fig. 6. Best fit model for slip distribution of events 1-3 from inversion of geodetic data (Hernandez et al.,
2004). A joint inversion of DInSAR and GPS data is performed in case of events 1 and 2 (see fig. 3), while event
3 rupture is inverted from DInSAR data alone. The open white star indicates the hypocenter on the fault plane
of event 3. The crustal model used is reported in table I. Figure redrawn after Hernandez et al. (2004).
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5. Discussion and conclusive remarks

This paper reviews several studies of the ex-
tended sources of the three major events of the
Umbria-Marche sequence that are performed
through inversion of observed coseismic dis-
placements (UMI studies). Comparing the
methods and the results obtained by each UMI
study we see that: 1) the best resolved source is
that of the largest event (event 2: September 26,
1997 at 09:40 GMT, MW=6.0); 2) only some
studies estimate the uncertainties of the invert-
ed parameters and these studies are not neces-
sarily the most recent ones; 3) in general, only
one kind of data set is inverted and joint inver-
sions of different data sets are performed only
using different kinds of geodetic data (GPS and
DInSAR). If point 1) is quite obvious given the
moderate size of seismicity recorded during the
1997 the Umbria-Marche sequence, points 2
and 3 are worth discussing in the following part
of this section, guided by other inversion stud-
ies of extended sources of recent earthquakes
occurred in the world.

Piatanesi et al. (2007) point out that most of
computational effort in finite-fault inversions
seems to be devoted to finding the model which
yields the minimum cost function and that only
few studies deal with a posterior error analysis,
while the latter may have important implica-
tions, for instance, for providing ground motion
scenarios. Then they propose a technique to es-
timate the variability of rupture models that are
consistent with data. Referring the results to
each of the inferred parameters, the authors
consider well resolved a parameter in a certain
point of the fault if the ratio between its vari-
ability range and the value of the inverted pa-
rameter is low (�0.5). The regions of the fault
where this occurs are stably inverted with re-
spect to that parameter. For the Umbria-Marche
sequence a similar analysis was made only for
events 1 and 2 by Hernandez et al. (2004) when
they perform a joint inversion of DInSAR and
GPS data (see sections 2 and 4). However, syn-
thetic tests shown by Piatanesi et al. (2007)
point out that the variability of one parameter
can correctly estimate the error bar of the same
parameter only if the modelling is consistent
and in particular if a realistic crustal model is

used to evaluate the field of coseismic displace-
ment. This is due to the well known fact that
uncertainties in the crustal model represent a
main source of noise in inversion studies of ex-
tended seismic sources (e.g. Wald and Graves,
2001).

Generally, UMI studies assume the seismic
sources to be described by dislocations or point
sources in an elastic homogeneous half-space,
except for studies considering strong-motion
data (e.g. Capuano et al., 2000 and Hernandez
et al., 2004), where a layered half-space is con-
sidered with rigidity values smaller than 30
GPa (average value for the crust) in the first 7-
8 km depth (see tables I and II). In general, if
the layering of the crust is taken into account,
the top edges of the three faults turn out to be
deeper (1.5-3.5 km , 0.7-3.4 km, 2.4-4.8 km for
events 1, 2 and 3 respectively) than the values
obtained using half-space models (0.04-2 km,
0.04-1 km, 0.64-1.15 km, for events 1, 2 and 3
respectively). Alternatively, since in UMI stud-
ies different data sets are considered, one could
explain the different estimates of the top edge
depth referring to the different «importance»
(e.g. Tarantola, 1987) of a particular data set in
allowing the resolution of slip at depth. Howev-
er synthetic tests inverting geodetic data and
strong motion data separately (Delouis et al.,
2002) do not seem to show that strong motion
data are more important or more sensitive to fi-
nal slip at depth than geodetic data are.

Neglecting low rigidity layers near the sur-
face leads to underestimate mainly the horizon-
tal components of displacement at the surface.
This is confirmed by several studies (e.g. Wald
and Grave 2001; Megna et al., 2008). In the
framework of inversion studies, for the same dis-
placement observed at the surface, overestimat-
ing the rigidity of near surface layers leads to slip
overestimates near the surface (e.g. Wald and
Graves, 2001; Simons et al., 2002; Piatanesi et
al., 2007) or to underestimate the top depth of
the dislocation, in agreement with theoretical
modelling of dislocations in layered media (Sav-
age, 1998). However Piatanesi et al. (2007) show
that the along strike slip distribution can be af-
fected by uncertainties in the crustal model too.
For event 2, we can note that the amplitudes of
horizontal displacement at GPS sites are compa-
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rable if either a 1-D crustal model (fig. 2) or a
half-space model (fig. 5) is used, despite of the
fact that in fig. 2 the fault top is much deeper
than in fig. 5. In both figures the amplitudes of
horizontal displacement are underestimated with
respect to data. This is particularly true for the
station of PENN where secondary effects such as
deep-seated gravitational slope deformations are
likely to have amplified the observed horizontal
displacement with respect to estimates of coseis-
mic displacement due to dislocations in elastic
media (Moro et al., 2007). In principle these ef-
fects should be taken into account before invert-
ing geodetic data using elasto-static dislocation
models. Neglecting these secondary effects at
PENN might lead to underestimate the fault top
depth of event 2 in UMI studies that invert geo-
detic data alone.

The joint inversion of different kinds of data
increases in a robust way both the information
carried by the inverted model (because different
data can have different importance for each mod-
el parameter) and its resolving power (because the
number of data of comparable importance to esti-
mate the same parameter increases). Usually, the

single data set is reproduced by the model result-
ing from a joint inversion worse than it is when
that kind of data is inverted separately, however
the stability of the joint inversion is generally
greater. For instance, joint inversions of GPS data
and DInSAR data allow to estimate horizontal
components of the slip vector better than using
DInSAR data alone (e.g. Lundgren and Stramon-
do, 2002; Belardinelli et al., 2003) since GPS da-
ta are most precise in horizontal deformations
(Pedersen et al., 2003). On the other hand, slip in-
versions using seismological data only are likely
to be affected by trade off between rupture times
and slip location (Delouis et al., 2002). 

To conclude, the lesson learnt from the
analysis of UMI studies suggests that separate
inversions of geodetic and seismological data
can lead to fault models that are not strictly com-
parable, also due to the different crustal models
that are used in evaluating static and dynamic
displacement values. Finite-fault studies dealing
with recent earthquakes that occurred in the
world are in favour of joint inversions assuming
at least 1-D Earth structures (Wald and Graves,
2001). The uncertainties related to the choice of

Table I. Crustal model used by Hernandez et al. (2004). The rigidity modulus is indicated with µ.

Top depth (m) Vp (m/s) Vs (m/s) ρ(kg/m3) µ(GPa)

0 4800 2666 2600 18.5

4000 5500 3055 2800 26.1

7000 6300 3500 2900 35.5

30000 8000 4444 3100 61.2

Table II. Crustal model reported by Emolo and Zollo (2001) and used by Capuano et al. (2000). The rigidity
modulus is indicated with µ.

Top depth (m) Vp (m/s) Vs (m/s) ρ(kg/m3) µ(GPa)

0 2000 1100 2000 2.4

200 4400 2400 2400 13.8

1800 5900 3200 2400 24.6

8000 6250 3500 2500 30.6

Vol51,2_3,2008  4-03-2009  10:28  Pagina 488



489

Extended sources of the main events of the Umbria-Marche (1997) seismic sequence inverted from geophysical data

the crust structure could be faced by comparing
the results of inversions obtained with all the
crustal models available for a given region.
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