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Abstract. Troposphere tomography, using multi-
constellation observations from global navigation satellite
systems (GNSSs), has become a novel approach for the
three-dimensional (3-D) reconstruction of water vapour
fields. An analysis of the integration of four GNSSs
(BeiDou, GPS, GLONASS, and Galileo) observations is pre-
sented to investigate the impact of station density and single-
and multi-constellation GNSS observations on troposphere
tomography. Additionally, the optimal horizontal resolution
of the research area is determined in Hong Kong considering
both the number of voxels divided, and the coverage rate
of discretized voxels penetrated by satellite signals. The
results show that densification of the GNSS network plays
a more important role than using multi-constellation GNSS
observations in improving the retrieval of 3-D atmospheric
water vapour profiles. The root mean square of slant wet
delay (SWD) residuals derived from the single-GNSS
observations decreased by 16 % when the data from the
other four stations are added. Furthermore, additional exper-
iments have been carried out to analyse the contributions of
different combined GNSS data to the reconstructed results,
and the comparisons show some interesting results: (1) the
number of iterations used in determining the weighting
matrices of different equations in tomography modelling
can be decreased when considering multi-constellation
GNSS observations and (2) the reconstructed quality of 3-D
atmospheric water vapour using multi-constellation GNSS
data can be improved by about 11 % when compared to the
SWD estimated with precise point positioning, but this was
not as high as expected.

1 Introduction

For some years, GNSS-based tropospheric tomography has
been regarded as one of the most promising techniques to re-
construct the temporal–spatial variation of atmospheric water
vapour (Flores et al., 2000; Crespi et al., 2008). By discretis-
ing the area of interest into finite voxels, the water vapour
information in divided voxels can be reconstructed under the
assumption that the unknown estimated parameters are con-
stant during a given period (Radon, 1917; Flores et al., 2000).
So far, this technique has been proven by some feasibil-
ity studies with GPS-only observations (Troller et al., 2002;
Bender and Raabe, 2007; Chen and Liu, 2014) as well as the
simulated multi-constellation GNSS observations (Crespi et
al., 2008; Bender et al., 2011b; Wang et al., 2014; Benev-
ides et al., 2015c, 2017). In addition, a great improvement
in tomographic results has been achieved using the multi-
constellation GNSS observation when compared to that us-
ing GPS-only observations (Bender et al., 2011b; Benevides
et al., 2015c, 2017).

The geometry of the observed-signal distribution is suited
to an inverted cone due to the fixed GNSS stations in the
regional network and the distribution of satellite rays, which
has a negative effect on tropospheric tomography (Benevides
et al., 2015a, b). The main disadvantage caused by such a
phenomenon is the sparse filling of the discretised voxels at
the edge and lower sections of the area of interest (Bender
and Raabe, 2007), and sparse filling means fewer voxels are
crossed by satellite rays. Therefore, the distances are almost
zero for those voxels not crossed by satellite signals, which
comprise the design matrix. Optimising the design matrix of
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16 Q. Zhao et al.: Influence of station density and multi-constellation GNSS observations

observation equation is a way to overcome such bad con-
ditions by selecting a non-uniform symmetrical division of
horizontal voxels and a non-uniform thickness of the vertical
voxel layers (Nilsson and Gradinarsky, 2006; Yao and Zhao,
2016a, b). Imposing the satellite rays which come out from
the side of the research area onto the reconstructed model
is another effective way to optimise the structure of the de-
sign matrix (Yao and Zhao, 2016b; Yao et al., 2016; Zhao
and Yao, 2017). In addition, using more slant-path obser-
vations derived from the upcoming fully operational GNSS
constellations (BeiDou, GLONASS, and Galileo) is a pos-
sible way to solve this issue (Crespi et al., 2008; Bender et
al., 2011b; Benevides et al., 2017). Finally, densifying the
GNSS network is another feasible way to improve the sta-
bility and structure of the design matrix (Nilsson and Gradi-
narsky, 2006).

Multi-constellation GNSS observations simulated with
ideal data have been used for GNSS tomography tech-
niques; however, it cannot reflect the real conditions of multi-
constellation GNSS observations, including the variations in
the latitudes, areas, topography, and surroundings of GNSS
stations (Nilsson and Gradinarsky, 2006; Crespi et al., 2008;
Wang et al., 2014). Therefore, the preliminary result con-
cluded from those studies needs further verification based on
the observed multi-constellation GNSS data. Although some
tomographic experiments have been performed using the ob-
served multi-GNSS observations (Benevides et al., 2017;
Dong and Shuanggen, 2018; Zhao et al., 2018), the influence
of station density and different combinations of multi-GNSS
observations on troposphere tomography, which is the focus
of this study, have never been well investigated. In this pa-
per, a method is proposed to determine the optimal division
of voxels in the horizontal direction automatically according
to the range of the tomography area as well as the number and
distribution of GNSS stations. The influence of the number
of stations in a network on the tomographic result and the re-
constructed wet refractivity field derived from multi-GNSS
observations are both analysed. Finally, the quality and re-
liability of tomographic atmospheric water vapour obtained
from different combined multi-constellation GNSS observa-
tions are analysed.

The aim of this paper is to analyse the influence of sta-
tion density and single- and multi-constellation GNSS obser-
vations on tropospheric tomography in an upcoming future
scenario of having the multi-GNSS constellations fully op-
erational. The structure of this paper is organised as follows:
Sect. 2 presents the theory of tropospheric tomography, and
Sect. 3 describes the experimental data and the determina-
tion of horizontal resolution. The importance and influence
of station density and single- and multi-constellation GNSS
observations on troposphere tomography are analysed in de-
tail and compared in Sects. 4 and 5, respectively, and key
conclusions are presented in Sect. 6.

2 GNSS tropospheric tomography

Generally, slant wet delay (SWD) and slant water vapour
(SWV) are two types of input observations used in build-
ing the observation equations, and the corresponding out-
put results are wet refractivity and water vapour density, re-
spectively (Flores et al., 2000; Skone and Hoyle, 2005; No-
tarpietro et al., 2011; Champollion et al., 2005). Two kinds
of reconstructed output information can be inter-converted
with atmospheric temperature field information (Bender et
al., 2011a). In this paper, the SWD is selected to reconstruct
the atmospheric wet refractivity field.

The zenith tropospheric delay (ZTD) is estimated with
high precision using the GNSS observation, and consists of
two parts: zenith hydrostatic delay (ZHD) and zenith wet de-
lay (ZWD). The former can be accurately estimated based on
the empirical model, e.g., Saastamoinen (1973), with the ob-
served surface pressure information. Therefore, the latter is
obtained by subtracting the ZHD from ZTD. In our study, the
observed multi-constellation GNSS data are processed us-
ing the multi-constellation GNSS precise point positioning
(PPP) software with precise orbit and clock error products
(Zhao et al., 2018). Consequently, the SWD can be expressed
as follows:

SWDazi,ele =mw(ele) ·ZWD+mw(ele) · cot(ele)
· (Gw

NS · cos(azi)+Gw
WE · sin(azi)), (1)

where mw is the wet mapping function. In our processing,
the wet Vienna Mapping Function (VMF) is adopted; “ele”
refers to the satellite elevation angle while azi represents the
azimuth angle. Gw

NS and Gw
WE are the north–south and west–

east gradients of wet delay, respectively, which are caused by
the non-isotropic nature of atmospheric water vapour distri-
butions (Bi et al., 2006).

The SWD value from the satellite to GNSS station antenna
is an integral expression, given by the following:

SWD= 10−6
·

∫
Nw(s)ds, (2)

where Nw represents the wet refractivity (mm km−1) and s

is the distance over which the satellite signal penetrates the
troposphere (km). According to this tomographic technique,
the area of interest is divided into a number of voxels and the
wet refractivity parameters are considered unchanged during
the selected period. Consequently, the total SWD value can
be expressed as the sum of discretised delay parts in each
voxel along the satellite ray path:

SWD=
m∑

i=1

n∑
j=1

p∑
k=1

(aijk · xijk), (3)

where m and n are the total number of voxels divided into
longitudinal and latitudinal directions while p is the total
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number in vertical direction; aijk is the distance of satel-
lite rays, and xijk is the unknown wet refractivity parame-
ters in voxel (i,j,k), respectively. Therefore, the observation
equation of tomography modelling can be established for all
GNSS stations in a network of interesting areas.

As mentioned above, the geometric distribution of satel-
lite rays in the tomographic area is an inverted cone, and thus
the design matrix of observation equations is a sparse ma-
trix and not all of the unknowns can be determined. To solve
the problem of rank deficiency, some external constraints are
required (Flores et al., 2000; Troller et al., 2006; Rohm and
Bosy, 2009). Two constraints are imposed in this paper, one
is the horizontal weighted constraint, and the other is the ver-
tical constraint based on the observed radiosonde data in the
first 3 days of the reconstructed epoch. Consequently, the
conventional tomographic modelling imposed the following
constraint equations: A

H

V

 · x =
 yswd

0
yrs

 , (4)

where H represents the horizontal coefficient matrices while
V refers to the vertical coefficient matrices; yswd is a vec-
tor with SWD values while yrs is the a priori information
obtained from the radiosonde information. The form of solu-
tion of the unknown wet refractivity vector can be written as
follows:

x̂ = (AT
·PA ·A+H T

·PH ·H +V T
·PV ·V )−1

· (AT
·PA · yswd+V T

·PV · yrs), (5)

where PA, PH, and PV are the weighting matrices of ob-
servation, horizontal, and vertical equation, respectively. The
weighting matrices for different equations are determined by
an optimal weighting method and the homogeneity test was
adopted to verify the statistical equality of three kinds of a
posteriori unit weight variances (Bartlett, 1937; Guo et al.,
2016). Here, the radiosonde data of the tomographic epoch
are also used as the a priori information for the location of
radiosonde station.

3 Tomography experiment and description

3.1 Experimental data

A network consisting of 14 GNSS Satellite Reference Sta-
tions (SatRef) in Hong Kong was selected to perform the
tomography experiment during the period of DOY 4 to 26,
2017. The geographic locations of GNSS and radiosonde sta-
tions are presented in Fig. 1. The sampling interval of the
GNSS observations used here was 30 s. The radiosonde sta-
tion in the experimental area is used to test the reconstructed
result of GNSS troposphere tomography. The range of to-
mographic region is from 22.18 to 22.54◦ N and 113.87 to

Figure 1. Geographic location of GNSS and radiosonde stations
in SatRef of Hong Kong. The blue triangles are used to increase
the station density, while the station HKSC marked in red and ra-
diosonde station 45004 marked in green are used to evaluate the
performance of tomographic result.

114.35◦ E while the vertical height is from 0 to 9 km. The
horizontal resolution, in voxel terms, is 4× 12 in latitudi-
nal and longitudinal directions, as determined by an optimal
voxel division method, which will be described below. The
vertical resolution adopts a non-uniform vertical layer strat-
egy (Yao and Zhao, 2016b) with two layers of a thickness of
500 m, three layers of 600 m, four layers of 800 m, and three
layers of 1000 m from the ground to the top of tomography
region.

3.2 Determination of horizontal resolution

In the procedure of horizontal voxel division, an approach
is developed which enables the determination of the optimal
horizontal resolution according to the scope of the tomogra-
phy region as well as the number and distribution of GNSS
stations. The specific principle is as follows: by guaranteeing
the relatively large coverage rate of GNSS stations located
in the bottom layer to optimize the design matrix of the ob-
servation equation, and considering a higher horizontal res-
olution to reflect the atmospheric water vapour distribution
in as much detail as possible, a comparative experiment is
performed to validate the developed approach of determin-
ing horizontal resolution. Here, the coverage rate refers to
the ratio between the voxels crossed by satellite rays and to-
tal voxels divided in the tomographic area. Nine schemes are
designed (Table 1): the number of voxels for the bottom lay-
ers and the coverage rate of distributed stations located at the
bottom layer are calculated. It can be concluded that Scheme
3 was optimal while considering both the number of voxels
divided and the coverage rate of GNSS stations located in the
bottom layers.

www.ann-geophys.net/37/15/2019/ Ann. Geophys., 37, 15–24, 2019



18 Q. Zhao et al.: Influence of station density and multi-constellation GNSS observations

Table 1. Statistical result of determining a horizontal resolution for
nine schemes.

Scheme Longitude Total Step of Step of Coverage
× latitude voxels longitude latitude rate of

stations
(%)

1 12× 9 108 0.04 0.04 13.0
2 12× 6 72 0.04 0.06 18.1
3 12× 4 48 0.04 0.09 29.2
4 8× 9 72 0.06 0.04 19.4
5 8× 6 48 0.06 0.06 25.0
6 8× 4 32 0.06 0.09 43.8
7 6× 9 54 0.08 0.04 25.9
8 6× 6 36 0.08 0.06 36.1
9 6× 4 24 0.08 0.09 58.3

In addition, the coverage rate of the satellite rays for the
entire research region is analysed for the date of DOY 4,
2017 under nine combined multi-constellation GNSS obser-
vations. In this study, a 5 min time period for each tomog-
raphy is selected. The specific statistical result is presented
in Table 2, where G, C, R, and E refer to GPS, BeiDou,
GLONASS, and Galileo, respectively. The conclusion can be
drawn that the coverage rate of satellite rays in Schemes 3, 6,
8, and 9 are relatively large. Considering the number of vox-
els and coverage rate of stations located in the bottom layers,
Scheme 3 is also considered as the optimal choice. Further to
the conclusion above it can also be concluded that the cover-
age rate of voxels penetrated by satellite signals for the entire
region using two, three, and four-GNSS observations both
increased with the minimum coverage rate by approximately
5 % when compared to the single-GNSS conditions.

4 Influence of station density on tropospheric
tomography

In this section, four schemes are designed to analyse the
influence of station density and multi-constellation GNSS
data on the reconstructed atmospheric wet refractivity. For
Schemes 1 and 2, only 10 GNSS stations are used, as shown
by the nine black triangles and one red triangle in Fig. 1,
but considering the single-GNSS observation and different
multi-constellation GNSS combinations. The single-GNSS
observation is abbreviated to G-10, C-10, R-10, and E-10,
while the combinations of those are abbreviated to GC-10,
GR-10, CR-10, GCR-10, and GCRE-10. For Schemes 3 and
4, all 14 GNSS stations are selected for this tomographic ex-
periment but considering single-GNSS observation and dif-
ferent multi-constellation GNSS combinations. The single-
GNSS observation is abbreviated to G-14, C-14, R-14, and
E-14, while the combinations of those are abbreviated to GC-
14, GR-14, CR-14, GCR-14, and GCRE-14. The following
analysis focussed on (1) the investigation of four schemes
in the number of GNSS rays used and coverage rate of the

Figure 2. Average number of SWDs used in 5 min for Schemes 1
and 2 during the experimental period.

Figure 3. Average coverage rate of voxels penetrated by GNSS sig-
nals for Schemes 1 and 2 during the experimental period.

voxels penetrated by GNSS rays, and (2) the comparison of
reconstructed result with radiosonde data as well as the PPP-
estimated SWD values of station HKSC.

4.1 Comparison of GNSS rays used and the coverage
rate of voxels penetrated

The 23 days of data during the period DOY 4–26 2017 are
analysed and Table 3 shows the mean value of GNSS rays
used and coverage rate of voxels penetrated by signals for
the test period. It can be concluded from the statistical results
(Table 3) that the number of signals used in Schemes 2 and
4 is apparently large (double to triple) compared to that of
Schemes 1 and 3, however, the percentage difference of vox-
els crossed by rays between Schemes 1/3 and Schemes 2/4 is
not as expected except for the cases of E-10 and E-14. The
number of Galileo satellite observations is small during the
test period; therefore, a low number of signals used and a low
coverage rate of voxels penetrated by GNSS signals existed
for the cases of E-10 and E-14 in Schemes 1 and 3.

To analyse the number of SWDs used and the coverage
rate of voxels, the average values of four schemes for each
day is calculated in Figs. 2–5. Because the number of Galileo
satellites is lower, the cases associated with Galileo are there-
fore not considered in four schemes. Figures 2 and 4 re-
veal that the signals used for each day in Schemes 2 and 4
are more than double those in Schemes 1 and 3; however,
Figs. 3 and 5 reveal that the proportion of voxels penetrated

Ann. Geophys., 37, 15–24, 2019 www.ann-geophys.net/37/15/2019/
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Table 2. Coverage rate of satellite rays for nine combined multi-constellation GNSS observations (unit: %).

Scheme 1 2 3 4 5 6 7 8 9

G 51.3 60.8 72.7 61.0 69.8 81.4 67.2 76.0 85.8
C 50.0 61.2 73.9 57.4 68.5 80.6 62.2 72.6 82.5
R 44.0 54.4 67.7 53.5 62.9 78.0 61.5 71.5 84.1
E 30.9 40.3 53.1 40.0 50.6 64.9 47.0 57.7 72.1
GC 62.1 71.2 79.3 69.0 77.6 85.0 72.8 81.2 87.8
GR 60.4 68.8 79.5 68.0 75.8 85.2 73.1 80.9 88.5
CR 59.2 69.5 79.1 65.9 75.9 84.4 70.9 80.3 86.9
GCR 65.6 74.1 81.7 71.6 80.0 86.5 75.5 83.3 89.2
GCRE 66.9 75.3 82.3 72.5 80.5 86.8 76.1 83.6 89.5

Table 3. Number of GNSS rays used and the coverage rate of crossed voxels in different schemes during the experimental period.

Scheme 1 Scheme 2

G-10 C-10 R-10 E-10 GC-10 GR-10 CR-10 GCR-10 GCRE-10

Number of signals used 673 761 471 233 1433 1144 1232 1905 2137
Coverage rate of voxels (%) 66.6 60.8 57.3 37.0 73.8 73.6 71.2 76.9 77.4

Scheme 3 Scheme 4

G-14 C-14 R-14 E-14 GC-14 GR-14 CR-14 GCR-14 GCRE-14

Number of signals used 974 1123 693 349 2097 1668 1816 2791 3139
Coverage rate of voxels (%) 75.3 71.8 68.0 50.0 80.0 79.8 78.8 82.0 82.3

Note: “-14” refers to the statistical result with single-GNSS observations derived from 14 stations. “-10” refers to the statistical result with
multi-constellation GNSS observations derived from 10 stations.

Figure 4. Average number of SWDs used in 5 min for Schemes 3
and 4 during the experimental period.

by GNSS signals in Schemes 2 and 4 are only improved
by approximately 12 % and 8.7 %, respectively, than that in
Schemes 1 and 3.

From Table 4 we concluded that although the number of
satellite rays has been doubled, the percentages of crossed
voxels of Schemes 3 and 4 are increased by approximately
12 % and 8 % when compared to the Schemes 1 and 2, re-
spectively. However, the voxels crossed by rays of Schemes
2 and 4 have been improved by 10 % and 6 % when com-
pared to Schemes 1 and 3, respectively, under the conditions
that only consider additional four GNSS stations for single-
GNSS and multi-GNSS. This indicates that the station den-

Figure 5. Average coverage rate of voxels penetrated by GNSS sig-
nals for Schemes 3 and 4 during the experimental period.

sity has a more important influence on the coverage rate of
voxels crossed by rays than multi-constellation GNSS obser-
vations.

4.2 Comparison with radiosonde data

In this section, we further compare the influence of station
density on the tomographic result. In the experimental area,
there is a radiosonde station, as shown by the green circle in
Fig. 1. Several studies have proved that radiosonde data have
a high accuracy in providing the water vapour profiles (Niell
et al., 2001; Liu et al., 2013), and the result calculated from
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20 Q. Zhao et al.: Influence of station density and multi-constellation GNSS observations

Figure 6. RMS error of wet refractivity difference derived from var-
ious conditions during the experiment period.

Table 4. Statistical information of GNSS signals used and the
percentage of voxels penetrated during the tested period for four
schemes.

Scheme Number of Percentage of
signals used crossed voxels (%)

1 635 61.6
2 1429 73.9
3 930 71.7
4 2093 80.2

Table 5. Statistical result of RMS, bias, and MAE of wet refractivity
difference for different schemes during the experimental period.

Scheme RMS Bias MAE
(mm km−1) (mm km−1) (mm km−1)

Single G-14 9.78 1.54 7.12
C-14 9.78 1.55 7.14
R-14 9.75 1.64 7.15
E-14 9.76 1.66 7.14

Multi GC-10 9.72 1.40 7.10
GR-10 9.71 1.40 7.10
CR-10 9.72 1.46 7.10
GCR-10 9.68 1.41 7.07
GCRE-10 9.66 1.42 7.07

radiosonde is used as a reference in this paper to evaluate
the tomographic result. The comparison experiment of re-
constructed wet refractivity profile information using differ-
ent GNSS observations at the radiosonde station with the ra-
diosonde data is carried out at two specific epochs (00:00 and
12:00 UTC). Figure 6 shows the root mean square (RMS) er-
ror of wet refractivity difference between different tomogra-
phy conditions and radiosonde data. Table 5 gives the specific
statistical information pertaining to RMS, bias, and mean ab-
solute error (MAE) for different Schemes. From Fig. 6 and
Table 5, we can conclude that the tomographic results us-
ing different single- and multi-constellation GNSS observa-
tions are similar at the radiosonde location. This is because
(1) the a priori information of radiosonde has been imposed
into the tomography modelling for the location of radiosonde

Figure 7. Average RMS of SWD residuals for different schemes
over the experimental period.

Figure 8. Average RMS of MAE residuals for different schemes
over the experimental period.

station and (2) station HKSC is near the radiosonde station,
and a relatively large amount of GNSS observations were
distributed for the location of radiosonde station. However,
such a result cannot represent the quality of reconstructed re-
sults of wet refractivity fields for the entire region. Therefore,
the accuracy of the tomographic result for the entire research
region is further evaluated using the PPP-estimated SWDs
below.

4.3 Comparison with PPP-estimated SWDs

To assess the reconstructed result of the entire region, two
new schemes are designed: Scheme 1, only the single-
GNSS observations of 13 GNSS stations (except for HKSC)
are used for reconstructing the atmospheric wet refractiv-
ity; Scheme 2, nine GNSS stations, as shown by the black
triangles in Fig. 1, are selected using combined multi-
constellation GNSS observations. The SWDs of station
HKSC are computed based on the different tomographic re-
sults and against the GNSS PPP-estimated SWDs. The RMS
and MAE of SWD residuals for each day in two schemes
are presented in Figs. 7 and 8, where the red dashed line
represents the average RMS and MAE obtained under con-
ditions G-13, C-13, R-13, and E-13 while the blue dashed
line represents the average RMS and MAE obtained from
cases GC-9, GR-9, CR-9, GCR-9, and GCRE-9. Figures 7
and 8 reveal that the average RMS and MAE of Scheme 1
is mostly lower than that of Scheme 2 over the experimental

Ann. Geophys., 37, 15–24, 2019 www.ann-geophys.net/37/15/2019/
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Table 6. Statistical result of RMS and MAE of different tomo-
graphic strategies over the experimental period.

Scheme RMS MAE

Single G-13 9.78 7.12
C-13 9.77 7.14
R-13 9.79 7.15
E-13 9.76 7.14

Multi GC-9 11.64 10.62
GR-9 11.99 11.09
CR-9 11.50 10.66
GCR-9 11.55 10.61
GCRE-9 11.52 10.58

period, which shows that the reconstructed atmospheric wet
refractivity field of Scheme 1 over the entire research area
is superior to the tomographic result of Scheme 2. Statistical
results pertaining to different schemes are listed in Table 6,
from which it is seen that, compared to Scheme 2, the aver-
age RMS and MAE accuracy of Scheme 1 is increased by
16 % and 33.4 %, respectively. Hence it was concluded that,
compared to the tomographic result of multi-constellation
GNSS observations, increasing the station density has greater
significance for the reconstruction of the atmospheric water
vapour field.

5 Analysis of multi-constellation GNSS troposphere
tomography

5.1 Comparison of signals used and coverage rate of
voxels penetrated

Here, all 14 GNSS stations are selected to reconstruct the
atmospheric wet refractivity, and the tomographic results de-
rived from different multi-constellation GNSS observations
are compared and analysed. Nine types of single- and multi-
constellation GNSS observations are designed in schemes
designated G-14, C-14, R-14, E-14, GC-14, GR-14, CR-14,
GCR-14, and GCR-14. Before evaluating the performance
of the tomographic result, the average number of GNSS sig-
nals used and the percentage of voxels penetrated over the
experimental period for each tomography step are first anal-
ysed (Table 7). Table 7 reveals that compared to schemes G-
14 C-14, R-14, and E-14, multi-constellation GNSS schemes
have more voxels crossed by rays, but the change is relatively
small with respect to the coverage rate of voxels.

5.2 Evaluation of multi-constellation GNSS
troposphere tomography

To analyse the performance of the multi-constellation GNSS
troposphere tomography, the wet refractivity profile derived
from nine schemes is first compared with the result from the

Figure 9. Relationship between iteration times and elevation angle
during the experimental period.

Figure 10. Average RMS of SWD residuals for different schemes
over the experimental period.

radiosonde data thereat. The average RMS, bias, and MAE
of wet refractivity difference between different schemes and
radiosonde data over the experimental period are calculated
(Table 8). As mentioned in Sect. 2, an iterative procedure
is required to determine the weighting matrices of different
equations in tomographic modelling. Therefore, the number
of iterations and the average elevation angle of satellite sig-
nals for different schemes are also considered (Table 8). It
can be observed from Table 8 that the average RMS, bias,
and MAE of different schemes are similar, which reflects the
fact that the reconstructed wet refractivity profile obtained
from different schemes applied at the radiosonde station have
equivalent accuracy.

However, the number of iterations of various schemes are
different when determining the weighting matrices of the dif-
ferent types of equations used in tomographic modelling. By
analysing the relationship between the number of iterations
and elevation angles over the tested period, a negative linear
relationship is found between two factors and the fitted data
are presented in Fig. 9. Such a negative correlation reveals
that the resolving time of tomographic modelling can be de-
creased with multi-constellation GNSS observations, which
is important in the real-time reconstruction of atmospheric
water vapour.

www.ann-geophys.net/37/15/2019/ Ann. Geophys., 37, 15–24, 2019



22 Q. Zhao et al.: Influence of station density and multi-constellation GNSS observations

Table 7. Statistical information of the number of GNSS rays used and the coverage rate of voxels penetrated.

G-14 C-14 R-14 E-14 GC-14 GR-14 CR-14 GCR-14 GCRE-14

Number of signals used 974 1123 693 349 2097 1168 1816 2791 3139
Coverage rate of voxels (%) 75.3 71.8 68.0 50.0 80.0 79.8 78.8 82.0 82.4

Table 8. Statistical result of average RMS, bias, MAE, elevation an-
gle, and iteration times for different schemes over the experimental
period.

Scheme RMS Bias MAE Iteration Elevation
times angle (◦)

G-14 9.78 1.54 7.12 4.8 39.8
C-14 9.77 1.55 7.14 3.5 51.9
R-14 9.79 1.64 7.15 5.0 40.2
E-14 9.76 1.66 7.14 4.2 44.5
GC-14 9.76 1.54 7.11 4.1 45.8
GR-14 9.75 1.52 7.10 5.1 40.0
CR-14 9.78 1.56 7.14 4.2 46.1
GCR-14 9.76 1.55 7.09 3.8 44.0
GCRE-14 9.75 1.55 7.10 3.7 44.1

Table 9. Statistical result of RMS, bias, and MAE of SWD residuals
from different schemes over the experimental period

Scheme RMS Bias MAE

G-13 9.83 6.71 8.62
C-13 8.58 6.34 8.58
R-13 9.05 7.65 9.05
E-13 9.41 7.62 8.83
GC-13 9.03 6.44 7.96
GR-13 9.40 6.66 8.28
CR-13 8.89 6.78 7.96
GCR-13 8.78 6.38 7.77
GCRE-13 8.75 6.36 7.73

As mentioned above, the accuracy of different schemes
evaluated for the location of radiosonde cannot represent
the tomographic quality across the entire region; therefore,
a further comparison is carried out using only 13 GNSS sta-
tions in the network except for station HKSC. The slant wet
delays of station HKSC, estimated using multi-GNSS PPP
software, are compared with the calculated SWDs derived
from different schemes. Figures 10 and 11 show the aver-
age RMS and MAE of SWD residuals on each day dur-
ing the experiment, where the blue dashed line represents
the average of RMS and MAE obtained from schemes G-
13, C-13, R-13, and E-13, while the red dashed line repre-
sents the average of RMS and MAE obtained from schemes
GC-13, GR-13, CR-13, GCR-13, and GCRE-13. From those
two figures, it was found that the reconstructed quality of
atmospheric wet refractivity field data for the entire region

Figure 11. Average MAE of SWD residuals for different schemes
over the experimental period.

using multi-constellation GNSS observations was slightly
improved when compared to that using single-constellation
GNSS data. By analysing the statistical results pertaining
to different schemes (Table 9) it was found that, compared
to the single-constellation GNSS troposphere tomography,
RMS accuracy of the multi-constellation GNSS troposphere
tomography improved by about 10 %.

6 Conclusion

The observed multi-constellation GNSS (GPS, BeiDou,
GLONASS, and Galileo) observations have been used to in-
vestigate the importance and influence of station density and
multi-GNSS constellation data on troposphere tomography.
The SWDs of 14 GNSS stations in a network in Hong Kong
are estimated using the multi-constellation GNSS PPP soft-
ware.

For GNSS troposphere tomography, the horizontal resolu-
tion of voxels is first determined according to the number of
voxels and the coverage rate of GNSS stations located in the
bottom layer. A comparative experiment using single- and
multi-constellation GNSS data derived from different num-
bers of stations revealed that increasing the station density
improved the quality of tomographic results, with the RMS
accuracy of SWD residuals increasing by about 16 % when
compared to the result of using multi-constellation GNSS
troposphere tomography. In addition, compared to the single-
constellation GNSS observations, troposphere tomography
using multi-constellation GNSS data can (1) reduce the re-
solving time when determining the weighting matrices of dif-
ferent equations used in tomographic modelling, which has
practical significance for the real-time reconstruction of at-
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mospheric water vapour profiles, and (2) improve the quality
of tomographic results to a certain extent.

The upcoming full operability of the multi-constellation
GNSS is expected to increase the number of SWDs used for
troposphere tomography. Although the improvement of re-
constructed results is not as expected, it was mainly deter-
mined by the spatial distribution of GNSS stations, multi-
constellation GNSS troposphere tomography is also worth
studying, especially for potential application of this tech-
nique in real-time atmospheric water vapour reconstruction.

Data availability. All data can be accessed from the corresponding
author upon request.

Author contributions. QZ and KZ participated in the design of this
study. QZ and WY carried out the literature search, data acquisition,
data analysis and paper preparation. QZ carried out the study and
collected important background information. All authors read and
approved the final paper.

Competing interests. The authors declare that they have no conflict
of interest.

Acknowledgements. The authors thank the IGRA (Integrated
Global Radiosonde Archive) for providing the radiosonde data.
The Lands Department of HKSAR and Hong Kong Observatory
are also acknowledged for providing GNSS and the corresponding
meteorological data. This work is funded by the State Key Program
of National Natural Science Foundation of China (grant no.
41730109).

Edited by: Vassiliki Kotroni
Reviewed by: two anonymous referees

References

Bartlett, M. S.: Properties of Sufficiency and Statistical Tests, P. R.
Soc. Lond. A-Conta., 160, 268–282, 1937.

Bender, M. and Raabe, A.: Preconditions to ground based GPS
water vapour tomography, Ann. Geophys., 25, 1727–1734,
https://doi.org/10.5194/angeo-25-1727-2007, 2007.

Bender, M., Dick, G., Ge, M., Deng, Z., Wickert, J., Kahle, H. G.,
Raabe, A., and Tetzlaff, G.: Development of a gnss water vapour
tomography system using algebraic reconstruction techniques,
Adv. Space Res., 47, 1704–1720, 2011a.

Bender, M., Stosius, R., Zus, F., Dick, G., Wickert, J., and Raabe,
A.: GNSS water vapour tomography–Expected improvements
by combining GPS, GLONASS and Galileo observations, Adv.
Space Res., 47, 886–897, 2011b.

Benevides, P., Catalao, J., and Miranda, P. M. A.: On the in-
clusion of GPS precipitable water vapour in the nowcast-
ing of rainfall, Nat. Hazards Earth Syst. Sci., 15, 2605–2616,
https://doi.org/10.5194/nhess-15-2605-2015, 2015a.

Benevides, P., Nico, G., Catalao, J., and Miranda, P.: Can Galileo in-
crease the accuracy and spatial resolution of the 3D tropospheric
water vapour reconstruction by GPS tomography?, Geoscience
and Remote Sensing Symposium (IGARSS), 2015 IEEE Inter-
national, Milan, Italy, 3603–3606, 2015b.

Benevides, P., Catalao, J., and Nico, G.: Inclusion of high resolution
MODIS maps on a 3D tropospheric water vapor GPS tomogra-
phy model, Remote Sensing of Clouds and the Atmosphere, In-
ternational Society for Optics and Photonics, 9640, 96400R-1–
96400R-13, 2015c.

Benevides, P., Nico, G., Catalão, J., and Miranda, P. M. A.: Analy-
sis of galileo and gps integration for gnss tomography, IEEE T.
Geosci. Remote Sens., 55, 1936–1943, 2017.

Bi, Y., Mao, J., and Li, C.: Preliminary results of 4-D water vapor
tomography in the troposphere using GPS, Adv. Atmos. Sci., 23,
551–560, 2006.

Champollion, C., Masson, F., Bouin, M. N., Walpersdorf, A., Do-
erflinger, E., Bock, O., and Van Baelen, J.: GPS water vapour
tomography: preliminary results from the ESCOMPTE field ex-
periment, Atmos. Res., 74, 253–274, 2005.

Chen, B. Y. and Liu, Z. Z.: Voxel-optimized regional water va-
por tomography and comparison with radiosonde and numerical
weather model, J. Geodesy, 88, 691–703, 2014.

Crespi, M. G., Luzietti, L., and Marzario, M.: Investigation in gnss
ground-based tropospheric tomography: benefits and perspec-
tives of combined galileo, glonass and gps constellations, Geo-
phys. Res. Abstr., EGU2008-A-03643, EGU General Assembly
2008, Vienna, Austria, 2008.

Dong, Z. and Shuanggen, J.: 3-D water vapor tomography in Wuhan
from GPS, BDS and GLONASS observations, Remote Sensing,
10.1, 62, https://doi.org/10.3390/rs10010062, 2018.

Flores, A., Ruffini, G., and Rius, A.: 4D tropospheric tomogra-
phy using GPS slant wet delays, Ann. Geophys., 18, 223–234,
https://doi.org/10.1007/s00585-000-0223-7, 2000.

Guo, J., Yang, F., Shi, J., and Xu, C.: An Optimal Weighting Method
of Global Positioning System (GPS) Troposphere Tomography,
IEEE J. Sel. Top. Appl., 9, 5880–5887, 2016.

Liu, Z., Wong, M. S., Nichol, J., and Chan, P. W.: A multi-sensor
study of water vapour from radiosonde, MODIS and AERONET:
a case study of Hong Kong, Int. J. Climatol., 33, 109–120, 2013.

Niell, A. E., Coster, A. J., Solheim, F. S., Mendes, V. B., Toor, P. C.,
Langley, R. B., and Upham, C.: A. Comparison of measurements
of atmospheric wet delay by radiosonde, water vapor radiometer,
GPS, and VLBI, J. Atmos. Ocean. Tech., 18, 830–850, 2001.

Nilsson, T. and Gradinarsky, L.: Water vapor tomography using gps
phase observations: simulation results. IEEE T. Geosci. Remote
Sens., 44, 2927–2941, 2006.

Notarpietro, R., Cucca, M., Gabella, M., Venuti, G., and Perona, G.:
Tomographic reconstruction of wet and total refractivity fields
from gnss receiver networks, Adv. Space Res., 47, 898–912,
2011.

Radon, J.: Über die bestimmung von funktionen durch ihre in-te-
gral-werte längs gewisser mannigfaltigkeiten, Computed Tomog-
raphy, 69, 262–277, 1917.

Rohm, W. and Bosy, J.: Local tomography troposphere model over
mountains area, Atmos. Res., 93, 777–783, 2009.

Saastamoinen, J.: Contributions to the Theory of Atmospheric Re-
fraction, Part II Refraction Corrections in Satellite Geodesy, B.
Geod., 107, 13–34, 1973.

www.ann-geophys.net/37/15/2019/ Ann. Geophys., 37, 15–24, 2019

https://doi.org/10.5194/angeo-25-1727-2007
https://doi.org/10.5194/nhess-15-2605-2015
https://doi.org/10.3390/rs10010062
https://doi.org/10.1007/s00585-000-0223-7


24 Q. Zhao et al.: Influence of station density and multi-constellation GNSS observations

Skone, S. and Hoyle, V.: Troposphere modeling in a regional gps
network, Positioning, 4, 230–239, 2005.

Troller, M., Bürki, B., Cocard, M., Geiger, A., and Kahle, H. G.: 3-
d refractivity field from gps double difference tomography, Geo-
phys. Res. Lett., 29, 2149–2152, 2002.

Troller, M., Geiger, A., Brockmann, E., Bettems, J. M., Bürki, B.,
and Kahle, H. G.: Tomographic determination of the spatial dis-
tribution of water vapor using GPS observations, Adv. Space
Res., 37, 2211–2217, 2006.

Wang, X., Dai, Z., Wang, L., Cao, Y., and Song, L.: Preliminary
Results of Tropospheric Wet Refractivity Tomography Based on
GPS/GLONASS/BDS Satellite Navigation System, China Satel-
lite Navigation Conference (CSNC) Proceedings, Vol. I, 1–7,
Springer, Berlin, Heidelberg, 2014.

Yao, Y. B. and Zhao, Q. Z.: A novel, optimized approach of voxel
division for water vapor tomography, Meteorol. Atmos. Phys.,
129, 57–70, 2016a.

Yao, Y. B. and Zhao, Q. Z.: Maximally Using GPS Observation for
Water Vapor Tomography, IEEE T. Geosci. Remote Sens., 54,
7185–7196, 2016b.

Yao, Y. B., Zhao, Q. Z., and Zhang, B.: A method to improve the
utilization of GNSS observation for water vapor tomography,
Ann. Geophys., 34, 143–152, https://doi.org/10.5194/angeo-34-
143-2016, 2016.

Zhao, Q. and Yao, Y.: An improved troposphere tomographic
approach considering the signals coming from the side
face of the tomographic area, Ann. Geophys., 35, 87–95,
https://doi.org/10.5194/angeo-35-87-2017, 2017.

Zhao, Q. Z., Yao, Y. B., Cao, X. Y., Zhou, F., and Xia, P.: An opti-
mal tropospheric tomography method based on the multi-GNSS
observations, Remote Sensing, 10, 1–15, 2018.

Ann. Geophys., 37, 15–24, 2019 www.ann-geophys.net/37/15/2019/

https://doi.org/10.5194/angeo-34-143-2016
https://doi.org/10.5194/angeo-34-143-2016
https://doi.org/10.5194/angeo-35-87-2017

	Abstract
	Introduction
	GNSS tropospheric tomography
	Tomography experiment and description
	Experimental data
	Determination of horizontal resolution

	Influence of station density on tropospheric tomography
	Comparison of GNSS rays used and the coverage rate of voxels penetrated
	Comparison with radiosonde data
	Comparison with PPP-estimated SWDs

	Analysis of multi-constellation GNSS troposphere tomography
	Comparison of signals used and coverage rate of voxels penetrated
	Evaluation of multi-constellation GNSS troposphere tomography

	Conclusion
	Data availability
	Author contributions
	Competing interests
	Acknowledgements
	References
	Cover Sheet.pdf
	n2006077418.pdf
	Exploring the binding sites and proton diffusion on insulin amyloid fibril surfaces by naphthol-based photoacid fluorescenc ...
	Results and Discussion
	Steady-state emission. 
	Time-resolved emission. 
	The spherically-symmetric diffusion model. 
	Molecular Dynamics simulations. 
	Following the amyloidogenesis process using photoacids. 

	Experimental Section
	Insulin fibrils formation. 
	Steady-state and time-resolved fluorescence measurements. 
	Steady-state fluorescence measurements of the amyloidogenesis process. 
	Molecular dynamics (MD) simulation. 

	Conclusions
	Acknowledgements
	Figure 1 Molecular structure of 2N, 2N6S, 2N8S and 2N6,8S.
	Figure 2 Normalized steady-state fluorescence of the different photoacids: (a) 2N, (b) 2N6S, (c) 2N8S and (d) 2N6,8S, in pH7 buffer (red curves), and in the same buffer with insulin fibrils (blue curves).
	Figure 3 Time-resolved fluorescence of the ROH* band of the different photoacids: (a) 2N, (b) 2N6S, (c) 2N8S and (d) 2N6,8S, in pH7 buffer (red curves), and in the same buffer with insulin fibrils (blue curves), together with the instrument response funct
	Figure 4 (a) The modelled structure of the insulin fibril.
	Figure 5 A bird’s-eye view of (a) 2N6S and (c) 2N8S bound to binding site 2 on the insulin fibril surface.
	Figure 6 (a) A bird’s-eye view of 2N6,8S at the different binding sites on the insulin fibril surface.
	Figure 7 (a) A bird’s-eye view and (b) close-up view of the binding mode of 2N to binding site 2 on the insulin fibril surface.
	Figure 8 Normalized steady-state fluorescence of the different photoacids: (a) 2N, (b) 2N6S, (c) 2N8S and (d) 2N6,8S during the amyloidogenesis process at 20 min intervals from 0 min (red) to 180 min (blue), together with kinetics traces (inset) comparing
	Table 1 SSDP fits to the decay of the photoacids before and after the binding to the insulin fibril structure.




	Research Repository Link: https://researchbank.rmit.edu.au/view/rmit:52508
	Dropdown: [Published Version]
	Copyright Statement: Author(s) 2019. This work is distributed under the Creative Commons Attribution 4.0 License.
	Link to Published Version: https://dx.doi.org/10.5194/angeo-37-15-2019
	Citation: Zhao, Q, Zhang, K and Yao, W 2019, 'Influence of station density and multi-constellation GNSS observations on troposphere tomography', Annales Geophysicae, vol. 37, no. 1, pp. 15-24.   


