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Summary 
Work completed under this NASA Grant and Cooperative Agreement was focused on of the 

operation of surface dielectric barrier discharge devices driven by high voltage, nanosecond scale pulses 
plus constant or time varying applied bias voltages. The main interest was in momentum production and 
the range of voltages applied eliminated significant heating effects. The approach was experimental 
measurements and was supplemented by computational modeling. All the experiments were conducted at 
Princeton University. NASA funding supported mainly the experimental work while the computational 
work was supported by other sources. Most of the computational work was conducted at Princeton 
University and was completed at the Pennsylvania State University. 

The project provided comprehensive understanding of the associated physical phenomena achieved 
by complementary measurements and modeling. Limitations on the performance of the devices for the 
generation of high velocity surface jets were established and various means for overcoming those 
limitations were proposed and tested. The major limitations included the maximum velocity limit of the 
jet due to electrical breakdown in air and across the dielectric, the occurrence of backward breakdown 
during the short pulse causing reverse thrust, the buildup of surface charge in the dielectric offsetting the 
forward driving potential of the bias voltage, and the interaction of the surface jet with the surface through 
viscous losses. It was also noted that the best performance occurred when the nanosecond pulse and the 
bias voltage were of opposite sign. Solutions include the development of partially conducting surface 
coatings to bleed off the surface charge, the development of a semiconductor diode inlaid surface material 
to suppress the backward breakdown. Extension to long discharge channels was studied and a new ozone 
imaging method developed for more quantitative determination of surface jet properties. 

Details of the work are given in publications and a Ph.D. thesis. A list is provided below. Reprints of 
archival journal articles are attached in the Appendix. The dissertation is provided as Part II of this final 
report and is published separately as NASA/CR—2012-217655. 
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Publications 
The results have been reported in numerous peer reviewed and conference manuscript publications, 

and are contained in a doctoral dissertation. 
The archival journal papers are included in the Appendix of this report.  
The conference papers have not been included in this report since the material presented in those 

papers is incorporated into the peer reviewed publications and the dissertations of Dr. Opaits and 
Dr. Likhanskii. 

Doctoral Dissertations 
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Modeling of dielectric barrier discharge plasma actuators driven
by repetitive nanosecond pulses

Alexandre V. Likhanskii and Mikhail N. Shneider
Department of Mechanical and Aerospace Engineering, Princeton University,
Princeton, New Jersey 08544, USA

Sergey O. Macheret
Lockheed Martin Skunk Works, 1011 Lockheed Way, Palmdale, California 93599, USA

Richard B. Miles
Department of Mechanical and Aerospace Engineering, Princeton University,
Princeton, New Jersey 08544, USA

�Received 26 January 2007; accepted 3 May 2007; published online 9 July 2007�

A detailed physical model for an asymmetric dielectric barrier discharge �DBD� in air driven by
repetitive nanosecond voltage pulses is developed. In particular, modeling of DBD with high voltage
repetitive negative and positive nanosecond pulses combined with positive dc bias is carried out.
Operation at high voltage is compared with operation at low voltage, highlighting the advantage of
high voltages, however the effect of backward-directed breakdown in the case of negative pulses
results in a decrease of the integral momentum transferred to the gas. The use of positive repetitive
pulses with dc bias is demonstrated to be promising for DBD performance improvement. The effects
of the voltage waveform not only on force magnitude, but also on the spatial profile of the force, are
shown. The crucial role of background photoionization in numerical modeling of ionization waves
�streamers� in DBD plasmas is demonstrated. © 2007 American Institute of Physics.
�DOI: 10.1063/1.2744227�

I. INTRODUCTION

Asymmetric dielectric barrier discharge �DBD� plasma
actuators are known to be effective in aerodynamic control
�see Refs. 1–16�. Experimental investigations showed the
dramatic effect of DBD on the gas flow, resulting in flow
separation control. Despite the plasma-induced flow com-
plexity, there is an agreement that the major effect on the
flow is due to the downstream force on the gas. The currently
achieved performance of DBD plasma actuators is limited to
relatively low gas velocities �of the order of 1–30 m/s�. The
prevention of flow separation at higher velocities needs
stronger DBD effects on the gas, and optimization is re-
quired. A number of groups have explored different applied
voltage shapes, such as sinusoidal or sawtooth voltage wave-
forms at frequencies 1–100 kHz and amplitudes 2–20 kV or
repetitive pulses with full width at half-maximum �FWHM�
from 4 to 400 ns at different repetition rates. The results
showed that all the waveforms can prevent separation, but
the strength of the DBD effect on the flow does depend on
the voltage waveform.

Explanation of the experimental results and further opti-
mization of plasma actuators has to rely on a firm foundation
of modeling. Due to the vast difference of time scales that
characterize plasma phenomena �ionization, recombination,
evolution of electric field, etc.� and gas dynamics, the prob-
lem can be broken into hydrodynamic and plasma parts. The
plasma part describes the local influence of the DBD actuator
on the flow, and the hydrodynamic part uses the time-
dependent distributed body force and heating terms from the
plasma calculations to determine global flow field effects.

The first attempt of the numerical modeling of plasma kinet-
ics was made by Roy in Ref. 9. Notable results in hydrody-
namic modeling of DBD have been obtained by Gaitonde et
al. �see Ref. 14�, however the plasma models used in his
calculations were incomplete.

Our group has developed a comprehensive physically
based numerical model �see Ref. 1�, which includes relevant
plasma kinetic phenomena. The results have shown that at
low voltages �1.5–2 kV�, a sinusoidal signal is not particu-
larly effective in gas pushing due to the positive ion attrac-
tion to the upper electrode in the cathode half-cycle. Based
on the analysis, a new voltage waveform, repetitive negative
nanosecond pulses plus positive bias, has been proposed. In
the present paper, we describe further development of the
consistent, comprehensive, and physically based model, and
computational exploration of DBD performance over a wide
range of voltage amplitudes and waveforms.

II. PHYSICAL MODEL

The modeled configuration of the DBD plasma actuator
is presented in Fig. 1. It consists of two electrodes separated
by the dielectric. The geometrical sizes of the electrodes and
the dielectric are different for different numerical experi-
ments and vary from 1.5 mm to 1 cm for electrode lengths
and from 100 to 300 �m for dielectric thickness. The rela-
tive dielectric permittivity is chosen to be equal to 5. The
electrodes are considered to be infinitely thin. This assump-
tion is based on the experimental data, which did not show
the dependence on electrode thickness and is used for mod-
eling simplification. The voltage of arbitrary profile is ap-

PHYSICS OF PLASMAS 14, 073501 �2007�
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plied to the upper electrode and the lower plate is considered
grounded.

The modeled gas was air at room temperature �constant
density� consisting of neutrals, electrons, positive, and nega-
tive ions. The air was considered as a mixture of oxygen and
nitrogen. Air chemistry was not considered in detail. The
voltage applied to the upper electrode resulted in weakly
ionized plasma formation near the edge of electrode, which
subsequently spread to above the dielectric. The formation of
negative ions was due to attachment of electrons to oxygen
�see Ref. 17�. The plasma kinetics and interactions with neu-
tral gas were modeled in a drift-diffusion approximation �see
Ref. 11�.

We denote number densities of electrons, positive and
negative ions, and neutrals as ne, n+, n−, and n, and fluxes of
charged particles as �e, �+, and �−. Rate coefficients of ion-
ization, electron-ion recombination, ion-ion recombination,
electron detachment from negative ions, and electron attach-
ment to the neutrals will be denoted as �, �, �ii, kd, and �a.
For simplicity, we assume that masses of both positive and
negative ions are equal to the mass of a neutral molecule,
and any of those greatly exceeds the electron mass m. De, Di,
�e, and �i are correspondingly the electron and ion diffusion
coefficients and mobilities.

Equations of motion for a four-fluid mixture are then as
follows: Continuity equation for electrons,

�ne

�t
+ � j�ej = ���e� − �nen+ + kdnn− − �ane. �1�

Continuity equation for positive ions,

�n+

�t
+ � j�+j = ���e� − �nen+ − �iin+n−. �2�

Continuity equation for negative ions,

�n−

�t
+ � j�−j = − �iin+n− − kdnn− + �ane. �3�

Electron flux,

�ej = − �eEjne − De� jne − Dene
� jTe

Te
. �4�

Positive ion flux,

�+j = �iEjn+ − Di� jn+. �5�

Negative ion flux,

�−j = − �iEjn− − Di� jn−. �6�

The electric potential and electric field distribution are cal-
culated using the Poisson equation,

��� � �� = e�ne + n− − n+� , �7�

Ej = − � j� , �8�

where E is the electric field, e is the charge of the electron, �
is the dielectric permittivity, and � is the electric potential.
Ionization and recombination coefficients, as well as attach-
ment, detachment rates, charged particles mobilities, and
electron temperature, are considered as functions E /n, where
E is local electric field. The numerical values for rate of
ionization, electron-ion recombination, ion-ion recombina-
tion, ion mobilities, attachment, and detachment rates are
standard and given in Ref. 17. Ion temperature is considered
to be equal to gas temperature. Electron drift velocities Vdr

and electron temperatures, as functions E /N, are given in
Ref. 18. The electron mobilities are calculated using the fol-
lowing relation:

�e =
Vdr

E
. �9�

The diffusion coefficients are calculated using the Einstein
relation,

Di = �iTi, �10�

where i denotes the species �electrons, ions�.
The boundary conditions at the electrode surface are

�en = − �m�+n if En 	 0, �11�

�+n = 0 if En 
 0, �12�

and the boundary conditions at the dielectric surface are

�en = − �d�+n if En 	 0 �13�

and

�+n = 0 if En 
 0. �14�

Here, �m and �d are the effective secondary emission coeffi-
cients from metal and dielectric, with numerical values 0.1
and 0.01 used in computations correspondingly; index n de-
notes the normal component of electric field and fluxes.

III. NUMERICAL METHODS

In our previous work �see Ref. 1�, we used the second-
order accurate MacCormack scheme �see Ref. 19� to model
plasma kinetics. This model worked very well at low volt-
ages and gave accurate results. Nevertheless, the transition to
higher voltages could not be achieved because of the numeri-
cal instabilities that arose at sharp time gradients of the elec-
tric field. In order to overcome this problem, the flux cor-
rected transport �FCT� �see Ref. 20� was added to the
MacCormack scheme. The results, obtained using the FCT
scheme, are smoother and more accurate. Figure 2 shows a

FIG. 1. �Color online� Asymmetric dielectric barrier discharge
configuration.

073501-2 Likhanskii et al. Phys. Plasmas 14, 073501 �2007�
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comparison between time-averaged body forces on the neu-
tral gas using these two methods after three pulses. The re-
sults obtained with and without FCT agree well: both pro-
duce similar downstream forces with only minor variations
in the local force fields. A successive over-relaxation method
was used to solve the Poisson equation �see Ref. 19�.

Figure 3 shows the voltage-current characteristics during
the breakdown for the two numerical schemes. After the
pulse, the current is very small. These characteristics ob-
tained with and without the FCT also agree well. A grid
convergence study showed some dependence of the results
on the grid size, however the qualitative results remained the
same. Decreasing the mesh size results in plasma propaga-
tion somewhat farther downstream and thereby slightly in-
creases the momentum transfer to the gas.

Using the second-order accurate MacCormack method,
the low voltage cases �up to 2 kV� have been modeled �see
Ref. 1�. The results showed that at low voltages, the conven-

tional sinusoidal voltage was not the optimal profile, and a
new voltage profile was proposed: repetitive negative nano-
second pulses and positive bias. The addition of FCT now
allows the calculation of DBD with applied low voltage re-
petitive positive nanosecond pulses with positive bias. Figure
4 shows the time-averaged force acting on the gas at positive
pulse with amplitude 1.65 kV and positive bias of 500 V. It
is worth mentioning that this is not the streamer case, be-
cause voltages are too low. It is a positive corona regime.

The question then arises as to whether the operation of
the DBD will improve at higher voltages. What will happen
if the amplitude of applied negative pulses increases? Or
what is the effect of streamers on the gas in the case of
high-voltage positive pulses? The second-order MacCor-
mack scheme and FCT method could not give the answers to
these questions due to numerical instabilities, which appear
at high voltages. This difficulty has been overcome using the
Scharfetter-Gummel method �see Refs. 21 and 22� for flux

FIG. 2. �Color online� Time-averaged force on the neutral gas. The left plot corresponds to computations with the MacCormack method without FCT, and the
right one to the FCT method. �Pulse voltage: 1.5 kV amplitude, 4 ns FWHM, 500 kHz repetition rate, and 500 V bias.�

FIG. 3. �Color online� Current and voltage in a representative repetitive-pulse case in the quasi-steady-state regime. The red line shows the voltage, and the
dashed line shows the current. The left plot corresponds to the MacCormack method without FCT, and the right one to the FCT method. �Pulse voltage:
−1.5 kV amplitude, 4 ns FWHM, 500 kHz repetition rate, and 500 V bias.�
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calculation and the Modified Euler method for solving con-
tinuity equations �see Ref. 23�.

IV. HIGH-VOLTAGE RESULTS

A. Repetitive negative nanosecond pulses
with positive dc bias

Based on the numerical calculations for low voltages, it
was proposed to use negative nanosecond pulses and positive
dc bias to increase the effect on gas pushing in the asymmet-
ric DBD plasma actuator. The basic principle of this voltage
performance was the creation of an ionization wave during
the short pulse. When the pulse was applied, the electrons
were created near the edge of an electrode due to the high
electric field in this region, then they moved along the elec-
tric field lines, ionizing the gas, and finally they attached to
the dielectric surface, creating a virtual cathode. Since a
large number of electrons were attached to the dielectric sur-
face and the pulse time was too short to make positive ions
move, a positive ion cloud was formed above the dielectric
surface. After the pulse, this positive cloud was pushed from
the electrode toward the dielectric surface by an applied
positive dc bias and by the attraction of the electrons on the
dielectric.

The logical step to improve the performance of DBD
plasma actuator with applied repetitive negative nanosecond
pulses is to increase the peak voltage of the pulses. This
voltage increase should lead to an increase of the positive ion
number density in the air after the pulse, and therefore an
increase in the force acting on the air in the downstream
direction. In order to investigate this phenomenon, a numeri-
cal experiment has been carried out. The following geometry
was chosen: lengths of upper and lower electrodes were 1.5
and 8 mms, the computational domain was 1�0.5 cm, and
the grid size was 25�25 �m. The dielectric thickness was
100 �m and there were no gaps in the horizontal direction

between electrodes. When the pulse is applied to the upper
electrode, the breakdown occurs and the electrons move to
the dielectric, producing weakly ionized plasma and leaving
a positive ion cloud behind them. However, after the voltage
reaches its peak, a reverse breakdown occurs. This reverse
breakdown looks like a cathode-directed streamer �Figs. 5
and 6� and significantly decreases the performance of the
DBD plasma actuator. Figure 7 shows the average force on
the gas after the pulse. There is a component near the edge of
the electrode, directed upstream, however the integral over
the volume average force is still directed downstream and is
greater than in the case of low voltages. The quantitative
comparison of these results will be given later in the paper.

B. Repetitive positive nanosecond pulses
with positive dc bias

Another possible way of pushing gas in a DBD plasma
actuator is by applying high-voltage repetitive positive
pulses plus a positive dc bias. The physics of the downstream
force acting on the gas in this case is different from the case
with negative pulses.

When a positive nanosecond pulse is applied to the up-
per electrode, at some voltage the electric field near the edge
of the electrode will be sufficient for the initiation of
cathode-directed streamer propagation. During the pulse, the
streamer propagates along the dielectric until the electric
field at the leading edge �head� of the streamer is not suffi-
cient to produce further ionization in front of it. At that point
the streamer stops. From the theory of streamers and from
the calculations, it is well known that the body of the
streamer is quasineutral, but the head of the streamer carries
a positive charge in order to displace the electric potential
and produce the ionization in front of it. Therefore, after the
pulse there will be positive ion cloud in the front part of the
decaying streamer. An applied dc bias after the pulse forces
this cloud to move downstream and push the gas. Despite the
body of the streamer being quasineutral plasma, its effect on
the formation of force on the gas is negligible in comparison
with the force from the positive ion cloud in front of the
streamer. The reason is that the force is proportional to the
difference between concentrations of positive and negative
charge carriers. After the discharge, the electrons in the
quasineutral streamer body are rapidly attached to the oxy-
gen during the time scales of the order of 10 ns. Between the
pulses, the drift of negative ions to the upper electrode is
compensated by the drift of positive ions downstream.

C. The role of background electron density

In order to correctly model the streamer propagation,
one has to solve the problem of radiation transfer and calcu-
late the number density of photoelectrons ahead the streamer
head. The number density of photoelectrons depends on the
streamer and gas parameters. However, the problem of radia-
tion transfer is quite complicated and solving this problem is
time-consuming. The simplified model considers the back-
ground charge in the air as having been created in the pho-
toprocesses �see Ref. 24�. There are two important param-
eters we deal with: initial and background charge number

FIG. 4. �Color online� Average force acting on neutral gas during one cycle.
�Pulse voltage: amplitude 1.65 kV, FWHM 4 ns, repetition rate 500 kHz,
and bias 500 V.�
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density. The initial charge number density is the positive ion
and electron number densities in the air at the beginning of
calculations. Since plasma formation is an exponential pro-
cess, without initial charges plasma cannot form. However,
the initial number density has to be small to have no influ-
ence on plasma formation. This fact leads to the problem of
streamer formation if the voltage of the upper electrode is
positive. In this case, the electrons will be sucked to the
electrode during hundreds of picoseconds and there will be
no way for the streamer to propagate. In reality, photoelec-
trons, which are formed ahead of the streamer head, resolve
this problem. In our model, we substitute them with back-
ground charge. It is the minimum charge number density in
the computational domain. If charge number density is less
than background in any computational point at some point of
time, the charge number density becomes background. This
addition of charge has a negligible influence on the precision
of the model of plasma-gas interaction because the back-
ground charge number density is several orders of magnitude

less than the plasma number density. The background charge
number density should be chosen empirically to satisfy the
experimental data on the streamer propagation speed and the
propagation distance. The dependence of streamer propaga-
tion parameters on the background and the initial conditions
has been investigated. For this, a geometry that is the same
as for the negative pulses was chosen. Single positive Gauss-
ian pulses with 4 ns FWHM and 3 kV amplitude have been
applied to the upper electrode. Two parameters were
changed—the initial charge density and the background
charge density. If the initial and background charge density is
of the order of 1–10 1/m3, the plasma cannot even appear. If
the initial number density is very high �of the order of
1016 1 /m3� even without background charge, the plasma
forms and a streamer propagates. The background does not
play a role in this case, because the Debye length is less than
the computational domain and electrons will always be able
to come from the outside of the Debye sphere. When the
initial number density drops to 1011 1 /m3, it plays a critical

FIG. 5. �Color online� Reverse breakdown. Applied voltage: negative pulses with positive bias. Peak voltage is −4.5 kV, the bias is 0.5 kV, and the pulse
FWHM is 4 ns. The figure shows the electron and positive ion number densities, electric potential, and the instantaneous force on the gas at the moment
corresponding to the peak voltage.
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role in the streamer formation. Without it, all electrons will
rapidly move to the electrode and there will be no “photo”
electrons, and the streamer will not be able to propagate. The
background charge supplies the electrons for the streamer.
The streamer stops propagating when the electric field at its
head is not enough for propagation. A similar situation hap-
pens when the background number densities drop to
107 1/m3. Figure 8 shows a comparison of different initial
and background charge number density. In our modeling, the
background plasma was taken to be 107 1/m3, corresponding
to the values in the literature. Figure 9 shows the typical
simulated streamer and Fig. 10 shows the time-average force
on the gas distribution.

It is worth mentioning that the background charge is not
essential for negative pulse modeling. In this case, the elec-
trons appear on the electrode or dielectric due to secondary
emission and then move along the electric field line, produc-
ing the plasma. The reverse breakdown is also easily re-
solved, despite its streamer-like appearance. After the elec-
tron avalanche, there is plasma with an ionization fraction
much greater than 1 due to photoionization.

V. COMPARISON OF HIGH- AND LOW-VOLTAGE
CALCULATIONS

As predicted before �see Ref. 1�, higher voltages in-
crease the DBD plasma actuator performance. Figure 11
shows a comparison of �i� low-voltage repetitive negative
nanosecond pulses with positive bias, �ii� high-voltage nega-
tive pulses with positive dc bias, and �iii� repetitive positive
nanosecond pulses with positive bias. The higher voltages
transfer three times more momentum to the gas in contrast to
the low ones. Note that positive pulses with amplitudes of
3 kV give the same effect as the negative pulses with ampli-
tudes of 4.5 kV. Modeling high voltages also allows for the
prediction of different ways of plasma formation in DBD and
different momentum transfer. For example, at low voltages
the streamer does not propagate in the case of positive
pulses, but at high voltages it does. The obtained results also
give an important conclusion about the scaling predictions in
numerical modeling. DBD plasma actuators operate at differ-
ent regimes not only at different voltage profiles, but at dif-
ferent voltage amplitudes. Further predictions of DBD per-
formance at voltages of the order of 10–20 kV require more
extensive computational capabilities and the application of
parallel computing methods.

FIG. 6. �Color online� Reverse breakdown. Applied voltage is negative
pulse with positive bias. Peak voltage is −4.5 kV, the bias is 0.5 kV, and the
pulse FWHM is 4 ns. The figure shows the electron and positive ion number
densities, electric potential, and the instantaneous force on the gas after the
pulse.

FIG. 7. �Color online� Average force acting on neutral
gas during one cycle. �Pulse voltage: amplitude is
−4.5 kV, FWHM is 4 ns, repetition rate is 500 kHz,
and the bias is 0.5 kV.�

FIG. 8. �Color online� Streamer propagation speed in three different cases.
The green line corresponds to the initial and background electron number
density of 107 1/m3; the purple line, to 1011 1 /m3; and the blue line, to the
initial electron number density of 1016 1 /m3 and no background charge.
Applied voltage waveform: positive pulses with positive bias. Peak voltage
is 3 kV, the bias is 1 kV, and the pulse FWHM is 4 ns.
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VI. CONCLUSIONS

The comprehensive physical and numerical model of
DBD plasma actuators in air developed in this work allowed
us to investigate the essential physics of DBD driven by
repetitive short pulses with and without dc bias and to reveal
the effects of varying the parameters of this type of voltage
waveform. Modeling of high-voltage negative nanosecond
pulses generally agrees with scaling predictions based on
low-voltage cases, but a new effect, the reverse breakdown,
takes place at the higher voltages. The physics of the reverse
breakdown and its negative role in the DBD performance,
consisting in upstream-directed force, has been shown. Nev-

ertheless, at higher pulse voltages, stronger forces on the gas
are produced and more momentum is transferred than at
lower voltages.

A new voltage waveform—positive nanosecond pulses
with positive dc bias—has been modeled. The results dem-
onstrate that this waveform is promising for improvement of
DBD plasma actuator performance. Although this voltage
waveform is not very effective at low voltages, it becomes
very effective at high voltages. With this waveform, a per-
formance similar to that provided by the negative pulses with
positive dc bias could be achieved with much lower voltage
amplitudes.

Computations have demonstrated a crucial influence of
background and initial electron densities on the DBD mod-
eling of streamers in the anode stage. Although that back-
ground charge density can be several orders of magnitude

FIG. 9. �Color online� Streamer-like ionization wave. Applied voltage
waveform: positive pulses with positive bias. Peak voltage is 3 kV, the bias
is 1 kV, and the pulse FWHM is 4 ns. The figure shows the electron and
positive ion number densities, electric potential, and the instantaneous force
on the gas.

FIG. 10. �Color online� Average force acting on neutral gas during one cycle. �Pulse voltage: amplitude is 3 kV, FWHM is 4 ns, the repetition rate is 500 kHz,
and the bias is 1 kV.�

FIG. 11. �Color online� Momentum transferred to the gas. Blue and green
lines correspond to the negative pulses with amplitudes −4.5 and −1.5 kV
with positive bias of 0.5 kV, and the red line corresponds to the positive
pulses with 3 kV amplitude and positive bias of 1 kV. FWHM for all pulses
is 4 ns.
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lower than that in the fully developed plasma, streamer
propagation characteristics are extremely sensitive to the
background electron density.

A comparison of the results for low- and high-voltage
amplitudes shows that, depending on the details of voltage
waveform and on the voltage amplitude, different DBD re-
gimes with different physics of plasma-air interaction can be
realized. Therefore, one should be very cautious with scaling
predictions, and such predictions must be based on full
physical modeling and experiments.
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Experimental studies were conducted of a flow induced in an initially quiescent room air by a single
asymmetric dielectric barrier discharge driven by voltage waveforms consisting of repetitive
nanosecond high-voltage pulses superimposed on dc or alternating sinusoidal or square-wave bias
voltage. To characterize the pulses and to optimize their matching to the plasma, a numerical code
for short pulse calculations with an arbitrary impedance load was developed. A new approach for
nonintrusive diagnostics of plasma actuator induced flows in quiescent gas was proposed, consisting
of three elements coupled together: the schlieren technique, burst mode of plasma actuator
operation, and two-dimensional numerical fluid modeling. The force and heating rate calculated by
a plasma model was used as an input to two-dimensional viscous flow solver to predict the
time-dependent dielectric barrier discharge induced flow field. This approach allowed us to restore
the entire two-dimensional unsteady plasma induced flow pattern as well as characteristics of the
plasma induced force. Both the experiments and computations showed the same vortex flow
structures induced by the actuator. Parametric studies of the vortices at different bias voltages, pulse
polarities, peak pulse voltages, and pulse repetition rates were conducted experimentally. The
significance of charge buildup on the dielectric surface was demonstrated. The charge buildup
decreases the effective electric field in the plasma and reduces the plasma actuator performance. The
accumulated surface charge can be removed by switching the bias polarity, which leads to a newly
proposed voltage waveform consisting of high-voltage nanosecond repetitive pulses superimposed
on a high-voltage low frequency sinusoidal voltage. Advantages of the new voltage waveform were
demonstrated experimentally. © 2008 American Institute of Physics. �DOI: 10.1063/1.2968251�

I. INTRODUCTION

Electrohydrodynamic �EHD� and magnetohydrodynamic
phenomena are being widely studied for aerodynamic appli-
cations. The major effects of these phenomena are heating of
the gas, body force generation, and enthalpy addition or
extraction.1–35 In particular, asymmetric dielectric barrier dis-
charge �DBD� plasma actuators are known to be effective
EHD device in aerodynamic control.30–35 A number of ex-
periments have shown the potential of DBD for flow separa-
tion control at low-to-moderate flow velocities �1–100 m/s�.
There is an agreement that the DBD actuators generate near-
surface synthetic jets. The induced near-surface flow veloci-
ties using sinusoidal or sawtooth voltage waveforms at fre-
quencies of 1–100 kHz and amplitudes of 2–20 kV are of the
order of 1–5 m/s. However, optimized voltage waveforms36

allow the increase in the induced gas velocities in the vicin-
ity of plasma-gas interaction region.

Recent numerical studies with a detailed model based on
full plasma kinetics coupled with the dynamics of the electric
field developed by Likhanskii et al.37–40 provided consistent
physical explanations for the observed phenomena and sug-
gested ways for improvement of actuator performances. Spe-

cifically, it was shown that a voltage waveform consisting of
high repetition rate short �nanosecond� pulses has the poten-
tial to produce a stronger effect on the flow than a conven-
tional sinusoidal voltage. Additionally, it was predicted that
adding a positive bias voltage to the pulses should increase
the velocity of wall jet generated by the plasma actuator.

This paper presents results of experiments with a DBD
asymmetric discharge driven by repetitive high-voltage
nanosecond pulses. The purpose of the experiments was to
provide a better understanding of the physical processes and
to validate the numerical model. The experiments showed, as
will be discussed below, that adding the bias voltage has a
strong effect only for the first several hundred pulses. Then
the surface charge builds up shielding the applied bias volt-
age and reducing performance. To remove the surface
charge, we explored changing the bias voltage polarity peri-
odically. Experiments reported in this paper have demon-
strated that the new voltage profile which consists of nano-
second pulses superimposed on a high-voltage low frequency
sinusoidal bias voltage does indeed lead to higher perfor-
mance.

To conduct experiments with DBD actuators driven by
repetitive voltage pulses, one needs to characterize and opti-
mize the coupling of the pulses with the plasma and to de-
velop reliable nonintrusive flow diagnostics. To address thea�Electronic mail: dopaits@princeton.edu.
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first problem, a numerical code for short pulse calculation
with an arbitrary impedance load was developed. The code is
based on Kirchhoff’s laws and allowed minimization of
pulse reflection from the actuator.

Regarding the second problem, flow diagnostics, diffi-
culties of diagnostics of the actuator induced flow arise from
its small �approximately centimeter� scale, low speed
��m /s�, and closeness to the plasma and the dielectric sur-
face. Most common techniques to diagnose the induced wall
jet include particle image velocimetry, smoke visualization,
Pitot probes, etc. Unfortunately, these methods are intrusive
and must be used with great care. For example, in particle
image velocimetry measurements the particles may get
charged in the plasma and may not only depict the flow
incorrectly but may also affect the plasma and the gas flow.
The main disadvantage of Pitot-probe measurements is low
sensitivity. The measurements have to be taken at some dis-
tance downstream from the actuator in order not to perturb
the plasma. Pitot measurements are also local, and to obtain
the entire flow pattern, a scan through the entire flow region
should be performed. The task becomes much more compli-
cated with nonstationary flows. Attempts to use nonintrusive
optical methods were made in a number of works. A laser
deflection technique was used to measure density by probing
index of refraction gradients in the air.41 Being nonintrusive,
this approach, however, gives only local measurements and,
like the Pitot-probe one, is hard to apply to nonstationary
flows.

The use of the schlieren technique for DBD induced
flow measurements was reported.42,43 In the first paper42 the
authors used conventional schlieren technique for flow visu-
alization. The technique is based on following thermal dis-
turbances in the jet and extracting the flow speed from that.
However, the authors42 found this insufficient for quantita-
tive speed measurements and used schlieren streak video in-
stead. Another, similar, application of the schlieren technique
to DBD plasma actuator was demonstrated in Ref. 43. Tur-
bulent eddies were treated as tracers in the flow. A new,
helium based technique of schlieren image processing was
suggested to observe the flow field. In the region outside the
turbulent flow a helium jet was injected in order to produce
the necessary contrast. The helium jet, however, can disturb
the plasma and the flow field. All of the above techniques are
based on disturbances and/or turbulence in the induced flow.
As noted in Ref. 43 the technique is not applicable for lami-
nar flows.

In this paper, we used a new approach for the induced
flow visualization and velocity measurements. Since the dis-
charge slightly heats the air, it is possible to visualize the
induced wall jet. The principal feature of our schlieren tech-
nique, distinguishing it from other studies, is the modulation
of the voltage waveform applied to the discharge so that the

plasma actuator is operated in pulse-burst mode. In the burst
mode, separate pulse jets are created by each burst. The ad-
vantage of the proposed technique is the ability to visualize
two-dimensional �2D�, laminar, low speed, small, nonstation-
ary plasma induced jets. An advantage of studies with quies-
cent air is that it is possible to notice some features of the
induced flow which otherwise would be washed out by an
external flow. A numerical model based on 2D Navier–
Stokes equations predicts similar structures and allows us to
extrapolate the entire flow pattern by matching the schlieren
images of a single vortex. The numerical modeling also al-
lows us to infer the magnitude of the body forces exerted by
the DBD actuator on the gas.

As will be discussed in the paper, the schlieren imaging
in the pulse-burst mode demonstrated that the DBD actuator
produces vortices. Note that similar structures were observed
in DBD experiments using smoke visualization44 and
schlieren technique,45 in DBD induced flow numerical
simulations,46,47 and also in plane wall jet experiments and
numerical simulations.48–50 However, in this work, we dem-
onstrate that the strength of the vortices and frequency of
their generation can be controlled by the voltage waveform,
which has practical implications.

II. EXPERIMENTAL SETUP

The plasma actuator consisted of two electrodes placed
asymmetrically on either side of the dielectric, with one elec-
trode encapsulated, and the other exposed to the atmospheric
air, as shown at Fig. 1.51 The electrodes were made of copper
foil. The width of the electrodes was equal to 25 mm and
their spanwise dimension was 50 mm. A 100 �m thick kap-
ton tape was used as the dielectric. The discharge was ignited
by applying high voltage to one of the electrodes. The other
electrode was grounded. The actuator was placed inside a
sealed cylindrical aluminum chamber �45 cm high and 40 cm
in diameter� to eliminate the interaction between the plasma
induced flow ��1 m /s� and air in the room and to enable
experiments at different pressures and with different gases.

For the plasma actuator induced flow visualization we
used a conventional schlieren system �Fig. 2�52 which con-
sisted of a mercury lamp, a 50 �m pinhole, and two lenses

FIG. 1. �Color online� Asymmetric DBD plasma actuator.

FIG. 2. �Color online� Schlieren
system.
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�FL=25 cm, D=6 cm�. A vertical knife edge was put into
the focus of the second lens. The image was projected on a
ground glass screen and then captured by a Princeton Scien-
tific Instruments 4-D charge coupled device camera. The
camera took 28 consecutive images with 1 ms exposure time
and no significant delay between the images.

In the experiments, we used a voltage waveform consist-
ing of repetitive nanosecond pulses in burst mode superim-
posed on a bias voltage. Although during the experiments the
bias voltage waveform evolved from constant to sinusoidal,
the same electric circuit, shown in Fig. 3, was used. The
circuit is designed so as to superimpose short pulses on a low
frequency bias voltage without interference between the
pulser and the low frequency power supply. Adding a 470 pF
capacitor in series with the actuator shielded the pulser from
the bias voltage. Since the capacitance of the actuator was
only 4 pF, the main voltage drop occurred just at the plasma
actuator. The 220 k� resistors did not let the pulse go to the
power supply. The charging time for the capacitor through
the corresponding resistors was �=RC=220 k� 470 pF
�100 �s, which corresponds to 10 kHz�60 Hz. The
10 M� resistor was put in parallel with the actuator for
safety reasons. It discharged the high-voltage electrode after
experiments. Its high impedance did not influence the circuit
in any way. Also, a noninductive 250 � resistor was added
in parallel with the actuator to minimize the pulse reflection.

The pulser used in the experiments was a FID Technol-
ogy 4 ns full width at half maximum �FWHM� pulser ca-
pable of running with pulse repetition rate �PRR� of up to
100 KHz and triggered by a �10 V pulse from a Stanford
Box. The peak output voltage of the pulser was up to 10 kV
which was fed to three separate 3 m long 75 � coaxial lines.
The three copropagating pulses were converted into a single
pulse by taking advantage of the short physical “length” of
the pulses �less than 1 m�. By connecting the center conduc-
tor of the first coaxial line to the outer conductor of the
second and the center conductor of the second to the outer
conductor of the third, an amplified pulse is produced be-
tween the center conductor of the third line and the outer
conductor of the first. This essentially is a transformer made
of sections of transmission lines, and it is well described in
the literature.53

A source of constant bias voltage used in the experi-
ments was High Voltage DC Supply model 412 by John
Fluke MFG Co, Inc., capable of producing output voltages

up to 2 kV both polarities. Ozone generator transformer by
Plasma Technics, Inc., was used for producing sinusoidal
bias voltage.

The pulser was able to produce pulses of negative polar-
ity only. The bias voltage could be of any polarity but could
be added to the pulsed electrode only due to the circuit prop-
erties. The terminology used in this paper came from the
numerical simulations, where the encapsulated electrode was
supposed grounded, and the voltage waveform was applied
to the exposed electrode. Following the same terminology,
we consider the encapsulated electrode to be at zero poten-
tial. That means that the term “positive” refers to a case
when the electric field is directed from the exposed electrode
to the encapsulated one, i.e., parallel to the induced jet, and
negative when in the opposite direction. Thus, applying
negative pulses to the lower �encapsulated� electrode will
henceforth be referred to as positive pulses. Further, applying
negative bias voltage to the top �exposed� electrode will be
called a negative bias, whereas applying negative bias volt-
age to the lower �encapsulated� electrode will be referred to
as positive bias. See Fig. 4 for further examples.

III. NANOSECOND PULSE PROFILE

Special attention was paid to the electric pulse wave-
form. It was measured by a LeCroy high-voltage probe PPE6
kV �400 MHz bandwidth, 50 M� input resistance, �6 pF
input capacitance� connected to a Tektronix digital oscillo-
scope TDS 380 �400 MHz bandwidth�. Since the pulses were
only several nanoseconds long, they were reflected back
from the plasma actuator and then reflected again by the
pulser toward the actuator. Therefore, each pulse actually
looked like a series of damped pulses. To reduce this ringing,
a computer code incorporating the actuator’s and the probe’s
capacitances was developed. The code calculated the reflec-
tion of a pulse from a RLC load. The code was based on
Kirchhoff’s laws written for an LRC load connected to a 3
�75 �=225 � cable. A schematic of the transformer made
of sections of transmission lines connected to a RLC load is
shown in Fig. 5�a�. In the figure, Z is the cable impedance, Z0

is defined by parasitic impedances and/or impedance of cable
connecting wires, C is the capacitance of the actuator and the
voltage probe, R is resistance of a noninductive matching

FIG. 3. �Color online� Electric circuit. The circuit is designed so as to
combine short pulses with a low frequency bias voltage without interference
between the pulser and the low frequency power supply. In experiments with
sinusoidal bias, the dc power supply was replaced by a high-voltage
transformer. FIG. 4. �Color online� Terminology used in the paper for the pulse and bias

voltage polarities. The encapsulated electrode is always considered to be at
zero potential. The sign of potential of the exposed electrode relative to the
encapsulated one determines the pulse and bias polarity.
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resistor, and LR and LC are inductances of the connecting
wires. Note that usually Z0�nZ, where n is the number of
the cables. This simplifies the circuit to the one shown in Fig.
5�b�. Kirchhoff’s laws for this circuit can be written as

6E = 3Z0�IRL + ILC� + IRLR + LR
dIRL

dt
, �1�

6E = 3Z0�IRL + ILC� + V + LC
dILC

dt
, �2�

V =
1

C
�

o

t

ILCd� . �3�

From these, we get the following set of two integrodifferen-
tial equations for the currents:

dIRL

dt
=

1

LR
�6E − 3Z0�IRL + ILC� − IRLR� , �4�

dILC

dt
=

1

LC
�6E − 3Z0�IRL + ILC� −

1

C
�

o

t

ILCd�	 . �5�

Solving the set of equations using first order explicit Euler’s
method, we obtain the dependence of the currents on time.
From that, the time-dependent voltage on the plasma actuator
and of the reflected pulse is calculated as

Vreflected = 3Z0�IRL + ILC� − 3E . �6�

In the absence of a reactive load, this gives a well-known
result—the ringing can be eliminated by a matching load. In
our case, it was 225 �. In the experiments, the connecting
wires had finite dimensions, i.e., inductances. To evaluate the
inductances, we used an approximate expression for circular
loop inductance,

Lcircle � R�0
ln�8R

a
	 − 2� , �7�

where R is the radius of the loop, a is the radius of the wire,
and �0 is the permeability of free space. In the experiments,
the wires connecting the resistance formed a loop with
�1 cm radius, while the wires connecting the actuator were
longer and the corresponding radius was �5 cm. This cor-
responds to inductances of LR=0.038 �H and LR

=0.294 �H. Substituting these numbers into the numerical
code, the pulse reflection can be calculated. Calculations
showed that at these values of inductances, there is almost no
difference if a 250 � resistor is used as the matching imped-
ance instead of the 225 � one. Therefore, in the experi-
ments, 250 � resistor was used due to its availability in the
laboratory. Unfortunately, the reflection of the pulse from the
pulser back to the actuator could not be calculated because of
the complex structure of the pulser. Therefore, the numerical
results are for single reflection only, whereas the experimen-
tal ones show all the ringing which takes place between the
actuator and the pulser. Note that increasing the actuator’s
capacitance leads to a lower peak voltage and to increased
pulse duration. The voltage over the actuator and the re-
flected pulse is shown in Fig. 6. By choosing the right resis-
tance, we were able to reduce the ratio of the reflected pulse
to the voltage over the actuator from 60% to 40%. The main
reason for the 40% reflection is the inductance of the con-
necting wires. The numerical model also predicted the pulse
duration increase from 4 to �5.5 ns. This result agrees well

FIG. 5. An equivalent scheme of the transformer made of sections of trans-
mission lines connected to the RLC load. �a� Full circuit; �b� reduced circuit.

FIG. 6. �Color online� Numerical calculation of the nanosecond pulses. The plots show profiles of the pulse originally generated by the pulser, the voltage
profile over the actuator, and the pulse reflected back into the cables. Left plot is for nonoptimized load. Right plot is for optimized load with 250 �
noninductive resistor. Adding the resistor decreases the ratio of the reflected pulse to the voltage on the actuator from 60% to 40%. These 40% are due to
inductances of the connecting wires.
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with the experiment. The measured pulse profiles before and
after optimization are shown in Fig. 7.

Experiments showed that covering the exposed electrode
by a kapton tape, thus preventing the discharge ignition,
changed the amplitude of reflected pulse by only a few per-
cent. Thus it was concluded that the plasma impedance plays
an insignificant role in the impedance matching problem.

IV. RESULTS

The schlieren technique provides the coupling between
the theoretical investigation of the plasma-gas interaction
and the experiment. The plasma model predicts the heating
rate and the force exerted on the gas. The output parameters
from the plasma calculations can be then used as an input for
the time-accurate numerical computational fluid dynamics
�CFD� model based on 2D Navier–Stokes equations. The
experiments showed that the DBD actuator run in pulse-burst
mode generates periodic wall jets which evolve into vortical
structures. The numerical model predicts similar vertical
structures and allows us to restore the entire flow pattern by
matching the schlieren images of a single vortex.

FIG. 8. �Color online� Air density and velocity distribution 14 ms after the
burst.

FIG. 9. �Color online� An example of experimental �left� and simulated
�right� schlieren images of the DBD plasma jets. The images are 20
�10 mm2 each and correspond to 7, 14, and 21 ms after the burst start.

FIG. 10. �Color online� Vortex propagation velocity as a function of the
distance from DBD at different forces in the interaction region. The maxi-
mum velocities of the induced flow at the vicinity of interaction region are
designated as “max flow velocities.”

FIG. 11. �Color online� Varying the bias voltage in constant bias experi-
ments. The pulse voltage is unchanged, thus change in bias voltage leads to
the same change in the peak voltage.

FIG. 7. �Color online� The measured pulse profile before and after
optimization.
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FIG. 12. �Color online� The induced flow speed vs distance at different constant bias voltages. The error bar is �0.04 m /s.

FIG. 13. �Color online� Bias voltage switch experiments. The columns rep-
resent images taken 7, 14, and 21 ms after the burst started. Different rows
represent different bias profiles. The electrode arrangement is indicated. The
results are presented for 5 kV negative pulses, 50 kHz, 50% duty cycle. The
bias voltage was + /−2 kV. The view field is 20�10 mm2.

FIG. 14. Surface wipe experiments. The experiments were done for 0 kV
�left column� and +2 kV �right column� bias voltages with 5 kV, 50 kHz,
50% duty cycle positive pulses and time delays of 10, 20, and 60 s. Wiped
runs were done with 10 s time delay during which the charge was removed
from the surface by a grounded wet cloth. The last picture in the left column
shows the very first run of the day, when the surface was still charge-free.
The last picture in the right column shows a bias switch experiment in which
the bias voltage was changed from 0 to +2 kV. The images were taken 12
ms after the burst start. The field of view of each image is 20�10 mm2.

FIG. 15. �Color online� Nanosecond
pulses combined with sinusoidal bias
voltage. 5 kV, 50 kHz positive �left
column� and negative �right column�
pulses combined with 2.6 kV peak-to-
peak 60 Hz sinusoidal bias voltage.
The field of view of each image is
20�10 mm2.
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The 2D Navier–Stokes equations were solved using sec-
ond order accurate MacCormack scheme.54 The computa-
tional domain was 5�2 cm2. The time step was determined
by the Courant-Friedrichs-Lewy �CFL� condition. The mod-
eling has been performed for quiescent air at initial tempera-
ture of 300 K. The gas constants have been taken from Ref.
54. The dielectric surface temperature 1 mm downstream
from the exposed electrode was considered to be 350 K.
Several cases have been studied. We considered the plasma
region to be 100�500 �m. The force on the gas was con-
sidered to act only in horizontal direction downstream and to
be uniformly distributed in the interaction region. In the
simulations, the force magnitude and heating in the interac-
tion region were varied.

In the experiment the pulser was run in burst mode at 50
kHz PRR and 50% duty cycle, giving 10 ms bursts with 500
pulses in each burst every 20 ms. The pulse voltage was 5
kV. In addition 2 kV bias voltage was applied to the elec-
trodes.

Consider the flow induced by the DBD plasma actuator
in pulse-burst mode. When the DBD is on, the gas in the
interaction region is being heated and receives momentum in
the downstream direction �from left to right�. The motion of
the gas generates pressure gradient in the vicinity of interac-
tion region. The gas is being sucked in that region from the
left and from above, creating an upstream vorticity. At the
same time another vortex is generated by the induced gas jet
�Fig. 8�. There are important differences between the two
vortices. One of them is the sign of vorticity. The vorticities
of upstream and downstream vortices are negative and posi-
tive, respectively. Another principal difference is the gas den-
sity in these vortices. The upstream vortex involves motion
of the quiescent air at room temperature, thus its temperature
is constant. In contrast, the downstream vortex is generated

due to the motion of heated gas jet. Thus, it is characterized
by well-defined temperature and density profiles. In the
schlieren experiments on DBD induced flow, only density
gradients can be visualized, i.e., the downstream vortex is
observed and the upstream one is not detected. These results
can be important in theoretical investigations of the flow
separation control using DBD: the gas flow will interact not
only with the observed downstream vortex but also with the
“hidden” upstream one. Representative examples of such
vortical structures, both experimental and reproduced in the
numerical modeling, are shown in Fig. 9. By comparing the
experimental and computational results, it was thus possible
to reconstruct the entire evolving flow pattern and to infer
both induced velocity field and the magnitude of plasma in-
duced body force. For this example the motion of the vortex
was around 0.5 m/s 17 mm downstream and that was driven
by a surface jet with a velocity of 7 m/s in the plasma vicin-
ity.

In our previous work37–40 we calculated the integral mo-
mentum transferred to the gas by means of positive and
negative nanosecond pulses with dc bias, as well as the heat-
ing rate in the interaction region. We have now extracted that
data and used it as an input to the Navier–Stokes solver. An
important assumption in the modeling was that there are no
saturation effects due to surface charging. The pulser was
considered to operate at 500 kHz repetition rate. The com-
puted vortex propagation velocity as a function of distance
from the exposed electrode is shown in Fig. 10. Taking the
results for momentum transfer from Refs. 38 and 39 for posi-
tive 3 kV pulses �4 ns FWHM� with 1 kV dc bias and dis-
tributing it equally in the interaction region, we get the force
in that region, 1.4�105 N /m3. The numerical results for
this calculation are between the green �round� and blue
�square� data points in Fig. 10. The other curves correspond

FIG. 16. �Color online� Vortex speed vs distance for different PRRs with positive polarity of the pulses. The schlieren images were taken at the same moment
of time for 20, 50, and 100 kHz. A slow vortex is created by a jet from positive bias half-cycle, then from �5–7 mm it is accelerated by a jet from the
negative bias half-cycle burst. The field of view of each schlieren image is 20�10 mm2.
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to the different force magnitudes in the interaction region at
constant heating rate. It can be clearly seen that the transla-
tional vortex velocity significantly drops with the propaga-
tion along the surface. This fact is very important, since us-
ing the schlieren technique in the experiments we can extract
the density gradients at several temporal points and thus de-
termine the vortex propagation speed. The developed model
thus allows inferring the induced flow velocity right at the
edge of the plasma and the force magnitude in the interaction
region by matching the experimental pictures with numeri-
cally obtained ones. The effect of heating was also investi-
gated; however, the results showed that the vortex size has
almost no dependence on the heating in the interaction re-
gion. Only the temperature of the gas within the vortex var-
ies. Note that the gas temperature cannot be measured by the

schlieren technique, and additional measurements with other
techniques should be used to provide an additional insight
into the plasma-flow interaction.

To examine experimentally how the actuator induced
flow speed depends on the constant bias voltage, we ran
experiments with fixed pulse voltage and different bias volt-
ages, as shown in Fig. 11. The vortex translational speed
versus coordinate at different bias voltages is shown in Fig.
12 for both polarities of the pulses. The experiments showed
that in the case of negative pulses there is only a weak,
within the error bars, dependence of the induced flow veloc-
ity on the bias voltage. Bias voltage of either polarity in-
creased the induced jet speed only slightly. For the positive
pulses, there was no clear dependence on the bias voltage.
These results did not agree with the expectations based on

FIG. 17. �Color online� Vortex speed vs distance for different PRRs with negative polarity of the pulses. The schlieren images were taken at the same moment
of time for 30, 50, and 70 kHz. In the bottom images, a vortex from the negative bias half-cycle is shown. The vortex consists of two parts: head vortex and
tail vortex. In the top image, jet from positive bias half-cycle hitting the tail part of the negative vortex is shown. The speed of the positive vortex greatly
depends on the PRR, while the speed of the negative one does not. The field of view of each schlieren image is 20�10 mm2.
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the numerical plasma model that predicted significant in-
crease in the induced flow velocity with the bias voltage.

However, during the experiment, an interesting phenom-
enon was noticed: a rapid switch of the bias polarity in-
creased the jet velocity for the first several pulse bursts. To
observe the details of the first vortices after the bias switch,
the camera was triggered at the very beginning of every run
so that it captured the first bursts. The actuator was thus run
at some value of the bias voltage for 5 s, and then the pulses
were turned off. After 10 s off, the pulses were turned on
again, and the first burst of this second run was captured.
This second run was done at either the same or a different
value of the bias voltage compared to the first run. As in the
previous experiments, the pulser was run in burst mode at 50
kHz PRR and 50% duty cycle, giving 10 ms bursts with 500

pulses in each burst every 20 ms. The pulse voltage was 5
kV, and the bias voltage was changed from −2 to +2 kV.
The results are presented in Fig. 13. Columns represent im-
ages taken 7, 14, and 21 ms after the burst started. Different
rows represent different biases. The electrode arrangement is
indicated. The results show that switching the polarity of the
bias voltage has a dramatic effect on the DBD operation:
much faster jets and vortices are generated compared to the
constant bias cases. An interesting feature can also be seen
when switching from positive to negative bias. The induced
wall jet from the first burst makes what looks like a jump.
The jet created by the second burst, however, does not
“jump” anymore. The location of the jump is around the
region where the plasma ends. In the case of positive pulses,
a similar jump can be observed when switching from nega-

FIG. 18. �Color online� Vortex speed vs distance for different pulse voltages with positive polarity of the pulses. The schlieren images were taken at the same
moment of time for 3.3, 5.0, and 7.4 kV. In the top images, slow jet from positive bias half-cycle is shown. In the bottom images, a vortex from the negative
bias half-cycle is shown. The speed of this vortex is high and depends strongly on the pulse voltage. In the pictures for 5.0 and 7.4 kV, this vortex is colliding
with the positive one. The field of view of each schlieren image is 20�10 mm2.
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tive to positive bias voltage. In addition, in that case the
second vortex also “jumps.” The same behavior was ob-
served during switches from −2 to 0, 0 to −2, 0 to +2, and +2
to 0 kV for both polarities of the pulses. However, the jet
velocity increase and the jump were not as strong as in the
cases of switching between negative and positive polarities
of the bias voltage.

Likely explanation for the observed behavior is accumu-
lation of surface charge on the dielectric. During the run, the
dielectric surface is charged, and shielding of the applied
bias electric field occurs, reducing the force on the gas and
the jet velocity. This explains why in the first series of ex-
periments the effect was determined by the difference be-
tween the peak voltage and the bias voltage and not so much
by the peak voltage or the bias voltage separately. Switching
the polarity of the bias removes the surface charge and en-

hances the actuator performance for a short time, until the
surface charge builds up again. One reason for the jump
behavior could be an interaction of residual space charge
with the surface charge. More studies are needed to better
understand these phenomena.

To check if there really is a surface charge accumulated
on the dielectric, the next set of experiments was conducted.
The conditions were similar to the previous experiments.
First the actuator was run for 5 s. Then after some time being
off it was run again without switching the bias voltage. The
first burst of the second run was captured. The aim was to
see how the generated vortex depends on the time delay be-
tween the runs. The experiments were done for −2, 0, and
+2 kV bias voltages with 5 kV, 50 kHz, 50% duty cycle
positive pulses and time delays of 10, 20, and 60 s. Another
run was done with 10 s time delay during which the charge

FIG. 19. �Color online� Vortex speed vs distance for different pulse voltages with negative polarity of the pulses. The schlieren images were taken at the same
moment of time for 3.3, 5.0, and 7.4 kV. In the top images, jet from positive bias half-cycle is shown. In the bottom images, a jet from the negative bias
half-cycle is shown, consisting of two parts: head vortex and tail vortex. There is no dependence of the speed of the vortices on the pulse voltage. The field
of view of each schlieren image is 20�10 mm2.
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was removed from the surface. The surface charge removal
was done with a wet grounded cloth. The water provided a
good contact with the entire surface, and after a wipe the
surface was slightly wet and quickly dried out by itself. The
whole procedure took less then 10 s at the end of which the
surface was dry and discharged. �Wiping the surface with a
dry cloth to remove the water might lead to charging through
friction�. The results are presented in Fig. 14. It is seen that
the vortex-generating performance persists for the times up
to 1 min. If the observed behavior was due to some heating
effects, there would not have been such a long hysteresis as
1 min. This provides evidence in favor of the surface charge.
Also the wiped-surface runs with bias look like a switch
from zero bias voltage. This shows that the effect does occur
due to the surface charge which depends on the bias voltage.

It can be seen that the vortex is very similar to the one from
the wiped-surface run, which means that both the wipe and
the run at 0 kV bias voltage discharge the surface. Again it
can be seen that the surface charge shields the applied bias
voltage. However, if the surface charge is removed, the
plasma feels the bias voltage, but only until new charge
builds up on the dielectric surface.

It was not possible to conduct similar experiments with
the negative pulses. As mentioned above, the bias voltage
was applied to the same electrode as the pulses, i.e., for the
negative pulses that would be the exposed electrode. Manu-
ally wiping the surface to remove the charge in the close
vicinity of the electrode at a few kilovolts potential would be
unsafe.

Since the jet-enhancement effect disappears as soon as

FIG. 20. �Color online� Vortex speed vs distance for different peak-to-peak sinusoidal bias voltages with positive polarity of the pulses. The schlieren images
were taken at the same moment of time for 5, 10, and 13 kV. In the top images, a slow jet from positive bias half-cycle is shown; when a strong jet from the
negative half-cycle arrives, it pushes the positive jet forward, which explains the acceleration in 6–11 mm range. In the bottom images, a vortex from the
negative bias half-cycle is shown. Its speed is high and strongly depends on the pulse voltage. In the pictures for 5.0 kV, the collision is still in progress, which
explains the complex shape of the vortex. The field of view of each schlieren image is 20�10 mm2.
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the charge builds up on the dielectric and shields the bias
field, to let the effect go on continuously, one needs to keep
switching the bias. Thus, a new voltage waveform was used
in the subsequent experiments: high-voltage sinusoidal sig-
nal �2.6 kV peak to peak, 60 Hz� plus nanosecond pulses �50
kHz, 5 kV, positive or negative�. Three versions of the volt-
age waveform were examined: �a� 100% duty cycle pulses
+sinusoidal bias voltage, �b� 50% duty cycle pulses, bursts
near the peak of the sinusoidal voltage+sinusoidal bias volt-
age, and �c� 50% duty cycle pulses, bursts at the slopes of the
sinusoidal voltage+sinusoidal bias voltage, and were com-
pared with the pulses without any bias voltage: �d� 50% duty
cycle pulses with no bias.

Since this set of experiments involved 60 Hz sinusoidal
signal, a new modulation of the pulses had to be used. The
pulses were generated in bursts with 208 pulses per burst and
120 bursts per second. The results are presented in Fig. 15.

From the experimental results we can see that the sinu-
soidal bias significantly improves the actuator performance.
The jet speed increases from �30 cm /s near the discharge
in case �d� to �80 cm /s at 10 mm downstream in case �a�.
Thus, even a relatively low bias voltage �1.3 kV amplitude
comparing to 5 kV of the pulses� has a great effect on the
DBD actuator operation. Note that the bias voltage itself
could not ignite the plasma in the absence of the pulses.
Also, vortices are still observed in case �a� despite the fact
that the pulses are on all the time. This means that the in-

FIG. 21. �Color online� Vortex speed vs distance for different peak-to-peak sinusoidal bias voltages with negative polarity of the pulses. The schlieren images
were taken at the same moment of time for 5, 10, and 13 kV. In the top images, jet from positive bias half-cycle is shown. The vortex speed strongly depends
on the negative pulse voltage. The field of view of each schlieren image is 20�10 mm2. The circle in the images is due to water condensation in the camera.

FIG. 22. �Color online� Voltage profiles with pulses near the bias voltage
peaks of one polarity only.
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duced wall jet speed strongly depends on instantaneous bias
voltage as well as on the surface charge on the dielectric. In
addition, vortices coming out of different bursts, i.e., of
bursts at different bias voltages, are different. The vortex
speed and size depend on whether it was generated during
positive/negative bias/slope of the bias voltage.

For further investigation we selected voltage waveform
with pulses near the peaks of the bias voltage, since this
waveform was more effective than the one with the pulse
bursts at the bias voltage slopes. Additionally, with this
waveform, it can be determined unambiguously which burst
the vortex came from, which makes the data easier for inter-
pretation.

DBD actuator operation dependence on the new voltage
waveform parameters was investigated. As a baseline voltage
waveform, we chose 5 kV pulses at 50 kHz and 50% duty
cycle near the peaks of 10 kV peak-to-peak 60 Hz sinusoidal
bias voltage. Then varying one of the parameters at a time

�the bias voltage, pulse voltage, and repetition rate� we ob-
served the vortices for each polarity of the pulses. As men-
tioned above, the vortices coming out of different bias half-
cycles differ in speed and size. Thus plots for both kinds of
vortices are presented in the figures when possible.

Consider first the actuator performance dependence on
PRR for positive pulses �Fig. 16�. The vortex coming out of
the positive bias half-cycle is slow. It does not move far
away from the plasma region by the time the next vortex
appears. The next vortex, which comes out of the negative
bias have-cycle, is very fast. It actually does not evolve into
a vortex immediately; it is still in its jet phase and thus is
hard to notice. Then, upon collision with the earlier gener-
ated slow vortex, it also becomes a vortex. Thus, actually
there is only one vortex in the schlieren image at a time. As
seen in Fig. 16, there is some weak dependence on the PRR.

The dependence of vortex parameters on PRR for nega-
tive pulses �Fig. 17� is different. The vortices created during

FIG. 23. �Color online� Vortex speed vs distance for different voltage waveforms, see Fig. 20. The schlieren images were taken at the same moment of time
for pulses during negative half-cycle only, both half-cycles, and positive half-cycle only. The field of view of each schlieren image is 20�10 mm2.
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the negative bias half-cycles consist of two parts. The head
part is not observed for pulses repetition rate lower than 30
kHz. Its speed is relatively high and does not depend on the
PRR. The tail part is brighter and much slower. The vortex
created during positive bias half-cycle is faster. Its speed
strongly depends on the PRR, as seen in Fig. 17.

The next parameter varied in the experiments was the
pulse voltage. The results for the positive pulses are pre-
sented in Fig. 18. The speed of positive �i.e., generated dur-
ing the positive half-cycle of the bias voltage� vortices
weakly depends on the pulse voltage. However, their bright-
ness �temperature� strongly depends on the pulse voltage.
The pulse voltage has a dramatic effect on the speed of nega-
tive �i.e., generated during the negative half-cycle of the bias
voltage� vortices. For the negative polarity of the pulses, the
vortex speed is quite high, and the only effect of the higher
pulse voltage is stronger heating. The details are shown in
Fig. 19.

Among all the parameters, the sinusoidal bias voltage
has perhaps the strongest influence on the DBD plasma ac-
tuator operation. The results for the positive pulses are pre-
sented in Fig. 20. Again, positive vortices are rather slow,
and it is unclear if changing the bias voltage has any effect
on them because they propagate only several millimeters be-
fore the vortices from the negative bias half-cycles hit them
from behind. The speed of vortices from the negative half-
cycles depends strongly on the bias voltage. For negative
pulses, the increase in bias voltage leads to a significant in-
crease in effect in both half-cycles of the bias voltage. The
results are presented in Fig. 21.

Starting from 5 kV peak-to-peak bias voltage, self-
sustained discharge was ignited in the absence of the high-
voltage pulses. This discharge could remove the surface
charge by itself. Since positive pulses create a strong force
on the gas only during the negative bias half-cycle, it was
interesting to check if it is still important to have pulse bursts
during the positive half-cycle of the bias. Thus experiments
were run with the pulses during half-cycles of one polarity
only. The voltage waveforms are shown in Fig. 22. The re-
sults of the experiments are shown in Fig. 23. It can be seen
that in the absence of the pulse burst during the other half-
cycle, the induced wall jet speed becomes two to three times
lower in all cases. This means that although some of the
pulse bursts do not create a strong wall jet, they still play an
important role in the DBD operation. Their task is to
discharge/recharge the dielectric surface and thus to increase
the efficiency of the other bursts. The experiments also
clearly show that the wall jets induced by negative pulses
evolve into two-vortex formations, whereas the ones from
the positive pulses do not. The mechanism of this behavior
should be investigated in future studies.

V. CONCLUSIONS

We have used a burst mode of plasma actuator operation
in conjunction with nonintrusive schlieren diagnostic of the
actuator induced flows in quiescent gas. With this technique,
the DBD actuator was observed to generate periodic pulsed
wall jets that evolve into vortices, and parametric studies of

the vortex speed and size versus parameters of the waveform
�pulses in repetitive-burst mode plus dc or ac bias voltage�
were performed. Matching 2D numerical fluid modeling to
the experimental results allowed us to infer the magnitude of
plasma-generated body force exerted on the gas. The knowl-
edge of the body force magnitude can then be used to com-
pute the entire flow field in both burst and continuous modes
of plasma actuator operation.

The experiments showed that although repetitive short
pulses do efficiently generate the plasma, a dc bias voltage
cannot push the gas efficiently because the charge buildup on
the dielectric surface shields the applied dc electric field.

To remove the surface charge, periodic switching of the
bias voltage polarity is required. Thus, we proposed a new
voltage waveform, consisting of high-voltage nanosecond re-
petitive pulses superimposed on a high-voltage low fre-
quency sinusoidal or square-wave bias voltage.

The advantages of the new voltage waveform in signifi-
cantly enhancing the wall jets and the vortices have been
demonstrated experimentally.

Note that in conventional DBD actuators driven by sinu-
soidal voltages, ionizing pulses �streamer breakdowns� also
occur, but the magnitude and frequency of those ionizing
pulses depend entirely on the parameters of the sinusoidal
driving voltage. In contrast, we proposed and used what is
essentially non-self-sustained discharge: the plasma is gener-
ated by repetitive short pulses, and the pushing of the gas
occurs primarily due to the low frequency �bias� voltage. The
advantage of this non-self-sustained discharge is that the pa-
rameters of ionizing pulses and the driving bias voltage can
be varied independently, which adds flexibility to control and
optimization of the actuator performance.

Future work should involve investigation of different di-
electric surfaces �due to the importance of surface charge
buildup� and parametric studies of the induced flow velocity
versus frequency of the sinusoidal bias voltage. Nonsinusoi-
dal bias voltage waveforms should also be investigated.
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A detailed physical model for asymmetric dielectric barrier discharge �DBD� in air at low voltages
�1.5–2 kV� is developed. Modeling of DBD with an applied sinusoidal voltage is carried out in two
dimensions. The leading role of charging the dielectric surface by electrons in the cathode phase is
shown to be critical, acting as a harpoon that pulls positive ions forward and accelerates the gas in
the anode phase. The positive ion motion back toward the exposed electrode is shown to be a major
source of inefficiency in the sinusoidal or near-sinusoidal voltage cases. Based on understanding of
the DBD physics, an optimal voltage waveform is proposed, consisting of high repetition rate, short
�a few nanoseconds in duration�, negative pulses combined with a positive dc bias applied to the
exposed electrode. © 2008 American Institute of Physics. �DOI: 10.1063/1.2837890�

I. INTRODUCTION

Plasma and magnetohydrodynamic �MHD� devices can
potentially be used for internal and external flow control and
power extraction �Refs. 1–37, and references therein�. Body
forces can be exerted by electric and magnetic fields on
charged species �electrons and ions� and coupled to the bulk
gas by collisions. These forces can then be used to extract
power or to control the flow. Plasma-induced gas heating can
also modify the flow �Refs. 1–26, and references therein�.
Both body forces and heating can be used as virtual shapes
for flow control in the absence of moving parts �Refs. 1–27,
and references therein�. There is also an increasing interest in
near-surface plasmas with and without magnetic field to con-
trol both laminar and turbulent boundary layers, shock-
boundary layer interactions, and particularly flow separation.
Air Force Research Laboratory researchers �Kimmel, Shang
et al.� studied dc surface plasmas in a Mach 5 tunnel.16–26

Leonov et al. at the Institute of High Temperatures �Moscow,
Russia� investigated flow control with high-current quasi-
equilibrium surface arcs.27 Adamovich et al. at the Ohio
State University has demonstrated MHD effects on the su-
personic turbulent boundary layer15 and flow deceleration by
Lorentz force.16 Recently, the Princeton University group has
proposed and demonstrated cold �nonequilibrium� con-
stricted surface discharges �“snowplow arcs”� that are mag-
netically driven downstream or upstream at high velocity and
impart momentum to the boundary layer.11,28,29 All those
studies were devoted to high-speed, supersonic, or hyper-
sonic flow control.

Significant and impressive experimental results have
been obtained by Corke and colleagues at Notre Dame Uni-
versity and the U.S. Air Force Academy,30–34 and by
Starikovskii et al.35 in Russia on the use of asymmetric di-
electric barrier discharges �DBD� for low-speed separation

control. Despite the successful demonstration of DBD
plasma actuators for flow control and the seeming simplicity
of DBD devices, the fundamental understanding of the un-
derlying physics of their operation is still incomplete. It is
accepted that the experimentally observed near-surface gas
acceleration to several meters per second is due to the trans-
fer of momentum from ions which are accelerated by the
electric field to the bulk gas molecules.

Challenges in modeling and understanding DBD plasma
actuators stem from the physics of the problem. Generation,
decay, drift, and diffusion of electrons and both positive and
negative ions must be correctly described by the model and
resolved by the numerical scheme. Since it is the electric
space charge that is responsible for the net force acting on
the gas, the Poisson equation for the electric potential must
be fully coupled with the other equations. The processes on
both dielectric and metallic surfaces, such as attachment of
electrons to the dielectric surface and the secondary electron
emission from both metallic and dielectric surfaces, must be
included. Additional complexity is due to the high gas den-
sity �about 1 sea-level atmospheric density� at which DBD
actuators operate. This high density reduces both time and
length scales relevant to the problem. For example, ava-
lanche ionization and sheath formation occur on a subnano-
second time scale, and sharp gradients of the electric field
and net charge density occur on a micron length scale. At the
same time, the model should also be able to compute the
plasma dynamics and kinetics on macroscopic time �milli-
seconds� and length �millimeters or centimeters� scales.

Because of this complexity, several recent modeling
efforts38–42 did not capture some essential features of kinetics
and dynamics of asymmetric DBD plasmas. The first at-
tempts at DBD modeling were performed in Refs. 38–42.
However, the modeled regimes did not explain the observed
experimental results. Reference 41 shows the relevant
plasma kinetics and discharge development, but lacks thea�Electronic mail: alikhans@princeton.edu.
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modeling of voltages used in DBD operation. The empirical
results, based on the DBD experiments, are shown in Ref.
42. But, this model has not resolved the processes in plasma.
All previous plasma modeling has been done in inert gases,
which did not allow an explanation of the features of DBD
operation, experimentally observed in air. For example, the
fact of DBD operation in “push-push” mode in a negative
half-cycle for sinusoidal voltages can be explained only by
the presence of negative ions, which are not present in inert
gases plasmas.

Therefore, it is necessary to develop a consistent, com-
prehensive, and physically based model that would qualita-
tively and quantitatively explain the operation of dielectric
barrier plasma actuators. This paper describes the successful
development of such a model. The ultimate goal of the
model development is to find a way of improving the DBD
actuator performance.

II. THE MODEL

The asymmetric DBD plasma actuator30–34 consists of
two electrodes separated by a dielectric layer �Fig. 1�. The
lower electrode is covered by the dielectric and is grounded,
and the voltage is applied to the upper �exposed� electrode.
The electrodes are shifted with respect to each other �thus,
the term “asymmetric”�. Near the right edge of the upper
electrode the plasma is created, and according to the experi-
mental data30–34 the gas is pushed from left to right.

The modeling was performed for air. The weakly ionized
air plasma was modeled as a four-fluid mixture: neutral mol-
ecules, electrons, and positive and negative ions. Note that
the presence of negative ions in air �unlike the models for
inert gases or pure nitrogen� is quite important for under-
standing of DBD physics, as will be shown later in this pa-
per. The motion of the charged particles was considered in
the drift-diffusion approximation. We denote the number
densities of electrons, positive and negative ions, and neu-
trals as ne ,n+ ,n−, and n fluxes as �e ,�+ ,�−. The rate of
ionization is �, rates of electron-ion and ion-ion recombina-
tion are � and �ii, the rate of electron detachment from nega-
tive ions is kd, the rate of electron attachment to the neutrals
is va, electron and ion diffusion coefficients and mobilities
are De, Di and �e, �i, correspondingly; the thermodiffusion
relation is kt.

The continuity equations for electrons, positive and
negative ions are then

�ne

�t
+ � j�ej = ���e� − �nen+ + kdnn− − �ane, �1�

�n+

�t
+ � j�+j = ���e� − �nen+ − �iin+n−, �2�

�n−

�t
+ � j�−j = − �iin+n− − kdnn− + �ane, �3�

where

�ej = − �eEjne − De� jne − ktDene
� jTe

Te
, �4�

�+j = �iEjn+ − Di� jn+, �5�

�−j = − �iEjn− − Di� jn−. �6�

Since the gas velocity is low in comparison with the drift
velocities of charged particles, for plasma behavior calcula-
tions the gas was considered stationary. Ionization and re-
combination coefficients, as well as attachment, detachment
rates, charged particles mobilities, and electron temperature
are considered as functions E /n, where E is the local electric
field .The numerical values for the rate of ionization,
electron-ion recombination, ion-ion recombination, ion mo-
bilities, attachment and detachment rates are standard and
given in Refs. 43–45. The ion temperature is considered to
be equal to the gas temperature. Electron drift velocities Vdr

and electron temperatures, as functions E /N, are given in
Ref. 46. The electron mobilities are calculated using the fol-
lowing relation:

�e =
Vdr

E
. �7�

The diffusion coefficients are calculated using the Einstein
relation,

Di = �iTi, �8�

where i denotes the species �electrons, ions�.
The boundary conditions at the electrode surface are, for

the cathode,

�en = − �m�+n, �9�

and, at the anode,

�+n = 0. �10�

And, the boundary conditions at the dielectric surface are

�en = − �d�+n, if En � 0, �11�

and

�+n = 0, if En � 0. �12�

Here, �m and �d are the effective secondary emission coeffi-
cients from metal and dielectric.

The electric field and potential are related to the density
of charged species according to the Poisson equation,

FIG. 1. �Color online� Asymmetric dielectric barrier discharge
configuration.
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��	 � 
� = e�ne + n− − n+� , �13�

Ej = − � j
 . �14�

The volumetric force on neutral gas can be generally ex-
pressed the following way:41

F = e�n+ − n− − ne�E + �me�e
dne

dt
− m+�+

dn+

dt

+ m−�−
dn−

dt
�E − ��nekTe + n+kT+ + n−kT−� . �15�

For the simulations, the following geometry was chosen. The
problem is considered two-dimensional, corresponding to the
plane of Fig. 1. The electrodes are considered infinitely thin.
This is justified, since a number of experiments performed
with both slightly protruding and buried electrodes showed
no considerable difference in DBD actuator
performance.30–34 The sizes of the electrode was from 0.1 to
1.5 mm, depending on the plasma length at different voltage
profiles. The cell size for the rectangular grid was chosen
according to the characteristic plasma and voltage scales and
geometrical sizes. Since the maximum charge density in the
DBD plasma was found to be on the order of 1021

−1022 m−3, and the applied voltage is on the order of kilo-
volts, the voltage drop on the order of several volts �much
less than the applied voltage� corresponds to the cell size on
the order of 1–10 microns. It also explains the computational
difficulties of DBD numerical simulation in large scales.
Note that the maximum cell size should be the same even as
the size of DBD plasma is increased, in order to resolve the
relevant plasma dynamics, and increasing the geometrical
size would increase the number of computational points.

Two different numerical schemes were used in DBD
plasma kinetics modeling. For low voltages, a second-order
explicit McCormack scheme47 was able to resolve all physi-
cal processes. Using this scheme the low-voltage sinusoidal
case and low-voltage repetitive negative nanosecond pulses
were calculated. Some “wrinkles” on the presented figures
are due to dispersion of this numerical scheme. However, for
higher voltages this scheme could not resolve some plasma
phenomena, such as streamer propagation and back break-
down, due to the scheme dispersion. The
Scharfetter-Gummel48,49 method resolved these problems
and the high-voltage case was modeled using this scheme.

The successive over-relaxation method47 was used to
solve the Poisson equation. One of the difficulties in kinetic
simulations is the choice of time step. In the plasma model-
ing in this work, two parameters determine it. First, the time
step should allow the resolution of plasma formation and
sheath dynamics time �which is of the order of nanoseconds�,
and second, the time step should satisfy the CFL �Courant-
Friedrichs-Lewy� condition. The combination of these two
requirements leads to the time step of the order of picosec-
onds. In the modeling, the time step was recalculated on each
step according to the CFL condition and was from 1 to 10
picoseconds.

The complexity of the stated problem, such as resolution
of micron geometrical scales, picosecond time scale for the

nonlinear problem with particle generation, and the necessity
to compute the micro- to milliseconds time intervals and the
geometrical scales of the order of millimeters, sets some
limitations on the model for single-processor calculations.
First of all the model is two-dimensional. This fact does not
allow resolution of the 3D filament structures, experimen-
tally observed in DBD investigations. However, due to over-
lapping of the streamers, the plasma becomes of diffusion
form, making the 2D assumption work quite well. Another
issue is that the 2D modeling qualitatively explains many
DBD features, but it would be better to compare the 2D
calculations with 3D ones, done on a multiprocessor cluster,
in order to verify the code. The second limitation is the geo-
metrical and the time domain of the problem. Usually in the
modeling the size of the domain was 1 by 1 mm and the
computational time was several microseconds. The payoff
for increasing either the geometrical or time domain to ex-
perimental sizes was the decrease in the remaining domain.
Another issue is the range of applied voltages. The higher the
voltages applied, the smaller the grid should be. The de-
crease of the grid size twice leads to the 8-times increase of
the computational times. The model allowed calculations for
the peak voltages up to 3–4 kV. The above listed issues can
be possibly resolved using parallel computations, on which
our group is currently working.

III. LOW-VOLTAGE SINUSOIDAL SIGNAL

In a number of experiments,27,30–34 the sinusoidal shape
of the applied voltage on the exposed electrode was used as
a baseline. In order to understand the physics of DBD plas-
mas and the nature of the force exerted on the gas in those
experiments, a series of computations with small-scale ge-
ometry �several hundred microns, see Sec. II� and high ac
frequency �1000 kHz� was performed. The small scales al-
low DBD simulations to be performed in a reasonable time
while showing the essential physics. However, it is very im-
portant to compare the results with those obtained with larger
plasma sizes in order to understand the scaling issues.

Figure 2 shows the applied voltage and calculated total
and displacement currents in a representative case with small
plasma size and sinusoidal voltage. During the negative half-

FIG. 2. �Color online� Applied voltage and calculated current for 1.5 kV,
1000 kHz sinusoidal voltage. Red line shows the voltage shape, dashed blue
line the calculated total current, and dotted line the displacement current.
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cycle, the difference between the total and displacement cur-
rents is due to the breakdown. In the positive half-cycle the
difference can be explained by the motion of both negative
ions and the secondary electrons �emitted from the dielectric
surface� to the exposed anode.

Consider separately two half-cycles of sinusoidal-
voltage DBD operation.

A. Negative half-cycle

During the first half of the negative half-cycle �the ex-
posed electrode is negative, its potential is decreasing, and
the covered electrode is grounded�, the breakdown starts
when the instantaneous voltage reaches its critical value. If
the amplitude of the applied voltage is not very high, the
plasma development starts near the voltage peak, as shown
in Figs. 3�a� and 3�b�. Electrons are generated at the cathode

surface due to the secondary emission, and avalanche ioniza-
tion then occurs in the strong electric field. Being light and
fast, electrons separate from positive ions and attach to the
dielectric surface, leaving behind a cloud of positive ions.
Some electrons, i.e., those at the front and upper edges of the
plasma, attach to oxygen and form negative ions �Fig. 3�b��.
The plasma thus propagates along the surface and negatively
charges the surface during the propagation �Fig. 4�. The
propagation stops and the current is cut off when the nega-
tive potential on the dielectric surface becomes sufficiently
high, so that the difference in potential of the exposed elec-
trode and the dielectric falls below the critical breakdown
value.

Increasing the applied voltage amplitude increases the
duration of this active phase, and also allows the plasma to
propagate farther along the surface. Under typical conditions,
the active �avalanche� phase duration is on the order of 100
ns �for small-scale actuator� to about 1 microsecond �for a
large-scale device�, much shorter than the half-cycle of the
applied voltage. Therefore, during most of the negative half-
period, no avalanche ionization occurs, and the plasma is
decaying. During this part of the cycle the negative ions push
the gas to the right �downstream�, while the cloud of positive
ions is attracted to the exposed electrode and pushes the gas
upstream and down, toward the surface �Fig. 5�.

Since the magnitude of the negative potential on the di-
electric surface is always somewhat lower than the peak
negative potential on the exposed electrode-cathode, the
positive ion cloud always moves toward the cathode, creat-
ing the backward-directed force on the gas and reducing the
efficiency of generation of downstream-directed gas jet.
Moreover, in the computations for small-scale DBD actuator,
this backward motion of ions was found to be strong enough
to cause the overall negative �backward-directed� force dur-
ing the cathode half-period.

However, when the length scale of the plasma was in-
creased �the streamwise length of the electrode was increase
by a factor of 7, to several millimeters�, the voltage ampli-
tude increased to 3.5 kV, and the ac frequency decreased by
a factor of 10, then the reversal of the integrated force in the
cathode phase was reached. This is due to the fact that the
backward-directed force caused by the positive ions moving
to the cathode was found to vary only slightly with the scal-
ing, while the downstream-directed force caused by the
negative ions increases with the increase in plasma size and
voltage amplitude. Consequently, the integrated force is now
directed downstream �Fig. 6�, as observed in the
experiments.26,29–33

Therefore, three factors are especially important in un-
derstanding why the force on the gas is directed downstream
even if the exposed electrode is at a negative potential: �i� the
charging of dielectric surface by the attached electrons; �ii�
the formation of negative ions and their motion; and �iii� the
relatively large scale of DBD actuators. It is also important
to note that the attraction of positive ions to the exposed
electrode in the cathode phase significantly reduces �if not
reverses� the overall average force that pushes the gas. This
is a major source of inefficiency of plasma actuators.

FIG. 3. �Color online� Negative half-period: �a� sine voltage waveform with
short active phase; �b� illustration of processes during the active phase �ava-
lanche breakdown of the gas, charging of the dielectric surface, and propa-
gation of the plasma�; �c� illustration of processes during the decaying phase
�positive space charge, ions drift toward the surface and away from the
exposed electrode, imparting momentum to the gas and recombining with
electrons deposited on the dielectric surface�.
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B. Positive half-cycle

Two distinctly different regimes are possible in the posi-
tive half-cycle �Fig. 7�. If the applied voltage frequency is
low �lower than about 2–3 kHz in millimeter or centimeter-
scale plasmas�, then by the end of the negative half-period
almost all the electrons at the dielectric surface have been
destroyed in recombination with ions. Therefore, the plasma
around the positive exposed electrode can only exist as a
positive corona, as shown in Fig. 7�b�. Electrons generated in
the strong field when the electrode potential is near its peak

drift toward the exposed positive electrode �anode�, leaving
behind positive ions. The positive ions move in the opposite
direction, i.e., upwards �away from the surface� and along
the dielectric surface, imparting momentum to the gas. Thus,
the momentum imparted to the gas is in the same direction
�away from the exposed electrode� as in the negative half-
period. However, in this corona regime, the gas also can
receive some momentum directed from the surface.

Note that in this low-frequency corona regime the cloud
of positive ions near the tip of exposed electrode partially

FIG. 4. �Color online� �a� Instantaneous electron density distribution during the ionization avalanche �sinusoidal voltage, amplitude 1.5 kV, frequency 1000
kHz�. �b� Instantaneous positive ion density distribution during the ionization avalanche �sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�. �c�
Instantaneous negative ion density distribution during the ionization avalanche �sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�. �d� Instantaneous
electric potential distribution during the ionization avalanche �sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�. �e� Instantaneous force on neutral
gas during the ionization avalanche. The force always pushes the gas to the surface. The electrons push the gas downstream, and the positive ion cloud pushes
the gas upstream �sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�.
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shields the field and limits the current, stopping the ava-
lanches. When the ions drift away, the shielding is removed,
and the breakdown can start again. This indicates the possi-
bility of high-frequency oscillations superimposed on the
low-frequency discharge operation.

If the applied voltage frequency is high enough �accord-
ing to the calculations, at least 5–10 kHz, which agrees well
with experimental observations� so that the electrons at-
tached to the dielectric surface are not significantly destroyed

FIG. 5. �Color online� �a� Instantaneous electron density distribution during the negative half-cycle after the ionization avalanche. The electrons are attached
to the dielectric surface �sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�. �b� Instantaneous positive ion density distribution during the negative
half-cycle after the ionization avalanche. The positive cloud is attracted to the cathode �sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�. �c�
Instantaneous negative ion density distribution during the negative half-cycle after the ionization avalanche. Negative ions drifts downstream �sinusoidal
voltage, amplitude 1.5 kV, frequency 1000 kHz�. �d� Instantaneous electric potential distribution during the negative half-cycle after the ionization avalanche
�sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�. �e� Instantaneous force on neutral gas during the negative half-cycle after the ionization
avalanche. Positive ion cloud is attracted to the exposed electrode and pushes gas upstream �sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�.

FIG. 6. �Color online� Average force during the negative half-cycle for
sinusoidal applied voltage �amplitude 3.5 kV, frequency 100 kHz�.
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by the end of the negative half-period, then the electrons can
be pulled from the surface in the positive half-period by sec-
ondary emission �impacts of high-energy ions and UV pho-
tons on the surface�. These electrons can then generate ava-
lanche ionization. The dielectric then plays the role of a
cathode in this half-period, as illustrated in Fig. 7�c�. The
motion of positive ions that imparts momentum to the gas is
toward the surface and along it �Fig. 8�. Note that in the
positive half-cycle, the negative ions move upstream, toward
the exposed electrode, and impart an upstream-directed mo-
mentum to the gas, thus reducing the overall downstream-
directed gas velocity.

C. Summary of the force exerted on the gas in
sinusoidal applied voltage cases

The average force acting on the gas for the small-scale
case is shown in Fig. 9. The first observation is that the gas
experiences a strong force normal to the surface and toward
it. This normal suction force, noted in Refs. 29–33, is due
primarily to the motion of positively charged ion cloud to the

exposed cathode in the negative half-cycle. In fact, this suc-
tion force turns out to be stronger than the average tangential
force. However, the same positive ion motion to the cathode
also creates a strong upstream-directed force. This upstream
force is even greater than the downstream-directed force cre-
ated by the negative ions in the negative half-cycle, if the
device scale is small �less than 1 mm�. In a large-scale �at
least several millimeters� device, computations showed that
the negative ion generated downstream force becomes stron-
ger than the upstream force due to positive ions, so that the
overall force is directed downstream even in the negative
half-cycle and the total force over the cycle is also in the
downstream direction �see Fig. 6�. However, the motion of
positive ions to the negatively biased exposed electrode re-
mains a major source of inefficiency in generating tangential
velocity of the gas. Note also that negative ions play dia-
metrically opposing roles in the negative and positive half-
cycles. In the negative half-cycle, the negative ions are pri-
marily responsible for the downstream force, while in the
positive half-cycle the negative ions move upstream and im-
pede the downstream gas motion. The obtained results pro-
vide the first qualitative explanation of the DBD operation in
atmospheric air with applied sine voltage. The previous DBD
models38–42 had several weaknesses, which reflected the pro-
vided results. For example, all plasma modeling has been
done in inert gases. Thus, the formation of negative ions,
which explains the downstream-directed force in the cathode
cycle, was absent. Models38–40 used unreasonably large time
steps, which did not correctly resolve the ionization pro-
cesses. Boeuf et al. developed a comprehensive model for
DBD simulations in nitrogen,41 but the real experimental
cases, such as applied sine voltage in air, were not consid-
ered.

Overall, despite the dominant downstream directionality
of the force, it is clear that a sinusoidal or near-sinusoidal
voltage signal is an inefficient way of generation of a
downstream-directed gas jet. In order to maximize the tan-
gential force and the gas jet velocity, the inefficiencies dis-
cussed above should be eliminated or at least minimized.

IV. OPTIMAL WAVE FORM FOR LOW VOLTAGES:
REPETITIVE SHORT PULSES WITH DC BIAS

A. The physical principles

As shown in the discussion of the DBD actuator opera-
tion with a sine voltage signal, the gas is pushed downstream
due to the attraction of positive ions to the negatively
charged dielectric surface in the positive half-period and due
to negative ions in the negative half-period.

The charging of the dielectric plays the key role in un-
derstanding and optimizing the process. In the computed
DBD examples, this has been accomplished by the removal
of electrons from the plasma ionization wave onto the sur-
face. However, in principle, other methods of charging the
dielectric surface can be used. A newly proposed principle
puts dielectric charging at the center.

Indeed, to push the gas along the surface in the direction
away from the exposed electrode, the motion of positive ions
should be predominantly in that direction. For that, the ex-

FIG. 7. �Color online� Positive half-period: �a� sine voltage waveform with
short active phase; �b� illustration of “positive corona” regime at low fre-
quency �no charge on dielectric surface, electrons are drawn to the exposed
electrodes, ion clouds expand upward and away from the exposed electrode,
imparting momentum to the gas�; �c� illustration of processes at high fre-
quency �negative charge remaining on dielectric surface from the negative
half-period, ions drift toward the surface and away from the exposed elec-
trode, imparting momentum to the gas and recombining with electrons de-
posited on the dielectric surface�.
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posed electrode should be positively biased. However, dc
current cannot just flow between neutral dielectric and the
positive exposed electrode. �The dielectric itself is needed in
order to limit the current and thus to prevent transformation
of the plasma into hot, constricted, unstable arc�. To make
the current flow possible in the regime when the exposed

electrode is positive, electrons should be deposited onto the
dielectric surface. That way, the electrons would be “lifted”
from the surface by recombination with ions that drift and
arrive at the surface and by secondary emission �due to im-
pact of energetic positive ions�, and the operation would be
similar to the cathode in glow discharge.

FIG. 8. �Color online� �a� Instantaneous electron density distribution during the positive half-cycle �sinusoidal voltage, amplitude 1.5 kV, frequency 1000
kHz�. �b� Instantaneous positive ion density distribution during the positive half-cycle. The positive cloud pushes the gas downstream �sinusoidal voltage,
amplitude 1.5 kV, frequency 1000 kHz�. �c� Instantaneous negative ion density distribution during the positive half-cycle. The negative low density ion cloud
pushes the gas upstream �sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�. �d� Instantaneous electric potential distribution during the positive
half-cycle �sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�. �e� Instantaneous force on neutral gas during positive half-cycle. The unbalanced
positive ions drift from the anode to the dielectric surface �sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�.
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Since the actuator operation will entail the removal of
electrons from the surface, these surface-deposited electrons
should be periodically replenished.

The periodic replenishment of negative charge on the
dielectric should be done very rapidly to minimize the time
period of backward-directed positive ion motion. This can
indeed be accomplished by periodic application �with repeti-
tion rate from tens to hundreds of kHz� of very short �2–5
ns�, strong, negative voltage pulses. In these short pulses, the
ionization avalanche developing from the exposed electrode
would quickly reach the dielectric surface and would deposit
electrons onto it, leaving behind the positive ions, so that the
main plasma actuator operation could resume.

B. Numerical results

The applied voltage and the corresponding calculated
current in the circuit in the representative repetitive-pulse
case is presented in Fig. 10. The breakdown occurs during
the pulse and the peak in the current curve corresponds to it.

In the representative case the following parameters were
chosen: the Gaussian pulse width was 4 ns, the pulse ampli-
tude was −1.5 kV, the dc bias was 0.5 kV, and the repetition
rate was 500 kHz �so that the interval between the pulses was
2 �s�. The small-scale geometry was the same as in the
sine-voltage cases. Figure 11 shows that after the pulse there
is a very high concentration of positive ions near the exposed
electrode. The electrons are attached to the dielectric surface,
creating an effective “cathode” which attracts the positive
cloud. Figures 11–13 show the evolution of the positive
cloud from the anode to the dielectric and the corresponding
instantaneous potential distributions. The cloud moves to the
right, neutralizing the surface charge and gradually dispers-
ing. Figure 14 shows the average force acting on the gas
between two pulses. Comparison of Figs. 14 and 9 clearly
shows that the waveform with short repetitive pulses elimi-
nates the upstream-directed force that was the principal inef-
ficiency source in the sine-voltage cases.

A simple physical model can describe the pushing action
of plasma on the gas. Consider the gas in a region of length
L �Fig. 15�. A positive ion cloud with average ion number
density n+ and the width S is created near the exposed elec-
trode.

The moving ion cloud acts as a porous piston: it moves
faster than the gas and accelerates the gas molecules that
experience collisions with ions. Since at thermal energies the
ion-molecule collision cross section is approximately �in

�1.5�10−14 cm2,50 and the ion number density is typically
n+�1011−1012 cm−3, the mean-free path of the molecule
with respect to collisions with ions is on the order of 1–10
m––much longer than the 0.3–3 mm width of the ion cloud.
Therefore, only a small fraction of molecules experiences
collisions with ions during the single sweep of the ion cloud,
which justifies the porous piston analogy.

The force on a molecule inside the plasma column is

f = kinn+M�u+ − u� , �16�

where kin�1.1�10−9 cm3 /s is the ion-molecule
momentum-transfer rate constant,51 M is the ion mass �as-
sumed equal to the molecule’s mass�, u+ is the ion cloud
�drift� velocity, and u is the gas velocity. Since the residence
time of a molecule inside the ion cloud is approximately t
�S / �u+−u�, the gas velocity increment in a single sweep of
the ion cloud is


V1 = kinn+S . �17�

As the gas element in the boundary layer slowly moves
along the wall, it experiences many “hits” by the consecutive
rapidly moving ion clouds. The number of these hits is ap-
proximately equal to L / �ũ
t�, where ũ is the average gas
velocity, and 
t is the smaller of the interval between the
pulses and the time of ion drift over the distance L. Denoting
the initial gas velocity �i.e., the velocity at the entrance to the
interaction region� as V0 and the final �i.e., exit� gas velocity
as V, we obtain

FIG. 9. �Color online� Average force acting on neutral gas during the cycle
�sinusoidal voltage, amplitude 1.5 kV, frequency 1000 kHz�.

FIG. 10. �Color online� Current and voltage in a representative repetitive-
pulse case in quasi-steady-state regime. The solid line shows the voltage and
the dashed line shows the current. �Pulse voltage: amplitude −1.5 kV,
FWHM is 4 ns, repetition rate is 500 kHz, and the bias is 500 V.�
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V − V0 =
L

1

2
�V + V0�
t


V1. �18�

From Eqs. �17� and �18�, we obtain

V2 − V0
2 =

2Lkinn+S


t
, �19�

and assuming that initially the gas is at rest,

V =	2Lkinn+S


t
. �20�

In the computed small-scale case with repetitive �500 kHz�,
short �4 ns FWHM� 2 kV pulses and 500 V dc bias, the
approximate values of the parameters in Eq. �20� are L
=0.3 mm, S=0.1 mm,
t=2�10−6 s, and n+=5
�1011 cm−3. Equation �20� then gives the induced gas ve-
locity of V=4 m /s. It is important to recognize that this

FIG. 11. �Color online� �a� Electron
density distribution at the peak pulse
voltage. The electron avalanche
charges the dielectric surface during
the pulse. �Pulse voltage: amplitude
−1.5 kV, FWHM is 4 ns, repetition
rate is 500 kHz, and the bias is 500 V.�
�b� Positive ion density distribution at
the peak pulse voltage. The positive
ion cloud is formed near the exposed
electrode during the pulse. �Pulse volt-
age: amplitude −1.5 kV, FWHM is 4
ns, repetition rate is 500 kHz, and the
bias is 500 V.� �c� Instantaneous force
on neutral gas at the peak pulse volt-
age. The gas is pushed by electrons
downstream and by ions upstream, but
during a very short time. �Pulse volt-
age: amplitude −1.5 kV, FWHM is 4
ns, repetition rate is 500 kHz, and the
bias is 500 V.�

FIG. 12. �Color online� �a� Electron
density distribution immediately after
the pulse. The electron avalanche has
charged the dielectric by the end of the
pulse. �Pulse voltage: amplitude
−1.5 kV, FWHM is 4 ns, repetition
rate is 500 kHz, and the bias is 500 V.�
�b� Positive ion density distribution
immediately after the pulse. Positive
ions start to move to the dielectric sur-
face. �Pulse voltage: amplitude
−1.5 kV, FWHM is 4 ns, repetition
rate is 500 kHz, and the bias is 500 V.�
�c� Instantaneous force on neutral gas
immediately after the pulse. Positive
ions start to push the gas downstream.
�Pulse voltage: amplitude −1.5 kV,
FWHM is 4 ns, repetition rate is 500
kHz, and the bias is 500 V.�
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velocity is similar to that commonly observed in conven-
tional asymmetric DBD actuators, but it is achieved with a
considerably lower voltage amplitude and an order of mag-
nitude smaller plasma size compared with those in conven-
tional DBD systems.30–34

V. DIFFERENT DBD REGIMES

As noted earlier in this paper, the voltage waveform con-
sisting of repetitive short negative pulses and positive dc bias
makes the best use of the dielectric surface charging and
eliminates the inefficiencies present in sine-voltage cases.
Despite the clear physics in low-voltage cases, the scaling

predictions do not work for higher voltages, as the physics of
the discharge dramatically changes with scaling. In the case
of repetitive negative nanosecond pulses the proposed model
works for 1.5–2 kV applied voltages. However, if the voltage
is increased, the effects are unclear. On one hand, the posi-
tive ion cloud is increased, leading to a stronger pushing
force on the gas downstream52,53 But, on the other hand, the
back breakdown occurs, causing the backward-directed force
near the edge of the electrode. At high voltages another
mechanism of gas pushing can be produced: repetitive posi-
tive nanosecond pulses with positive bias.52,53 If the high-
voltage positive pulses are applied to the exposed electrode,
one can get the streamerlike solution, Fig. 16. These cases
are discussed in detail in Refs. 52 and 53.

VI. CONCLUSIONS

A consistent, comprehensive, and physically based
model for an asymmetric dielectric barrier discharge plasma

FIG. 13. �Color online� �a� Electron
density distribution 0.5 �s after the
pulse. The electrons are neutralized on
the surface by positive ions. �Pulse
voltage: amplitude −1.5 kV, FWHM
is 4 ns, repetition rate is 500 kHz, and
the bias is 500 V.� �b� Positive ion den-
sity distribution 0.5 �s after the pulse.
The ions drift to the negatively
charged dielectric surface. �Pulse volt-
age: amplitude −1.5 kV, FWHM is 4
ns, repetition rate is 500 kHz, and the
bias is 500 V.� �c� Instantaneous force
on neutral gas 0.5 �s after the pulse.
The force is due to positive ions drift-
ing to the dielectric. �Pulse voltage:
amplitude −1.5 kV, FWHM is 4 ns,
repetition rate is 500 kHz, and the bias
is 500 V.�

FIG. 14. �Color online� Average force acting on neutral gas during one
cycle. �Pulse voltage: amplitude −1.5 kV, FWHM is 4 ns, repetition rate is
500 kHz, and the bias is 500 V.�

FIG. 15. �Color online� Simplified physical model �multiple sweeps by a
“porous piston”� describing the momentum transfer to the neutral gas in
repetitive-pulse cases.
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actuator in air has been developed, and the modeling has
revealed the essential physics of DBD actuators. The charg-
ing of dielectric by electrons during the avalanche ionization
process lasts only a small fraction of the negative �cathode�
half-cycle, but plays a crucial role in DBD operation and gas
acceleration. The tangential force on the gas is directed
downstream in both cathode and anode half-cycles, and is
created by the downstream motion of the negative ions in the
cathode half-cycle and by the downstream motion of positive
ions in the anode half-cycle. The motion of positive ions
toward the exposed electrode in the cathode half-cycle was
found to not only create a strong suction effect, but to also
considerably decrease the integrated downstream-directed
tangential force, thus resulting in a major inefficiency of the
sine-voltage waveform. An additional inefficiency is due to
the negative ion motion upstream in the anode half-cycle.

The understanding of the detailed mechanism of DBD
actuator operation and the sources of inefficiency allowed us
to propose a voltage waveform making the maximum use of
dielectric charging and free from the above-mentioned inef-
ficiencies. This optimal waveform consists of high repetition
rate, extremely short �a few nanoseconds� pulses of negative
voltage in combination with a positive dc bias applied to the
exposed electrode. Computations and analytical estimates
showed that a repetitive-pulse waveform can induce gas ve-
locities similar to those in conventional sine-voltage DBD
actuators at a considerably lower voltage and more than an
order of magnitude shorter streamwise plasma size.
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Direct measurements of the dielectric surface potential and its dynamics in asymmetric dielectric
barrier discharge �DBD� plasma actuators show that the charge builds up at the dielectric surface
and extends far downstream of the plasma. The surface charge persists for a long time �tens of
minutes� after the driving voltage has been turned off. For a sinusoidal voltage waveform, the
dielectric surface charges positively. With the voltage waveform consisting of nanosecond pulses
superimposed on a dc bias, the sign of the dielectric surface charge is the same as the sign �polarity�
of the bias voltage. The surface charging significantly affects DBD plasma actuator performance.
© 2008 American Institute of Physics. �DOI: 10.1063/1.2955767�

I. INTRODUCTION

Asymmetric dielectric barrier discharge �DBD� plasma
actuators have been reported in a number of works which
have addressed their potential use for aerodynamic
control.1–22,24–29 This application relies on a DBD-induced
wall jet with typical velocities of several meters per second.
It is understood that electric charge deposition on the dielec-
tric surface limits the current and thus allows operation of
nonequilibrium discharges at atmospheric pressure. The im-
portant role of the surface charge and its finite relaxation
time �the “memory voltage”� in the discharge physics was
pointed out by Massines et al.30 and Gadri31 for the parallel-
plate DBD configuration, and by Roth et al.32 for One Atmo-
sphere Uniform Glow Discharge Plasma �OAUGDP™�.
Since the surface charge plays an important role in DBD
physics, it warrants a special study. In the work of Font
et al.,21 the surface potential in a DBD driven by sinusoidal
voltage was measured using a V-dot probe technique, and the
voltage across the plasma was shown to be less than half of
that which is applied across the electrodes. Recently the
same group22 presented the time evolution and the spatial
extent of the surface potential. In this paper, we describe
electrostatic voltmeter measurements of surface charge in
DBD plasma actuators driven by various voltage profiles,
most notably by pulses plus dc bias but also by sinusoidal
voltages. The work reported here extends our previously re-
ported work which also used the electrostatic probe.24 The
results for the sinusoidal profile recently reported by Enloe
et al.22 are consistent with the work reported here and with
our previous results. For sinusoidal voltages the two ap-
proaches are mutually complementary since Enloe et al.
measure the surface potential using a different method.

II. SURFACE POTENTIAL MEASUREMENTS

A. Experimental setup

For nonintrusive surface potential measurements we
used the Trek Model 247-3 Electrostatic Voltmeter with Trek
Model 6000B-13C Electrostatic Voltmeter Probe. It has high
resolution �around 1 mm�, fast response time �less than 3 ms
for a 1 kV step�, and an operating range from 0 to �3 kV dc
or peak ac.

The description of the asymmetric DBD plasma actuator
�Fig. 1� can be found in our earlier paper.24 The electrodes
were made of copper foil. The width of the electrodes was
equal to 25 mm and their spanwise dimension was 75 mm. A
100 micron thick kapton tape was used as the dielectric. The
discharge was ignited by applying high voltage to one of the
electrodes. The other electrode was grounded.

B. Sinusoidal voltage experiments

First, experiments were conducted for the 3 kHz 10 kV
peak-to-peak sinusoidal voltage profile. Since the sinusoidal
profile is widely used in DBD experiments,1–6,13–15,17–20 it is
interesting to compare its surface potential distribution with
the one obtained in pulsed DBD.16,24–29 The actuator was run
for 15 s and then the surface potential was measured. The
result is presented in Fig. 2, where the distance is measured
from the edge of the exposed electrode. The plasma extends
only a few millimeters downstream of the edge of the ex-
posed electrode, whereas the dielectric charge extends centi-
meters away from it, far downstream of the plasma. The
maximum surface potential �1.5 kV� is comparable to the
applied peak voltage �5 kV�. This means that the electric
field of the surface charge can significantly distort the elec-
tric field produced by the voltage applied to the electrodes.
Also, even though the applied voltage is symmetrical �sinu-
soidal with no bias voltage� the time-averaged surface charge
has a positive polarity. This is possibly due to the much
higher mobility of electrons compared to positive ions whicha�Electronic mail: dopaits@princeton.edu.
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leads to a much higher electron current into the exposed
electrode during the positive half-cycle of the sinusoidal
voltage compared to the positive ion current into the exposed
electrode during the negative half cycle. With this reasoning
one might conclude that there is a net negative current into
the exposed electrode and positive current flow from the
DBD to infinity. This picture is consistent with results from
other two experiments described in our earlier work.24 Simi-
lar behavior is observed in asymmetric rf discharges, where
there is a positive current flux to a virtual electrode at
infinity.23

The persistence of surface charge far downstream of the
plasma can be due either to surface mobility of the charges
or to deposition of the charges onto the surface from the gas
jet downstream of the plasma. Estimates show that while the
dielectric surface charge mobility is too low, the deposition
of ions from the DBD-generated tangential gas jet is likely to
persist downstream of the plasma. Indeed, in the DBD gen-
erated jet downstream of the visible plasma, plasma elec-
trons, no longer regenerated by ionization, rapidly �in tens of
nanoseconds� recombine with positive ions and attach to
oxygen molecules, which results in an ion-ion plasma jet
with an estimated ion-ion recombination time on the order of
several milliseconds. At a jet velocity of several m/s, this
translates into several centimeters of ion-ion plasma and thus
into several centimeters of dielectric surface charge.

C. Pulses plus dc bias experiments

In this set of experiments the voltage profile consisted of
3 kV 8-ns �FWHM� ionization pulses superimposed on 2 kV
dc bias voltage. The pulse repetition rate was 10 kHz and the
plasma was run for 10 s. The results of surface potential
measurements are presented in Fig. 3. As in the case of a
sinusoidal voltage, the charge builds up far downstream the
plasma region. As can be seen from Fig. 3, the magnitude of
the surface potential is quite close to that of the bias voltage,
while the magnitude of the ionization pulse voltage has little
effect.

We next examined how quickly the surface charge builds
up. At a selected dc bias voltage, a predetermined number of
pulses were sent to the actuator, and then the surface poten-
tial was measured. A typical result is shown at Fig. 4. Even
though for a small number of pulses the accuracy of mea-
surements is low, it can be seen that even a single pulse

creates a noticeable surface charge. As the number of pulses
increases, the surface charge builds up and moves farther
away from the plasma. After thousands of pulses, the surface
charge is close to its steady-state value. We have also found
that 2 kV bias voltage itself builds up some surface charge at
the dielectric. The charge is smaller then the one built by a
single pulse but is still significant. We have also found that
positive pulses added to positive bias are significantly more
efficient in depositing the charge on the surface than other
combinations of the pulse and bias polarities. This effect is
illustrated in Fig. 5.

The purpose of the next set of experiments was to study
the evolution of the surface charge with time after the dis-
charge has been turned off. The results for positive polarity
of the bias voltage are presented in Fig. 6. �In the case of
negative polarity the potential distribution looks very
similar.24� As seen in Fig. 6, the charge persists for a very
long time. In 30 min it depletes by only 15%–20%. There is
uniformly slow charge depletion from the surface in the re-
gion of low gradients of the charge concentration and a rela-
tively fast depletion close to the exposed electrode in the
region of high gradients. The fact that the depletion occurs at
the same rate for both positive and negative charge is con-
sistent with the charged particles at the dielectric surface
being positive and negative ions from the gas rather than
electrons.

An experiment was conducted with a plasma actuator in
which a conventional Kapton tape was substituted by a low-
static Kapton tape of the same thickness.24 The results show
that the depletion rate is faster for the low-static Kapton tape,
but the characteristic time is still of the order of tens of
minutes.

Note that Roth et al.32 also observed the slow depletion
of the residual surface charge on the dielectric after the driv-
ing voltage was turned off. The typical time periods were up
to 30 s, which is much shorter than the times we observed.
This difference may be associated with the difference in di-
electric materials and configuration of the electrodes.

FIG. 2. Surface potential distribution. Applied voltage profile: Sinusoidal
3 kHz, 10 kV peak-to-peak. Electrodes edge at 0.

FIG. 1. �Color online� Asymmetric dielectric barrier discharge plasma
actuator.
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III. CALCULATION OF THE SURFACE CHARGE
DENSITY

In order to interpret the experimental data and to infer
the surface charge density from the measured surface poten-
tial, we used a numerical model based on the two-
dimensional Poisson solver for the electric potential. We con-
sidered the DBD plasma actuator consisting of 2 electrodes
of length 2.5 cm, separated by the 100 micron Kapton tape,
i.e., the same configuration as in the experiments. The elec-
trodes were assumed to be infinitely thin. The size of the
computational domain was 25 mm by 1 mm. The computa-
tional domain included the entire lower �encapsulated� elec-
trode and 5 mm of the upper �exposed� electrode. The reason
for neglecting the remaining part of the upper electrode is its
insignificant contribution to the electric potential on the sur-
face. Since the electric potential distribution was measured
experimentally after the DBD was turned off, and the recom-
bination time of the plasma is of the order of microseconds,
the gas above the dielectric was considered noncharged.

In the computations, the distribution of charge on the
dielectric surface that would match the experimentally mea-
sured profile was obtained. Thus, having the experimentally
measured potential, we reproduced the 2D electric potential
distribution and the surface charge for each temporal mea-
surement as the charge decayed. Figure 7 shows the calcu-

lated 2D electric potential distribution for the case of 3 kV
negative pulses, 2 kV positive dc bias, right after the applied
voltage was turned off. Figure 8 shows the calculated surface
charge for the case of 3 kV negative pulses, 2 kV positive
bias. As seen in Fig. 8, the surface charge is mainly located
�5–20 mm downstream of the exposed electrode. The peak
surface charge density corresponds to �1 ion per 5
�5 �nm� �Ref. 2� site, which is a coverage of a few percent.

IV. THREE-ELECTRODE CONFIGURATION
OF DBD PLASMA ACTUATORS

One of the results of our numerical simulations7,28 of
DBD actuators driven by repetitive nanosecond pulses super-
imposed on a dc bias was the prediction of a significant
effect of the dc bias voltage on the plasma produced tangen-
tial gas velocity and thrust. However, the experiments26 did
not show such an effect. The reason was found to be the
surface charge which builds up in tens or hundreds of pulses
and which shields the applied bias field. Indeed, the DBD
induced tangential flow velocity and thrust depend quite
strongly on the voltage amplitude.4–7,15,24–28 Thus, a reduc-
tion in the effective voltage on the plasma caused by the
surface charge results in a significant decrease in the actuator
performance. The numerical model7,27 could not include
large numbers of pulses and intervals between those due to

FIG. 3. �Color online� Surface potential distribution. Applied voltage profile: 2 kV dc bias, 3 kV pulses at 10 kHz PRR.

FIG. 4. �Color online� Surface potential for a fixed number of pulses. Ap-
plied voltage profile: Positive 2 kV dc bias, negative 3 kV pulses at 10 kHz
PRR.

FIG. 5. �Color online� Surface potential after five ionizing pulses for differ-
ent pulses and bias polarities.
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numerical difficulties; the total number of pulses in the com-
putations never exceeded 4–5. Since several pulses deposit
only little charge on the surface, the modeling did not cap-
ture the potential shielding and the performance decrease
that occur after hundreds and thousands of pulses.

As a solution to the surface charge build up problem, it
was proposed26 to switch the bias periodically. This im-
proved the DBD actuator performance.26 However, in this
paper we found that the surface charge builds up far down-
stream from the plasma. It would therefore be desirable to
remove the surface charge as it builds up downstream of the
exposed electrode. We therefore proposed a modification to
the actuator configuration. In the new configuration, the di-
electric covers only part of the lower electrode, leaving the
rest of the electrode exposed, as shown in Fig. 9. In such a
case the surface charge cannot build up far downstream and
the dc bias voltage is not shielded. Some preliminary results
of thrust measurements can be found in Ref. 24. The surface
potential profile for the configuration of Fig. 9 after 10 s of
running the plasma is shown in Fig. 10. A comparison of
Figs. 3 and 10 shows that the surface charge has indeed been
substantially reduced by exposing the electrode downstream
of the plasma. Although gas dynamic measurements are out-
side the scope of this paper, the surface charge reduction
accomplished by exposing the electrode downstream of the

plasma can be expected to result in enhanced induced gas
velocity and thrust.

Note that if a relatively thick dielectric layer is used,
then simply cutting the dielectric layer off over a part of the
lower electrode would produce a “step” which can be detri-
mental to aerodynamic drag. A simple modification of the
idea would then be to put a third electrode on the surface and
to electrically connect this electrode with the encapsulated
electrode, rather than cutting the dielectric off.

The three-electrode DBD configuration resembles that of
the sliding discharge.9–11 However, in sliding discharges the
plasma actually reaches both exposed electrodes. In contrast,
in the three-electrode DBD discharge proposed here, the
electrons would not reach the auxiliary electrode whose pur-
pose is simply to reduce or eliminate the charge accumula-
tion on the dielectric surface.

V. CONCLUSIONS

In this work, surface charge dynamics in DBD plasma
actuators were studied. Direct dielectric surface potential
measurements showed that the electric field of the surface
charge can dramatically distort the field produced by the
voltage applied to the electrodes and thus reduce the actuator

FIG. 6. �Color online� Surface potential vs time for positive surface charge.
�Negative 3 kV pulses, positive 2 kV dc voltage.�

FIG. 7. �Color online� Calculated 2D electric potential distribution based on
the experimental data for the electric potential on the dielectric surface right
after the voltage applied to DBD was turned off. �Negative 3 kV pulses,
positive 2 kV dc voltage.�

FIG. 8. �Color online� Calculated charge density on the dielectric surface at
different moments of time after the DBD was turned off. �Negative 3 kV
pulses, positive 2 kV dc voltage.�

FIG. 9. �Color online� Modified DBD plasma actuator.

073505-4 Opaits et al. Phys. Plasmas 15, 073505 �2008�

NASA/CR—2012-217654 45



performance. For a sinusoidal voltage profile, significant
positive charge builds up at the dielectric surface in the re-
gion far downstream of the plasma. For the “pulses plus dc
bias” voltage waveform the dielectric surface potential de-
pends primarily on the bias voltage. In particular, the sign of
the surface potential coincides with the bias polarity. The
surface charge builds up relatively quickly �in a few pulses�
and depletes slowly �in tens of minutes�. Based on the results
of the surface potential measurements, a three-electrode con-
figuration of DBD plasma actuators was proposed.
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Electrodynamic effects in nanosecond-pulse-sustained long
dielectric-barrier-discharge plasma actuators
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Both numerical and experimental studies of the voltage distribution in a pulsed long dielectric
barrier discharge plasma actuator have been performed. The results demonstrate the importance of
electrodynamic effects in actuators for which the length is comparable with the length of the
propagating pulses. These effects lead to a nonuniform voltage distribution along the electrodes,
voltage doubling at the end of the actuator, nonoptimized power coupling to the actuator, and
ringing. In addition to the direct voltage measurements, images of the discharge were taken which
revealed its nonuniform structure. © 2009 American Institute of Physics.
�DOI: 10.1063/1.3081027�

The most promising prospective application of the asym-
metric dielectric barrier discharge �DBD� plasma actuator is
flow control over an airfoil.1–6 Recently, a number of both
numerical7 and experimental8–10 works have demonstrated
the effectiveness of nanosecond, high voltage pulse sustained
DBDs in achieving improved performance for the generation
of surface flow for control authority. While these pulse sus-
tained devices have worked well for laboratory size models
�tens of centimeters in spanwise direction� important issues
arise when it comes to scaling the pulse sustained actuator to
the practical airfoil sizes �several meters spanwise�.

If the actuator is extended across a wing its size may
become comparable with physical length of the high voltage
pulse or to the wavelength of the applied rf voltage if the
actuator discharge is sustained by a rf generator. In such case
the electrodes cannot be considered equipotential anymore
and the wave nature of the electromagnetic signal propagat-
ing along the long line �the actuator� must be taken into
account. This effect can lead to variations in the voltage
along the actuator, voltage doubling at the end, nonoptimized
power coupling into the actuator, and ringing due to mis-
matched impedance of the cable and the actuator. The non-
uniform voltage distribution across electrodes was observed
for the first time in rf driven CO2 lasers of slab geometry by
Lapucci et al.11 Theory of the phenomenon was later devel-
oped by Raizer and Shneider.12 Later a similar problem was
studied for large-area rf plasma chemical reactors by Lieber-
man et al.13

The plasma actuator used for this study was 2.4 m long
and was connected to the pulse generator at one end, as
shown in Fig. 1. The electrodes were made of copper foil.
The width and thickness of the electrodes were 25 mm and
100 �m, respectively, which resulted in resistance R=1.34
�10−2 � m−1. A 100 �m thick kapton tape was used as
the dielectric. The actuator’s capacitance was measured
experimentally using a Fluke 189 multimeter and found to
be C=127 pF m−1. Its inductance was found to be L
=0.178 �H m−1 by measuring the pulse propagation speed
v=2.1�108 m s−1 in the actuator and using the expression
v=1 /�LC. The impedance of the actuator can be found from

the expression Zactuator=�L /C=37 �. The voltage was
monitored with PP005A 500 MHz LeCroy voltage probe
connected to WavePro 7300A 3GHz LeCroy oscilloscope.

The experiments were conducted for low and high volt-
age pulses. The low voltage pulses were used to measure the
pulse propagation speed in the absence of the plasma, which
may introduce significant dissipation. A Stanford Research
Systems pulse generator was used as a source and the pulses
were applied to one end of the actuator through a 50 �
cable. High voltage pulses of negative polarity were used to
ignite the plasma and observe the visible appearance of the
discharge. These pulses were generated by FPG 25–200MC4
pulser by FID Technology. The pulse profiles are shown in
Fig. 2.

The signal propagation in a long line is described by
telegraph equations

C
�u

�t
+ Gu +

�i

�x
= 0, �1�

L
�i

�t
+ Ri +

�u

�x
= 0, �2�

where u and i are voltage and current; L, C, G, and R are the
impedance parameters specified per unit length—inductance,
capacitance, leakage conductance, and resistance corre-
spondingly. The values of the impedance parameters were
taken from the experiment and are specified above. The leak-
age conductance was considered to be negligibly low.

A numerical code has been developed to solve the set of
telegraph �Eqs. �1� and �2�� using a second order Lax–
Wendroff method coupled with Flux Corrected Transport

a�Electronic mail: dopaits@princeton.edu.
FIG. 1. �Color online� DBD plasma actuator �a� and schematic representa-
tion of its elementary components �b�.
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technique.14–16 Proper boundary conditions for forward and
reversed waves, see for instance,17 were imposed at the
cable/actuator connection point as well as at the end of ac-
tuator �open circuit�. The code allows simulation of the ac-
tuator with an arbitrary active �noninductive resistor� or re-
active �inductor, capacitor� load at the end.

Results of both numerical simulation and experimental
measurements of the low voltage nanosecond pulse in the
long plasma actuator are presented in Fig. 3. The diagrams
show the time evolution of the voltage distribution along the
actuator. Negative values of the distance correspond to the
voltage in the connecting cable. The finite capacitance
�11 pF� of the voltage probe caused the small amount of
pulse broadening seen in the comparison of the modeled
voltage �left� with the measured voltage �right�.

Several phenomena characteristics of long lines can be
recognized in these diagrams. First of all, the voltage distri-
bution is not uniform along the electrodes. Second, the pulse
doubles at the end of the actuator which we expect to happen
with a high impedance load. This leads to nonuniform dis-
charge parameters along the actuator.

Also the impedance matching of the connecting cable
and the DBD actuator is important. The mismatch leads to
poor power coupling from the cable to the actuator as can be
seen from the modeling. In this particular case the imped-
ances have values which are close �Zcable=50 � and
Zactuator=37 �� so the effect is not particularly strong, but it
is still observable. Similarly, a part of the pulse reflects on its
way back to the cable which creates a ringing effect, which
can be seen most clearly in the model results. By choosing
the proper dimensions and dielectric constant, the actuator
could be designed in a way to match the cable impedance. It
means that pulse would be transferred from the cable to the
actuator and back without any distortion and losses, so there
would not be any ringing effect or poor power coupling. The
finite conductivity of the electrodes did not play a significant
role in the pulse propagation.

Experiments with the high voltage nanosecond pulses
were conducted in order to observe the plasma nonunifor-
mity visually. The pictures of the discharge at different pulse
voltages are shown in Fig. 4. The top left picture, Fig. 4�a�,
corresponds to the pulse voltage slightly below the break-
down value. The discharge ignites only at the far end where
the pulse voltage doubles. In the second picture, Fig. 4�b�,
the pulse voltage is higher than the breakdown value and the
discharge ignites along the whole length of the actuator. The
image in Fig. 4�c�, which is the top view of Fig. 4�a�, shows
the nonuniformity of the discharge, which becomes brighter
and wider toward the end of the actuator. Gaps in the dis-
charge are due to local variations in the electrode edges.

Experiments on the nonuniformity of the pulse voltage
distribution in a long DBD plasma actuator have been con-
ducted. Images of the discharge appearance have been taken
and direct voltage distribution measurements have been
made. The images demonstrate the discharge nonuniformity.
Numerical modeling of short pulse propagation in long lines
has also been performed and agreement between the experi-
mental and the simulated voltage distribution was obtained.
The results show the importance of the wave nature of pulse
propagation. This results in a nonuniform potential distribu-
tion along the electrodes, a doubling of the pulse voltage, at
the end of the actuator, nonoptimized power coupling, ring-
ing effects, etc.

This work was supported in part by a grant from the Air
Force Office of Scientific Research �Dr. John Schmisseur,
Program Manager� and in part by NASA Glenn Research
Center �Dr. David Ashpis, Program Manager�.
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Abstract. Dielectric barrier surface discharges (DBD) have the potential to act as flush mounted flow
control devices for separation control and other aeronautic applications. A pulse-sustained plasma with
the ions driven by a DC bias voltage is proposed for optimum performance. While characterizing these
devices, it was found that their performance is severely limited by surface charge build-up. That charge
builds up rapidly and remains for as long as hours. Work in this paper shows that the surface charge can be
mitigated by using a reversing DC bias potential or by using a constant DC bias potential with a partially
covered electrode.

PACS. 52.40.Hf Plasma-material interactions; boundary layer effects – 47.85.L- Flow control – 52.80.-S
Electric discharges

1 Introduction

Many recent studies have demonstrated the utility of di-
electric barrier discharge (DBD) plasma actuators with
offset electrodes (Fig. 1a) for aerodynamic control [1–5].
In particular, they have been shown to suppress boundary
layer separation in low-speed flow on airfoils, so there has
been great practical interest in developing this technology
further. Typically, these DBD discharges are driven by
high peak-to-peak sinusoidal voltages (tens of kilovolts),
and they produce surface jets that are in the direction
of the offset covered electrode, as shown by the arrow in
Figure 1a. Understanding the physics of the process is still
proceeding, with the current picture being that charge sep-
aration and attachment of electrons to the surface play a
critical role. Modeling in our laboratory captured that pro-
cess [6], and, with that insight, we predicted that a voltage
waveform consisting of high-voltage nanosecond repetitive
pulses superimposed on a DC bias voltage would produce
significantly enhanced wall jet velocities compared with
those generated with the conventional sinusoidal voltage.
In this case, the plasma is generated and the charge sep-
aration formed by the repetitive short ionization pulses,
and the momentum transfer to the neutral gas occurs due
to the ions that are driven by the charge separation en-
hanced by the DC bias voltage. The advantage of this non-
self-sustained discharge is that the parameters of ionizing
pulses and the driving bias voltage can be varied indepen-

a e-mail: miles@Princeton.EDU

dently, which adds efficiency and flexibility to control and
optimization of the actuator performance. The nanosec-
ond pulses accelerate electrons to high velocity between
collisions, so the ionization process is more efficient, and
the timing and repetition rate of the pulses can be opti-
mized to minimize power and maximize thrust. The DC
bias avoids the intermittent generation of thrust charac-
teristic of AC driven systems, and thus can have a 100%
duty cycle.

However, laboratory measurements with this pulse
plus DC waveform did not yield the increased perfor-
mance predicted. Upon closer inspection we observed that
the jet velocity was high for a few pulses when the DC
was turned on, but slowed significantly thereafter [7].
From this observation we determined that surface charge,
which built up over a number of pulses, was limiting
the performance [8,9]. This charge opposes the applied
DC potential. This build-up process is not captured in
the model because subnanosecond time steps are nec-
essary, and the long build-up time exceeds the few mi-
crosecond single CPU computational limit. Further ex-
periments [8–10] have shown that the same surface charge
builds up in the conventional sinusoidal-driven DBD con-
figuration, so it is important to develop approaches that
will minimize its effect.

We have taken two approaches to overcome this charge
build up. Both still rely on the high voltage nanosecond
pulses to form the discharge. The first approach applies an
alternating bias, which sweeps the charge off the dielectric,
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Fig. 1. (Color online) Dielectric barrier discharge configura-
tions. (left) The standard configuration with an exposed upper
electrode and a lower electrode, offset from the upper and cov-
ered with a think dielectric material. (right) The new config-
uration designed to suppress charge build up. Here the lower
electrode is uncovered downstream to allow charge that builds
up on the dielectric to bleed-off.

and the second approach is a change in the electrode ge-
ometry, with the buried electrode uncovered a few mil-
limeters downstream (Fig. 1b). Both of these have shown
some success in alleviating the problem [8,9].

2 Measurement of surface charge

The series of experiments we undertook to quantify the
charge build-up used a non-contacting Trek Model 247-3
Electrostatic Voltmeter with Trek Model 6000B-13C Elec-
trostatic Voltmeter Probe [8,9]. This probe has high reso-
lution, fast response time (less then 3 ms for a 1 kV step),
and an operating range from 0 to +/− 3 kV DC or peak
AC. The spatial resolution of the probe is around 1 mm.
Initial experiments were conducted for 3 kHz 10 kV peak-
to-peak sinusoidal voltage profile. Since the sinusoidal pro-
file is widely used in DBD experiments, the initial exper-
iments were conducted with a sinusoidal voltage driven
discharge (no pulses). The actuator was run for 15 s and
then the surface potential was measured. The result is pre-
sented in Figure 2. As can be seen in the figure, there is a
significant charge build-up on the dielectric in the region
far downstream of the plasma. The plasma extends only
a few millimeters downstream of the edge of the exposed
electrode whereas the dielectric charges up to centimeters
away from it. The maximum surface potential (1.5 kV)
is comparable with the applied peak voltage (5 kV). This
means that the electric field of the surface charge can dra-
matically distort the electric field produced by the voltage
applied to the electrodes. Also, even though the applied
voltage is symmetrical (sinusoidal with no bias voltage)
the surface charge has a positive polarity.

We then conducted experiments with the pulse-
sustained plasma using a DC bias. This was the configu-
ration our modeling suggested would produce the highest
thrust. Four kilovolt (4 kV) nanosecond pulses were ap-
plied at a rate of 10 kHz along with a DC bias of + or
−2 kV. The plasma was run for 15 s. Results of surface
potential measurements are presented in Figure 3. As in
the case of a sinusoidal voltage, the charge builds up far
downstream the plasma region, and the magnitude of the
surface potential is primarily determined by the bias volt-
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Fig. 2. Surface potential distribution. Applied voltage profile
− sinusoidal 3 kHz, 10 kV peak-to-peak. Electrodes edge at 0.

age. The ionization pulse voltage has little effect on it. In
order to determine how quickly the surface charge builds
up at a selected DC bias voltage, a pre-determined number
of pulses were sent to the actuator and then the surface po-
tential was measured. The results are shown in Figure 4.
Even though this was for a small number of pulses and
the accuracy of measurements is low, it can be seen that
a single pulse creates a noticeable surface charge. As the
number of pulses increases, the surface charge builds up
and moves farther away from the plasma. After it builds
up, the surface charge remains for a very long time. Mea-
surements shown in Figure 5 indicate that in 30 min it de-
pletes only by 15–20 per cent. Since the depletion occurs
at the same rate for both positive and negative charge,
we can assume that the charged particles at the dielectric
surface are positive and negative ions from the gas, not
electrons or holes.

In order to interpret the experimental data a numer-
ical model, based on the described above Poisson solver,
was developed [11]. The DBD plasma actuator consisted
of 2 electrodes of length 2.5 cm, separated by the 100 mi-
cron Kapton tape. The electrodes were assumed to be in-
finitely thin. The computational model [11] was able to
provide the distribution of charge on the dielectric sur-
face, as shown in Figure 6. It is important to note that
numerical results shown in Figure 6 correspond to poten-
tial distribution shown in Figure 5.

3 Periodically reversing bias for charge build
up suppression

Our first approach to the minimization of the surface
charge build-up has been to use a time-varying bias to-
gether with the high repetition rate pulses. We observed
that, as long as the bias reverses, the build-up is of the
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Fig. 3. (Color online) Surface potential distribution. Applied voltage profile +/− 2 kV DC bias, 3 kV pulses at 10 kHz PRR.
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Fig. 4. (Color online) Surface potential for a fixed number of pulses. Applied voltage profile +/− 2 kV DC bias, 3 kV pulses
at 10 kHz PRR.

Fig. 5. (Color online) Surface potential versus time for positive (left) and negative (right) surface charges.
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Fig. 6. (Color online) Calculated charge density on the dielec-
tric surface at different moments of time after the DBD was
turned off (negative 3 kV pulses, negative 2 kV DC voltage).

opposite sign, so the overall performance of the device
recovers each half cycle. Our experiments have used a
schlieren technique and a thrust stand to evaluate the
plasma actuator performance. The schlieren approach is
totally non-intrusive and permits studies of the induced
flow structure. The schlieren system illuminates the actu-
ator from the side and images the induced surface jet. In
order to obtain good visibility, the nanosecond pulser is
run in a burst mode, synchronous with the time-varying
bias voltage. This produces sequential surface jets that
generate vortexes that propagate downstream. We have
also undertaken computational modeling of the effects of
these jets on the flow so that we can infer from the speed of
the vortex the original speed of the surface jet [11]. These
schlieren measurements allow us to determine the delete-
rious effects of long-time charge build-up on the surface
and permit us to explore different pulse sequences, differ-
ent bias waveforms and polarizations, and different geome-
tries. Figure 7 shows a series of such measurements where
the images on the left correspond to the pulse timing rel-
ative to sinusoidal bias sequences shown on the right. The
sign of the applied pulses and the bias is defined as posi-
tive if the exposed top electrode is positive relative to the
encapsulated bottom electrode. The bottom two images
are for positive and negative nanosecond pulses without
bias.

The measurement of the velocity of the vortex as it
propagates downstream gives a relative measure of the
speed of the surface jet. Computations indicate that the
surface jet at the electrode is about ten times the speed of
the propagating vortex [12]. The vortex speed is measured
as a function of distance downstream from the edge of the
upper electrode, and variations in the voltage, waveform,
and pulse repetition rate show that the highest speed oc-
curs with negative nanosecond pulses. In that case, the
most important parameter controlling the speed of the jet
is the bias voltage. In the experiments, the vortexes orig-
inating from the positive half cycle and the negative half
cycle are separately recorded. Figure 8a shows the vari-
ation of the jet speed as a function of bias voltage for a

Fig. 7. (Color online) Images of surface vortexes taken at the
same time relative to the sinusoidal wave form showing the
variation is vortex speed for different pulse and bias configura-
tions. Each full cycle of the bias voltage generates two vortexes,
one during the positive half cycle and one during the negative
half cycle.

sinusoidal bias with negative pulses applied at the peak
of the positive half cycle, and Figure 8b shows the vortex
speed for negative pulses applied at the peak of the neg-
ative half cycle. Both must be running at the same time
to avoid significant charge build up, so these data were
taken in sequence. Note that the peak vortex speed oc-
curs for negative pulses during the positive bias half cycle
and is around 3 m/s at 12 kV, corresponding to surface
jet speeds of around 30 m/s.

Experiments on induced thrust measurements were
conducted using a PL303 Mettler Toledo balance [8]. A
Faraday cage was constructed to shield the balance from
electronic noise. The actuator was mounted on a dielectric
post and was operated with thrust either up or down so
buoyancy effects were determined to be negligible. Para-
metric studies were made of the thrust and Figure 9 shows
some of the results of those studies, indicating that the
thrust increase is most dramatic with increasing bias volt-
age, as previously expected from Schlieren images. What
is most interesting is that the thrust measured is much
higher than achieved elsewhere at low bias voltages, as
shown by the orange and blue lines on the left of Fig-
ures 10a and 10b. The same thrust is measured for 20 kV
peak-to-peak bias as for 40 kV in the more conventional
configuration. Note that the high bias voltages require
much thicker dielectrics to avoid breakdown. These re-
sults indicate that the pulse plus bias approach has great
promise for improved performance of DBD control devices.
In our experiments the peak bias voltage was limited by
the isolation circuit elements between the bias and the
pulse forming electronics.

4 Partially covered electrode configuration
for charge bleed off

Our second approach to the solution of the surface charge
problem is a new electrode configuration that is intended
to take advantage of the fact that the surface charge builds
up far downstream from the plasma. In this new configura-
tion, the dielectric covers only part of the lower electrode,
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Fig. 8. (Color online) Vortex speed as a function of distance downstream of the upper electrode edge for negative high voltage
pulses and sinusoidal bias voltages ranging from 5 to 12 kV. (right) Vortexes generated during the positive half cycle of the bias
and (left) vortex generated during the negative half cycle of the bias.
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Fig. 9. Thrust dependence on applied voltage parameters. Negative pulses. Bias: square, 10 kV peak-to-peak, 100 Hz.
Pulses: 3 kV, 25 kHz.

leaving the rest of the electrode exposed, as shown in Fig-
ure 1b. This configuration allows a return to the more
effective repetitive nanosecond pulses plus DC bias con-
cept. In such a case, the surface charge cannot build up
far downstream and the shielding of the DC bias volt-
age is reduced. Some preliminary results are shown in
green (far left curve) in Figures 10a and 10b. The induced
thrust is greater than the DBD plasma actuator driven by
repetitive pulses with an alternating sign 100 Hz square
wave low frequency bias. The thrust for this new elec-
trode configuration scales linearly with the bias voltage
and nanosecond pulse repetition rate, at least in the low

voltage regime that we have so far been able to explore.
This actuator has a simpler bias voltage profile (DC but
not AC) and there is 100% duty cycle because the bias
voltage does not have to reverse.

5 Summary

Our work indicates that sustaining the plasma with repet-
itive high voltage nanosecond pulses and driving the ions
with a bias leads to significantly improved performance of
the flush mounted DBD surface control jet as compared
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to the conventional configuration driven with a sinusoidal
high voltage. Ion charge build up on the dielectric surface
inhibits the performance both for the conventional DBD
configuration and for the pulse sustained concept. In or-
der to suppress the charge build up, we show that either
a reversing bias or a new electrode configuration can be
used. The new electrode configuration exposes the lower
electrode downstream of the dielectric coating, and thus
provides a route for charge bleed off. Using this configura-
tion, a DC bias can be applied leading to 100% duty cycle
and high performance at low bias voltage. Scaling suggests
that higher DC biases will lead to much improved per-
formance compared to both the pulse sustained reversing
bias configuration and the conventional sinusoidal config-
uration.

This work was supported in part by NASA Glenn Research
Center (Dr. David Ashpis, contract Number NNX07AC02A),
in part by the Air Force Office of Scientific Research (Dr. John
Schmisseur).
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