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Dust mobilization and transport modeling for loss of vacuum accidents
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ABSTRACT

We develop a general continuum fluid dynamic model for dust transport in loss of vacuum accidents in
fusion energy systems. The relationship between this general approach and established particle trans-
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port methods is clarified, in particular the relationship between the seemingly disparate treatments of
aerosol dynamics and Lagrangian particle tracking. Constitutive equations for granular flow are found to
be inadequate for prediction of mobilization, as these models essentially impose a condition of flow from
the outset. Experiments confirm that at low shear, settled dust piles behave more like a continuum solid,
and suitable solid models will be required to predict the onset of dust mobilization.

1. Introduction

Erosion of plasma facing surfaces in tokamaks is known to
result in accumulation of dust inside the vacuum vessel. In ITER,
accumulation of large quantities of dust presents several safety haz-
ards; these include dust explosions, hydrogen production through
beryllium-steam reactions, and release of radioactive/toxic parti-
cles. In all cases, the concern is that vessel filling during a loss of
vacuum accident (LOVA) may result in the mobilization of settled
dust as pressures equilibrate. Here, we discuss the applicability of
various dust transport models to this problem, and in particular
seek a model for prediction of the extent of dust mobilization for a
given set of flow conditions.

2. Particle transport regimes

The aforementioned accident scenarios involve large quantities
(kilograms) of dust. This precludes a treatment of individual parti-
cles, so we treat the particles as a continuum fluid. The momentum
of this continuum “particle fluid”, as with any other, is given by the
Navier-Stokes equations:
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Here v is the particle velocity; p is the bulk particle density, p
the particle phase pressure; T is the viscous stress tensor; and A the
acceleration due to body forces. The four terms are due to inertial,
pressure, viscous, and body forces, respectively. First we consider
the limiting case in which interactions between particles are neg-
ligible. This suggests we may safely ignore the particle interaction
(“viscous”) terms, and eliminate the tensor T. Furthermore, as an
ensemble of non-interacting particles, the ideal gas law applies; so
the pressure term may be rewritten as follows:

Dy =—1VnkT+A. (2)
Dt P

Identifying the bulk density as the particle concentration n times

the individual particle mass m, and assuming constant temperature,

Dv kT Vn
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In cases of practical interest, the particle fluid does not exist as
a single phase, but is suspended in another fluid. We treat the two
phases as interpenetrating continua, where the body force term in
the particle momentum equation is due to drag from the suspend-
ing fluid. Now we further restrict ourselves to low Stokes numbers,
where

(18}
Stk = 5 (4)

and U and L are the characteristic velocity and length scale of the
flow, and 7 is the spherical particle relaxation time given by

psd?
U= iy (5)



for fluid viscosity i, and particle diameter d, and solid material

density ps. As a ratio of inertial to viscous (drag) forces, low Stokes

numbers imply negligible inertia, and we discard the inertial terms

in Eq. (3) accordingly. The drag force is given by Stokes’ law, and
u-—v

A== (6)
T

for the particle velocity v relative to the fluid velocity u. The momen-
tum equation simplifies to

Lt n(u —v). (7
m

The particle velocity can be solved for explicitly; recognizing the
Einstein diffusion coefficient D [1],

= (8)
the particle flux is given by
ny =nu-—DVn. (9)

Using this expression in the continuity equation,
— +V.(nv)=0, (10)
«

we arrive at the ‘aerosol dynamic equation’ as used in aerosol trans-
port phenomena [2]:
({,))—rrl+V<(m_1)=DV2n. (1)

Thus, the aerosol dynamic equation is a special case of a general
particle fluid described by the Navier-Stokes equations, in which
particle interactions and particle inertia are neglected.

If one neglects diffusion (pressure) rather than inertia (i.e. only
inertia and drag force terms are retained), the resulting system is
hyperbolic, and its characteristics are the Lagrangian equations of
motion [3]. Thus, aerosol dynamics and Lagrangian particle tracking
treat two opposite dilute flow regimes: purely diffusive and purely
inertial, respectively. Any problem in which both effects may be
important (but particles are still non-interacting) should solve the
general case that accounts for both (Eq. (3)).

The problem of dust transport in a loss of vacuum accident can-
not be simplified to either of the two cases above a priori. Here,
flow conditions will vary widely in both space and time. The par-
ticle relaxation time varies as the particle diameter squared, and
this diameter may span several orders of magnitude. Furthermore,
local velocity gradients (U/L) will be high in regions near the breach,
but lower elsewhere, and will everywhere decrease in time as the
vessel fills with air. Rather than selecting a model that may restrict
our ability to consider certain particle sizes, materials, and flow
regimes, we elect to treat the general case.

Furthermore, the initial condition of the vessel filling problem
violates the very first assumption of both previously described
models; here dust will be settled into relatively dense layers and
piles in which particles contact each other; the nature of these par-
ticle interactions will determine the extent of dust mobilization
during loss of vacuum.

3. Constitutive equations for granular materials

Since particle interactions are clearly important, at least in the
initial stages of a LOVA, a constitutive equation is required to
specify the viscous stress tensor T. At intermediate particle vol-
ume fractions, particles undergo binary collisions, and closures are
determined from kinetic theory [4]. At higher particle volume frac-
tions and lower rates of shear, particles develop enduring contacts

and their interaction is best described as frictional. We adopt the
following [5,6]:

T= Ms, (12)
S:S

where S is the deviatoric strain rate tensor,

S = 5(Vy— (V0 - 3(V v, (13)

Pis the particle phase pressure, and ¢ is the yield angle. It is useful
to cast Eq. (12) in terms of a “frictional viscosity”, where

T=usS (14)
and
V2Psing
_ , 15
f 753 (15)

P is given now by the empirical expression [6,7,8]
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Eq. (12) captures the zero order dependence of stress on the
strain rate that is observed for granular materials, and assumes a
state of incipient yield; i.e. the shear stress is at a critical fraction
of the normal stress, determined by the Coulomb yield criterion
for cohesionless materials. For shear stress 7, normal stress o, and
yield angle ¢,

T=otand. (17)

The empirical expression for pressure (Eq. (16)) reflects the fact
that the pressure becomes large (i.e. diverges) as the particle vol-
ume fraction (v) approaches a maximum limit, typically taken to
be “random close packing”, which for spheres is ~0.63. Frictional
effects are assumed to be zero below a minimum particle volume
fraction, typically taken to be 0.5.

4. Fluent modeling of dust mobilization

The frictional viscosity model described in the previous sec-
tion has been implemented in the commercial computational fluid
dynamics code Fluent to model dust mobilization in a horizontal
pipe. Here, we examine laminar pipe flows in an attempt to estab-
lish a threshold for mobilization, and to eliminate characterization
of complex flow patterns and turbulence as confounding variables
in determining that threshold. In the model, a fully developed pro-
file enters a 19 mm diameter pipe and interacts with a settled dust
pile at some point downstream.

The mobilization fraction is defined as the fraction of the total
dust thatremainsin the initially defined volume of the dust pile, and
is monitored as a function of time. The frictional viscosity model is
compared with a base case in which no particle interactions are
modeled, i.e. the particle stress tensor is zero. While the details
vary according to the initial conditions and particle properties,
results fall into one of two categories: (1) the rate of mobilization
decreases, but only slightly, with the addition of frictional viscosity,
and (2) the code fails due to divergence of the frictional pressure
or viscosity. In the first case (see Fig. 1), we suspect that the rapid
mobilization is unphysical. The second (Fig. 2) is not a numerical
problem, but reflects the nature of the constitutive model. The vis-
cosity diverges both as the particle volume fraction approaches a
maximum (Eq. (16)), and as the shear rate goes to zero (Eq. (12)).
The second of these is particularly problematic in this case, as the
dust pile is initially at rest, with velocity and velocity gradients
(shear rate) everywhere zero. In practice this is commonly avoided
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Fig. 1. Predicted mobilization fraction as a function of time for 5 um graphite dust
subjected to flow of air at Re=500. The addition of a simplified frictional viscosity
model has minimal effect on the rapid mobilization. Here, (¢=Psin¢g, and Pis given
by Eq. (16).

by adding a constant to the scalar product of the deviatoric strain
rate tensor S:S {6,9], e.g.

_ V2Psing
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Fig.2. Predicted mobilization fraction as a function of time for 65 yum stainless steel
dust subjected to flow of air at Re=930, up to the point of divergence at t~0.56s.
The frictional viscosity model used is described in Section 3.

or by limiting the maximum allowable value for viscosity, as is done
in Fluent [8]. But here the zero-order dependence on shear rate is
lost, and the implication is that fluid constitutive models of this
type cannot predict stationary behavior of granular materials, even
when this is the physical reality. This is an acknowledged failing
of such models [6]. Divergence at maximum volume fraction and
zero strain rate are characteristic of a transition from fluid to solid-
like behavior, but the behavior of such a solid under shear cannot
be characterized within the context of fluid dynamics. Indeed, the
assumption that the granular material is at the point of yield every-
where was assumed in the development of the frictional viscosity
model [5]. We seek a predictive model, which allows determina-
tion of stresses in a solid-like granular material, which may or may
not satisfy the yield criterion. If yield occurs, the two-phase fluid
dynamics problem may be undertaken as described previously to
model subsequent dust transport; if not, mobilization will not occur
- an important conclusion for the safety analysis of LOVAs.

5. Experiments

An experimental campaign has begun to investigate the behav-
ior of dust piles at low shear. The experiment has the same
configuration modeled in Fluent; a 19mm diameter horizon-
tal pipe, with an approximately 3 m entrance length upstream
of a dust pile to establish fully developed flow. While maore
sophisticated diagnostics are planned to measure the extent of
dust mobilization and the ensuing transport, qualitative obser-
vations alone offer valuable insight into the behavior of such
materials at low shear. Two materials have been tested thus
far; 316 stainless steel of 65 uwm diameter (Fig. 3), and graphite
of 4um diameter (Fig. 4). The latter is a size and material
characteristic of dust sampled from tokamaks [10]. The larger
stainless steel better approximates the ideal “cohesionless” granu-
lar material, an important intermediate step in the evaluation of
computational models. Both were subjected to flows of helium,
up to a maximum Reynolds number of 930. The behavior of
both materials was similar, and consistent with a “yielding
solid” description rather than a fluid dynamic description. If the
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Fig. 3. The pile of 65 .m stainless steel dust was not mobilized when subjected to
a flow of helium at Re ~930.



Fig. 4. Graphite dust (4 wm) pile before (top) and after (bottom) flow of helium
up to Re~930. The majority of the pile remained stable at that flow rate. Some
material was mobilized, primarily on the upstream (left) side of the pile near the
top. Redeposition is visible on the wall of the acrylic tube immediately downstream.

behavior were fluid-like, we would expect to see continual mobi-
lization at constant flow rate, with the rate of mobilization
increasing with increasing flow rate. Rather, we observe a dust pile
that is stable at Re ~930, sustaining shear with no observable mobi-
lization as flow continues at that rate. What few changes did occur
in the piles were consistent with the idea of yield in a region of the
pile; in a few instances, when a small increase in the flow rate was
made, a small section of the pile would be mobilized, with the rest
of the pile remaining unchanged.

These observations suggest that at rest and for relatively low
stresses, the behavior of dust piles is in fact solid; and that mobi-
lization may be identified with yield. But, yield may occur only in
small portions of the pile, and mobilization will be partial in this
case, with the rest of the pile remaining in a stable configuration.

6. Conclusions and future work

We have considered a general continuum fluid approach to
modeling dust mobilization and transport. In the limit of non-

interacting particles, the general Navier-Stokes equations simplify
to those of aerosol dynamics and Lagrangian particle tracking when
one chooses to treat only diffusion or inertia, respectively. We con-
sider the general case, with a constitutive equation derived from
soil mechanics for dense granular flow. This may be a suitable trans-
port model, but it cannot predict the onset of mobilization because
it imposes an initially present state of yield in its development. In
other words, the fluid model describes the flow that occurs when
the material yields; we require a solid model to calculate stresses in
the pile and determine if it yields and the conditions under which
yielding occurs.

Future work will evaluate approximate [11] and more rigorous
[12] methods for performing such calculations. Experiments will
focus on tungsten dusts in light of increased interest in tungsten
as a plasma facing material on the ITER divertor as well as the first
wall in future devices.

Acknowledgements

The authors are grateful to Dr. Michael Corradini and Dr. Jason
Oakley at the University of Wisconsin for many fruitful discussions,
and also to Mr. Lee Cadwallader at Idaho National Laboratory, for
constructive comments during preparing of the manuscript.

References

[1] A. Einstein, The elementary theory of the Brownian motion, Z. Elektrochemie
14 (1908) 235-239.

[2] S.K. Friedlander, Smoke, Dust, and Haze, John Wiley and Sons, New York,
1977.

[3] J. Fernandez de la Mora, D.E. Rosner, Inertial deposition of particles revisited
and extended: Eulerian approach to a traditionally Lagrangian problem, Physic-
oChemical Hydrodynamics 2 (1981) 1-21.

[4] CKK. Lun, S.B. Savage, D.J. Jeffrey, N. Chepurniy, Kinetic theories for granu-
lar flow: inelastic particles in Couette flow and slightly inelastic particles in a
general flowfield, J. Fluid Mech. 140 (1984) 223-256.

[5] D.G.Schaeffer, Instability in the evolution equations describing incompressible
granular flow, ]. Diff. Eq. 66 (1987) 13-50.

[6] A. Srivastava, S. Sundaresan, Analysis of a frictional-kinetic model for gas-
particle flow, Powder Technol. 129 (2003) 72-85.

[7] P.C. Johnson, R. Jackson, Frictional-collisional constitutive relations for gran-
ular materials, with application to plane shearing, ]. Fluid Mech. 176 (1987)
67-93.

[8] Personal communication with Fluent support personnel, August 2007.

[9] C.Leppert, D. Dinkler, A Fluid mechanical model for granular flow in silos, Proc.
Appl. Math. Mech. 5 (2005) 309-310.

[10] WJ. Carmack, R.A. Anderl, RJ. Pawelko, G.R. Smolik, K.A. McCarthy, Charac-
terization and analysis of dusts produced in three experimental tokamaks:
TFTR, DIII-D, and Alcator C-Mod, Fusion Eng. Des. 51-52 (2000) 477-
484.

[11] R.M.Nedderman, Statics and Kinematics of Granular Materials, Cambridge Uni-
versity Press, Cambridge, 1992.

[12] Y. Jiang, M. Liu, A brief review of “granular elasticity”, Eur. Phys. J. E 22 (2007)
255-260.




<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /PageByPage
  /Binding /Left
  /CalGrayProfile (Gray Gamma 2.2)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.4
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJDFFile false
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.1000
  /ColorConversionStrategy /LeaveColorUnchanged
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Preserve
  /UCRandBGInfo /Preserve
  /UsePrologue true
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 150
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages false
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 200
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /ColorImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 150
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages false
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 200
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /GrayImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages false
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 300
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile ()
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e55464e1a65876863768467e5770b548c62535370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc666e901a554652d965874ef6768467e5770b548c52175370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /DEU <>
    /ESP <>
    /FRA <>
    /ITA (Utilizzare queste impostazioni per creare documenti Adobe PDF adatti per visualizzare e stampare documenti aziendali in modo affidabile. I documenti PDF creati possono essere aperti con Acrobat e Adobe Reader 5.0 e versioni successive.)
    /JPN <>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020be44c988b2c8c2a40020bb38c11cb97c0020c548c815c801c73cb85c0020bcf4ace00020c778c1c4d558b2940020b3700020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken waarmee zakelijke documenten betrouwbaar kunnen worden weergegeven en afgedrukt. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU (Use these settings to create Adobe PDF documents suitable for reliable viewing and printing of business documents.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
>> setdistillerparams
<<
  /HWResolution [1200 1200]
  /PageSize [612.000 792.000]
>> setpagedevice


