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Introduction 
A charged particle passing through the boundary of two medias with different 
permittivity values generates Transition Radiation (TR), [1].  The TR is caused by a 
variation of the particle electric field with variation of the permittivity. The TR for 
relativistic particles has a wide spectrum with a significant portion in the optical range. 
The Optical Transition Radiation (OTR) is widely used for a beam profile monitoring and 
measurements of a beam size. Moreover, OTR can be used to characterize the energy, 
energy spread and transverse angles in the beam by employing the interference of the 
OTR from two thin films [2] inserted in the beam trajectory. This method has been 
applied in number of works [3-5] demonstrating high results and good coincidence in 
measurements and calculations. In this paper we present and discuss in details a 
simulation of the interference pattern in several experimental setups. We consider the 
main optical effects, for diagnostics for the beam properties at A0 Photoinjector and the 
ILC module test area (NML) in a wide range of electron beam energy. 
     In this paper, we first derive the OTR intensity formula for a single film at 90 degrees 
to the beam, then for two films at normal incidence, and finally with films at 45 degree 
incidence to the beam. The last section illustrates application with beam parameters like 
those at the A0 Photoinjector (electron energy 15 MeV). 

OTR caused by relativistic electrons passing through thin transparent film. 

     First we consider the OTR generated in a single thin transparent dielectric film. The 
forward TR generated by transition of an electron through the boundary vacuum-media at 
normal incidence has the following intensity distribution [6]: 

                                 ×
⋅−⋅

⋅⋅
= 2222

2222

)cos1(
cossin

),(
ε

εε
εε θεβπ

θθεβ
θω

c
e

I  

                                 

2

22

22

sin1cossin11

sin11)1(

⎟
⎠
⎞⎜

⎝
⎛ ⋅−⋅+⋅⎟

⎠
⎞⎜

⎝
⎛ ⋅−−

⎟
⎠
⎞⎜

⎝
⎛ ⋅−−−⋅−

×
εεε

ε

θεεθθεβ

θεβεβε
                       (1) 

    In the expression: θε is the angle between the electron velocity and the wave vector of 
the OTR photon in the film having the frequency ω. The permittivity of the film is ε = 
ε(ω). At )cos(1)cos( Chθεβθ ε =⋅=  the expression has a pole caused by Cherenkov 
radiation, which like the TR is a result of coherent response of the media to the passage 
of the electron. For relativistic electrons and dielectric films used in OTR techniques: 

1→β  and ε  is in range of 1.5-1.7; so the θCh > θr, where )1(sin εθ ar =  is the total 
internal reflection angle.  
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     Due to this, at small angles of observation and micrometers-thick film one can neglect 
contribution of the Cherenkov radiation in the light radiated forward along the electron 
passage through the dielectric film. Note that we also do not consider the distortion of the 
field of the electron in media caused by Cherenkov radiation. 

     In optical range ω << γωp, where: 
e

e
p m
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ω  is the plasma frequency, γ is the 

relativistic factor, ne, e and me are the electron density, charge of the electron and mass of 
the electron, respectively, and ωp ~ 3·1016 s-1 for transparent dielectrics traditionally used 
in OTR techniques, the dependence of ε and consequently of the last term in (1) on the 
frequency ω is quite weak, [7]. Due to this for the forward OTR photons, relativistic 
electrons and small observation angles, 21 1 βγθε −=≈ − , one can write: 

)(),( εε θθω II ≈ . 
     Consider OTR generated in a transparent film with thickness d at normal incidence of 
the electron. First we discuss the OTR generated at the film first boundary. 
Correspondingly to (1) the initial forward OTR generated at I boundary has an amplitude 
of )( εθI . The wave reflected from the second boundary (II) has the amplitude of 

≈ )( εθIr ⋅ . Here: 
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ε  is the reflection coefficient at normal incidence; n 

is the refraction index of the film. From the energy conservation it follows that the 
amplitude of the first transmitted forward wave is: )(1 2

εθIr ⋅−≈ , see Fig. 1. 

Consequently, the second transmitted forward wave amplitude is: )(1 22
εθIrr ⋅−⋅≈ , 

and so on. Note that θ is the refraction angle for the boundary film-vacuum; the value is 
determined by the expression: εθθ sinsin n= . 

 
Fig.1. Forward OTR propagation caused by transition of the electron through boundary I of the 
transparent film. The numbers I, II, and so on (in red) mark transmitted forward (or transmitted 
backward) waves of the original and first, second, and so on reflected OTR amplitudes. 

     Similarly, in the backward direction one obtains amplitudes for the first reflected 
wave: )(1 2

εθIrr −⋅≈ , for the second reflected wave: )(1 23
εθIrr −≈ , and so on.

     Summing the waves with their relative phases (without consideration of absorption of 
the OTR in the film), and considering refraction of the light on the boundary film-
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vacuum, one obtains the amplitude in the forward wave generated by transition through 
the first boundary: 
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in the all waves are considered relative to the reference plane in which the fronts of the 
interfering waves coincide; the angle εθ is transformed into angle θ  as was noted above.  
     Additional forward OTR interfering with FI(θ) is generated by the electron transition 
through the II boundary of the film. The electron crossing the boundary of dielectric-
vacuum generates the forward OTR with the intensity distribution described as, [8]: 
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The last term in this expression also depends weakly on the frequency, so in the optical 
range far from the plasma frequency one can write: )(),( θθω IIII II ≈ . 
     So the amplitude of the forward wave generated on the II boundary considering the 
phase is expressed as: 
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Here: θe is the projection of the average angle of the multiple scattering of the electrons 
in the film. The phase term in the OTR wave includes the phase caused by a pass of the 
electron through the film and a term caused by propagation of the wave front in vacuum 
to the reference plane.  
     The backward intensity distribution of OTR generated by a transition of the electron 
through the II boundary looks as (1), but with reversed sign of β [6]. The distribution 

similarly to one expressed by (1) gives the Cherenkov radiation at 
εβ

θ
⋅

=
1cos  but 

does not show the OTR at small angles to the incidence, so we do not consider that.  
     Expressing the amplitude of the superposition of the forward waves as: 

)()()( θθθ IIIT FFF +=  we calculated the total intensity in forward wave generated by 
electrons passing through transparent dielectric film at normal incidence to the beam axis 
using following formula: 
                                                          2)()( θθ TT FI = .                                                      (5) 
     Dielectric films traditionally used in the OTRI techniques are the polymer transparent 
films as Mylar, nitrocellulose, etc. Result of the IT(θ) calculation for various thickness of 
Mylar film (n=1.65) are plotted in Fig. 2 in relative units. The scale of the units is the 
same for all presented plots.  
     In the figure various curves are plotted for comparison with IT(θ): )(θIIII −  -resulting 
intensity of the forward waves from I and II boundaries without consideration of the 
multiple reflected OTR waves, 2)()( θθ II FI =  -intensity in forward wave generated by 

pass through I boundary considering multiple reflection in the film and 2)()( θθ IIII FI = - 
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intensity in forward wave generated by pass through II boundary. All these curves were 
calculated for non-scattered electrons. 
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Fig. 2. Angular distribution (in arbitrary units) of the intensity of the OTR caused by 16 MeV 
electron passing through single 3.5 µm- or 10 µm- Mylar film at λ = 0.632 µm. (Definition of the 
different curves is given above). 

     The curves demonstrate absence of the fringes at small angles comparable with 1/γ 
and small thickness. This is explained by small phase shift of the OTR in thin film. 
Increase of the film thickness leads to appearance of the fringes first of all at bigger 
angles. Variation in the OTR intensity vs. the film thickness is caused by interference of 
photons radiated at both boundaries of the film. From calculations follows that peak 
values of II(θ) including contribution of the multiple reflected OTR are varied (because of 
the interference) vs. variation of the film thickness in the range of ≈ 23% for considered 
thickness range of the Mylar films.   
     Note that the (1) and (3) expressions are applicable for all media, including metals. 
For those the ε(ω) contents a big imaginary part, so in metals, [9]: 

                                                        
ω
σπωε 4)( ⋅≈ im .                                                      (6)  

Here: σ is the media electrical conductivity.  For all metals in optical range: ωσ  >> 1. 
The longitudinal component of the TR wave propagating inside metal along the electron 
motion (z axis) is proportional to exp[i·Kz], [7], where K the complex wave number: 

mkK ε= ; k is the wave number in vacuum. Substitution from (6) gives: 

)1(2 ikK +⋅≈
ω
πσ . Because of the last item in the brackets the amplitude of the TR 

wave, caused by transition of electron through the boundary vacuum-metal, drops very 
rapidly and propagation of the TR wave in metal is limited by the skin-layer. At the same 
time the forward TR for the electron crossing the metal-vacuum boundary is calculated 
using the expressions (3). The backward TR for the electron crossing the vacuum-metal 
boundary is calculated using following expression, [8]: 
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     An effect of the multiple scattering of the 16 MeV electrons in the 10 µm-thick single 
Mylar film varies the intensity in the total forward wave by few percent. This leads to 
insignificant blurring of the angular distribution of the OTR intensity. The effect drops 
with increasing of the electron energy. In considered energy range 16 MeV≤ E ≤250 
MeV the multiple scattering in thin single film does not noticeably disturb the angular 
distribution of the forward OTR.    

 
OTR Interferometry using two films with normal incidence of the electrons 

     The setup for the OTR interferometry (OTRI) at the A0 Photo injector was developed 
in three versions. In all of them two thin films are used as the OTRI source. 
     The first version of setup employs both transparent films displaced by a distance D 
with normal incidence of the electron beam. The forward OTR waves generated in both 
films (A and B) by one passing electron are detected through reflection in the mirror 
having a hole with size large enough for beam passage. The hole allows the scattered 
electrons to pass without noticeable OTR emission on the mirror. Note, that the hole 
changes the integral intensity of the interference pattern but does not change character of 
interference pattern because the OTRI light receiver (ICCD camera) is assumed to be 
focused on infinity.  
     The OTRI setup in plane of incidence is shown in Fig. 3. The θs is the projection of 
the r.m.s. angle of the multiple scattering for electrons passing through the first film.  

 

 
 
 
   

Fig. 3. OTRI setup with normal incidence of the beam.  OTR waves A and B shown by red color 
caused by one electron passing through both films (A and B, shown by black color) interfere one 
with other. 

     The interference of OTR waves generated on A and B films installed with a 
displacement D was calculated using following expressions: 
                                 ( ) ( ))(exp)()()( θθθθ AIIITA iFFF Φ⋅⋅+= ,                                   (8) 
                                 ( ) ( ))(exp)()()( θθθθ BIIITB iFFF Φ⋅⋅+= .                                     (9) 
Here: FTA(θ) describes total field in the forward OTR wave generated by crossing of the 
A Mylar film, FTB(θ) describes the total field in the forward OTR wave generated by 

crossing of B film.
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are phases of the interfering waves A and B, respectively, relatively to the reference plane. 
The expressions determine D to get the required fringes order, η: πηθθθ ⋅=Φ−Φ ),()( sBA .  

This expression at θs<<θ gives following estimation for D: ( )22 −+≥ γθλD . 
     Additionally one can consider the forward OTR generated by passage of electrons 
through A film, then reflected back on the B film and reflected again forward on A film: 
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and the backward OTR generated by passage of electrons through B film, and reflected 
forward on the A film: 
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                                      2)()()()()( θθθθθ BRARTBTAT BFFFI +++≈ .                          (12) 
Here: IT(θ) is the intensity of the interfering waves. Note that the total wave’s fields 
include superposition of the multi-reflected forward waves in A film and multi-reflected 
forward waves in the film B as well. 
     Contribution of the last two items in (12) is quite low for films traditionally used for 
OTRI because of low value of the reflection coefficient. The calculated intensities of the 
interfering waves IT(θ) at θms=0 and various thickness of Mylar are plotted in Fig. 4. For 
comparison intensities of superposition of the forward waves 

2)()()( θθθ TBTAF FFI += and the intensity in the forward wave 2)()( θθ TATA FI =  vs. θ 
are plotted as well.  
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Fig. 4. Calculated distribution of the intensity in interfering waves generated in both: 3.5 µm or 
10 µm Mylar films at λ = 0.632 µm for non scattered 16 MeV electrons. D = 1 mm. 

     Comparison of the interferograms first of all shows that film thickness (for non-
scattered electrons) affects the fringes amplitude. Location of the fringes maxima and 
minima does not depend on the thickness for micrometers-thick considered films. 
Contributions of the backward wave from B film and the forward wave from A film 
reflected by B film one can omit in approximate calculations. Note that superposition of 
forward OTR waves generated by one boundary in each film at normal incidence of the 
beam (for non-scattered electrons) is acceptable for calculation of the angular radius of 
the fringes, but not for the amplitude. 
     Unlike the case of the single thin film in the two-film interferometer with the base 
length D >> d, the multiple scattering of the electrons in the A film strongly affects the 
interferogram. The effect was calculated assuming Gaussian distribution of the scattered 
angles for the multiple scattering of the electrons passing through the interferometer. For 
a distribution l of scattering angles θsl the partial intensities in the interfering waves were 
calculated. The common intensity was calculated as a sum of partial intensities at various 
scattering angles θsl considering the corresponding probabilities ηl of the scattering angle. 
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In the calculation for each angle θsl set of expressions similar to expressions (8)-(10) was 
used. Moreover we considered the bandwidth of a filter used to select the required 
wavelength: 
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Here: ),( λθIF  is expressed by (2), the subscript S means consideration of the multiple 
scattering. The subscript E16 in the resulting value of the intensity distribution points at 
the energy of electrons; summing over λ means summing over the filter bandwidth of 
±0.005 µm with a center of 0.632 µm, 
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The one dimensional projection of the r.m.s multiple scattering angle in the film with the 
thickness d was calculated using following expression, [10]: 
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where: x = ρ·d, ρ is the film density,  X0 is the radiation length of the film material.  
     The expression underestimates contribution of the scattering by big angles in 
comparison with method based on the Moliere theory and applicable for multiple 
scattering of the relativistic electrons, [11]. Fig. 5 shows the scattering angles for our film 
thickness range and the comparison of the two theories. However, OTR photons for the 
discussed energy range are radiated mainly with small angles. Because of that the 
described OTRI setups practically do not allow contribution of the OTR photons radiated 
by the electrons scattered by big angles. This will noticeably decrease the angles of the 
scattering determined using the OTRI setups and such phenomenon was observed, [2].  
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Fig. 5. Calculated values of the r.m.s. multiple scattering angles in a plane vs. the Mylar film 
thickness for different energy of electrons. Dots and lines show result obtained using expression 
(14); stars show results following from [10]. 
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     We calculated the OTRI pattern for 16 MeV, 40 MeV, and 250 MeV electrons passing 
through two 3.5 or 10 µm-thick Mylar films displaced by distance D considering multiple 
scattering of the electrons in the films and the filter bandwidth using the expressions (13-
(16). Calculated the OTRI pattern profiles are presented in following figures. Calculated 
values of the θs for corresponding film thickness are presented in the figures as well. 
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Fig. 6. OTRI pattern profiles considering multiple scattering for 16 MeV electrons passing 

through 3.5 µm or 10 µm -thick Mylar films at normal incidence of the electrons.  
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Fig. 7. OTRI pattern profiles considering multiple scattering for 40 MeV electrons passing 

through 3.5 µm or 10 µm -thick Mylar films at normal incidence of the electrons.  
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Fig. 8. OTRI pattern profiles considering multiple scattering for 250 MeV electrons passing 

through 3.5 µm or 10 µm -thick Mylar films at normal incidence of the electrons.  
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     In the calculation we did not consider energy losses of the electrons in the films. The 
relative energy losses are less than 0.1% for the considered energy values and film 
thicknesses. 
     From the figures it follows that for multiple scattered electrons a decrease of the film 
thickness increases visibility (contrast) of the fringes, but does not change positioning of 
the fringes maxima and minima for considered values of the beam energy and the film 
thickness. The visibility ν  is determined as: )()( minmaxminmax IIIIv +−= ; where: Imax, 
Imin are intensities in maximum and minimum of the fringes, respectively. Presented 
diagrams show noticeable range of variation of the visibility caused by variation of the 
projection of r.m.s. multiple scattering angle in the film. It makes possible application of 
the method in the diagnostics of the angles in the beam, [2].  
 

OTR Interferometry using two films with 450 incidence of the electrons 
This setup one can realize in following versions:   

A). The first film is transparent; second one is mirror-reflecting, coated by metal; 
planes of films are parallel.  
     The setup in plane of incidence is shown in Fig. 9. The particle velocity β has the 
angle of ψ = π/4 with the normal z to the film plane in the point of incidence.  

 
Fig. 9. Layout employing transparent film (A) and mirror-reflecting film (B) at the oblique 
incidence of the particles. For OTR TM and TE waves the electric field vectors are in plane of 
this figure and perpendicular to the plane, respectively. The A film thickness is shown magnified.  

     Note that for Mylar the total internal reflection angle θr = asin(1 / n) ≈ 0.65 rad., so 
the main portion of the forward OTR generated on the entrance in the A film having 
π/4=0.78 rad. inclination to the beam axis disappears. Only the photons radiated with 
relatively big negative angles 1.0−≤ rad contribute to the total forward OTR; their 
contribution drops very rapidly with increased energy of the electrons. For the energy of 
16 MeV the contribution is approximately a few percents and one can omit it in the 
forward radiation generated by electrons passing through the A film in this energy range.  
     Intensity in the forward OTR TM wave generated on the second boundary of the A 
dielectric film is described by expression derived by V. Pafomov, [12]: 
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Here: ε(ω) is the permittivity of the dielectric film, θ is the angle between the normal to 
the film and wave vector of the OTR photon, ψββ cos=z , ψββ sin=x , ψ is the angle 
of incidence of the electrons; the directional cosines of the wave vector are determined 
as: ϕθθ cossincos ⋅=x ; θθ coscos =z . 
     The expression (17) has poles at θ ≈0.223 rad. and θ ≈0.792 rad. corresponding to the 
Cherenkov radiation. The first value is caused by the radiation lying on the Cherenkov 
cone at the negative angle refracted on the dielectric-vacuum boundary. One can exclude 
the radiation selecting angles significantly less than 0.223 rad for detection of the OTR.
     Following [12] one can obtain intensity in the backward TM wave of the OTR, 

),,( ωϕθBmTMI , on the boundary vacuum-metal of the B film. The expression differs from 
(17) by sign of zβ ; instead permittivity of the dielectric must be used the substitution 
from (6).  
     Intensity in the TE component of the forward OTR generated on the boundary 
dielectric-vacuum is expressed as [12]: 
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     Following [12], changing sign at βz and using substitution for εm from (6), one can get 
expression for intensity of the TE component of the backward wave generated at the 
vacuum-metal boundary of the B film, IBmTE.  
     The intensities of the TM and the TE OTR waves at 4πψ =  are plotted in Fig. 10. 
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Fig.10. OTR TM waves intensities at the tilt angle of the OTR screen to the beam axis of 450. 

     In the figure is also plotted the intensity distribution in the backward TM wave, IBdTM, 
from the boundary vacuum-Mylar. The intensity is only few percents relatively the 
intensity of the backward TM wave generated on the boundary vacuum-mirror-reflecting 
metal. The TM OTR IFdTM distribution at 450 incidence of the electrons in amplitude 
practically coincides with OTR distribution caused by transition of electrons through the 
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boundary dielectric-vacuum (III, Fig. 2) at normal incidence. Note that the intensity 
distributions IFdTM and IBmTM are close one to other.  
     For described setup main contributions in the interference pattern are given by the TM 
component of the forward OTR wave generated on A (transparent) dielectric film and 
TM component of the backward OTR wave generated on the B film (mirror-reflecting 
metal), Fig. 10. Obviously the TE waves only at 2πϕ ≅  will contribute to the 
interference with the considered TM waves. The contribution is noticeable at the angle θ 
≅ π/4 as IFdTM(π/4,φ,ω)=0 and IBmTM(π/4,φ,ω)=0.  
     Based on noted above for simplified calculations we consider superposition of the 
forward OTR waves (FATM(θ)+ FATE(θ)) generated on second boundary of the A film: 
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and the backward OTR waves, generated on the first boundary of the B metal-coated 
film: 
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Here: DDi ⋅= 2 ; 4πθα −= ss ; 4πθα −= ; θπθχ −= 2)( . The angular distribution 
of the intensity of the interfering waves is calculated as:  
                                              2

16 ),(),(),( ϕθϕθϕθ BAiE BFI +≈ .                                   (21) 
     The calculated interference pattern profile in plane of incidence for non scattered 
electrons having energy of 16 MeV at λ = 0.632 µm is shown in Fig. 11. Note that the 
OTRI pattern profile for non-scattered electrons does not depend on the film thickness 
because of total internal reflection of the OTR generated on the entrance of the 
transparent film. 
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Fig. 11. E=16 MeV; D=1 mm; films inclination of 450; non scattered electrons. 

     Using the same method calculating of the multiple scattering effects in film A as was 
done above and summing the obtained results over the filter bandwidth we have 
computed distributions of the intensity in interfering waves for various A film thickness 
at the beam energy of 16 MeV, 40 MeV and 250 MeV. The computations were done at 
the distances between A and B films of 1 mm, 2.5 mm and 165 mm, respectively, and at 
λ=(0.632±0.005) µm. The following figures demonstrate the interference pattern profiles.  
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      Note that for measurements with large value of D use of mirror-reflecting metal 
surface instead the first transparent film can be preferable. 

-0.10 -0.05 0.00 0.05 0.10
0

2

4

6

D=1 mm

E=16 MeV: d=3.5 µm
: d=10 µm

I E1
6i

s(θ
), 

a.
u

θ-π/4, rad.

  
Fig. 12. E=16 MeV; d= 3.5 µm, 10 µm; D=1.0 mm; films inclinations are 450. 
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Fig. 13. E=40 MeV; d= 3.5 µm, 10 µm; D=2.5 mm; films inclinations are 450. 
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Fig.14. E=250 MeV; d= 3.5 µm; 10 µm, D=165 mm; films inclinations are 450. 

     The computed plots also demonstrate decreasing of the fringes visibility with 
increasing of the A film thickness because of the electron multiple scattering in the first 
film, so from point of view of minimization of the scattering, the normal inclination of 
the interferometer is preferable, but is needed in additional special mirror with hole. Note 
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that the value of intensity in the interference pattern for interferometer having the normal 
incidence is approximately in one order higher than that for interferometer having 450 
inclinations of the films to the beam axis.  

B). The OTR interferometer has both transparent films with inclination of π/4 rad. 
to the beam axis.  
     The layout in the plane of incidence is shown in Fig. 15. The optical scheme differs 
from that shown in Fig. 9. Here backward OTR from the A film has to be considered 
because the reflectivity of the transparent film B at this setup is quite low. 

 
Fig. 15. Interferometry with both transparent films. The A film thickness is shown magnified.

     For simplified calculation one considers superposition of the backward TM waves 
generated on the boundaries vacuum-dielectric in both films, ),( φθAB  and ),( φθBB , and 
the forward TM wave, ),( φθArF  generated on the boundary dielectric-vacuum of the first 
film, reflected by B film.  
                             ),(exp(),(),( eABBdTMA iIB ααϕθϕθ Φ⋅⋅= ,                                    (22) 

                             ),(exp(),(),( eBBBdTMB iIB ααϕθϕθ Φ⋅⋅= ,                                    (23) 

                             ),(exp()(),(),( sAFTMFdTMAr irIF ααθϕθϕθ Φ⋅⋅⋅≈ .                      (24) 
Here: )(θTMr  is the reflection coefficient for the TM waves, [7]: 
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The phases of the interfering TM waves relatively to the reference plane are expressed as: 
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The angular distribution of the interfering waves is: 
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The plot of the (total) intensity distribution in plane of incidence is shown in Fig. 16.  
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Fig. 16. E=16 MeV; D=1 mm; films inclination of 450; non scattered electrons. 

     The pattern shape in the figure is quite similar to the plot of the OTRI pattern for the 
interferometer using tilted by 450 transparent and mirror-reflecting films, Fig. 11, but the 
intensity is in 20-30 times less because of low reflectance of the Mylar uncoated films. 
The same remarks are valid to computations considering the multiple scattering of the 
electrons in A film. So the intensities in the interference patterns for the interferometer 
using both transparent films tilted to the beam axes by 450 are approximately two orders 
of magnitude less than those calculated for interferometer with normal incidence of the 
beam. Nevertheless the setup using both transparent films with inclination of 450 to the 
beam axes can be useful for the OTRI diagnostics at higher energies of the electrons (few 
tens of MeV or higher). 
 

Application of the OTRI for the beam diagnostics at the A0 Photoinjector and  
the ILC Photoinjector prototype 

     OTR two-film interferometry is attractive as a diagnostics method for investigation of 
the beam parameters at A0 Photoinjector and the ILC prototype Photoinjector due to its 
unique properties in determination of the angles and the energy in the relativistic beam.  
     For the determination of the angles in the electron beam one can use the expressions 
derived above corresponding to the appropriate experimental setup. Assuming a Gaussian 
distribution in beam angle, [3], one can determine the mean-square beam angle 2

bθ  

through measurement of the mean-square total angle 2
tθ  affecting the fringes visibility. 

Measuring the fringe visibility and correcting for the mean-square angle of the multiple 
scattering of the electrons in a film, 2

sθ ,  the mean-square beam divergence angle can 
be determined: 

2
bθ = 22

st θθ − . 
     It is appropriate to measure the visibility of the fringes using pattern profiles in the 
range of angles of ~ ±(2-5)·1/γ and utilizing few firsts fringes. To get better accuracy in 
determination of the angles in the beam one needs to minimize the mean-square angle of 
the multiple scattering in the A film, i.e. one need to choose minimal thickness (and 
density) of the A film. In this case the setup with normal incidence of the beam and 
utilization of super thin low density A film is preferable. Good choice for the setup is 
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utilizing of the 0.5-5 µm commercial tensioned mirror-reflecting aluminum foil, [13], or 
tensioned Mylar film. 

     The simulated dependence of r.m.s. beam angle, )()( 2 νθνθ bb = , on visibility for 

monoenergetic 16-MeV electron beam at the normal incidence of the electrons and d=1 
µm (Mylar film) is shown in Fig. 17. 
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Fig. 17. Calculated angles in the beam vs. visibility for the OTRI pattern at normal incidence.  

     Fig. 17 shows that for investigation of small angles in the beam (≤ 1 mrad) is better to 
use bigger displacement; that gives more significant variation of the visibility per angle 
unit. At the angles ≥ 1 mrad smaller displacement provides wider range of the measured 
angles at the same range of visibility. I.e. the films displacement D has to be optimized 
for the measurements.  
     Note that the OTR screen thickness has a low limit depending on the electron energy. 
The limit is the formation length pf cl ωγ ⋅≈ , which is a distance required to reform 
electric field of the particle passing through the boundary of two medias accordingly to 
variation of the polarization properties of the medias. [14, 7]; that yields d ≥ 0.3 µm, d ≥ 
0.8 µm, and d ≥ 5 µm, for the electron beam energy of 16 MeV, 40 MeV and 250 MeV, 
respectively. Use of smaller thicknesses of the films leads to cutoff of the TR frequency 
spectrum; that affects first of all the higher frequencies in forward TR.   
     Following from Fig. 5 the r.m.s. value of the scattering angle at d = 0.5 µm is ~ 0.5 
mrad in Mylar film at the energy of the beam of 16 MeV. Measured value of the bean 
divergence at the charge of 4 nC and the energy of ~ 16 MeV for the A0 Photoinjector 
operating with the single laser pulse is in the range of 0.25-0.75 mrad, so one can expect 
that OTRI method should be useful to measure the angles in the beam at electron beam 
energy in the range of tens-hundreds MeV. 
     For relativistic electrons maximum of the OTR intensity corresponds approximately to 
the angle of radiation of 1/γ. Because of this, one can use the angular distribution of the 
OTR to characterize the energy of the electron beam. OTRI significantly improves the 
resolution of the energy measurements. In Ref. [2] application of the developed OTRI 
method provided precision of the energy determination of ~ 1% at the energy of electrons 
in few tens MeV.  
     From the interferometer principle follows that increased distance D between films 
provides higher resolution of the energy measurements. The interference patterns at the 
measurements have to be observed at smaller angles than 1/γ. Of course one has to 
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minimize the film thickness to get better visibility (and resolution of the method). Fig. 18 
demonstrates calculated interference pattern profiles for a change of the beam energy by 
1% at 16 MeV at various values of the displacement D. The calculation was done for the 
setup with normal incidence of the electrons and Mylar film thickness of d =1 µm. 
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Fig. 18. The interference pattern profiles vs. the beam energy at different interferometer base D. 
Arrows show the difference in angular radius for first fringes at D=5 mm (plotted by red and 
black colors) and D=15 mm (second fringes; blue and green colors).   
     The figure shows increase in angular difference of the fringes, ∆θ, at increase of the 
base D: at variation of the beam energy by 1 % the difference is increased from 0.67 
mrad. to 1.11 mrad. by changing the D value from 5 mm to 15 mm. However increase of 
the base concurrently leads to a decrease of the fringes visibility. Fig. 19 shows how the 
angular radius and visibility are changing with D value.  
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Fig. 19. Calculated angular difference ∆θ and visibility of the fringes vs. the interferometer base 
D at the beam energy increase by 1 % and Mylar film thickness of 1 µm.    

     Optimizing the interferometer base D and choosing an appropriate corresponding 
focal length of the camera objective one can provide required space resolution of the 
pattern. Note that the beam energy spread causes blurring of the fringes. Moreover the 
shape of the electron beam energy spectrum affects the position of the fringes maxima 
and minima. Fig. 20 shows difference in the calculated OTRI pattern profiles for 16-MeV 
monoenergetic electrons compared with the beam of 16 MeV with FWHM ~ 0.4% in the 
energy spread (conditions similar to those at A0 Photoinjector). Computation of the 
OTRI pattern profile for the beam having energy spread was done via summation over all 
values of energy in the beam spectrum. 
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Fig. 20. OTRI pattern profiles for 16-MeV mono energetic electrons and the beam with FWHM ~ 
0.4 % in the energy distribution. 

     Decrease of the angular radius of the fringes for non-monoenergetic beam, Fig. 20, is 
caused by displacement of the gravity center in the energy spectrum of the electrons to 
lower energy because of the tail of the beam. For lower energy of the electrons generating 
the OTR the phase shift in interfering waves is bigger, so the fringes radius is smaller. 
This effect one can see in Fig.2 and in Fig. 18 as well. 
 
Summary 

     In the report we considered various OTRI experimental setups and developed 
simulations for the OTR interferometry at A0 Photoinjector. Preparation of the setups for 
experimental check now is in progress. Presented simulations should be compared with 
measured results. 
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