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The original publication of the article unfortunately contained a mistake in the first sentence
of Theorem 1 and in the second part of the proof of Theorem 1. The corrected statement of
Theorem as well as the corrected proof are given below. The full text of the corrected version
is available at http://arxiv.org/abs/1705.11150.

The first phrase of Theorem 1 is given as follows.
For any fixed q > p > 2

3 there exist λc < λ1(p) ≤ λ2(p) such that the following holds.
The corrected version of Step 2. of the proof of Theorem 1 is given as follows.

Proof of Theorem 1 Step 2.We finally consider the case where λ1 is sufficiently larger than
λc and where q > p ≥ 2

3 . Let Q be the monotone coupling between νλ1 and νλ2 induced by
the construction of Proposition 2. Using this coupling and the fact that f (0) = 0, we obtain
thanks to Theorem 2 that

lim
t→∞ �p,q(λ1, λ2, r, t)

= �(λ2)

∫
P(Z)

f (|B ∩ �|)νλ2(dB) − �(λ1)

∫
P(Z)

f (|B ∩ �|)νλ1(dB)

The original article can be found online at https://doi.org/10.1007/s10955-017-1854-3.
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= �(λ1)

∫ ∫
( f (|B2 ∩ �r |) − f (|B1 ∩ �r |)) Q(dB1, dB2)

+ (�(λ2) − �(λ1))

∫
P(Z)

f (|B ∩ �|)νλ2(dB)

=: T1(r) + T2(r). (1.1)

We want to show that this expression is negative for sufficiently large values of λ1 and r. We
put ε := 2 − p − q. Since by assumption q > p ≥ 2

3 , we have 2(1 − ε) > ε (this will be
important in (1.3) below).

Then f (2) − f (1) = −(1 − ε) f (1) and f (2) = ε f (1). Writing for short

Q(r, n,m) := Q({(B1, B2) : |B1 ∩ �r | = n, |B2 ∩ �r | = m}),
it is clear that

T1(r) = �(λ1) [( f (2) − f (1))Q(r, 1, 2) + f (2)Q(r, 0, 2) + f (1)Q(r, 0, 1)]

= �(λ1) f (1) [−(1 − ε)Q(r, 1, 2) + εQ(r, 0, 2) + Q(r, 0, 1)] .

Applying the last item of Theorem 2, we have that

lim
r→∞ T1(r) = �(λ1) f (1)

(
− 2(1 − ε)(�(λ2) − �(λ1))�(λ1)

+ ε(�(λ2) − �(λ1))
2 + 2(�(λ2) − �(λ1))(1 − �(λ2))

)

= �(λ1) f (1)(�(λ2) − �(λ1))
(

− 2(1 − ε)�(λ1) + ε(�(λ2) − �(λ1))

+ 2(1 − �(λ2))
)
.

Moreover,

lim
r→∞ T2(r) = (�(λ2) − �(λ1))

[
2 f (1)�(λ2)(1 − �(λ2)) + f (2)�(λ2)

2] .

Putting these results together, we conclude that

lim
r→∞ lim

t→∞ �p,q(λ1, λ2, r, t) = (�(λ2) − �(λ1)) f (1)

×
{

− 2(1 − ε)(�(λ1))
2 + ε�(λ1)(�(λ2) − �(λ1)) + 2(1 − �(λ2))�(λ1)

+ 2�(λ2)(1 − �(λ2)) + ε�(λ2)
2
}
. (1.2)

Since 2(1 − ε) > ε, it is possible to choose δ∗ such that for all δ ≤ δ∗,

2(1 − ε)(1 − δ)2 − ε(1 − δ)δ − 4δ − ε(1 − δ)2 ≥ κ > 0, (1.3)

for some (sufficiently small) κ > 0. Recall that ε = ε(p). Since limλ↑∞ �(λ) = 1, we
may choose λ2(p) sufficiently large such that �(λ1) ≥ 1 − δ∗ for all λ1 ≥ λ2(p). As a
consequence, for all λ2 ≥ λ1 ≥ λ2(p),

lim
r→∞ lim

t→∞ �p,q(λ1, λ2, r, t) ≥ κ > 0, (1.4)

which implies the assertion. 	
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