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Abstract: Waste management represents a critical issue that industrialized countries must necessarily
deal with. Sustainable architecture involves the reuse of materials with the aim of significantly
reducing the amount of waste produced. In this study, a new layered membrane metamaterial was
developed based on three layers of a reused PVC membrane and reused metal washers attached.
The membranes were fixed to a rigid support, leaving a cavity between the stacked layers. The
samples were used to measure the sound absorption coefficient with an impedance tube. Different
configurations were analyzed, changing the number of masses attached to each layer and the geometry
of their position. These measurements were subsequently used to train a model based on artificial
neural networks for the prediction of the sound absorption coefficient. This model was then used to
identify the metamaterial configuration that returns the best absorption performance. The designed
metamaterial behaves like an acoustic absorber even at low frequencies.

Keywords: membrane-type acoustic metamaterial; artificial neural network; Kundt’s tube; sound
absorption; PVC; metal washers

1. Introduction

Sustainable architecture involves saving resources, reducing polluting emissions dur-
ing the architectural product life cycle, the correct management of the materials used, and
the use of renewable sources. Modern society has a considerable amount of new, disposable,
and low-cost objects, which does not make the reuse of materials attractive, thus accumu-
lating waste day after day [1]. The emergency linked to waste disposal requires a radical
change of perspective, starting to design according to eco-design criteria. A sustainable
design minimizes the presence of toxic substances in products, uses recycled materials,
and reduces the quantity and types of materials used. Furthermore, it uses compatible
materials, reducing the amount of processing waste, minimizing the packaging by exploit-
ing a reusable packaging system. Finally, it increases the energy efficiency of electrically
operated products, facilitates access to parts for their replacement or maintenance, allows
the recovery of components for subsequent recycling [2].

A new design perspective must envisage a different approach to existing objects,
providing for a new location when they have ceased to be used. Waste is no longer a
problem but a resource, finding new opportunities for creativity in its uselessness. Thus,
objects are always transformed into something else without ever becoming waste, in an
eternal transformation in which they are used and reused by exploiting creative solutions.
A new approach to objects becomes crucial, learning to separate them from their main
function and to observe them for their material potential [3].
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The reuse of objects is widespread thanks to a growing ecological awareness of society.
Reduction and reuse are not two alternative practices, but they can both be adopted in
different areas [4]. Reuse is based on the concepts of simplicity and circular economy [5].
An object designed throughout its life cycle (Life Cycle Design) will already provide
for its disposal or transformation into something else [6]. This is not only an ecological
issue, preventing non-biodegradable objects from being released into the environment and
reducing the use of raw materials, but also an ethical issue—reuse being an opportunity
for the development of less industrialized countries, because what is waste in a capitalist
society is material in a less technically advanced context [7].

Another aspect of reuse is closely linked to design. There has always been, on the
part of the most curious and intelligent designers, an interest in objects created for contexts
but with a hidden potential that suggests their useful application in other sectors. In this
context, the creativity of the designer is solicited who identifies new forms of objects that
have reached the end of their life or that for other reasons lie unused and abandoned. In
this way, the object acquires new features that take advantage of the characteristics and
properties inherent in the material and which may not have been initially foreseen. The
new geometries envisaged by the designer exploit the characteristics of the material by
providing new uses that, in some cases, can make the new object more interesting than
the original one [8,9]. The reuse of materials has been widely applied in the history of art;
specifically, in painting and sculpture [9,10] as well as in architecture [11,12].

Noise is one of the most common pollutants in cities, defined as a generally unpleasant
sound. This depends on each person, since for some, a sound can be pleasant or tolerable,
whilst for others, it can be considered annoying and even painful. In a new building’s
design, a lot of attention must be reserved for the acoustics of the building [13]. The sound
in a room, regardless of its characteristics, has two components: direct sound and indirect
sound. Direct sound is a sound that comes directly from the sound source. Indirect sound
is the result of the multiple reflections, diffractions, and absorptions that the walls, ceiling,
floor, and the different objects in the room produce to direct sound [14].

Sound absorption is a fundamental element in the field of environmental acoustic
design. The absorbent and reflective surfaces determine the behavior of the sound and
consequently the acoustics of the environment [15]. Optimal room acoustics always consist
of a combination of different absorbent and reflective surfaces. To obtain effective sound
absorption, it is necessary to provide adequate characteristics for the materials used. The
success in the acoustic design of any type of room, once its volume and shape have been
established, lies above all in the choice of the most suitable materials to be used as cladding
to obtain an optimal reverberation time.

The sound absorption depends greatly on the material, a correct choice will provide the
most adequate absorption in all the frequency bands of interest [16]: Obtaining good sound
absorption performance is not a simple thing; thus, several researchers are looking for new
solutions to improve this performance. Recently, attention has been paid to a new category
of acoustic absorbers based on metamaterials. The term metamaterial was initially used by
Victor Veselago [17] around 1967 to refer to a type of material, hitherto theoretical, in which
negative values would be observed for some electromagnetic parameters (permittivity
and magnetic permeability), which, up to that time, they believed capable of assuming
only positive values. Subsequently, the study of metamaterials was extended to acoustic
systems to give rise to acoustic metamaterials [18–20]. An acoustic metamaterial is a
structure composed of several elementary units, identical to each other and arranged in
a periodic network. Based on the distance between these units, the geometry of each of
them, and the properties of the medium in which they are incorporated, this system can
influence the acoustic waves that propagate through it in unusual ways. Some of the
characteristics identified in such materials include negative refraction [21], band gap [22],
birefringence [23], and autocollimation [24]. These properties can be applied in a variety
of devices covering different cases such as acoustic barriers [25], acoustic lenses [26], and
acoustic absorbers [27–30].
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To improve the sound-absorbing performance, we can design a new composite struc-
ture by combining materials already available to obtain a new material with properties
different from the starting materials. In the new composite, the different materials col-
laborate in mass, size, and internal mechanical characteristics. Recently, the interest of
researchers has focused on membrane metamaterials [31,32]. In these metamaterials, a
thin layer of elastic material is exploited, which does not have flexural stiffness to generate
resonances at low frequencies to which dipolar modes correspond; it is therefore capable
of generating an effective negative density. These metamaterials are characterized by ex-
tremely small dimensions of the periodic structure and allow the setting of the resonances
at the desired frequencies. Lee et al. [33] proposed a metamaterial with a periodic structure
of cells coated with a thin membrane under tension. The material returns negative effective
density over a wide frequency range from 0 to 735 Hz. Yang et al. [34] elaborated on a meta-
material using a membrane structure with very simple geometry. The material proposed in
this study can attenuate the sound wave with a significant margin in the frequency range
from 100–1000 Hz. The structure has a small elastic film with fixed boundaries defined
by a rigid grid, with a small mass attached to the center of the membrane sample. The
weak elastic modules of the membrane generate low-frequency oscillations regulated by
the attached masses. Yang et al. [35] presented a new membrane-type metamaterial made
with a thin, slightly stretched elastic membrane attached to a rigid plastic grid, with a
small mass attached to the center of the grid. The unit cells were arranged in parallel to
form a light and relatively thin panel capable of acoustic attenuation with an average STL
(Sound Transmission Loss) of 40 dB over the frequency range of 50–1000 Hz. Mei et al. [36]
elaborated a membrane-like acoustic metamaterial using a thin film with attached asym-
metrical rigid platelets. The metamaterial returned an almost unitary sound absorption
coefficient at frequencies in which the wavelength of the incident sound wave is three
orders of magnitude greater than the thickness of the membrane. The flapping motion of
the rigid plates generates a large elastic bending energy density in their perimeter regions.
Ma et al. [37] made a membrane-like metamaterial with a plate attached to the center of the
cell. The structure is placed at a short distance from a totally reflective rigid surface; in this
way, two hybridized resonances are generated in the new structure which returns a robust
impedance and perfect absorption. The width of the absorption band is very narrow but
can be adjusted according to specific needs. Ciaburro et al. [38] proposed a new acoustic
metamaterial structure based on the use of a thin cork membrane on which masses of
different weights and shape were applied. The authors showed that the masses improve
the acoustic behavior of the cork, an increase in the attached masses shifts the peak of the
acoustic absorption coefficient towards the low frequencies and increases its value. Finally,
an increase in the radius of the masses increases the frequency at which the absorption
coefficient peak occurs.

Although this type of metamaterials has been extensively studied, many problems
remain unsolved. For example, the performance of the sound absorption coefficient offered
by these materials, even if concentrated at low frequencies, are narrow band. This is due to
the local resonance phenomenon, which concerns the low-frequency range, while for the
high frequencies, excellent performances are measured for wider frequency bands thanks
to the Bragg scattering effects. A solution to this problem could be obtained by increasing
the internal resonant mass but to the detriment of the lightness of the material which char-
acterizes its competitiveness. To overcome these difficulties, Yang et al. [39] proposed an
acoustic metamaterial using two coupled membranes with rigid circular masses attached.
The symmetry of the structure generates monopolar and dipolar resonances returning a
double negativity in the frequency range of 520–830 Hz. Lu et al. [40] created a metamate-
rial with a sandwich structure by inserting a thin membrane between two layers with a
honeycomb geometry. The structure has a negative mass density at frequencies lower than
the first natural frequency, giving excellent low-frequency acoustic insulation. Furthermore,
the authors have shown that STL can be increased by modifying some characteristics of the
membrane such as surface density, shape, and tension.
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Based on the analysis of these works, in this study, a new membrane-type metamaterial
was developed based on three reused PVC layers and attaching reused metal washers. To
improve the acoustic absorption capacity at low frequencies, the internal resonances of the
different layers of the material were coupled, obtaining an effectively extended absorption
band. Each layer consists of a PVC membrane with attached masses mounted on a PVC
frame. The specimens correctly assembled and stacked were housed in an impedance
tube to measure the sound absorption coefficient. Different configurations were analyzed,
changing the number of masses attached to each layer and the geometry of their position.
These measurements were subsequently used to train a model based on artificial neural
networks for the prediction of the sound absorption coefficient. This model was then used
to predict the value of the sound absorption coefficient for all possible combinations; these
values were used to evaluate the combinations which give the best absorption performance.

The rest of the paper is structured as follows: Section 2 describes in detail the prepara-
tion of the specimens, the procedure for measuring the sound absorption coefficient, and
the methods applied for the analysis of the acoustic characteristics of the samples and the
processing of the forecast models. Finally, the optimization procedure for finding the best
specimen configuration is also described. Section 3 shows the results of the measurements
of the sound absorption coefficient, of the simulation obtained with the model based on
neural networks, and of the search for the optimal configuration. In Section 4, the con-
clusions are drawn by proposing possible practical uses of the proposed technology and
possible future research ideas.

2. Materials and Methods

Sound-absorbing materials are generally used for improving room acoustics and
obtaining adequate reverberation times [41,42]. Typically, these materials have many
channels through which the sound wave can go into. The dissipation of energy in the
form of heat occurs when the wave meets the walls of said channels. The greater the
number of channels, the greater the absorption produced. This mechanism is typical of
all porous materials, provided that the pores are accessible from the outside. Normally,
these materials consist of fibrous or granular substances which have been given a sufficient
degree of compactness by means of a pressing or weaving process [43].

The mass law correlates the sound-absorbing power with the surface mass density
and with the frequency of the incident wave [44]: Sound absorption becomes low at low
frequencies and often requires very massive and bulky solutions. Even porous materials
are underperforming in that range: the pores are too small to trigger viscous phenomena or
resonances for the wavelengths involved and are perceived as if they were homogeneous
materials [45]. To increase the acoustic absorption at low frequencies, it is usually necessary
to increase the energy density within the relative material, for example through resonances;
the goal of metamaterials in acoustics is precisely to subvert the law of mass-frequency in
the spectrum of low frequencies and allow greater control over these waves.

2.1. Membrane-Washer Acoustic Metamaterial

Membrane-type metamaterials are obtained by exploiting a thin layer of elastic mate-
rial that has a low flexural stiffness. To increase the elasticity of the membrane, it is fixed to
a rigid support with a slight tension, and masses are attached to it. In this way, when the
sound wave hits the structure, low-frequency resonances are generated in correspondence
with dipolar modes, which return an effective negative density. The dynamic mass of the
structure assumes negative values in the frequency band between two modal resonances.
When a sound affects this structure, the vibration of the membrane is out of phase with
respect to the sound, imposing an almost total reflection of the sound. Due to the reso-
nance and anti-resonance between incident sound waves and membrane vibration, a sound
absorption effect occurs [46–50].

Based on these considerations, specimens were assembled using a lightweight mem-
brane (weight of 1.8 × 10−4 g/mm2) composed of a highly impermeable and non-flammable
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agglomerate of PVC molecules (100% recycled), with a thickness of 0.18 mm (Figure 1a).
It is an environmentally friendly material produced with phthalate-free, cadmium-free,
mercury-free, and arsenic-free plasticizers. The membrane is certified by the manufac-
turer as B-s2,d0 according to European Standard EN 13501-1, where B means combustible
materials—very limited contribution to fire, s2 means quantity/speed of emission of aver-
age intensity in smoke emission during combustion, and finally d0 means no dripping in
production of flaming droplets/particles during combustion.
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Figure 1. Basic elements of the acoustic metamaterial: (a) Membrane; (b) Rigid support;
(c) Metal washers.

The membrane was fixed on a rigid frame obtained by reusing a PVC pipe (density
1.5 × 10−3 g/mm3) with a diameter of 100 mm and a thickness of 2 mm, commonly used
for the construction of water drains at high or low temperature (Figure 1b). The tube was
cut into cylindrical fragments with a length of 20 mm. The specimen was hit by a flow of
hot air to stretch the membrane.

On the membrane, metal washers (Figure 1c) weighing 0.7 g and in the shape of a disc
with a central hole (external diameter: 14 mm, internal diameter: 4 mm, thickness: 0.8 mm)
were applied. Up to five washers were attached to the membrane according to a radial
geometry, thus ensuring the periodicity typical of meta-materials (Figure 2).
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Three elementary cells were assembled, consisting of the membrane fixed on the rigid
structure with attached masses. Such layers will be stacked to form a layered membrane-
type acoustic metamaterial. Figure 3 shows a possible configuration of the three layers of
the membrane metamaterial with some washers attached and stacked to form a unit cell.
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Figure 3. Example of configuration of a unit cell of the stacked material. The space between the layers
has been foreseen to appreciate the presence of the washers on the membranes of the hidden layers.

In the stacked material, the main resonant modes of the membrane in each layer are
associated with out-of-plane displacements, as opposed to in-plane displacements. In this
case, these out-of-plane modes of the layered membrane metamaterial can be effectively
activated by propagating bending waves in the structure [51].

2.2. Measurement of the Acoustic Properties of the Metamaterial

To acoustically characterize the designed metamaterial, measurements of the sound
absorption coefficient were carried out using an impedance tube according to the UNI EN
ISO 10534 2 standard [52].

The impedance tube (Kundt tube) has the following measurements: Internal diameter
100 mm, length 560 mm, and distance between the two microphones equal to 50 mm
(Figure 4). The dimensions of the tube (distance between the two microphones and internal
diameter) limit the applicability of the measurements of the absorption coefficient of normal
incidence in the frequency range between 200 Hz and 2.0 kHz.
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Figure 4. Impedance tube for measuring the absorption coefficient at normal incidence, with the
specimen housed.

2.3. Modeling of the Acoustic Behavior of the Metamaterial Based on Artificial Neural Networks

The measurements made with the impedance tube were collected in a database. These
data will be exploited for the training of a model based on Artificial Neural Networks
(ANNs) capable of predicting the measurement of the sound absorption coefficient for
each configuration of the stratified metamaterial. The ability to predict the values of
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specific attributes represents one of the main challenges in the artificial intelligence commu-
nity [53–55]. Since the sound absorption coefficient is a numerical attribute, it is a regression
problem. Regression is a predictive modeling technique in which the target variable to
be estimated is continuous [56,57]: this is the process of learning a target function that
maps each attribute supplied as an input into a continuous output. The main objective of
the regression is therefore to find the target function that can adapt to the input with the
minimum error [58,59].

• Artificial neural networks are quantitative models inspired by the structure and func-
tioning of the human brain [60–63]. They are identified in non-linear regressors that
express the functional relationships existing between an input vector and one or more
output variables [64,65]. Specifically, each artificial neural network is composed of
several elements:

• The input layer is made up of the data that the network receives and thanks to which
it is activated;

• One or more intermediate units, called hidden layers, which process the inputs re-
ceived thanks to the classification capacity for which the network has been trained;

• The output status, which collects the results and models them up to the presentation
of the definitive solution to the problem to which the network has been submitted;

• The weights, which are the most important factors in the process of converting an
input to impact the output; and

• The bias, a parameter that is used to adjust the output together with the weighted sum
of the inputs to the neuron.

Weights, like the slope in linear regression, are numerical parameters that determine
how strongly each of the neurons affects the others. For a typical neuron, if the inputs are
x1, x2, . . . , xn, the synaptic weights to be applied to them are indicated as w1, w2, . . . , wn
and the resulting output will be defined by Equation (1).

y = f (x) = ∑ xi ∗ wi + bias (1)

In Equation (1), f indicates the activation function, that is, mathematical functions that
can convert input into an output; without them, the functioning of neural networks would
be the same as linear functions [66]. The input of the next layer is the output of the neurons
present in the previous layer; therefore, the greater the number of layers that make up
the network, the greater its efficiency [67]. Each layer is composed of neurons, also called
nodes, which intend to simulate the role of biological neurons and which perform a very
simple operation which consists of becoming active if the total amount of signal it receives
exceeds its activation threshold [68]. If this happens, this artificial neuron emits a signal
which is transmitted along the communication channels to the other units to which it is
connected. Each connection node, which simulates biological synapses, acts as a filter that
transforms the received message into an inhibitory signal, at the same time increasing or
decreasing its intensity according to its individual characteristics [69]. Furthermore, the
nodes have the task of weighing the intensity of the transmitted signals, precisely through
the synaptic weights [70].

2.4. Metamaterial Design Optimization Using Brute-Force Search

In this phase, an attempt was made to identify the optimal configuration of the
stratified membrane metamaterial to obtain the best performance as an acoustic absorber.
The model based on neural networks allows us to derive the value of the sound absorption
coefficient for each arrangement of the three layers of the metamaterial, in the sense that
for each layer, we can change the number of attached washers. Given the modest extent of
the provisions with possible repetitions (216), a brute force approach was chosen [71,72].

Brute force-based research methods achieve the perfect solution to a problem by
analyzing all possible solutions available. The methodology then tests all possibilities until
the desired solution is found [73]. This method does not therefore require prior knowledge
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of the domain under analysis. A brute force approach is simple to implement and will
always find a solution to the computational problem by iteratively considering all possible
solutions one by one (Table 1) [74]. However, its computational cost strictly depends on
the number of available solutions. Therefore, it is often a relatively slow, albeit simple,
approach to practical problems with a large solution space. It follows that such an approach
is advisable when the size of the problem is small.

Table 1. Brute Force algorithm.

Input: Configuration (Frequency, L1, L2, L3)

Output: Optimal Configuration (Frequency, L1, L2, L3)

max = 0
for each configuration
alpha = ANN model prediction (configuration)
if alpha > max then

max = alpha
conf = configuration

Our goal is to find the optimal configuration of the layered metamaterial—therefore
the configuration that returns the maximum value of the sound absorption coefficient for
each one-third octave frequency band. Each configuration is characterized by the number
of washers applied on each layer: The layers are three (k = 3) and the number of elements
is equal to six (n = 6). This is because 5 are the washers; moreover, there is the condition
in which no washer is applied. For such a problem, the number of arrangements with
repetitions is given by Equation (2) [75].

Dr
n,k = nk = 63 = 216 (2)

Equation (2) tells us that the number of arrangements to be analyzed is very small,
reasoning in terms of the computational power of a computer; therefore, the brute force
approach is amply justified.

For each configuration, we will predict the sound absorption coefficient using the
model based on artificial neural networks; if it represents the maximum value, it will be
set as the current value. At the end of the iterative process, the algorithm will give us the
optimal arrangement of the elements (Table 1).

3. Results and Discussion
3.1. Impedance Tube Measurements

To carry out the measurements of the acoustic absorption coefficient by an impedance
tube, three samples were assembled using a PVC membrane fixed to a rigid PVC frame
and metal washers attached. The samples were stacked and housed in the impedance tube
(Figure 4). To acoustically characterize the behavior of the material, different configura-
tions of the stratified membrane metamaterial have been prepared, suitably modifying the
number of washers attached to the membranes. At each measurement, the metamaterial
unit cells were housed inside the tube, and then the measurement was carried out. Several
measurements were carried out with the same configuration (about 10), to minimize mea-
surement errors. For each repetition of the measurement, the specimen was repositioned
in the tube. The results obtained were appropriately selected, taking care to discard the
extreme values and making an average of the measured values [76,77].

The metamaterial unit cells were stacked inside the tube, thus obtaining a structure
with a thickness of 60 mm. Each layer is formed by the membrane fixed on the rigid
frame, with a thickness of 20 mm; therefore, each layer has a cavity of approximately
19.2 mm behind the membrane. The cavity behind the membrane combines the resonant
absorption effect of the membrane with that of the resonant absorption of the cavity [32].
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Figure 5 shows the results of the sound absorption coefficient measurements for some
metamaterial configurations.
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Figure 5 shows the results of measurements made with the impedance tube in one-
third octave bands. Each curve refers to an arrangement of the washers on the membrane
layers, the three numbers i ndicate the number of washers present on the three layers in
order of stacking. Figure 5a shows the trends of the extreme sound absorption coefficient,
that is, those that have shown behaviors significantly different from the others. The curve
relating to arrangement 000, which corresponds to no-washers attached in all three layers
and therefore only membranes and cavities, takes on a highly selective bell shape around
the resonant frequency, typical of the absorption curve of cavity resonators [78–81]. For this
configuration of the specimens, we observe a peak of the acoustic absorption coefficient
positioned at a frequency of 400 Hz. Behavior at the opposite end can be observed for the
555 configuration, which corresponds to five washers attached in all three layers; hence, the
maximum number of washers attached to the membranes. This configuration no longer
shows the typical bell shape but rather shows an almost constant material behavior in
almost all frequency bands. There is no longer a peak at the resonant frequency, but what is
lost at this frequency (400 Hz) is largely compensated for at the lower frequencies (around
200 Hz); the sound absorption coefficient measured in the frequency range between 160
and 1600 Hz is always kept higher than 0.5.

Comparing the behavior of configurations 000 and 555, we can see a significant
difference at low frequencies (160–250 Hz). In this frequency range, the presence of the
masses attached to the membranes results in a considerable increase in the sound absorption
coefficient (up to 0.23). On the other hand, it is possible to observe a marked reduction in
the acoustic properties of the material in correspondence with the resonance frequency of
the membranes; in fact, the configuration 555 does not have a peak in the sound absorption
coefficient. The other three curves present in Figure 5a show an intermediate behavior
between those described above. It is enough to remove a single washer from the first
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layer of the metamaterial to observe a reduction in the sound absorption coefficient at low
frequencies (160–250 Hz) and an increase around the resonant frequency of the membranes
(315–500 Hz), even if a peak is not yet present. The removal of further washers from the
first layer determines a further and marked discrepancy from the behavior shown by the
555 configuration. In fact, there is now a peak even if at a frequency of 500 Hz. Furthermore,
we can observe that the fewer the washers are on the first layer (with the same number of
washers in the other two layers), the higher the peak value will be, demonstrating that the
behavior of the material is progressively approaching that shown by the configuration 000,
which corresponds only to membranes without washers.

To better characterize the acoustic behavior of the metamaterial, further configurations
were compared. In Figure 5b, configuration 000 (only membranes) was compared with
some configurations obtained by removing all the washers from the first layer. In all
the cases shown, the behavior of the material is once again like that shown by the cavity
resonators, with a bell-shaped trend around the resonant frequency. A significant worsening
deviation from this behavior was detected for configuration 055 at frequencies 315–500 Hz,
with a lowering of the peak and a shift towards the immediately higher frequency band
(500 Hz), while an improvement deviation was detected for the 050 configuration at
frequencies 160–250 Hz with an increase in the sound absorption coefficient. In Figure 5c
configuration 000 (membranes only) are compared with some configurations obtained
by removing all the washers from the second layer. In all the cases shown, the behavior
of the material is typical of the absorption curve of cavity resonators, with a bell-like
trend around the resonance frequency. A slight improvement deviation was detected for
the configuration 303 at the frequencies 160–200 Hz, with a slight increase in the sound
absorption coefficient. Finally, Figure 5d compares the configuration 000 (only members)
with some configurations obtained by removing all the washers from the third layer.
Furthermore, in this case, we can observe the typical trend of the absorption curve of
cavity resonators, with a bell trend around the resonance frequency. A slight deviation
was detected for the 050 configuration, which shows an improvement at the 160–250 Hz
frequencies with a significant increase in the sound absorption coefficient, while the same
configuration at the 400 Hz frequency shows a slight deflection of the peak. The results of
the measurements tell us that the presence of the washers determines an almost constant
acoustic behavior of the metamaterial in a wide range of frequencies. This behavior occurs
when coupled resonance phenomena are triggered; in fact, the 555 configuration shows
appreciable values of the sound absorption coefficient in a wide range of frequencies.

3.2. Artificial Neural Network Model

The data collected in the sound absorption coefficient measurements represent a
wealth of information in the raw state which needs to be suitably extracted. To do this, we
can take advantage of data mining (DM) methodologies to automatically extract knowledge
from raw data. With data mining, trends and correlations are identified starting from raw
data, extracting the necessary knowledge for the development of a forecasting model that
allows the generalization of available data.

Several authors have tried to develop simulation models of the acoustic behavior of a
material: Delany-Bazley [82], John-son-Champoux-Allard [83], Miki [84], and Hamet [85]
represent those universally accredited by the scientific community. Several studies have
exploited these models to characterize the acoustic properties of materials [86–90]. How-
ever, none of these can simulate the acoustic behavior of any material with sufficient
generalization. To simulate the behavior of the layered membrane metamaterial, a model
based on artificial neural networks was used. The input data were preprocessed by adding
information on the configuration of the three layers to the results of the measurements of
the sound absorption coefficient. Figure 6 shows the architecture of the prediction model of
the acoustic behavior of the metamaterial object of this study.
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forward artificial neural networks.

As shown in Figure 5, the impedance tube measurements returned the sound absorp-
tion coefficient (SAC) as a function of frequency in one-third octave bands in a range from
63 Hz to 1600 Hz. Frequency represents the first input of the prediction model, and to this
is added the data relating to the configuration of the stratified membrane metamaterial.
It is a question of specifying the number of metal washers present in each layer; to do
this, we foresaw three new variables (L1, L2, and L3) which are added to the frequency,
bringing the number of input variables to four (Figure 6). The other characteristics of the
metamaterial were not added as an input to the model as it does not discriminate between
different configurations and does not bring any auxiliary information to the system; the
indication of the physical characteristics of the membrane would not have enriched the
input data with information since these characteristics are owned in a similar way by all
occurrences of the dataset. The output of the forecast model will instead be the value of
the sound absorption coefficient relating to the specified configuration and to that specific
frequency. Analyzing the diagram of Figure 6 as a whole and noting that the output value
is of a numerical type, we can conclude that it is a regression problem with four predictors
and a response variable.

The data were collected in a numerical dataset with five features: four input variables
(Frequency, L1, L2, L3) and one output variable (SAC). The number of records collected
with the measurements was equal to 735, corresponding to 49 possible configurations (216).
In preparing the dataset, particular attention was paid to the correct labeling of the data.
For each configuration of the metamaterial, with an indication of the number of washers
present on each membrane, and for each frequency value, the corresponding returned SAC
value was obtained from the measures. This phase is fundamental in an algorithm based on
Machine Learning of the supervised type. The label allows you to train the algorithm on a
test sample, indicating what the output should be, so that following training, the algorithm
will be able to generate the correct label on the test sample.

The acoustic absorption coefficient (SAC) prediction model is based on a feed-forward
artificial neural network [91–94]. In the training phase, the SAC values returned by the
model were compared with those measured and corresponding to the same configuration,
as obtained from data labeling. This comparison allows you to evaluate a forecast error
that will be used to update the weights.

The method used in this work for updating the weights was the back-propagation
algorithm [95,96], which, through appropriate modifications of the network weights, tries
to minimize, in absolute terms, a predefined performance function. The function used is
the gradient rule, where the error is given by the mean square error recorded every time
the partial output of the network does not coincide with the expected one. The forecast
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model was developed on Mathworks’ Matlab (2021) platform [97]. The parameters of the
ANN-based model are shown in Table 2.

Table 2. Artificial Neural Network-Based Model Parameters.

Model Type Artificial Neural Network

Number of nodes in the input layer 4
Number of Hidden Layers 1

Number of nodes in the Hidden Layer 10
Number of nodes in the output layer 1

Training algorithm Levenberg-Marquardt backpropagation

The data collected from the measurements were divided into three data sets: 70% of
the data was used for training the neural network, 15% was used for model validation,
and, finally, the remaining 15% was used to test the model. Figure 7 shows the trend of the
parameter values during the training phase. The extreme values are shown in Table 3.
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Table 3. Training parameters value progress.

Parameter Initial Value Stopped Value Target Value

Epoch 0 49 1000
Performance 0.903 0.00122 0

Gradient 1.61 0.00588 1.00 × 10−7

To evaluate the performance of the prediction model of the sound absorption coef-
ficient, two metrics were adopted: mean square error (MSE) and correlation coefficient
(R). MSE measures the variability between actual data and predicted data by the model.
Variability is a measure of data dispersion. MSE analyzes how measures are distributed
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or concentrated around a central trend measure [98,99]. The mean square error (MSE) is
defined by Equation (3).

MSE =
1
N

N

∑
i=1

(xi − x̂i)
2 (3)

Here:

• xi is the measured value.
• x̂i is the predicted value.
• N is the number of the observations.

Another metric adopted for performance evaluation is the correlation coefficient,
which returns values in a range of −1 to +1; both extreme values represent perfect rela-
tionships between variables, while 0 represents no relationship. A positive relationship
indicates that records that get high values in one variable tend to have high values in the
second variable. If there are low values on one variable, low values are on the second
variable [100,101].

Table 4 shows the values of the metrics adopted for performance evaluation in the three
processing phases of the algorithm. The results obtained clearly show that the prediction
model returns values of the sound absorption coefficient very close to those obtained from
the measurements. This also happens in the test phase in which the algorithm processed
data that it had never seen before.

Table 4. Performance of the Artificial Neural Network-based model.

Observations MSE R

Training 515 0.0014 0.9853
Validation 110 0.0014 0.9844

Test 110 0.0011 0.9896

The adaptability of the model to the measured values can be visually assessed through
the typical scatter diagrams in which the values obtained from the measurements are
reported on the horizontal axis (target), while the corresponding values obtained from the
prediction made by the model are reported on the ‘vertical axis (output) (Figure 8).

From the analysis of Figure 8, we can appreciate that the graphic descriptors of the
points are positioned near the continuous line that represents the ideal situation [102,103].
This happens for all phases of model development.

To appreciate the results obtained with the model based on ANNs, we proceeded
to compare these results with those obtained from a model based on traditional multiple
linear regression (Table 5).

Table 5. Comparison between ANN-based model and Multiple Linear Regression Model.

MSE R

Artificial Neural
Network-based model 0.0011 0.9896

Multiple Linear Regression
Model 0.1979 0.1712

In Table 4, it is possible to note that the results obtained with the ANNs are decidedly
better than those obtained with linear regression, confirming the highly non-linear nature
of the acoustic behavior of the stratified membrane metamaterial.
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3.3. Design Optimization Results

In the final phase of this study, the prediction model of the sound absorption coefficient
was used to identify the optimal configuration of the metamaterial, that is the configuration
that returns the greater value of the SAC in correspondence to each frequency band. As
already mentioned in Section 2.4, given the modest entity of the possible configurations
(216), a brute force approach was chosen.

For each possible configuration, the value of the sound absorption coefficient was
evaluated, and for each frequency band, the number of washers for each layer that return
the greater value of the SAC was identified. Table 6 shows the search results.

Analyzing the results obtained (Table 6), we can see that at low frequencies (63–125 Hz),
the optimal configuration—that is, the one that gives the greatest value of the sound ab-
sorption coefficient—is obtained with the greatest number of washers attached to the
membrane. In fact, all three layers show several washers equal to five, except the first,
which has four—indicating that at low frequencies, due to the resonance and anti-resonance
between incident sound waves and membrane vibration, an effect is determined by acoustic
insulation. Resonances are then generated in correspondence of dipolar modes, which
return a negative effective density. For medium frequency bands (200–400 Hz) in the range
considered, the higher values of the SAC are obtained for configurations in which the
intermediate layer has no washers attached. This is the frequency range in which the
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peak of the SAC trend is positioned with the frequency, and we have seen that the best
performance is returned by the membrane alone.

Table 6. Metamaterial design optimization results.

Frequency (Hz) Layer One Layer Two Layer Three SAC

63 4 5 5 0.300
80 4 5 5 0.312

100 4 5 5 0.327
125 4 4 5 0.349
160 3 5 4 0.387
200 3 1 5 0.448
250 5 0 3 0.543
315 5 0 3 0.687
400 5 0 0 0.860
500 1 5 2 0.916
630 1 5 3 0.706
800 0 5 4 0.568

1000 0 5 5 0.669
1250 0 5 2 0.689
1600 5 0 0 0.563

In fact, we already observed by analyzing Figure 5a that the absence of washers in all
three layers, with a configuration characterized only by membranes and cavities, restored a
trend of the SAC with a highly selective bell shape around the resonant frequency, typical of
the absorption curve of cavity resonators. Finally, for high-frequency bands (500–1250 Hz)
in the range considered, the absence of washers is highlighted in the first layer: Once again,
the behavior of cavity resonators seems to prevail.

To allow an appreciation of the performance of the search for the optimal metamaterial
configuration, three configurations are compared (Figure 9). Figure 9 shows the results of
the prediction of the sound absorption coefficient of three configurations present in Table 5.
The ones that returned the highest SAC values at low, medium, and high frequencies were
selected. We can see that at low frequencies (63–125 Hz) the 455 configuration returns the
highest values of the SAC. For medium frequencies (200–500 Hz), it is the 503 configuration
that returns the highest values of the SAC. Finally, for high frequencies (630–1250 Hz), it is
the 055 configuration that returns the highest values of the SAC.
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4. Conclusions

In this study, a new layered membrane metamaterial was developed based on three
layers made with a reused PVC membrane and attaching reused metal washers to each layer.
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The membranes were fixed on a rigid support, leaving a cavity between the stacked layers.
The test pieces were used to measure the sound absorption coefficient with an impedance
tube. Different configurations were analyzed, changing the number of masses attached to
each layer and the geometry of their position. These measures were subsequently used to
train a model based on artificial neural networks for the prediction of the sound absorption
coefficient. This model was then used to identify the metamaterial configuration that
returns the best absorption performance.

The results of this study tell us that the designed metamaterial is capable of sig-
nificantly improving the acoustic behavior of the original membrane, especially at low
frequencies. The presence of washers on the membrane characterizes its acoustic behavior.
No washers in all three layers returned a highly selective bell-shaped sound absorption
coefficient around the resonant frequency—this behavior is typical of cavity resonators. For
this configuration of the specimens, we observed a peak of the acoustic absorption coeffi-
cient positioned at a frequency of 400 Hz. The opposite behavior assumed the configuration
with five washers in all three layers. This configuration no longer showed the typical bell
shape but, on the contrary, it showed an almost constant behavior of the material in almost
all frequency bands. The peak at the resonant frequency of the membrane was replaced by
a significant improvement in performance at the lowest frequencies (around 200 Hz).

The search procedure for the optimal configuration confirmed this behavior. In fact,
at low frequencies (63–125 Hz) the optimal configuration is obtained with the greater
number of washers attached to the membranes of the three layers, indicating that at low
frequencies, due to the resonance and anti-resonance between incident sound waves and
membrane vibration, an acoustic insulation effect is determined. For medium frequency
bands (200–400 Hz), the higher values of the SAC are obtained for configurations in
which the intermediate layer has no washers attached. Finally, for high-frequency bands
(500–1250 Hz), the optimal configuration provides for the absence of washers in the first
layer: Once again the behavior of cavity resonators seems to prevail.

The aim of this work was to evaluate the unit cell performance of the stratified
membrane metamaterial. This structure will be adopted for the construction of acoustic
panels to be used for improving room acoustics. Acoustic panels are sound-absorbing
panels which, when correctly positioned within a room, control and reduce ambient noise
and reverberation. The possibility of adjusting the shape of the unit cells allows us to
modulate the type of sound absorption on specific frequency bands. In this way, it is
possible to design the acoustic panel according to the specific needs of the user.
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