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We examine the effect of large extra dimensions on vacuum decay in the Randall-
Sundrum (RS) braneworld paradigm. We assume the scalar field is confined to the brane,
and compute the probability for forming an “anti-de Sitter” (AdS) bubble inside a crit-
ical flat RS brane. We present the first full numerical solutions for the brane instanton
considering two test potentials for the scalar field. We explore the geometrical impact
of thin and thick bubble walls, and compute the instanton action in a range of cases.
We conclude by commenting on a more physically realistic potential relevant for the
Standard Model Higgs. For bubbles with large backreaction, the extra dimension has
a dramatic effect on the tunnelling rate, however, for the weakly backreacting bubbles
more relevant for realistic Standard Model potentials, the extra dimension has little
impact.

Keywords: Vacuum decay; bubble nucleation; gravitational instantons.

1. Introduction

When Coleman and de Luccia® pioneered the study of vacuum decay in curved
spacetime, they described the possibility as “the ultimate ecological catastrophe.”
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Whilst the comment was somewhat tongue in cheek, the recent measurement of
the Higgs mass?? and the realisation that the Standard Model Higgs field could
well be in a metastable state 212 has brought the catastrophe a little closer to
reality! Fortunately, the timescale for decay according to Coleman et ol II31d (see
also Ref. 1)), is sufficiently large that we would seem not be troubled, except that
the Coleman results are computed in a highly symmetric background. Recent work
by two of us’®20 has argued that taking into account inhomogeneities such as
primordial black holes can dramatically shorten the lifetime of the false vacuum
(see also Refs. 21l and 22/ for early work, and Refs. for alternate perspectives).

Apart from primordial black holes, the other possible scenario in which small
black holes might occur is in particle collisions if there are large extra dimensions.
Large extra dimension scenarios were introduced initially to provide an alternate,
geometric, resolution of the hierarchy problem. The idea that our four-dimensional
(4D) Planck scale is derived from a higher dimensional Planck mass close to the
Standard Model scalé®Z30: we then live on a 4D brane embedded in a higher dimen-
sional spacetime. In such scenarios, it is easier to form black holes in particle col-
lisions (see e.g. Refs. BIH33)). Our relatively high Planck scale, Mg = 1/87Gy, is
then the result of a geometric hierarchy coming from an integration over the extra
dimensions.

In a previous paper3¥ we computed the probability for seeded decay with a
brane black hole, following the notion that small black holes could also occur in
particle collisions if there are large extra dimensions. As in the straightforward 4D
case, we found the decay rate to be significantly enhanced over the Hawking evapo-
ration rate for a range of small mass black holes. However, we did not compare the
seeded nucleation process to an unseeded brane Coleman-de Luccia (CDL) equiva-
lent rate, hence we could not clarify the extent to which enhancement of tunnelling
was due to the black hole, or the extra dimensions. In this work, we address this
question, and explore the vacuum decay of a brane scalar in the absence of any
black hole. The instantons we will consider will be the true brane equivalents of the
CDL solution. Early work on brane instantons2>=0 focussed largely on construct-
ing the Euclidean solutions and presented results on the action within the thin
wall approximation, subsequent work either focussed on compact instantons in, or
near, the thin wall limit2? or approximate Hawking—Moss-type instantond*® and
bulk scalar instantons 3% See also some interesting ideas on Randall-Sundrum (RS)
brane decay by 5D “bubble of nothing” type processes 2041 a5 well as instantons in
Dvali-Gabadadze-Porrati (DGP) 2243

In this paper, we consider vacuum decay of a scalar field localised on a brane
embedded in a 5D anti-de Sitter (AdS) bulk. We first review the derivation of the
instanton equations in Sec. 2] then present numerical solutions for the scalar CDL-
equivalent brane instanton in Sec. Bl In Sec. @l we turn to a computation of the
action, showing how to renormalise the instanton action properly, and computing
the action for a range of potentials and Planck mass hierarchies before concluding
in Sec.
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2. The Instanton Equations of Motion

In the RS model, spacetime is 5D with a negative cosmological constant living in
the bulk. This negative curvature of spacetime causes a localisation of the graviton
on the brane, the background solution being a brane with energy and tension equal
and precisely tuned to the bulk cosmological constant, giving a flat brane at z = 0:

ds? = 721/, dat da? — d2?, (2.1)

where (2 = —6/A5 is the AdS curvature scale and Nu the Minkowski metric. The
local negative curvature of the bulk supports the brane tension ¢ that is easily
calculated from the Israel junction conditions®:

1 3
IC,(;) == = IC:V — K = 7w = AnGs50Mu. (2.2)
One can add energy momentum to the brane, for example a “brane cosmological
constant,” so that o is greater or less than the critical value 2351 5 cosmological

fluid, or a perturbative localised source. In all cases, the intuitive visualisation of
brane matter is that it causes the braneworld to bend as first pointed out by Garriga
and Tanakab? (see also Refs. 53 and [54).

We are interested here in pure false vacuum decay, i.e. the brane equivalent
of a CDL instanton that is a Euclidean solution to the Einstein plus brane scalar
field equations that has O(4) symmetry on the brane. This level of symmetry is
mathematically equivalent to a cosmological braneworld solution: there is a brane
coordinate 7 upon which the brane solution depends, and a coordinate that tracks
the warping in the bulk. If we assume that the full brane plus bulk solution also
has O(4) symmetry, then a “generalised Birkhoff theorem” applies 5% and the bulk
equations of motion can be fully integrated with the brane now following a tra-
jectory in the bulk consistent with the local energy-momentum of the instanton
solution (for proof see Refs. [35] 36 and [50)).

To find these equations of motion, we take a simple scalar field Lagrangian on
the brane in the Wick-rotated Euclidean signature geometry:

£¢:%¢%mﬁy+vw) (2.3)

The general bulk admitting an O(4) symmetric brane solution is a Schwarzschild-
AdS black hole 3350 however, as we are computing the brane equivalent of the CDL
instanton, we will take the pure AdS5 spacetime in the bulk

2 ’1"2

+r2dQ%;,  h(r) =1+ 7 (2.4)

dr

mgmzhwmﬂ+h“)

as a bulk black hole induces a cosmological radiation source on the brane 421

The brane traces out a submanifold in ([24)) that can be parametrised by intrinsic
coordinates {7,0%} (a = 1,2, 3):

X = (t(1),a(r),0%), (2.5)
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where 7 is chosen to be the proper time parameter on the brane and a(7) the radial
trajectory of the brane.

hi2+£:1 (2.6)
ho '

so that the induced brane metric is identical to the CDL geometry:
dst ... = dr* + a®(7)d%;. (2.7)

The scalar field depends only on 7, and the energy—momentum is readily found to
be

1. 3&
Trr = V- ? = )
V3= G
) - (2.8)
Ta = v ~¢? af — afs
B [o—+ +2¢}96 1nGs 0P
that sources the brane trajectory.
The Israel junction equations are then
1 n
kr= L (a- MY o a7,
ht 2
(2.9)

th
Kiﬁ = *;gaﬁ = —&Gap,

usually expressed in the cosmological format of Friedmann and conservation of
energy—momentum equations:

. 2
a 71 1 9
(a) =zte &

0=¢+2%e_T).

a

(2.10)

For numerical integration of the scalar field, it is more useful to use the Ray-
chaudhuri equation, and substituting in the form of the energy—momentum (23]
we finally arrive at the full set of brane scalar instanton equations:

a\> 1 8rGn 1., ArGyl\? 1.,\°
(5) - (v-22) - (%) (v-29)

d7787TGN N 4rG Nl ? 71’2 §'2 2.11
.= 3 Vo) < 3 ><V 2¢>(V+2¢>’ e

« 3a. OV
+—0=—
b+ =5
where we have substituted the Newton constant Gy = G5/¢ in the gravitational
coupling. These are precisely the Shiromizu-Maeda—Sasaki3 equations with van-

ishing Weyl term, also analysed in Ref. [38 for the Hawking—Moss case. As ¢ drops,
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gravity becomes more strongly localised on the brane, hence the 4D limit is £ — 0,
and (ZTT)) become the 4D instanton equations.

It is also worth noting that the critical RS brane (with V' = b= 0) has a = 1.
This leads to the brane trajectory

-2
r=a(t) =1, t(1)= glog (1 + £—2> (2.12)

in terms of the original coordinates (Z4]). This is a less familiar form for the critical
RS brane, obtained because we are solving for the brane in bulk global coordinates,
rather than the usual Poincaré patch. The trajectory can easily be transformed to
its familiar form using
et = 672, zt = ez/zrni, (2.13)
r
1+ 2

where n4 is the unit vector in four dimensions.

3. The Scalar Brane Instanton

In order to investigate vacuum decay, we use two basic model scalar potentials.
The first is a standard quartic potential V,, with a potential barrier between a false
and true vacuum. It is convenient to parametrise this potential with the value of
¢ = ¢ at the maximum and ¢ = ¢y at the global minimum:

ot ¢ ¢*

Vi(o) =g T 3 (ov + o) + 7¢V¢M . (3.1)

The potential vanishes at the false vacuum ¢ = 0 and the value at the true
vacuum is

Vaov) = 15 6% (200 — 6v). (3.2)

Note that since we require V;(¢v) <0, ¢y > 2.

The second potential we wish to investigate, V},, more closely approximates the
Higgs potential. The form of this potential has one local minimum and a barrier,
where on the far side the potential does not turn up again until it reaches very high
field values. This allows for the possibility of a phase transition and the nucleation
of a true vacuum bubble. The potential takes the form

Va(6) = $hen(6)6" (3.3)

where the effective coupling

- {(Mi) . (IHMAP>4}. (5.0

g ~ 1075 is a constant that can be used to tune to the potential to closely fit the
Standard Model Higgs potential.
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In each case, we integrate (ZI1]) from the centre of the instanton, 7 = 0, looking
for a solution that asymptotes the flat critical RS trajectory ([2I12)). However, note
that because we set boundary conditions at 7 =0 of a =0, @ = 1 and ¢ = 0, the
flat geometry at large 7 is ¢ — ¢pv, the value of ¢ in the false vacuum, a — 7+c¢ —
integrating through the bubble wall produces an offset in the value of r relative to ¢.
While this is not particularly relevant to the form of the bubble solution, for which
a(7) is important, it is a crucial observation for the computation of the action, as
we will return to in Sec. [l

The quadratic potential (B is particularly useful for exploring the variation
from thin to thick bubble walls, and for varying backreaction strengths. To illustrate
this, we present results for two representative potentials, one giving a strongly
backreacting thin wall, with parameter values g = 1, ¢y = My, ¢ = 0.4M,,, and
the other a weakly backreacting thick wall with parameter values g = 1/2, ¢y =
M,,¢n = 0.1Mp; in both cases the Planck scales are Ms = 0.4, M, = 1, hence
the bulk AdS lengthscale is ¢ = 1/M3 = 125/8. Figure [ shows the potential V,
for these two choices of parameters; note the thin wall potential (shown in blue)
has a significant potential barrier between the vacua, but less well represents a
Higgs-type potential, whereas the thick wall potential (shown in red) more closely
resembles the Higgs potential, having a very small barrier relative to the global
minimum.

The scalar field solution is shown in Fig.[2l and demonstrates clearly the distinc-
tion between the potentials: the thin wall has a clear, sharp transition from false
to true vacuum around 7 ~ 25, whereas the thick wall does not even reach the true
vacuum by the centre of the bubble. The effect of the bubble on the embedding
of the brane is shown in Fig. Bl The strongly backreacting thin wall brane shows
the transition between the flat RS critical asymptotic false vacuum brane, and the
sub-critical true vacuum AdS embedding in the interior of the brane. The weakly
interacting thick wall has a much less significant displacement, and does not reach
the spherical shape of the sub-critical brane.

Vo(9) Vo(®)
09005
0.02 -0.05 005 010 0.% 020
0.02 0.00005
0.01 -0.00010
0.01 s
n 05 1.0
-0.01
0.5 1.0 ¢
-0.02
-0.01
-0.03

Fig. 1. (Colour online) The V; potentials referred to in the text. On the left in blue with ¢ =
0.4, and ¢y = 1 (with M, = 1), corresponding to a well-defined bubble wall. On the right in red
the potential more closely approximated the Higgs potential, with ¢p; = 0.1, and corresponds to
a thick wall bubble.

2050005-6



Int. J. Mod. Phys. D Downloaded from www.worldscientific.com
by UNIVERSITY OF DURHAM on 12/19/19. Re-use and distribution is strictly not permitted, except for Open Access articles.

Higgs vacuum decay in a braneworld

dlpyv
1.01

0.81

10 20 30 40 50 ' 10 20 30 40 50 '

Fig. 2. (Colour online) The scalar field solution for the potentials shown in Fig.[I] Once again,
blue corresponds to the thin wall bubble, here clearly seen as a step in ¢, and red to the thick
wall bubble.

30} 307

20 20

10 10

05 19 157 o5 10 157
-10 10
20 20
-30 -30

Fig. 3. (Colour online) The geometry of the brane with bubble embedding shown in Poincaré
coordinates, as is usual for the flat RS brane. (Colour scheme as Fig.[Il)

4. Computation of the Action

Having found the Euclidean brane bubble solutions, we now need to compute their
action, in order to find the leading order exponential behaviour of the tunnelling
probability. We first derive the action for a general brane scalar solution, given
a large r cutoff, then discuss the proper background subtraction. The Euclidean
action is given by

1 ok 1
= dPx(— 2A d* - 2
5= G, /M+ z(=Rs + 5)+/3M+ I[8wG5+2(3¢) Vo
Az 4 (,{SQ 1
_ o1 41
| et |G-+ (4.)
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that is formally infinite for the background false vacuum critical brane solution.
Note that this action is written in the Gibbons-Hawking boundary format, with
the brane being a boundary of a 5D manifold, the normal n, pointing in to the
manifold — this expression manifestly includes the Zs symmetry of the brane.

In order to find the instanton action, we first apply a cutoff well outside the
radius of the bubble. We define the cutoff by a(rr) = R, and bound the bulk
coordinates by r < R, and t < t,(7r), where ¢, is the value of ¢ on the brane found by
integrating the relation (£3)). Note that ¢ is also bounded below by #;(0). We obtain

R ¢2 1
dt [ drr® +2 / dra® < 3+
Sr = G5€ /t,,(o) / rrd + 27 Ta’(7) [ 5 ( o)l.

Now, whereas the bulk integral is naturally expressed in terms of the bulk coordi-
nates t and r, the brane integral and the instanton solution are naturally expressed
in terms of the intrinsic coordinate 7. While we can easily identify r = a(7), the
relation to the bulk time coordinate is differential:

dt  Ea(r)

e

72

Using this relation, we can rearrange the bulk integral, integrating first with respect
to r, then translating to a 7 integral to ﬁnally obtain

(4.2)

(4.3)

= — / dr—— [¢2 -2V —20], (4.4)
1 + —

where 7 is defined as a(7g) = R. This integral now is in a simple “brane” format,
and we can easily insert in the solutions of the scalar instanton equations. The inte-
gral diverges as 73 for large R ~ 7, however, outside the bubble, both instanton
and false vacuum branes are identical, thus once we subtract the background false
vacuum action this divergence will be removed.

To subtract the background false vacuum a crucial observation is that the false
vacuum action is not obtained simply by deleting all but the o term in ([@4), since
not only is a(7) different, but also the value of 7 at which the brane radius becomes
equal to R (see Fig. d]). We must therefore perform one final manipulation to get
the instanton action. The critical false vacuum brane action is

—on2 [TR ¢3(Nodr! o272 B g30da
Srv = / ( )2 N = / 3 (4.5)
3 0 a (T ) 3 0 a
1+ —— 2 1+ 7

but now that this is expressed as an integral over a, we can compare this to the a
integral for the bubble:

3
Soub = - / da a7 152 oy 2] (4.6)
0 1 + a”
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a(r)-t
12 oo

10}

N A O

Fig. 4. (Colour online) The offset between a and 7 for the thin and thick wall. (Colour scheme
as Fig.[1)

and using this expression gives the final subtracted action for the instanton as

o2 (da o h2
B = — = — _ | — = 1 — 1
Sr — Spv 5 ), a gl V+(a )o
1+£—2
22 TR 3 12
:% dr—2— S -V+@a-1o (4.7)
0 a
1+€—2

now expressed as an integral over the brane time-coordinate (and numerical inte-
gration parameter) 7. This action can now be exponentiated to give the dominant
contribution to the probability of vacuum decay.

Figure [f shows the tunnelling exponent for the potential V; with the parameter
sets considered in Sec. Bl these are plotted as a function of the mass parameter
M; = M, /39=1/3 which determines the strength of gravity in five dimensions. The

50000 90
— g=05
--- g=0.75
4o g=1.0
10000 80
5000 -
70
1000
m @ 60 -
500 -
: 50 4
100 ; D
501 40 |
10 T T T T 30 T T T T
0.0 0.2 0.4 0.6 0.8 1.0 0.0 0.2 0.4 0.6 0.8 1.0
Ms /M, Ms/M,

Fig. 5. The vacuum decay exponent B for the quadratic potential plotted as a function of Ms
for barriers with ¢ = 0.4M,, (left) and ¢ = 0.1M,, (right). The exponent approaches the 4D
value as M5 approaches the 4D Planck mass M.
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1000

— A=02M,
- A=01M,

800

600

B/1000

400

200

Ms/M,

Fig. 6. The vacuum decay exponent B plotted as a function of M5 for Higgs potentials with a
range of values or the instability scale A. There is no dependence on the extra dimension.

barrier is at ¢ = 0.4M, and ¢pr = 0.1M,,. These test case examples show a
reduction in B, hence an increase in the vacuum decay rate, due to the increasing
influence of the extra dimension.

The edge of the plots denotes a minimum value of M5 beyond which the numer-
ical solutions cease to exist. Close to this limit, the total surface tension on the
brane becomes negative near the centre of the bubble. Note that the allowed range
of My is narrow, as in the examples plotted above, therefore does not correspond to
a significant hierarchy. Therefore adding an extra dimension only affects the decay
rate in very specialised situations.

We also show the tunnelling exponent for the Higgs-style potential Vi, with
parameters chosen within the Standard Model range in Fig.[fl The Higgs potential
is small at the Planck scale because the parameter g in the potential is small. Conse-
quently, vacuum decay rates with the Higgs potential show no obvious dependence
on the extra dimensions.

5. Summary

To sum up: we have found instanton solutions for a brane scalar field representing
vacuum decay from a critical RS flat brane. We explored general bubble solutions,
as well as an approximate Higgs potential. We calculated the tunnelling exponent
for a range of warping in the extra dimension, and compared it to that of a phase
transition in 4D asymptotically flat space. The influence of the fifth dimension on
tunnelling rates is relatively minor, except for a strongly backreacting bubble.

A Higgs-style potential was also considered, however, for realistic parameter
ranges, the impact of the extra dimension was negligible. This is to be contrasted
to the case of vacuum decay seeded by primordial brane black holes, as in Ref. [34]
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where the decay rate is significant. We conclude that, rather like the 4D case, black
holes are required to produce significant decay rates.

One interesting feature of our numerical solutions was that they had a sharp
cut-off in the allowed value of M5, due to the brane tension becoming negative. This
is possibly due to the fact we integrate out from 7 = a = 0, hence this method does
not allow for a wormhole-type solution where the brane transitions from positive
to negative tension as in Refs. [40] and 41l It might be interesting to consider this
further.

Acknowledgments

We are grateful for the hospitality of the Perimeter Institute, where part of this
research was undertaken. This work was supported in part by the Leverhulme grant
Challenging the Standard Model with Black Holes and in part by STFC consolidated
grant ST/P000371/1. LC acknowledges financial support from CONACyT, RG is
supported in part by the Perimeter Institute for Theoretical Physics, and KM is
supported by an STFC studentship. Research at Perimeter Institute is supported
by the Government of Canada through the Department of Innovation, Science and
Economic Development Canada and by the Province of Ontario through the Min-
istry of Research, Innovation and Science.

References

»1. S. Coleman and F. de Luccia, Phys. Rev. D 21 (1980) 3305.
2. ATLAS Collab. (G. Aad et al.), Phys. Lett. B710 (2012) 49, arXiv:1202.1408 [hep-ex].
3. CMS Collab. (S. Chatrchyan et al.), Phys. Lett. B 710 (2012) 26, arXiv:1202.1488
[hep-ex].
4. G. Degrassi, S. Di Vita, J. Elias-Miro, J. R. Espinosa, G. F. Giudice, G. Isidori and
A. Strumia, J. High Energy Phys. 1208 (2012) 098, arXiv:1205.6497 [hep-ph].
»5. A. Gorsky, A. Mironov, A. Morozov and T. N. Tomaras, J. Exp. Theor. Phys. 120
(2015) 399 (Zh. Eksp. Teor. Fiz. 147 (2015) 399), arXiv:1409.0492 [hep-ph].
6. F. Bezrukov and M. Shaposhnikov, Zh. FEksp. Teor. Fiz. 147 (2015) 389,
arXiv:1411.1923 [hep-ph].
J. Ellis, arXiv:1501.05418 [hep-ph].
K. Blum, R. T. D’Agnolo and J. Fan, arXiv:1502.01045 [hep-ph].
I. V. Krive and A. D. Linde, Nucl. Phys. B 432 (1976) 265.
10. M. S. Turner and F. Wilczek, Nature D 79 (1982) 633.
11. M. Sher, Phys. Rep. 179 (1989) 273.
12. G. Isidori, G. Ridolfi and A. Strumia, Nucl. Phys. B 609 (2001) 387, arXiv:hep-
ph/0104016.
13. S. Coleman, Phys. Rev. D 15 (1977) 2929.
14. C. G. Callan and S. Coleman, Phys. Rev. D 16 (1977) 1762.

® =

©

»15. 1. Y. Kobzarev, L. B. Okun and M. B. Voloshin, Sov. J. Nucl. Phys. 20 (1975) 644

(Yad. Fiz. 20 (1974) 1229).
16. R. Gregory, I. G. Moss and B. Withers, J. High Energy Phys. 1403 (2014) 081,
arXiv:1401.0017 [hep-th].

»17. P. Burda, R. Gregory and 1. Moss, Phys. Rev. Lett. 115 (2015) 071303,

arXiv:1501.024937 [hep-th].

2050005-11


https://www.worldscientific.com/action/showLinks?isi=A1975AN57600022&citationId=p_15
https://www.worldscientific.com/action/showLinks?crossref=10.1103%2FPhysRevD.21.3305&isi=A1980JY78400006&citationId=p_1
https://www.worldscientific.com/action/showLinks?crossref=10.1134%2FS1063776115030218&citationId=p_5
https://www.worldscientific.com/action/showLinks?crossref=10.1103%2FPhysRevLett.115.071303&citationId=p_17

Int. J. Mod. Phys. D Downloaded from www.worldscientific.com
by UNIVERSITY OF DURHAM on 12/19/19. Re-use and distribution is strictly not permitted, except for Open Access articles.

L. Cuspinera et al.

18.
19.
20.
21.
»>22.
23.
24.
25.
»>26.
»27.
»28.
29.
30.
»>31.
»>32.

»>33.
>34,

»35.
36.

»>37.
38.
39.
40.
41.
42.
43.
44.
45.
46.

47.
48.

P. Burda, R. Gregory and I. Moss, J. High Energy Phys. 1508 (2015) 114,
arXiv:1503.07331 [hep-th].

P. Burda, R. Gregory and I. Moss, J. High Energy Phys. 1606 (2016) 025,
arXiv:1601.02152 [hep-th].

R. Gregory and I. G. Moss, The fate of the higgs vacuum, in PoS ICHEP, Vol. 2016
(2016) 344 p., arXiv:1611.04935 [hep-th].

W. A. Hiscock, Phys. Rev. D 35 (1987) 1161.

V. Berezin, V. Kuzmin and I. Tkachev, Phys. Lett. B 207 (1988) 397.

N. Tetradis, J. Cosmol. Astropart. Phys. 1609 (2016) 036, arXiv:1606.04018 [hep-ph].
P. Chen, G. Domeénech, M. Sasaki and D.-H. Yeom, J. High Energy Phys. 1707 (2017)
134, arXiv:1704.04020 [gr-qc].

D. Gorbunov, D. Levkov and A. Panin, J. Cosmol. Astropart. Phys. 1710 (2017) 016,
arXiv:1704.05399 [astro-ph.CO].

K. Mukaida and M. Yamada, Phys. Rev. D 96 (2017) 103514, arXiv:1706.04523
[hep-th].

N. Arkani-Hamed, S. Dimopoulos and G. R. Dvali, Phys. Lett. B 429 (1998) 263,
arXiv:hep-ph/9803315.

I. Antoniadis, N. Arkani-Hamed, S. Dimopoulos and G. R. Dvali, Phys. Lett. B 436
(1998) 257, arXiv:hep-ph/9804398.

L. Randall and R. Sundrum, Phys. Rev. Lett. 83 (1999) 3370, arXiv:hep-ph/9905221.
L. Randall and R. Sundrum, Phys. Rev. Lett. 83 (1999) 4690, arXiv:hep-th/9906064.
S. Dimopoulos and G. L. Landsberg, Phys. Rev. Lett. 87 (2001) 161602, arXiv:hep-
ph/0106295.

S. B. Giddings and S. D. Thomas, Phys. Rev. D 65 (2002) 056010, arXiv:hep-
ph/0106219.

G. L. Landsberg, Eur. Phys. J. C' 33 (2004) S927, arXiv:hep-ex/0310034.

L. Cuspinera, R. Gregory, K. Marshall and I. G. Moss, Phys. Rev. D 99 (2019) 024046,
arXiv:1803.02871 [hep-th].

R. Gregory and A. Padilla, Phys. Rev. D 65 (2002) 084013, arXiv:hep-th/0104262.
R. Gregory and A. Padilla, Class. Quantum Grav. 19 (2002) 279, arXiv:hep-
th/0107108.

S. C. Davis and S. Brechet, Phys. Rev. D 71 (2005) 104023, arXiv:hep-ph/0503243.
M. Demetrian, Gen. Relativ. Gravit. 38 (2006) 953, arXiv:gr-qc/0506028.

E. Dudas, J. Mourad and F. Nitti, J. High Energy Phys. 0708 (2007) 057,
arXiv:0706.1269 [hep-th].

D. Ida, T. Shiromizu and H. Ochiai, Phys. Rev. D 65 (2002) 023504, arXiv:hep-
th/0108056.

H. Ochiai, D. Ida and T. Shiromizu, Prog. Theor. Phys. 107 (2002) 703, arXiv:hep-
th/0111070.

K. Izumi, K. Koyama, O. Pujolas and T. Tanaka, Phys. Rev. D 76 (2007) 104041,
arXiv:0706.1980 [hep-th].

F. Sbisa and K. Koyama, J. Cosmol. Astropart. Phys. 1406 (2014) 029,
arXiv:1404.0712 [hep-th].

W. Israel, Nuovo Cimento B44 (1966) 4349.

H. A. Chamblin and H. S. Reall, Nucl. Phys. B 562 (1999) 133, arXiv:hep-th/9903225.
N. Kaloper, Phys. Rev. D 60 (1999) 123506, arXiv:hep-th/9905210.

P. Kraus, J. High Energy Phys. 9912 (1999) 011, arXiv:hep-th/9910149.

A. Karch and L. Randall, J. High Energy Phys. 0106 (2001) 063, arXiv:hep-
th/0105132.

2050005-12


https://www.worldscientific.com/action/showLinks?crossref=10.1103%2FPhysRevD.99.024046&citationId=p_34
https://www.worldscientific.com/action/showLinks?crossref=10.1016%2FS0370-2693%2898%2900466-3&isi=000074694500008&citationId=p_27
https://www.worldscientific.com/action/showLinks?crossref=10.1103%2FPhysRevLett.87.161602&isi=000171637100011&citationId=p_31
https://www.worldscientific.com/action/showLinks?crossref=10.1103%2FPhysRevD.65.084013&citationId=p_35
https://www.worldscientific.com/action/showLinks?crossref=10.1016%2FS0370-2693%2898%2900860-0&isi=000076460900005&citationId=p_28
https://www.worldscientific.com/action/showLinks?crossref=10.1103%2FPhysRevD.65.056010&isi=000174548000105&citationId=p_32
https://www.worldscientific.com/action/showLinks?crossref=10.1140%2Fepjcd%2Fs2003-03-1108-5&citationId=p_33
https://www.worldscientific.com/action/showLinks?crossref=10.1016%2F0370-2693%2888%2990672-7&citationId=p_22
https://www.worldscientific.com/action/showLinks?crossref=10.1103%2FPhysRevD.71.104023&citationId=p_37
https://www.worldscientific.com/action/showLinks?crossref=10.1103%2FPhysRevD.96.103514&citationId=p_26

Int. J. Mod. Phys. D Downloaded from www.worldscientific.com
by UNIVERSITY OF DURHAM on 12/19/19. Re-use and distribution is strictly not permitted, except for Open Access articles.

49.
50.
51.
»>52.
53.

»54.

Higgs vacuum decay in a braneworld

P. Binetruy, C. Deffayet and D. Langlois, Nucl. Phys. B 565 (2000) 269, arXiv:hep-
th/9905012.

P. Bowcock, C. Charmousis and R. Gregory, Class. Quantum Grav. 17 (2000) 4745,
arXiv:hep-th/0007177.

R. Maartens, Phys. Rev. D 62 (2000) 084023, arXiv:hep-th/0004166.

J. Garriga and T. Tanaka, Phys. Rev. Lett. 84 (2000) 2778, arXiv:hep-th/9911055.
T. Shiromizu, K.-I. Maeda and M. Sasaki, Phys. Rev. D 62 (2000) 024012, arXiv:gr-
qc/9910076.

M. Sasaki, T. Shiromizu and K.-I. Maeda, Phys. Rev. D 62 (2000) 024008, arXiv:hep-
th/9912233.

2050005-13


https://www.worldscientific.com/action/showLinks?crossref=10.1103%2FPhysRevD.62.024008&citationId=p_54
https://www.worldscientific.com/action/showLinks?crossref=10.1103%2FPhysRevLett.84.2778&citationId=p_52

	Introduction
	The Instanton Equations of Motion
	The Scalar Brane Instanton
	Computation of the Action
	Summary


<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.4
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /LeaveColorUnchanged
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments true
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 300
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 900
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages false
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 300
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 900
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages false
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages false
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile ()
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<

    /BGR <>
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /CZE <>
    /DAN <>
    /DEU <>
    /ESP <>
    /ETI <>
    /FRA <>
    /GRE <>

    /HRV (Za stvaranje Adobe PDF dokumenata najpogodnijih za visokokvalitetni ispis prije tiskanja koristite ove postavke.  Stvoreni PDF dokumenti mogu se otvoriti Acrobat i Adobe Reader 5.0 i kasnijim verzijama.)
    /HUN <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /LTH <>
    /LVI <>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /POL <>
    /PTB <>
    /RUM <>
    /RUS <>
    /SKY <>
    /SLV <>
    /SUO <>
    /SVE <>
    /TUR <>
    /UKR <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [612.000 792.000]
>> setpagedevice


