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In this paper we propose to use GaN quantum dots (QDs) as building blocks for solid state
quantum computing devices. The existence of a strong built-in electric field induced by the
spontaneous polarization and by the piezoelectricity is exploited to entangle few-exciton
states in coupled QDs without the use of external fields. The analysis of the electro-optical
response of the coupled GaN QDs is based on a realistic—i.e. fully tri-dimensional—
description of Coulomb-correlated few-electron states, obtained via a direct-diagonali-
zation approach. The combined effect of the built-in electric field and ultrafast sequences of
multicolor laser pulses in the few-carrier regime is investigated. We show how the built-in
field induces intrinsic dipole–dipole coupling and thus allows the implementation of quan-
tum information processing. As an example we will implement basic quantum information
gates and we will demonstrate that our implementation scheme is compatible with a sub-
picosecond operation timescale, i.e. with timescales much lower than the decoherence time
of the system.
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1. Introduction

In recent years large interest has been focused by the scientific community on quasi-zero-dimensional (0D)
systems, called semiconductor quantum dots (QDs) [1]. Compared to systems of higher dimensionality—like
quantum wells and wires—they have a discrete, i.e. atomic-like, energy spectrum and, more importantly, they
exhibit genuine few-carrier effects. This implies a radical change in the theoretical schemes [2] as well as
in the experimental techniques [3] used to study such quasi 0D nanostructures, often referred to assemi-
conductor macroatoms. Apart from their relevance in terms of basic physics, these novel semiconductor
nanostructures have attracted general attention because of their technological applications; these range from
laser emitters [4] to charge-storage devices [5], from fluorescent biological markers [6] to quantum informa-
tion processing devices [7]. In QDs, the flexibility typical of semiconductors in controlling carrier densities
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has been brought to its extreme: it is possible to electrically inject single electrons [8] or to photo-generate in
a QD a single Coulomb-correlated electron–hole pair, i.e. a single exciton [9, 10]. It is even possible to detect
the single-exciton decaying energy emission [9, 10]. The quantized, atomic-like, energy structure of QDs al-
lows for a rich optical spectrum and for a weak interaction of the QD system with environmental degrees of
freedom (like phonons, plasmons, etc.), i.e for an almost decoherence-free quantum evolution of the carrier
subsystem [11, 12]. Moreover, their reduced spatial extension—up to few nanometers—leads to an increase
of two-body interactions among carriers and to stronger Coulomb-correlation effects [2]. The latter may be
used to design a variety ofsingle-electron devices. In particular, they can be employed to designfully-optical
quantum gates, as recently proposed in [12].

However, one of the major problems in such solid state quantum bits, is the need of an external electric field
to implement the two-qubit gate. From the technological point of view this requires the presence of electrical
contracts which limits the time response of the system and strongly complicate the physical interconnection
of the device. The ideal scheme would thus be a QD system with built-in electric field. GaN-based QDs seem
to match quite well these requirements [13], as they are known to exhibit strong built-in polarization and
piezoelectric field (of the order of MV cm−1).

In this paper we will analyze in detail the effects of this internal field and, in particular, we will investigate
in depth the electro-optical properties and the exciton–exciton dipole interaction in coupled GaN QDs, with
the aim of implementing a scheme for quantum information/computation (QIC) processing based on these
nanostructures.

Due to the need of low decoherence rates, the first proposals for experimental realizations of quantum in-
formation processing devices originated from specialities in atomic physics [14], in quantum optics [15], and
in nuclear and electron magnetic-resonance spectroscopy [16]. However, a realistic quantum computing hard-
ware would require a large number ofqubits, and this can hardly be achieved by such systems. In contrast,
in spite of the serious difficulties related to the relatively ‘fast’ decoherence times, a solid-state implemen-
tation of QIC seems to be the only way to benefit from the recent progress in ultrafast optoelectronics [17]
as well as in meso/nanostructure fabrication and characterization [1]. As originally envisioned in [11], gat-
ing of charge excitations could be performed bycoherent-carrier-control, i.e. by exploitingpresentultrafast
laser technology [17], which allows one to generate and manipulate electron–hole quantum states on a sub-
picosecond timescale: [18]. In this respect, decoherence times on nano/microsecond scales can be regarded
as ‘long’ ones. Based on this idea a few implementations have been recently put forward [19]. However,
while in these proposals single-qubit operations are implemented by means of ultrafast optical spectroscopy,
the control of two-qubit operations still involves the application of external fields and/or microcavity-mode
couplings, whose switching times are much longer than decoherence times in semiconductor QDs. As al-
ready pointed out in [11], in order to take full advantage from modern ultrafast laser spectroscopy one should
be able to design fully optical gating schemes able to perform singleand two-qubit operations on a sub-
picosecond timescale.

As opposed to our previous proposal [12], in which GaAs-based QDs where proposed as building blocks
of the qubit and astaticexternal field was applied to the array of QDs to create dipole–dipole interactions, the
advantage of GaN QDs is that dipoles are intrinsically induced by means of the built-in internal field [13]. We
will show that the biexcitonic shift due to the dipole interaction is of the order of some meV allowing for sub-
picosecond quantum gate operations and we shall discuss the application of such field-induced few-exciton
effects to design asemiconductor-based fully-optical quantum information processing strategy.

2. Theoretical approach
2.1. Spontaneous polarization and piezoelectric field

One of the most interesting features in GaN heterostructures, is the strong built-in electric field: it is
induced both by the spontaneous polarization and by the piezo-electric field. Contrary to GaN quantum



Superlattices and Microstructures, Vol. 31, Nos 2–4, 2002 119

wells, where the major role is played by the spontaneous polarization charge accumulated at the GaN/AlGaN
interfaces, while strain induced piezoelectric fields have a minor importance [20], in GaN QDs due to the
non-central symmetry of the wurzite structure, piezoelectric effects become relevant. Moreover, since the
dimensions of GaN and AlN unit cell differ slightly from those of an ideal hexagonal crystal, a spontaneous
electrostatic polarization is present as well [13]. As shown in [13], the strain-induced piezoelectric potential
and the spontaneous polarization contribution are of similar magnitude and of the same sign, both directed
in the growth direction. The magnitude of the intrinsic electric field along the growth direction is almost the
same inside and outside the dot, but it is opposite in sign.

One of the advantages of having a strong intrinsic electric field, instead of an external one as in [12], is that
carriers remain trapped into the dot. In the external field case in fact, when a strong field is applied, carriers
may escape from the dot, due to the final height of the lateral confinement.

The internal field in GaN QDs can be tailored using the size of the dot: the total electric field inside the
dot is [20]:

Fd =
Lb(Pb

tot − Pd
tot)

ε0(Ldεb + Lbεd)
(1)

whereεb(d), Pb(d)
tot andLb(d) are respectively, the relative dielectric constant, the total polarization and the

width of the barrier (QD). The field in the barrierFb is obtained by interchanging the indicesb and d.
Equation (1) is derived for an alternating sequence of quantum wells and barriers, but we can consider it
as a good approximation for our case, since we consider an alternating sequence of QDs and barriers in
the growth (z) direction. This approximation provides fields in very good agreement with the experimental
findings of [21]. This approximation neglects the in-plane shape of the QD, but we can consider the lateral
shape of the dot as to be simply responsible for the strong confinement of the electron and hole single-
particle wavefunctions, which present an in-plane spherical symmetry (see [13]). The effect of the lateral dot
shape can then be properly taken into account by modelling the in-plane confining potential as an effective
parabolic potential, since this preserves the symmetry of the wavefunctions. The polarization is the sum of
the piezoelectric chargePb(d)

piezo induced by the lattice mismatch(ms) and by the thermal strain(ts) (Pb(d)
piezo =

Pb(d)
ms + Pb(d)

ts ) and the spontaneous polarizabilityPb(d)
sp of the GaN/AIN interface:Pb(d)

tot = Pb(d)
piezo+ Pb(d)

sp ,
where the subscriptb(d) indicates the barrier (QD).

The presence of the internal electric field induces dipoles in each QD when excitons are present.
This, in turn, will generate an inter-dot dipole–dipole coupling. For the case of two staked QDsa andb

along the growth(z) direction (see Fig.1) for which Epi ‖ẑ, Epi , the dipole moment of thei -dot, we get:

1E = −2
pa pb

Z3
, (2)

whereZ is the distance between the two dipoles.

2.2. Few-particle system

The physical system under investigation is composed by electron–hole pairs confined in an array of GaN
QDs. Its total Hamiltonian can be regarded as the sum of two term,

H = H◦
+ H ′

= H◦
+ Hcl + Henv, (3)

where the termH◦ describes the correlated electron–hole subsystem, i.e. free carriers plus confinement
potential plus carrier–carrier Coulomb interaction, and the termH ′ describes the interaction of the carrier
subsystem with coherent-light sources(Hcl) and environmental degrees of freedom(Henv), i.e. carrier-light
plus carrier–phonon interactions. Let us focus on the first term and consider the gas of carriers, electrons
(e) and holes(h) confined within the quasi-0D semiconductor struction. The QD is depicted as a parabolic
in-plane potential plus a square-well like potential in thez direction. As discussed in the previous section, the
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Fig. 1.Effects of the intrinsic electric field in a GaN-based QD structure; schematic representation of the square-well potential profile for
electrons and holes along the growth direction modified by the internal field (solid lines) and single-particle spatial charge distributions
for electrons (dashed curve, upper panel) and holes (dashed curve, lower panel).

effective in-plane confining potential takes into account the in-plane component of the built-in electric field,
while the depth of the square-well is dictated by the conduction/valence band discontinuities. Our analysis
is based on a realistic, fully three-dimensional description of the multi-QD structure. We get the many-body
states describing a fixed number of electrons and holes in the structure by means of an exact diagonalization
of the Hamiltonian, where we shall describe the bulk band structure in terms of the usual effective-mass ap-
proximation [22]. We shall work within the ‘envelope-function’ picture [23]. Concerning the carrier–carrier
interaction terms, only processes conserving the total number of carriers are considered, thus Auger recom-
bination and impact ionization are neglected. We can therefore look for many-body states|9〉 corresponding
to a given number of electrons(Ne) and holes(Nh). In particular, we shall consider the case of intrinsic
semiconductor materials [22], for which Ne = Nh. For any given number of electron–hole pairsN, a direct
diagonalization ofHo will provide the many-body states|λN〉 of the interacting electron–hole system; they,
in turn, allow one to evaluate many-exciton optical spectra, i.e. the absorption probability corresponding to
the genericN → N′ transition. Finally, the interaction of the carrier system with environmental degrees of
freedom, like phonon and plasmon modes of the host material, is responsible for decoherence processes and
it will be accounted for within a density-matrix formalism.

3. Coupled QD structure

The above theoretical scheme has been applied to realistic GaN QDs, stacked along the growth axis. The
general scheme of our two-qubit quantum gate, consists of two stacked dotsa andb of slightly different size.
Two dot systems grown epitaxially can be tailored in such a way that the seeding dot is smaller than the
top-most dot, due to the overlap of the strain fields, or the two dots have identical base diameter but slightly
different height, thanks to the control in the deposition rate and III–V ratio. In both cases the potential of the
two dots is engineered to control the splitting of the respective ground levels, thus allowing selective optical
excitation of one of the two dots by ultrafast laser pulses.

For the sake of clarity, we discuss the situation of two dots with identical bases, stacked along the growth
axis, and having heights of 2.5 and 2.7 nm, respectively. Analogous results would be obtained by two dots
of same height and different base-radius. The resulting difference in the potential well widthwd of each QD
allows to slightly shift the excitonic transitions (δwd ' 0.2 nm). The barrier widthwb is such to prevent
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single particle tunneling but to allow at the same time significant dipole–dipole Coulomb coupling. We
evaluated the internal electric field according to eqn (1), wherePb(d)

ms = −2(
e33C13

C33−e31
)σ

b(d)
‖

(all the material

parameters can be found in [20], except for the lattice in-plane mismatchσ b
‖

that is here 2.48%),Pd
ts = −3.2·

10−4, Pb
ts = 0 C · m−2, Pb

sp = −0.081 C· m−2 and finallyPd
sp = −0.029 C· m−2. The values used forσ b

‖

andPb
sp take into account the increased percentage of Al(x = 1) in the barrier in respect to [20] (x = 0.15).

Given these parameters, we have calculated, according eqn (1) the electric field for a 2.7 nm high dot and a
2.5 nm wide barrier obtainingFd = 5.8 MV cm−1 for the barrier andFd = 5.4 MV cm−1 in the dot. Starting
from these results, and in order to take into account the slightly different size of the two coupled QDs, we
used in our calculations the fieldsFd = 5.6 and 5.4 MV cm−1 for the two dots, andFb = 5.7 MV cm−1 for
the barrier: these values allow for a potential profile that is periodic over the two-dot cell. The electric field
strongly modifies the conduction-band and valence-band edges along the growth directions (see Fig.1): this
causes the separation of the carrier states and the creation of intrinsic dipoles as it can be seen in Fig.1.

The electric field shifts in opposite directions the electron and the hole charges: electrons are forced to
move towards the top of the dot and holes are driven towards its bottom. So, if we consider the two dotsa
andb, and excite one exciton in each of them, we obtain two aligned dipoles which are both pointing in the
same direction. As pointed out before, these results in the negative dipole–dipole coupling term eqn (2). The
energy shift1E is opposite and its absolute value is doubled with respect to the configuration of [12], in
which the two dipoles are also parallel but laying side by side.

We will now discuss the optical response of thesemiconductor macromolecule(a + b). The excitonic
optical spectrum (0→ 1 transition) in the presence of the intrinsic electric field is calculated by means of
Fermi-Golden’s rule and it is shown in Fig.2 (solid curve). The two lowest optical transitions correspond
to the formation of direct ground-state excitons in dota andb, respectively. Due to the strong built-in elec-
tric field in such heterostructures, the excitonic transitions energies are red-shifted and, as it can be seen in
Fig. 2, the interband emission is fractions of ev below the GaN bulk bandgap energy. It is worth noticing
that the difference in the ground state excitonic transition energies in each dot is one order of magnitude
bigger than the corresponding energy difference in [12], and this is due to the presence of the strong intrinsic
electric field in the growth direction. The two ground-state transitions have different amplitude, due to the
non-symmetric structure we are considering. Since the two dots have different heights, the internal electric
field which is experienced by the carriers in each dot is not the same. As a result the oscillator strength, i.e.
the overlap of electron and hole single-particle wavefunctions, changes according to the specific dot. The
peaks higher in energy correspond to optical transitions involving excited states of the in-plane parabolic
potential in each QD. Moreover, since the electric field is in the growth direction, the in plane transition
selection rules are conserved, in contrast to the scheme discussed in [12] where the in-plane static field was
breaking the symmetry. As a consequence, in the case we are considering, only transitions conserving the
single-particle momentum are allowed, so that the resulting absorption spectrum is simpler, with peaks that
are in general better isolated and defined. This characteristic can become important when considering an
energy-selective scheme to address the single transition, since it allows for shorter pulses, i.e. for a broader
dispersion in energy of the pulses themselves. Due to the strong in-plane carrier confinement, the low-energy
excitonic states closely resemble the corresponding single-particle ones (see the dashed curves in Fig.2). As
we can see, apart from a small rigid shift, corresponding to the exciton binding energy, the relative position
of the lowest transitions is the same.

Let us now discuss the biexcitonic spectrum (solid curve in Fig.3); it describes the generation of a second
electron–hole pair in the presence of a previously created exciton (1→ 2 optical transitions). The crucial
feature in Fig.3 is the magnitude of the ‘biexcitonic shift’ [1], i.e. the energy difference between the excitonic
and the biexcitonic transition (see solid and dashed curves). For the QD structure under investigation we get
an energy splitting of 4.4 meV, which is comparable to the one in [12] and can be resolved by sub-picosecond
energy pulses.
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Fig. 2.Optical response of the GaN-based QD macromolecule of Fig.1: excitonic (solid curve) absorption and single-particle spectrum
(dashed curve).
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Fig. 3. Optical response of the GaN-based QD macromolecule of Fig.1. Excitonic (solid curve) and biexcitonic absorption (dashed
curve). The latter has been computed assuming as initial state an exciton in dota and the laser pulses are supposed to have the same
circular polarization.

4. Single and two qubit gates

The core of our QIC proposal closely parallel the one presented in [12], that we shall now briefly review.
The central idea is to exploit the biexcitonic shift to designconditional operations. We denote witĥnl the
excitonic occupation number operators, wherel indicates the generic QD in our array. The two states with
eigenvaluesnl = 0 andnl = 1 correspond, respectively, to the absence (no conduction-band electrons)
and to the presence of a ground-state exciton (a Coulomb-correlated electron–hole pair) in dotl : this will
be our single-qubit basis:|0〉l and |1〉l . The whole computational state-space is then spanned by the basis
|n〉 = ⊗l |nl 〉, (nl = 0, 1).

The full many-body HamiltonianH◦ in (3) restricted to the aforementioned computational space reduces to

H̃o =

∑
l

El n̂l +
1
2

∑
ll ′

1Ell ′ n̂l n̂l ′ (4)

where,El denotes the energy of the ground-state exciton in dotl while 1Ell ′ is the biexcitonic shift due
to the Coulomb interaction between dotsl andl ′, previously introduced (see Fig.3). According to (4), the
single-exciton energyEl is renormalized by the biexcitonic shift1Ell ′ , induced by the presence of a second
exciton in dotl ′ (Ẽl = El +

∑
l ′ 6=l 1Ell ′nl ′). In order to better illustrate this idea, let us focus again on

the two-QD structure, i.e. two-qubit system, and fix our attention on one of the two dots, say dotb. The
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Fig. 4. Time-dependent simulation of a two-qubit operation realizing the first prescription (|1, 0〉 → |1, 1〉) of a CNOT logic quantum
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ments (lower panel) as a function of time. The laser-pulse sequence is also sketched (dashed curve in the upper panel). For completeness
the displayed simulation starts from the initial state|1, 0〉.

effective energy gap between|0〉b and |1〉b depends now on the occupation of dota. Exploiting this fact,
we can design properly tailored laser-pulse sequences to implement controlled-not logic gates among the
two QDs as well as single-qubit rotations. Indeed, by sending an ultrafast laserπ -pulse with central energy
h̄ωb[na] = Eb+1Ebana, the transition|nb〉b → |1−nb〉b (π -rotation) of thetargetqubit (dotb) is obtained
if and only if thecontrolqubit (dota) is in the state|n〉a.

Moreover, by denoting withUna
b the generic unitary transformation induced by the laserπ -pulse of central

frequencyωb[na], it is easy to check that the two-color pulse sequenceU0
bU1

b achieves the unconditional
π -rotation of qubitb.

We will now present the results of a few simulated experiments of basic quantum information processing,
which demonstrate the viability of our proposal. Our time-dependent simulations are based on the realistic
state-of-the-art QD structure of Fig.1 for which Ea = 3.177 eV,Eb = 3.255 eV,1E = −4.4 meV. The
simulations are based on a numerical solution of the Liouville–von Neumann equation describing the exact
quantum-mechanical evolution of the many-exciton system (4) within our computational subspace in the
presence of environment-induced decoherence processes [24]. Figure4 shows a simulated sequence of two-
qubit operations driven by two-color laser-pulses: this is the quantum conditional NOT gate: the state of the
second QD is changed if and only if the first dot is in the state|1〉. We want to stress that the operation is
performed on a sub-picosecond timescale, in particular the difference in time between the twoπ -pulses is
only of 0.2 ps. Figure5 shows instead the generation of an entangled state. Initially the system is in the state
|0, 0〉 ≡ |0〉a ⊗ |0〉. The first laser pulse (att = 0 ps) is tailored in such a way to induce aπ/2 rotation of the
qubit a: |0, 0〉 → (|0, 0〉 + |1, 0〉)/

√
2. At time t = 0.4 ps a second pulse induces a conditionalπ -rotation

of the qubitb: |0, 0〉 + |1, 0〉 → |0, 0〉 + |1, 1〉. State entanglement plays a central role in any quantum
information processing. The scenario described so far is confirmed by the time evolution of the exciton
occupation numbersna andnb reported in the upper panels of Fig.4 (CNOT gate) and Fig.5 (entanglement),
as well as of the diagonal elements of the density matrix (in our four-dimensional computational basis, lower
panel of the same figures).
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5. Conclusions
The experiment simulated above clearly shows that the energy scale of the biexcitonic splitting in our QD

molecule (see Fig.1) is compatible with the sub-picosecond operation timescale of Figs4 and5. It is worth
summarizing the various advantages the intrinsic built-in electric field of nitride QDs carries. First of all,
there is no need of applying external fields to the GaN dot array, and this allow an easier implementation
of the quantum information proposal in respect to [12]. Moreover, the angular momentum in each allowed
interband transition is conserved and the selection rules are now restored: this implies simpler spectra, and in
turn makes the absorption spectra peaks easier to identify on the experimental side. Last but not least, due to
the built-in electric field, the ground state excitonic transitions we are considering for quantum information
processing are very well separated in energy, with an energy difference of about one order of magnitude with
respect to [12].

An open question remains the technology and characterization of GaN QDs, but a lot of work is in progress
both on the theoretical and on the experimental side: we hope that this purely technological limitation will
be overcome in the near future.

In summary, we have proposed a scheme for implementing anall optical QIC process, which exploits the
characteristic built-in electric field in GaN-based QDs. Our analysis has shown that energy-selected opti-
cal transitions in realistic state-of-the-art GaN QD structures are good candidates for quantum-information
encoding and manipulation, and in particular the sub-picosecond timescale of ultrafast laser spectroscopy
allows for a relatively large number of elementary operations within the exciton decoherence time. We ad-
ditionally discussed the technological/experimental advantages of this scheme with respect to the one based
on GaAs QDs.
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