Marine Structures 91 (2023) 103466

Contents lists available at ScienceDirect

I

Marine Structures

journal homepage: www.elsevier.com/locate/marstruc

Analysis of S-N data for new and corroded mooring chains at
varying mean load levels using a hierarchical linear model

Erling N. Lone **, Philippe Maincon ®, @ystein Gabrielsen ¢, Thomas Sauder "*,
Kjell Larsen ¢, Bernt J. Leira®

a Department of Marine Technology, Norwegian University of Science and Technology, Trondheim N-7491, Norway
b SINTEF Ocean, P.O. Box 4762, Torgarden, 7465 Trondheim, Norway
¢ Equinor ASA, Arkitekt Ebbells veg 10, 7053 Ranheim, Norway

ARTICLE INFO ABSTRACT

Keywords: Results from full scale fatigue tests of offshore mooring chains are analyzed. The data set
Studless chain includes new and used chains, tested at a variety of mean load levels. The used chains have been
S-N analysis retrieved after operation offshore and include samples with varying surface conditions, ranging

Hierarchical model

Mean load from as-new to heavily corroded. Based on a parameterized S-N curve intercept parameter, the
ean loa

effects of mean load and chain condition are estimated empirically by regression analysis. A
hierarchical linear model is used, to account for and quantify correlations within subsets of the
data. The choice of grouping criterion for the hierarchical model is discussed, and assessed based
on the current data. Results show that the mean load and corrosion effects are both significant.
Differences in the fatigue performance of new versus used chains are quantified and discussed.

Corrosion

1. Introduction

The S-N approach to tension-tension fatigue of mooring chain is considered. Capacity curves for fatigue assessment of mooring
chain components are then traditionally given on the form

logN =logA —m-log.S (€8]

where N is the number of cycles to failure at stress range .S [MPa], A is referred to as the intercept parameter, m is referred to as the
slope parameter and log(-) usually refers to the common logarithm. The parameters A and m are estimated by fitting Equation (1)
to the results of constant amplitude tests performed at various stress range levels, typically by use of linear regression analysis [1].

As pointed out by Gabrielsen et al. [2], the parameters of current fatigue design curves for mooring chain [3,4] are based on full
scale tests for new chain, performed at a mean load of 20% of the minimum breaking load (MBL). In fatigue calculations following
the procedure outlined by the standards, degradation due to corrosion is accounted for in a simplified manner by a reduction of the
cross section area of the chains — representing the general material loss caused by corrosion — giving an increase in the effective stress
ranges entering the calculations. Actual mean tension loads in the mooring lines are disregarded. However, fatigue tests performed
in recent years for used chains retrieved after operation offshore [2,5-9] have revealed that (i) increased surface roughness and pits
caused by corrosion have a detrimental effect on the fatigue capacity, and this effect is larger than that obtained from the simplified
correction prescribed by the standards; (ii) the fatigue capacity is strongly dependent on the mean load, so that mooring chains tested
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Nomenclature

log(-) Common logarithm

se(+) Standard error

~ Distributed as

N(u, ) Normal distribution with mean y and variance o2

a; Group-specific intercept, for j € {1,...,J}

Bis B> Mean load and corrosion grade effect coefficients, respectively

A Mean load [% MBL]

He Mean intercept of hierarchical linear model

o Total standard deviation

O Nominal mean stress

oy Group-level standard error

o, Data-level standard error

A(6,,,¢) Mean load and corrosion dependent intercept parameter of S-N curve
Ap(o,,,©) Mean load and corrosion dependent design intercept parameter of S-N curve

c

81(0y)s 82(c)
J

Corrosion grade, support [1,7]
Mean load and corrosion grade functions, respectively
Number of groups in the hierarchical model

m Slope parameter of S-N curve (stress range effect)
N Number of cycles to failure

S Stress range

ICC Intraclass correlation

LOO Leave-one-out

MBL Minimum breaking load

MCMC Markov chain Monte Carlo

REML Restricted maximum likelihood

at lower mean loads performed better than chains tested at higher mean loads with similar degree of corrosion. The beneficial effect
of a lower mean load has been reported also from full scale tests of new chain [10,11] and from numerical computations [12].

As it stands, the S-N relation in (1) suggests that for a given set of the parameters (A, m) the fatigue capacity depends solely on
the stress range. Properly addressing mean load and corrosion effects then requires the use of an effective stress range that implicitly
takes these into account. With regards to corrosion, stress concentration factors could be used to scale the stress ranges to represent
corrosion effects more realistically than that obtained by a mere reduction of the cross section. However, quantification of such
factors would not be straightforward under the S-N assumption.

Empirical correction models for the mean load effect on fatigue exist in the literature. Examples of such are the Gerber, Goodman,
Morrow or Smith-Watson-Topper models, see e.g. [13,14]. These models may be used to transform the stress range to an equivalent
stress range at the reference mean stress for which the relevant S-N curve is given (i.e., typically 20% MBL for mooring chain).
However; the validity of these correction models for fatigue of mooring chain is questionable. See Gabrielsen et al. [9] for a discussion
on this matter.

To account for the effects of both mean load and corrosion, Lone et al. [15] expressed the intercept parameter as a function of
mean load and chain condition:

log A(o,,,¢) = By + B, - g/(0,,) + B, - g5(c) 2)

where (B));e0,12) are coefficients; o, is the nominal mean stress; ¢ is a corrosion grade describing the condition of the chain on
a custom scale from 1 (as-new) to 7 (severe corrosion); and g;(.) and g,(.) are monotonically increasing functions of ¢,, and c,
respectively, which are parameter-free and chosen a priori (this is addressed later in Section 4 of the present paper). The coefficients
of the model were then estimated empirically from a database consisting of full scale fatigue tests for new and used chains, using
least-squares regression. However, the database contained only one new chain sample tested at a mean load different from 20% MBL
and rather few used chain samples tested at mean loads below 10% MBL.

Mendoza et al. [16] used the same corrosion grade scale as a measure for chain condition (¢), and quantified its effect by
considering a S-N model similar to that described by Egs. (1) and (2). Mean load variations within the test database were accounted
for by existing mean stress correction models, but not used to quantify their effect empirically. They pointed out the importance
of addressing the adverse influence on estimated model parameters from correlations within subsets of the data, and accounted for
these by applying a hierarchical model with used chain samples grouped by the platform from which they originated.

The main contributions of the present paper are as follows. It unites the works presented in [15,16] by (i) estimating empirically
both mean load and corrosion effects, and (ii) using a hierarchical linear model for the regression analysis. Furthermore, (iii) the
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Table 1
Overview of full scale fatigue tests included in the data analysis. Total number of tests is 154 (new chain: 67 tests, used chain: 87 tests). Diameter and MBL
are nominal values.

Project, Batch? #Tests Material Diameter” MBLP Mean load" Corrosion Service Ref.

Platform grade [mm] [kN] [% MBL] grade (1-7) life [years]

ND ND-R3-76 14 R3 76 4884 20.0 1 - [17]
ND-R4-76 12 R4 76 6001 20.0 1 - [17]

TWI TWI-R4-76 3 R4 76 6001 20.0 1 - [10]
TWI-R4-127 3 R4 127 14955 20.0 1 - [10]
TWI-R5-76 3 R5 76 7008 20.0 1 - [10]
TWI-R5-127 13 R5 127 17 465 10.0, 20.0 1 - [10]

VIC VIC-R4 7 R4 [102, 171] [10216, 24292] [7.9, 14.7] 1 - [11,18]
VIC-R5 12 R5 [70, 165] [6021, 26 833] [6.7, 14.4] 1 - [11,18]

P1 P1-R4-114a 6 R4 114 12420 16.0 2,56 10 [2,5,6]
P1-R4-114b 4 R4 114 12420 [15.7, 16.9] 5 13 -
P1-R4-114c 5 R4 114 12420 [16.7, 20.0] 5 6 12 [2,8]
P1-R4-114d 4 R4 114 12420 [16.8, 18.0] 4 20 -
P1-R4-114e 10 R4 114 12420 8.0, 18.0 7 12 [9]

P2 P2-R4-142 9 R4 142 18033 14.0 1 12 [6]

P3 P3-R4-138 4 R4 138 17199 14.0 1 7 -

P4 P4-R4-126 4 R4 126 14775 13.5 2 12 [2,5]
P4-R4-136 7 R4 136 16785 119 5 7 19 [2,7]

P5 P5-R4-130 8 R4 130 15559 6.4, 20.0 56,7 20 [2,8]

P6 P6-R3-137 9 R3 137 13829 13.4 4,7 18 -
P6-R4-114 3 R4 114 12420 [15.7, 16.8] 4 5 -

pP7 P7-R4-145 4 R4 145 18665 9.7 1 15 [2,6]

P8 P8-R4-130 3 R4 130 15559 17.0 2 16 -
P8-R4-139 7 R4 139 17 407 16.0 5 7 19 -

aBatch identifier, general rule: (project/platform)—(material grade)-(diameter). See main text for additional comments.
bComma-separated values without brackets list unique entries for the given batch, whereas bracketed values are [min, max].

test database that forms the basis for the present study has been extended through inclusion of additional fatigue tests performed
at a range of mean load levels for both new and used chain; (iv) the choice of a grouping criterion for the hierarchical model is
discussed, and we argue in favor of a more refined subset division than that used in [16].

The paper is organized as follows. In Section 2, we describe the fatigue test database and review the corrosion grade scale.
In Section 3, hierarchical linear modeling is reviewed. In Section 4, we describe the data analysis and the choice of a grouping
criterion for the present data set is presented. Results are presented in Section 5 and discussed in Section 6. Conclusions are given
in Section 7.

2. Fatigue test data
2.1. Test database

The following attributes are common for all the tests included in the present study:

« All tests are for studless chain.
+ All tests were performed in artificial seawater.
» Only first fractures are included (i.e., continued tests to obtain failure in additional links are not considered).

An overview of the tests is given in Table 1. The new chain tests have been provided from three previous projects: the Noble
Denton (ND) joint industry study on 76 mm studless chain of grade R3 and R4 [17]; the TWI joint industry project on fatigue
performance of high strength and large diameter studless chain [10,19]; and a Vicinay (VIC) study on the fatigue performance of
R4 and R5 chains for a range of diameters [11,18].

The used chains have been retrieved by Equinor after service at eight different platforms (corresponding to the notation P1 to P8
in Table 1) in the North Sea and the Norwegian Sea, and then tested at constant amplitude cyclic loading until failure. Results from
several of these tests have previously been published in [2,5-9]. These samples cover a variety of diameters and chain conditions
— see listed references for additional details where available. Note the following for the used chain samples: (i) They have been
visually inspected for presence of fatigue cracks prior to testing, and no such cracks have been observed. (ii) A corrosion grade has
been assigned to each sample, as a quantitative measure of the chain’s surface condition. (iii) The used chains have experienced
limited general corrosion and corresponding material loss, with typically less than 1 mm for all groups but one. The exception is
the R3 chains for platform P6 (referred to as P6-R3-137 in Table 1), for which the diameter is reduced by 4 mm on average.
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Table 2
Description of corrosion grades.

Grade (c) Surface condition

New chain, or mild corrosion.

Some scattered local corrosion (pitting), less than 1 mm deep.

Larger areas effected, local corrosion (pitting) around 1 mm deep.

Large areas affected by pitting, 1-3 mm deep, the deeper sharper in nature.
Severe and widespread pitting, up to 4 mm deep, but somewhat less than grade 6.
Severe and widespread pitting, 3-6 mm.

Severe and widespread pitting, 3-6 mm and deeper. Sharp and deep pitting.

NO U A W=

c=5

Fig. 1. Examples of corrosion grades (c). None of the used chain samples in the database were graded with ¢ = 3.

In the table, the tests from each project and platform have been divided into subsets referred to herein as “batch”. A general
rule used to define these subsets has been to distinguish between different chain sizes (diameter) and material grades (R3/R4/R5).!
For most of the platforms (P2-P8), the general rule ensures that used chain samples retrieved from different positions along the
mooring lines (e.g., top or bottom chain) and after the same service life duration are grouped into different subsets. For one of the
platforms (P1), the top and bottom chains are of the same diameter and the samples have been retrieved at various points in time.
The subsets defined for this platform have therefore been further refined based on service life and time of retrieval.

A difference across subsets which is not reflected in Table 1 is the number of links included in the test rig for each of the tests.
The ND tests were conducted with 7 links; TWI tests were conducted with 7 links for 127 mm chain and 11 links for 76 mm chain;
Vicinay’s setup ranged from 2 to 9 links; and the used chain tests varied between 3 and 6 links, with 5 links for the majority of the
tests. Also, the solution of the artificial seawater applied in the test varied slightly depending on test facility and project: a sodium
chloride concentration of 3.5 wt% was used for the majority of the tests [5,10,18,19], with the exception of the tests reported by [8]
with 3.8 wt%, and the pH was typically in the range from around 7 [5,19] to around 8 [8,17].

The corrosion grade scale applied for assessment of the surface condition of the used chains is described in Table 2. Examples
of graded chain links are shown in Fig. 1. A shortcoming of this scale is the inevitable subjectivity involved, making its usage
vulnerable to inconsistent categorization. Assessment of the samples used for the present study has therefore been performed by a
small group of corrosion experts, to ensure that the corrosion grade scale is applied consistently across samples.?

Fig. 2 shows S-N plots of the test data included in the present study. The mean curve shown in each plot is obtained as the
least-squares fit of Eq. (1) with the slope fixed at m = 3. Compared to the new chain data (Fig. 2(a)), which vary only in terms of

1 This general rule is inadequate for the data from Vicinay, consisting of samples with a number of unique diameters. Subsets have therefore been defined
based on material grade only for this data.

2 Gabrielsen et al. [9] present preliminary results from ongoing work, aiming to develop computer algorithms that may be used to determine the corrosion
grade based on 3-D scans of the chain links. More work is needed for this approach to prove its robustness. However; if successful, future assessment of surface
condition may be based on objective algorithms, in lieu of the subjective assessment on which the current study relies.
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Fig. 2. S-N data from fatigue tests for new chain (left) and used chain (right). Mean curve (m = 3) for data in each plot (dashed line) and DNV-OS-E301 design
curve (solid line) are included for reference.

stress range and mean load, the used chain data (Fig. 2(b)) shows a larger horizontal scatter at each stress range level due to the
additional variation of chain condition. For S-N plots distinguishing between mean load and corrosion grade levels for the used
chain data, see [15].

It is worth noting that a few of the used chain samples have some degree of interlink wear and/or wear marks caused by fairlead
contact or from the manufacturing process. A limited reduction of the cross section is observed for these samples. Furthermore, the
fatigue test results have indicated that the observed wear has minor impact on the fatigue life obtained in the tests, particularly
when compared to the effect of pitting corrosion [6]. A possible explanation for the limited importance of the observed interlink
wear is that it may have two effects with opposite impact on fatigue life. It reduces the cross section, but also provides a better
link-to-link fit which could be beneficial to the hotspot stresses [5].

2.2. Joint occurrences of mean load and corrosion grade

Since the fatigue test results will be used to estimate empirically the mean load and corrosion grade effects, it is of interest to
examine the joint occurrences of these attributes within the test database. This is presented in Fig. 3. The combination of corrosion
grade 1 and mean load 20% MBL is the most common (47 tests), since all ND tests and all but one test from TWI were performed
at this mean load level. For used chain, a fairly large share of the tests are for corrosion grade 1-2 with a mean load of around
14% MBL (17 tests), and for corrosion grade 4-6 with a mean load around 16%-18% MBL (23 tests). It should further be noted
that there are no tests with corrosion grade 2-4 combined with a mean load below 14% MBL, only two tests with a corrosion grade
above 1 combined with a mean load of 20% MBL, and no tests with mean load above 20% MBL.

Compared to the data used for the study presented in [15], the database has been enriched with more tests at mean loads below
20% MBL. The Vicinay data [11,18] adds 19 tests for new chain (corrosion grade 1) with mean load in the range from 6.7% to
14.7% MBL, and the subset P1-R4-114e [9] adds 10 tests with corrosion grade 7 at mean loads 8% and 18% MBL (5 tests at each
level).

2.3. Fracture locations

Data on fracture location for new versus used chain samples are presented by Gabrielsen et al. [6]. These are consistent with
similar data presented by Mendoza et al. [16] and are representative also for the data set considered within the presented study.
They show that for new chain, around 50% of the fractures occurred from cracks initiated at the inner bend of the chain links
(referred to as “Kt point” in [16]), around 30% were initiated from the outside of the crown and the remaining fractures were on
the straight part of the chain link. For used chain, more than 80% of the fractures occurred at the crown whereas less than 15%
occurred at the bend. Furthermore, Gabrielsen et al. [6] also reported that the fracture locations depend on the surface condition
of the used chain samples: for mildly corroded chain without corrosion pits (i.e., close to as-new surface), around 75% of fractures
were at the crown and 25% were at the bend; and for chain links with corrosion pits, 95% of the fractures were at the crown and
none occurred at the bend.

The more frequent fractures at the crown for used chain samples could be due to interlink wear, causing a reduced cross section,
or due to fatigue crack initiation from corrosion pits at the crown [16]. However, as (i) the observed interlink wear is similarly
represented among mildly and heavily corroded chain samples and appears to have a limited impact on fatigue life and (ii) the
presence of corrosion pits has a considerable impact on fracture location, the most plausible explanation is that the crack initiation
is driven by the surface condition at the crown.
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Fig. 3. Combinations of mean load (4,) and corrosion grade (c) in database, and marginal histograms. Scatter plot data has been jittered (up to +0.3 in both
directions).

3. Regression analysis with hierarchical model
3.1. Motivation for using a hierarchical model

Classical regression under the assumption of normal distributed errors may be expressed as

yi =Py +x;p+¢;, fori=1,...,n

3)

€ ~ N0, 662)
where y; is the test outcome for the ith sample, f, is the intercept, = (f;,...,f,) is a column vector with p slope coefficients,
x; = (x;1,..,X;,) is a row vector containing p predictors, and ¢; is the model error. This model implies that the errors are assumed

to follow independent normal distributions, € ~ N'(0, 031 ), where o, is referred to as the standard error of the model and I is
the n x n identity matrix. However; if it is natural to sort the samples into groups (e.g., based on different size, material grade or
other attributes that vary across subsets), the data may be clustered, with correlated errors. This is referred to as a hierarchical
data structure, and it may then be incorrect to assume that the data points (and thus, the errors) are independent. When faced with
hierarchical data, two extreme alternatives for the regression analysis are [20, Chapter 12]:

» Complete pooling: fit a single model according to (3), ignoring the hierarchical structure of the data. This may lead to
underfitting, with biased estimates for the model coefficients and possibly poor predictive performance for new (unseen)
observations.

No pooling: fit separate models, applying the regression model in (3) to each group of data separately. This may lead to
overfitting and high variance estimates for the coefficients, unless each group contains a sufficient amount of data (which
is not the case in many practical problems). Furthermore, this approach (i) does not allow to enforce that groups may be
sharing some of the parameters of the model (e.g., one or more of the slope coefficients), and (ii) is inadequate for predicting
new observations in new (unseen) groups.

Regression analysis by use of a hierarchical linear model is referred to as partial pooling, and is a compromise between these
extreme approaches. It combines the data from all groups, thereby maximizing the information extracted from the data, while seeking
to avoid the issues of over- or underfitting the model. Also, the resulting model may be used for prediction of new observations
from both existing and new groups.

It is worth noting that a less extreme version of the no-pooling approach is obtained by adding categorical predictors for each
group to the complete-pooling model. In this case, the single regression model defined in (3) is adjusted as follows: the common
intercept (f,) is omitted, and one predictor is added per group with an indicator value that is either 1 (if the sample is a member of
the corresponding group) or 0 (otherwise). The coefficients associated with these categorical predictors then represent group-specific
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intercept parameters (instead of the common one, f,). This allows enforcing shared slope coefficients across groups while estimating
separate intercept parameters, but will still yield high-variance estimates and be inadequate for prediction of observations from new
groups.

3.2. Hierarchical linear model

The focus for the present study is on the model
vi=atxp+e;
€~ N(©0,070) @)
a; ~ Ny, 0'2)

where j € (1,...,J) is a group index, j[i] denotes group membership for the ith sample, and a; is the intercept associated with group
Jj. This type of model is called a varying-intercept model [20], and the model parameters are (ay,...,ay, B, ..., B, 6c, Uy, 04). The
error ¢; is not a model parameter. A particularity of this model is that both the group intercepts, a; (data-level parameters), and
the parameters yu, and ¢, of the distribution of these intercepts (higher-level parameters), are parameters of the model: they are all
estimated from the data in a maximum likelihood procedure, or have their distributions updated in Bayesian inference. Note that
under this model, we regard each group intercept a; as a realization from a common distribution, N (4, ¢2). This has the effect of
constraining them, so that they are pulled towards a common mean value (u,) compared to if they were estimated solely from the
data within each group.

An equivalent way of writing the varying-intercept model in (4) is to substitute «; = u, + n;, where n; ~ N'(0, 52) represents
the group-level error. In other words; compared to the classical regression model, the hierarchical linear model splits the model
error into two terms such that o, describes the standard deviation of data-level errors (i.e., within-group variations) and o, is the
group-level standard error (i.e., between-group variations).®> This implicitly allows for modeling of correlations within groups.

Appendix A briefly describes some aspects of the hierarchical linear model of relevance for the data analysis and interpretation of
results presented subsequently: the standard error of estimated group intercepts, the intraclass correlation (ICC) and the predictive
distribution for new (unseen) observations. For further details on hierarchical modeling, see e.g., [20], [22, Chapters 5 and 15]
or [23, Chapter 9].

4. Data analysis
4.1. Assumptions and limitations

The following assumptions and limitations apply to the present study. The consequences of these assumptions are discussed in
Section 6. (i) The study is limited to considering stress range effect fixed at m = 3. (ii) Prior fatigue loads and damage accumulated
during service life are disregarded. (iii) Differences in number of links in the test rigs are neglected. All test results are assumed
to represent failure of a single link. (iv) Nominal stress ranges are considered, rather than effective stress ranges accounting for
possible reductions of the cross section. An implicit assumption is thus that the material loss due to general corrosion is negligible,
and that the condition of the chain is fully represented by the corrosion grade.

4.2. Model

A varying-intercept model as defined in (4) is applied, with predictors for mean load and chain condition. The stress range
would generally also be included as a predictor. However, since we have assumed that the stress range effect is fixed at m = 3, it is
technically included in the outcome variable instead. The outcome and predictor variables are then:

y; =log N; +m-logsS;
Xi1 = gl(O'm,,-) %)
xip = 8(¢;)
where N is the number of cycles to failure at stress range .S, and g,(s,,) and g,(c) are functions of the mean stress (c,,) and corrosion
grade (c), respectively. The choice of these functions is based on findings from the previous study presented in [15], and is described
in detail subsequently.

Model parameters are estimated by using the Python module statsmodels [24] and its MixedLM class, which is an
implementation of the restricted maximum likelihood (REML) procedure described in [21].

3 The model in (4) is sometimes called a linear mixed-effects model, with a; (or n;) referred to as random effects and B referred to as fixed effects. See
e.g., [21].



E.N. Lone et al. Marine Structures 91 (2023) 103466

|
1

1

‘ l

¥ : X . Y . Y : Y v

“Batch”

Position/location Corrosive env. i Service duration i Size (diameter),
in mooring line > (temperature, i (no.ofyears i | grade (R3/R4/R5),
e.g., top, bottom) i nutrition) { in operation) i manufacturer

- | . | ; ‘ 1
oL \ \ |

Mean load
in operation

N Prior fatigue
N
AN loads and damage
A N S s s
N
N
<
Predictors B
Mean load Chain ‘COndltIOIl
i (corrosion grade)
in test ;
in test

Test outcome

Fatigue capacity

(no. of cycles e ----- - oo oo
to failure)

[

Test set-up
(no. links, environment,
test frequency)

Stress range Other, unknown
in test parameters
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border): controlled variable in test. Dashed arrow: indirect and/or presumably weak relationship.

4.3. Grouping criterion for the hierarchical model

An essential step in setting up the hierarchical model is the choice of a grouping criterion. That is, the attribute or property, or
set of such, by which we divide the data into groups j € (1, ..., J). This choice may have a large influence on the estimated model
parameters and therefore on the predictive performance of the model. The grouping must therefore be done as wisely as possible.
To describe how the various attributes and properties associated with each sample may influence clustering of the data, we will
distinguish between controlled, non-controlled and hidden variables: (i) A controlled variable may be assigned a value of choice in
connection with the experimental design of the tests, to make it independent of other variables affecting the outcome (e.g., the
stress range applied in a fatigue test); (ii) A non-controlled variable may be measured, but not controlled (e.g., the corrosion grade
of a sample); (iii) A hidden variable is any attribute or property that affects the outcome of the test, directly or indirectly, but is not
explicitly included in the regression model (e.g., the material grade or the prior fatigue loads of a sample).

Firstly; hidden variables that influence simultaneously both non-controlled predictors and the test outcome may cause correla-
tions within subsets of the data, resulting in biased estimates for the effects of these predictors if not accounted for. Secondly; in
practice, the values of the controlled variables are not necessarily as independent of the hidden variables as one would like them to
be, in particular for experimental data as costly as full scale fatigue tests. Hence, ideally, we want any hidden variable to have the
same value within each group. A dilemma is, however, that a too strict grouping criterion may result in many groups with few data
points each, causing high-variance estimates for the model parameters. Nevertheless, a fairly large number of groups containing
few observations is fully acceptable for the hierarchical model [20, p. 276]. In general, increasing the number of samples per group
should therefore not be a goal in itself, at the cost of defining a less suitable grouping criterion. This choice should therefore be
based on a careful evaluation of available data and the process behind them.

The hierarchical structure of the data included in the present study is illustrated in Fig. 4. In this diagram, boxes represent
attributes and properties of the sample or the test, whereas arrows indicate direct or indirect relationships. As indicated in the
figure, stress range applied in the test is a controlled variable. In principle, so is the mean load applied in the tests. This is largely
the case for the new chain tests, and for the latest tests for platform P1 (batch P1-R4-114e, see Table 1). The 10 samples within this
batch, providing test results for mean loads 8% and 18% MBL, are all retrieved from the same mooring chain segment (that is, the
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same mooring line and roughly the same location along the line). This ensures that variation in mean load across these samples is
made largely independent of hidden variables, thereby limiting their adverse influence to the test outcome within that batch. For
most of the other used chain batches, however, the tests have been conducted for a single mean load or over a small interval of mean
loads (with the exception of P5-R4-130, tested at 6.4% and 20% MBL). Moreover, the mean loads applied for these batches have
been selected partly based on mean loads experienced during operation. Despite being a controlled variable in principle, the mean
loads applied in these tests are therefore influenced to some degree by a hidden variable that also affects the test outcome indirectly
through its impact on the prior fatigue loads and damage. Grouping the tests across these batches may then cause clustering within
the groups, possibly resulting in biased estimates for the mean load effect.

Corrosion grade is inevitably a non-controlled variable. It cannot be assigned a value of choice to obtain an optimum experimental
design, and is largely influenced by hidden variables such as service duration, position in mooring line (which affects the corrosive
environment) and possibly also the material grade and the base material chemistry used by the manufacturer of that particular
sample [25]. Moreover; (i) all the hidden variables shown in the second level of Fig. 4 influence the fatigue loads and damage
accumulated during operation; and (ii) although previous studies for new chain have concluded that there is no significant effect
of size and material grade [10,11,17], we cannot presume a priori that this is the case also for corroded chain.

On this basis, the “batch” criterion defined in relation to Table 1 appears as a reasonable grouping criterion for used chain. This
is not to suggest that the prior fatigue loads and damage are the same for used chain within each batch. Rather, division by batch
ensures that relevant hidden variables have roughly the same value within each group. Note also that grouping purely by platform
may be a poor choice: although the hidden variables for each sample are certainly influenced by the platform at which they were
operated, their values may vary largely for samples originating from the same platform. As an example, two chain samples retrieved
from the same platform may be from different manufacturers or of different material grades, and may have been exposed to very
different mean loads levels or service durations depending on the chain diameters and positions within the mooring line.

Batch is applied as the grouping criterion also for new chain, enabling investigation of group effects related to size and material
grade for these samples as well — particularly in relation to different mean load predictors. Note that in doing so, we retain the
slightly inconsistent batch definition for the Vicinay data (i.e., based on grade only, ignoring size differences). This is believed to
be an acceptable simplification, as new chain samples are presumably less affected by hidden variables compared to used chain.

4.4. S-N intercept and design curve

Combining the S-N relation in (1), the predictor variables in (5) and the predictive distribution in Appendix A, the S-N intercept
for a sample from a new group has mean value

log A6, €) = py + By - 81(01) + By - 82(c) (6)

and standard deviation o = /02 + ¢2. This formulation implies that f; and f, quantify the effects on fatigue capacity from mean
load and corrosion grade, respectively, and is consistent with that used in [15] as given in (2).

According to DNV-OS-E301 [3], the design curve intercept should be associated with 97.72% probability of exceedance. Under
the assumption of normal distributed model errors, this is obtained by subtracting two standard deviations if the model coefficients
and ¢ are known. When p,, §;,f, and ¢ are instead estimated from data, the inferential uncertainty (also referred to as epistemic
uncertainty) of the estimated coefficients requires a larger offset of the design curve. This may be expressed as

108 Ap(0,:€) = fig + - 81(0,) + B - 82(0) =k, - 6. Kk, 22 @

where subscript -;, denotes design curve value, and superscript * implies that an estimate of the parameter is used. The offset k,
depends on the fatigue test sample size (n), and in principle it may also depend on the mean load and corrosion grade level for which
the intercept is calculated. The latter dependency is here neglected for simplicity, and the design curve offset (k,) is calculated from
the empirical function given in [3, Ch. 2, Sec. 2, clauses 6.6.3 and 6.6.4]. A convenient representation of the design curve intercept
is obtained by defining a design value for u,:

Aqp =g —k,- & ®

The design curve intercept is then obtained by substituting (4, p. f;, ) into (6).
4.5. Model variations

A summary of the base case considered for the data analysis is presented in Table 3, along with model variations that are applied
one at a time. The basis for addressing these particular variations is briefly described here.

A partial pooling model is the base case. Using batch as the grouping criterion gives J = 23 groups with group sizes ranging
from 3 to 14 samples per group at an average of 154/23 = 6.7. For data as scattered as fatigue tests, in particular when exposed
to varying mean loads and chain conditions, this amount of data per group may intuitively appear insufficient and associated with
a risk of overfitting. To get a sense of how the model performs in this regard besides the measures described previously, and how
partial pooling affects the estimated slope coefficients, we compare to results from complete-pooling and no-pooling models. The
complete-pooling estimates are obtained from classical least-squares regression with all data in a single group. The no-pooling
estimates are computed by adding categorical variables for groups to the complete-pooling model. This no-pooling implementation
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Table 3
Overview of base case and model variations.
Model and data Base case Variations
Pooling: Partial pooling Complete-pooling, no-pooling®
Predictors: g(0,) = 4, [% MBL] g(0,) =0, [MPa]
&) =c 8(c) =logc
Data set: All data New chain, used chain
Grouping criterion: Batch -

*Unpooled estimates for group intercepts (a;), and completely pooled estimates for slope coefficients ().

Table 4

Results obtained from REML. Units are associated with stress ranges in MPa.
Variation: Pooling Predictors New vs. used chain
Description: Partial® Complete None" Mean load Corrosion New Used
Model no.: 1 2 3 4 5 6 7
Pooling Partial Complete None® Partial Partial Partial Partial
Model parameters
n 154 154 154 154 154 67 87
J 23 1 23 23 23 8 15
£(0,) A Ay A o A Ay A
g (c) c c c c logc - c
Coefficient estimates and associated standard errors, se(-)
flg 12.236 12.270 12.177¢ 12.129¢ 12.1544 12.150 12.231
b —-0.0514 —-0.0518 —-0.0510 -0.0072¢ —-0.0508 —0.0503 —0.0547
b, —-0.0977 —-0.1052 —-0.0783 —-0.1003 -0.6616¢ - —0.0893
se(f1,) 0.0811 0.0601 - 0.0851 0.0815 0.1245 0.1034
se(ﬁ]) 0.0044 0.0033 0.0059 0.0007¢ 0.0046 0.0068 0.0060
se(f,) 0.0093 0.0058 0.0200 0.0111 0.0686 - 0.0119
Model errors and intraclass correlation (p)
6, 0.144 0.168 0.144 0.145 0.145 0.142 0.146
6o 0.092 - 0.116 0.123 0.104 0.079 0.099
& 0.171 0.168 0.185 0.190 0.178 0.162 0.176
p 0.29 - - 0.42 0.34 0.24 0.32
S-N intercept and fatigue life ratio at reference level (4, =20, c=1)
log A, 11.111 11.129 11.079 - 11.138 11.144 11.048
Niatio 1.00 1.04 0.93 - 1.06 1.08 0.87
Design curve values
k, 2.02 2.02 2.02 2.02 2.02 2.05 2.04
fap 11.891 11.931 - 11.744 11.794 11.817 11.872
log Ap e 10.766 10.790 - - 10.778 10.811 10.689
Np ratio 1.00 1.06 - - 1.03 1.11 0.84

2Base case.

bNo-pooling model with unpooled estimates for group intercepts and pooled estimates for slope coefficients.
¢For no-pooling model, y, is here calculated as weighted mean of group intercepts (weighted by no. of samples per group).
dNot directly comparable to base case estimate due to differing predictor unit(s).

corresponds to the aforementioned, less extreme version of a no-pooling model as described in Section 3.1: it does not result in 23
separate models, but a single model with unpooled estimates for group intercepts and completely pooled estimates for the slope
coefficients — consistent with the varying-intercept model applied for partial pooling.

Base case predictors, g;(c,,) = 4, [% MBL] and g,(c) = ¢, are defined based on findings from the previous study presented
in [15]. Variation of predictors is here limited to consideration of one alternative function for mean load and corrosion grade
effects, respectively. In [15], these alternative predictors did not perform as well as those defined for the base case, however; it is
of interest to reassess them in light of the hierarchical model and the extended data set.

The model applied assumes implicitly that the effect of mean load is independent of the chain condition. To assess the validity
of this assumption, we include partial pooling models considering new and used chain samples separately. These results will also
serve to quantify differences in fatigue performance and between-group variability for new versus used chain.

5. Results
5.1. Main results

Results for all model variations considered are listed in Table 4, and relate to stress ranges with unit MPa. From Eq. (6) it is seen
that the estimated mean intercept, /i, corresponds to the S-N intercept, log A(-), for the combination of g,(s,,) = 0 and g,(c) = 0.

With the base case predictors this occurs for zero mean load, 4,, = 0, which is irrelevant for operation of mooring chain, and the
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ND-R3-76 [14] —— ND-R3-76 [14] -—
ND-R4-76 [12] T ND-R4-76 [12] s e —
TWI-R4-76 [ 3] — TWI-R4-76 [ 3] —_————
TWI-R4-127 [ 3] — TWI-R4-127 [ 3] —_—
TWI-R5-76 [ 3] —— TWI-R5-76 [ 3] s a—
TWI-R5-127 [13] —— TWI-R5-127 [13] —_—
VIC-R4 [ 7] — VIC-R4 [ 7] —
VIC-R5 [12] T VIC-R5 [12] T
P1-R4-114a [ 6] —t— P1-R4-114a [ 6] —_——
P1-R4-114b [ 4] —— P1-R4-114b [ 4] —_—t—
P1-R4-114c [ 5] —_ P1-R4-114c [ 5] e m—
P1-R4-114d [ 4] —_—— P1-R4-114d [ 4] —_—
P1-R4-114e [10] —— P1-R4-114e [10] —_———
P2-R4-142 [ 9] —— P2-R4-142 [ 9] —t—
P3-R4-138 [ 4] —— P3-R4-138 [ 4] —_—
P4-R4-126 [ 4] -—— P4-R4-126 [ 4] ——r—T
P4-R4-136 [ 7] — P4-R4-136 [ 7] N E S E—
P5-R4-130 [ 8] — P5-R4-130 [ 8] B E—
P6-R3-137 [ 9] — P6-R3-137 [ 9] ———+—
P6-R4-114 [ 3] —_— P6-R4-114 [ 3] -_—
P7-R4-145 [ 4] —— P7-R4-145 [ 4] ——
P8-R4-130 [ 3] —+—— P8-R4-130 [ 3] ——————
P8-R4-139 [ 7] —_— P8-R4-139 [ 7] o e e e m—
-0.3 -0.2 -0.1 0.0 01 0.2 0.3 -0.3 -0.2 -0.1 0.0 0.1 0.2 0.3
Group intercept, a; — Uq Group intercept, a; — Uq
(a) Partial pooling, i, = 12.236. (b) No pooling, fio = 12.177.

Fig. 5. Group intercepts for partial pooling and no-pooling models with base case predictors; g,(s,,) = 4,,, &(c) = c. Error bars correspond to plus/minus one
standard error of group intercepts, se(&;). Number of tests (n;) given in brackets. Alternating background shading is used to distinguish between platforms. Note
that difference in average intercept (u,) between models is not revealed by the figure.

fictitious corrosion grade ¢ = 0. Direct comparison of i, across models is thus of limited value, even when identical predictors are
used. A more convenient reference level is the combination of 4,, = 20 and ¢ = 1. That is, new (or as-new) chain operated at a mean
load of 20% MBL, which is consistent with the current design curves given in standards. The S-N intercept for this reference level
is denoted A, in Table 4.

Another useful measure for comparison across models is the fatigue life ratio, defined as N_,;, , where
Ai’;?smse) is the reference value calculated from the base case model. Hence, N,,;, expresses the estimated fatigue capacity for a
given model, at the reference level, relative to the base case.

Design curve values are also given in the table. These serve two main purposes: (i) they enable comparison across models
accounting for differences in model errors, and (ii) the design curve intercept for the reference level, log A ., is directly comparable
to the S-N design intercept for studless chain given in DNV-OS-E301 [3] (log A;, = 10.778). As an example: at the reference level
(An = 20, ¢ = 1), the base case model (log Ap s = 10.766) gives a fatigue design capacity which is 3% on the low side of the
DNV-0S-E301 design curve (fatigue life ratio = 0.97) whereas the complete-pooling model (log Aj s = 10.790) is 3% on the high
side.

In Appendix B, the parameters fitted by REML for models 1, 4 and 5 are verified through comparison to Bayesian posterior modes
obtained from Markov chain Monte Carlo (MCMC) sampling. The appendix also includes a comparison of the predictive accuracy of
these models by means of leave-one-out (LOO) cross-validation, to support the discussion on alternative predictors in the capacity
model.

(basecase)
Aref

— lolog Apes—log

5.2. Group intercepts

Group intercepts and associated standard errors for the partial pooling and no-pooling models are presented in Fig. 5. The partial
pooling model (Fig. 5(a)) shows limited variations for the intercepts of new chain groups, particularly between groups originating
from the same projects (ND, TWI and VIC, respectively). The used chain groups exhibit a slightly larger between-group variation,
even for the P1 groups containing samples of the same size and material grade. One group stands out in particular: P6-R3-137,
which is the only group with used R3 chain. The group intercept for this group is the one that is shifted the most to the left in
Fig. 5(a), meaning that it is the group that underperforms the most compared to what the model predicts on average.

Similar variations are seen for the unpooled estimates (Fig. 5(b)), but with more pronounced deviations from the average
intercept and with considerably larger inferential uncertainty. Corresponding visualizations of group intercepts are shown in Fig. 6
for the models with alternative predictors.

5.3. New vs. used chain

From comparison to the base case analysis (ﬁl =-0.0514, ﬁz =-0.0977, 6, = 0.144, 6, = 0.092), the following initial observations
are made for the results of applying the partial pooling model for analysis of new chain and used chain data separately (models
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ND-R3-76 [14] —— ND-R3-76 [14] ——
ND-R4-76 [12] — ND-R4-76 [12] ——
TWI-R4-76 [ 31 — TWI-R4-76 [ 3] —
TWI-R4-127 [ 3] — TWI-R4-127 [ 3] —
TWI-R5-76 [ 3] —_— TWI-R5-76 [ 3] —
TWI-R5-127 [13] - TWI-R5-127 [13] —

VIC-R4 [ 7] -1 VIC-R4 [ 7] —
VIC-R5 [12] T VIC-R5 [12] —
P1-R4-114a [ 6] —— P1-R4-114a [ 6] -+
P1-R4-114b [ 4] — T P1-R4-114b [ 4] —
P1-R4-114c [ 5] —_— P1-R4-114c [ 5] —
P1-R4-114d [ 4] — P1-R4-114d [ 4] —_——
P1-R4-114e [10] — P1-R4-114e [10] ——
P2-R4-142 [ 9] — P2-R4-142 [ 9] —
P3-R4-138 [ 4]  a— P3-R4-138 [ 4] | ——

P4-R4-126 [ 4] 0 P4-R4-126 [ 4] —
P4-R4-136 [ 7] - P4-R4-136 [ 7] -
P5-R4-130 [ 8] ——]| P5-R4-130 [ 8] — e
P6-R3-137 [ 9] T P6-R3-137 [ 9] T

P6-R4-114 [ 3] —_— P6-R4-114 [ 3] T
P7-R4-145 [ 4] —t— P7-R4-145 [ 4] ——
P8-R4-130 [ 3] —r P8-R4-130 [ 3] —
P8-R4-139 [ 7] — P8-R4-139 [ 7] -

-03 -0.2 -0.1 0.0 01 0.2 0.3

Group intercept, a; — Uq

(a) Mean load predictor gi (o) = o [MPa] (model 4).
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-0.3 -0.2 -0.1 0.0 0.1 0.2 0.3
Group intercept, a; — Uq

(b) Corrosion grade predictor gz (c) = log ¢ (model 5).

Fig. 6. Group intercepts for partial pooling model with alternative predictors. See further explanations in caption of Fig. 5.

S-N intercept, A(gm, €)

6 lell

c=1, New chain data —— Am =10, All data
—— c¢=1, All data 5 ---=- Am =10, Used chain data
---- ¢=1, Used chain data —— Am =15, All data
—— c=4, All data ----- Am =15, Used chain data
---- ¢ =4, Used chain data 410 —— Am =20, All data
—— c¢=17, All data \‘*\\ ---- Am =20, Used chain data
---- ¢=17, Used chain data b

S-N intercept, A(0m, €)
w
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/

7.5 10.0 12.5 15.0 17.5 20.0 1 2 3 4 5 6 7
Mean load, Ap, [% MBL] Corrosion grade, ¢

(a) Mean load dependency, for ¢ € {1,4,7}. (b) Corrosion grade dependency, for A, € {10, 15,20}.

Fig. 7. S-N intercepts based on different data sets: base case (all data), new chain only and used chain only. The horizontal dash-dotted line is located at the
reference level 4, =20 [% MBL] and ¢ =1 for the base case model.

6 and 7 in Table 4, respectively). For new chain data: there is good agreement on the mean load effect (f; = —0.0503), the model
error is slightly reduced (6, = 0.142), the between-group variation is reduced (&, = 0.079), and the predicted fatigue capacity for
the reference mean load is a little less than 10% on the high side (N,,;, = 1.08). For used chain data: the model estimates a higher
mean load effect (f; = —0.0547) and a lower corrosion grade effect (f, = —0.0893), the model error is slightly increased (6, = 0.146),
the between-group variation is increased (6, = 0.099), and the predicted reference fatigue capacity is roughly 15% on the low side
(Natio = 0.87).

The difference in estimated fatigue capacity for new or as-new chain (¢ = 1) at mean load 4,, = 20 [% MBL] is thus around 25%,
when predicted based on new chain data compared to used chain data, and the analysis that is based on all data yields a compromise
between these two results. This is visualized in Fig. 7, showing S-N intercepts as functions of mean load and corrosion grade. Note
that the vertical axis of this figure shows A(c,,,c) = 101°64@n)_ as the predicted fatigue life is proportional to the S-N intercept on
this scale. At ¢ = 1, the deviations between the curves are fairly consistent across mean loads, although the difference in capacity
estimated from new versus used chain data is reduced to around 13% at mean load 4,, = 10, due to the slightly higher mean load
effect for the latter. Since the new chain data contains no information for ¢ > 1, the S-N intercept based on all data approaches
that based on used chain data for increasing corrosion grades. For ¢ > 3, these curves agree very well (Fig. 7(b)), indicating that
the differences in estimated mean load and corrosion effects cancel out.
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Corrosion grade effect

Mean load effect

“ ---- Complete pooling
—— Partial pooling
........ No pooling

—-0.07 —0.06 —-0.05 —0.04 —-0.03 -0.14 -0.12 -0.10 -0.08 -0.06 -0.04 -0.02
B2

B

Fig. 8. Comparison of slope coefficients estimated from complete-pooling, partial pooling and no-pooling. Probability density function of g ~ N'(4,se(4)?) where

f is estimated coefficient and se(-) is the standard error. Base case predictors: g(0,) =4, and g,(c) =c.

6. Discussion

6.1. Grouping criterion

We consider the base case model with partial pooling and base case predictors (model 1 in Table 4). The ICC is p = 0.29 and the
ratio of within-group to between-group variances is 652 /02 ~ 2.4. This implies that the group-level model (the common distribution
for «;) is moderately important for the current data set, carrying the same amount of information as 2-3 samples within groups.
Hence, the intercepts for the smallest groups (n; = 3) are approximately halfway between £, and the unpooled estimate. For groups
with more data, group-specific information is emphasized more than the overall average, increasingly so with increasing group size.

Consider now the group intercepts in Fig. 5. The partial pooling model (Fig. 5(a)) clearly constrains the intercepts and limits the
estimation variance compared to the unpooled estimates (Fig. 5(b)). The limited variation between new chain groups originating
from the same projects (ND, TWI and VIC, respectively) suggests that the new chain samples could have been collected into three
groups, representing each project. However, this does not disqualify the current grouping criterion. The larger between-group
variation for used chain groups (P1-P8) supports the choice of batch as the grouping criterion, and weighs against a coarser subset

division with larger group sizes.

Fig. 8 visualizes the estimated slope coefficients and associated uncertainty across the partial, complete- and no-pooling models.
All three models agree well on the mean load effect (§,), except for increasing uncertainty as the degree of pooling is reduced. A
plausible explanation for the good agreement is that much information about the mean load effect is contained within some few
groups with samples tested at both high and low mean loads (cf. Table 3). This is not the case for chain condition, which varies mostly
between groups and less within groups, leading to larger deviations in the estimated corrosion grade effect (4,). The partial pooling
estimate appears as a compromise between the complete- and no-pooling estimates, and slightly closer to the complete-pooling
model, indicating that it is able to extract information from chain conditions across groups without overfitting the model.

In conclusion, the partial pooling model performs well for the current data set and grouping criterion, with limited risk of

overfitting, despite the large number of groups and the small average group size.

6.2. Alternative predictors

Focus is now shifted to the alternative mean load and corrosion grade predictors (models 4 and 5 in Table 4). Compared to
the base case, both models perform equally well with regards to standard deviation of residuals (6,) but estimate a higher group-
level error (6,). This implies that they are able to describe within-group variations of the data well, but perform slightly worse in

describing between-group variations. This results in a larger spread for the group intercepts, shown in Fig. 6.

6.2.1. Mean load predictor
The alternative mean load predictor, g,(s,,) = o,, [MPal, differs from using 4,, [% MBL] as follows. Consider two samples of

the same diameter but of different material grades, that are tested at the same mean load when expressed in percentage of MBL
(i.e., same value of 4,). The sample with the higher material grade is then tested at a higher nominal mean stress (c,,) due to a
higher MBL. Specifically, the nominal mean stress will be around 23% higher for R4 compared to R3 chain, and around 17% higher
for R5 compared to R4 chain [26]. In other words; if 5,, were representative as a predictor for the mean load effect, we would
expect the lower material grade to perform better than the higher grades when tested at the same mean load level in percentage of
MBL.

In practice, by comparison to group intercepts for the base case model with g,(s,,) = 4,, (Fig. 5(a)), the effect of g,(5,,) = 0,
(Fig. 6(a)) is that the intercepts for R3 groups are shifted left compared to R4 groups, and intercepts for R5 groups are shifted
right. As a result, the ND and TWI group intercepts now exhibit a distinct spread. Considering that these groups contain fairly
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Corrosion grade, ¢

(b) Corrosion grade dependency, for A, € {10, 15,20}.

Fig. 9. S-N intercepts for g,(c) = ¢ (base case, solid lines) and g,(c) = logc (model 5, dashed lines). The horizontal dash-dotted line is located at the reference
level 4, =20 [% MBL] and ¢ =1 for the base case model.

homogeneous samples, all but one tested at a mean load of 20% MBL (the one exception being a TWI test at 10% MBL), this larger
spread weighs against using nominal mean stress as the mean load predictor. Note also that (i) the one used chain group with R3
chain (P6-R3-137) is shifted left and now deviates even more from the average intercept, and (ii) the intercepts for VIC groups are
actually shifted to agree very well for this model. Strictly, the latter observation favors the use of nominal mean stress, but it does
not outweigh the larger spread for ND and TWI tests and the overall increase in between-group variation (é,). On this basis, the
base case model with mean load predictor g,(s,,) = 4,, is thus considered more adequate. This conclusion is supported by the model
comparison presented in Appendix B.

A plausible explanation for the base case predictor’s ability to better describe the mean load dependency are differences in proof
load across material grades. For studless chain, the required proof load is 70% MBL [26], meaning that higher proof loads are applied
to higher material grades. The proof load induces compressive residual stresses that are beneficial to the fatigue performance of the
chain, increasingly so for increasing proof load [27]. A further discussion on residual stresses in mooring chain links and their impact
of fatigue life is presented in [28].

6.2.2. Corrosion grade predictor

Two main observations are made by comparison of the model with alternative corrosion grade predictor, g,(c) = logc, to the base
case model. Firstly, the alternative corrosion predictor has minor influence on the estimated mean load effect, both in terms of f;
and its estimated standard error (see model 1 vs. 5 in Table 4). This is consistent with the results discussed previously, indicating that
much information about the mean load effect is contained within groups with no or limited variation of corrosion grade. Secondly,
the between-group variation is only slightly increased, from &, = 0.092 to 6, = 0.104, making it more difficult to observe from visual
inspection of group intercepts (Fig. 6(b), compare to base case in Fig. 5(a)). It is further noted that the estimated S-N intercept at
the reference level (log A,¢) is higher for this model, with a fatigue life ratio of 1.06 compared to the base case. However; the log ¢
function describes a more rapid degradation of the fatigue capacity when the corrosion grade increases from ¢ = 1, as illustrated in
Fig. 9. The difference is largest around ¢ = 3 (Fig. 9(b)), with the base case model roughly 25% on the high side, then diminishes
for increasing values of c¢. Since the model is purely empirical, however, it provides no basis for choosing one function over the
other besides the difference in between-group variation.

In conclusion, these results support the base case model with g,(¢c) = ¢ over the alternative predictor g,(c) = logc. One could
argue that the latter option makes a conservative choice for most of the corrosion grade scale, but overall it has less support in the
data set. Again, this conclusion is supported by the model comparison in Appendix B.

6.3. Mean load and corrosion grade effects

The S-N intercept in Eq. (6) with base case predictors implies A(c,,,c) o 1014m . 1072, The base case model thus predicts an
increase in fatigue capacity by more than 30% for a mean load reduction of 2.5 [% MBL] (10~00314(=25) = 1 34), and by around 80%
for a mean load reduction of 5.0 [% MBL] (10~%-0514(=50) — 1 81). This a substantial effect, considering that shifting the intercept by
one standard deviation corresponds to an increase in capacity by around 50% (10%17! = 1.48).

Similarly, the model predicts that increasing the corrosion grade by one unit reduces the fatigue capacity by 20% (10~09977"1 =
0.80). This can be interpreted in terms of the classical approach of scaling stress ranges by the reduction in cross sectional area as
follows. For a given tension, the effective stress range is inversely proportional to the effective area, implying S « de‘f% where d ¢
is the effective diameter after accounting for material loss due to general corrosion. From the S-N relation in Eq. (1), we then get
N o d*" and ultimately deg o 10%2°¢/2m = 10-00977¢/6, Hence, each increase by one unit on the corrosion grade scale would require
a reduction of the effective diameter by around 4% if the classical approach were used instead. As an example: for a 114 mm chain
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this corresponds to a diameter reduction of 12 mm for ¢ = 4 or 23 mm for ¢ = 7, which are both significantly more than the material
loss observed for any of the used chain samples in the test database. It is thus concluded that the effect of pitting corrosion and
surface condition, as described by the corrosion grade, is much larger than that which may be attributed to the general corrosion
and material loss represented within the present data set.

A possible criticism of the model is the lack of an interaction term between mean load and corrosion grade effects. The mean load
effect is thus assumed to be independent of chain condition and prior fatigue loads. However, the results reveal minor differences
in the mean load effect estimated from new versus used chain data (Fig. 7). By further noting that (i) the used chain samples cover
a large range of mean loads for ¢ = 7 (cf. Fig. 3) and (ii) the used chain groups with the largest within-group variation of mean
load contain heavily corroded chains (P1-R4-114e and P5-R4-130, see Table 1), it is concluded that the current data set does not
support the need for a more complex model that includes such interaction.

6.4. New chain: effects of chain size, material grade and test setup

The distinct clustering of intercepts for, respectively, ND and TWI groups in Fig. 5(a) supports the previous reports on insignificant
effects of size (diameter) and material grade for new chain. Both projects include a group of 76 mm R4 chain, so a reasonable
explanation for deviations between ND and TWI tests is differences in test setup. One such difference is the number of links included
in each test. Recall that ND used 7 links, whereas TWI used 11 links for 76 mm chain and 7 links for 127 mm chain. As the weakest
out of 11 links is likely to fail before the weakest out of 7 links, there could be a minor size effect that is disguised by a difference
in number of links. On the other hand, the deviations could be due to other differences related to the execution of the tests. For
example: the TWI tests were conducted with a load cycle frequency between 0.2 and 0.5 Hz whereas the ND tests were mostly
conducted with frequency 0.7 Hz, and previous studies have indicated that a higher load frequency leads to longer fatigue lives in
the tests [10,17]. In any case, the deviations are practically insignificant in this context, and no conclusion can be drawn based on
limited group sizes.

Slightly larger variation is observed between the VIC groups, containing tests performed at a range of mean loads. This does not
necessarily suggest a difference in the mean load effect for R4 compared to R5 chain, because (i) deviations are still small, and (ii)
the VIC tests were performed for a range of diameters, with a varying number of links and with different load frequencies [18].

6.5. Used chain

6.5.1. General corrosion and material grade

Batch P6-R3-137 stands out as the group with the largest material loss due to general corrosion and as the only used chain group
of R3 grade. It is also the group that performs worst in comparison to the average model predictions (Fig. 5(a)): compared to the
overall average (/,), the group intercept for P6-R3-137 corresponds to a fatigue life that is around 30% lower based on the partial
pooling model and almost 50% lower for the no-pooling model.

With a nominal diameter of 137 mm, the average material loss for this group (4 mm) corresponds to an increase in the effective
stress range of 6% and a reduction of the fatigue life of roughly 20%. The use of nominal stress ranges for the data analysis,
neglecting the effect of material loss, may thus partly explain the results for this group. Possible explanations for the additional
deviation include: (i) Larger prior fatigue damage for this group compared to other groups (in this case it is not due to the long
service life of 18 years alone, as there are several used chain groups with service life 18-20 years that performed better in the
tests); (ii) The corrosion grade scale is not applied consistently for this particular group; (iii) The corrosion effect is different for
R3 chain compared to R4 chain; (iv) General corrosion and material loss may affect the outer layer of compressive residual stresses
and therefore influence the mean load effect; (v) It is by chance. However, until more used chain samples of R3 grade and/or with
general corrosion are included there is no basis for distinguishing between these possible contributions to the observed deviation.

6.5.2. Prior fatigue loads and deviations from new chain results

A possible explanation for the deviations between new and used chain data, as seen from Fig. 7, is that the latter are influenced
by prior fatigue loads and damage. The ratio of the allowable fatigue capacity in design to the estimated median capacity is
Ap/A = 107%+% which for the base case model is around 0.45. In addition, safety factors in the range from 5 to 8 are required on
estimated fatigue damage over the service life of the chain [3], reducing the allowable utilization to 6%-9% of the median capacity.
Furthermore, the majority of the used chain samples included here were designed to a safety factor of 10 due to stricter company
requirements, and retrieved before the end of design life was reached, further reducing the presumed utilization to below 5%. There
are, however, other factors that influence the actual utilization of the chain prior to the fatigue tests:

+ Actual fatigue loads that the chains were exposed to during the service life. These may be higher or lower than those estimated
in design, depending on the accuracy of the numerical models and computational tools and the amount of conservatism (or,
lack of such) included in the design analyses.

* Mean load during operation. A higher or lower mean load during service than in the subsequent test will influence the test
result. For samples that were tested at mean loads similar to those experienced during operation, however, this effect should
cancel out.
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Fig. 10. Residual plots for base case. Plotting position has been jittered along horizontal axis for mean load, corrosion grade and service life.

+ Chain condition during operation. This will, presumably, have the largest impact on the samples with the lowest corrosion
grades. During operation, these will have accumulated loads at a chain condition similar to that in the test. For the samples
with the highest corrosion grades, a large share of the fatigue loads will have accumulated for a better chain condition than
during the test, thereby utilizing less of the fatigue capacity at this chain condition during the prior service life.

Altogether, it seems unlikely that prior fatigue loads alone would be the cause for as much as 25% difference, on average, in
the fatigue performance of used chain compared to new chain.

Alternative explanations or contributions to the observed differences are the following, possibly in combination. (i) The condition
of chains rated to ¢ = 1 may not be strictly comparable to that of new chains. For instance, the surface roughness of the used chains
may be slightly higher than that which is achieved from pre-soaking new chain samples in artificial seawater. (ii) The mean load
and corrosion grade-dependent S-N intercept in (6) with g,(c) = ¢ implies A(q,,,c) « 1072, and this empirical formulation does not
likely represent the true effect of chain condition. (iii) None of the used chain samples with ¢ € {1,2} were tested at the highest
mean loads (see Fig. 3), meaning that prediction of fatigue capacity at the reference level (4,, = 20,¢ = 1) involves extrapolation
beyond the used chain data set. With 4,, = 14, for which several such samples were tested, the difference in estimated capacity is
reduced to around 17%.

In any case, the differences between the results obtained for the two data sets are small compared to the estimated mean load and
corrosion effects over the range of tested values: they correspond roughly to the effect of increasing the mean load by 2.5 [% MBL]
(10‘71 25 = (.74) or an increase in corrosion grade by around one unit (10/§2‘1 = 0.80). Finally, keep in mind that the above discussion
is based on point estimates for the model coefficients. Due to inclusion of fewer fatigue tests, the uncertainties associated with the
coefficients are larger when estimated from either new chain or used chain data than for the base case model with all data. The
difference in 4, (or log A,.;) between the three models is less than or equal to one standard error for the intercept.

6.6. Stress range effect

The residuals, describing differences between the data observed in the tests and those predicted by the model, are given by
r; = y; — 9;, where y, is the test outcome, defined in (5), and J; is the value predicted by the model. Residuals of the base case model
are inspected in Fig. 10. They show no clear patterns when plotted versus the predictors (4,,,¢) or the service life of the chain.
However; when plotted versus the stress range applied in the test, they reveal a clear trend with positive residuals for high stress
ranges. This suggests that the data might favor a lower stress range effect (i.e., a lower value of m and a steeper curve in S-N plots),
had it not been fixed at m = 3. Fig. 2 shows that the tests with highest stress ranges are all for new chain samples. This is consistent
with previous studies on the new chain data from ND and TWI: when the stress range effect is estimated from the data, (i) the TWI
data results in m ~ 2.7 for 127 mm chain and m ~ 3 for 76 mm chain [10], and (ii) the ND data results in an even lower stress range
effect than that obtained for the TWI data [17].*

On the other hand, some used chain studies have suggested that a higher stress range effect may be appropriate for highly
corroded chain. For the subset P1-R4-114e (cf. Table 1), with ¢ = 7, Gabrielsen et al. [9] found that the data indicates m > 3 for the

4 The steeper curve for the ND data may also be seen from Figure 4 in [10] or Figure 21 in [9].
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tests with 4,, = 18 [% MBL], and even more so for the tests with 4,, = 8 [% MBL] (although, with only five tests at each mean load
level the uncertainty in estimation of m is large for these two groups). Such trends are not revealed by the residual plots in Fig. 10,
meaning that they could in principle be disguised by the model as corrosion grade effects or as group differences.

The model issues implied by Fig. 10 and the diverging reports for new chain compared to used and highly corroded chain advise
caution as to how the stress range effect is treated. A step towards better understanding how the model parameters (including
m) vary across groups, could be to generalize the varying-intercept model in (4) to a varying-intercept, varying-slope model [20].
However; a complicating factor is that the new chain tests cover a different interval of stress ranges compared to the used chain
tests, as shown in Fig. 2. This implies that the resulting experimental design matrix is suboptimal with respect to the spread of
stress ranges, mean loads and corrosion grades. Results from a model with even more parameters than the model applied for the
present study should therefore be carefully evaluated before any conclusions are drawn, for instance by considering the posterior
distributions of the parameters to assess how well defined they are by the data.

6.7. S-N design curves for reference level

Consider a sample that failed after N, cycles in a test conducted with stress range S| and associated with the parameters {o,, |, ¢},
and that we want to predict what the fatigue life would have been had the test been conducted with the same stress range but for a
different mean load and corrosion grade, {o,,,.c,}. By requiring that S, = S|, where S, is the stress range in the hypothetical test
for {5,,,.¢,}, the resulting transformation obtained from the S-N relation in (1) is simply the ratio of the S-N intercepts for the two
states, A(0,,,.¢)/A(c,,,¢;). For the base case model it is:

N
22 0 10h(hma—Am1) . 10P2(c2=c1) 9
1 —— — —
Mean load correction Corrosion grade correction

where N, is the predicted fatigue life of the given sample in a test associated with the alternative state, {c,,,,¢,}. As noted, the
transformation has been split into two factors to distinguish between the correction due to differences in mean load and corrosion
grade, respectively.

Fig. 11 shows a S-N plot with all data transformed by (9) to represent the reference level, 4,, = 20 [% MBL] and ¢ = 1. The scatter
of the data, in terms of deviation from the mean curve, is considerably reduced for both new and used chain tests compared to that
seen for the raw data in Fig. 2. It is emphasized that the estimated group-specific intercepts, &;, are not utilized for adjustment of
the data for this plot. The between-group variability is instead accounted for by using the total standard deviation, &, to establish
the design curve in accordance with (7). It is noted that two of the used chain samples fall below the design curve of the model
that is based on all data (Fig. 11(a)). The fact that these two least favorable results are both for used chain may be due to the larger
variability for these data, or it could be that the corrosion grades assigned to them do not fully represent the condition of these
samples. In any case, two samples falling below the design curve is acceptable, in principle, considering the total number of tests
(n = 154) and the required 97.7% exceedance probability. A possible remedy could be to utilize the model which is based on used
chain data only (model 7, cf. Table 4). For this model, the lower estimated mean curve and the higher standard deviation (6) shifts
the design curve just enough towards lower fatigue life for all the samples to fall above the design curve (Fig. 11(b)).
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6.8. On assumptions and limitations

Assumptions and limitations that have not yet been addressed are now briefly discussed.

Variability of used chain data. The model that is only based on used chain data results in a larger within-group variability (¢,)
compared to the model which uses only new chain data (cf. Table 4). This could suggest that corrosion increases the variability of
the fatigue performance, although, the differences are small and a systematic study of the variability within groups with different
corrosion grades is needed to conclude. A more pronounced increase is seen for the between-group variability (s,), suggesting
a larger influence from hidden variables for used chain compared to new chain or that the corrosion grade scale has not been
applied consistently across groups. Furthermore; a concern is that the used chain data, consisting of mostly R4 chain, could be too
homogeneous such that ¢, might be underestimated. This could be addressed by inclusion of more used chain samples with material
grades other than R4.

Chain condition. The corrosion grades assigned to the used chain samples are treated by the regression model as certain values.
Consequently, the uncertainty that arises from using this subjective measure is not quantified by the model. Until a more objective
method for quantification of chain condition is available, the uncertainty in the estimated corrosion grade effect (ﬂ}) therefore cannot
be accurately quantified. It is also emphasized that the used chains were visually inspected before the tests, without detection of
fatigue cracks in any of the samples. Hence, the model is strictly valid only for chain segments for which the crack initiation has
not evolved into visible cracks.

Validity of mean load effect. Tests have been conducted for mean loads in the range from 6% to 20% MBL, with the majority (143
out of 154 tests) from 8% MBL and upwards. The model should therefore be used cautiously for prediction of fatigue capacity for
mean loads outside this range, as the data set includes no tests that can be used to quantify the fatigue performance at lower or
higher mean loads.

Design curve estimation. S-N design intercepts presented here are estimated by applying an offset to f,. This simplification neglects
the inferential uncertainty of the slope coefficients which could, in principle, affect the required design curve offset differently at
various mean load and corrosion grade levels. A formally more correct approach would be to account for this inferential uncertainty
and estimate the intercept with 97.72% exceedance probability for a range of mean loads and corrosion grades, for instance by use
of Monte Carlo simulation. Some examples on how such simulations may be used to account for the effect of inferential uncertainty
on any quantity of interest are presented in [20].

Number of links. We have assumed that the test results represent single link failures, while in practice, they represent failure of
the weakest out of multiple links. Our assumption has the following impact on the results: (i) the estimated distribution is shifted
towards lower fatigue capacity, (ii) the within-group variability (c,) is underestimated, and (iii) the assumption of normal distributed
errors is questionable. The former two effects have opposite implications with respect to conservatism, and they are both amplified
by considering first fractures only (as consideration of additional failures would provide data points at longer fatigue lives and
presumably increase the variability). In sum, however, the assumption is considered to be conservative. Note also that differences
in number of links applied in the tests lead to inconsistencies across groups. This is not addressed, but may in principle be perceived
by the model as a group effect.

7. Conclusion

Full scale fatigue test data of new and used studless mooring chain have been analyzed. Both new chain data and used chain data
include tests conducted at a range of mean load levels between 6% and 20% MBL. In addition, the used chain samples represented
a range of surface conditions, quantified by means of a custom corrosion grade scale ranging from 1 (new or as-new chain) to
7 (heavily corroded chain). Based on an extended S-N formulation with a parameterized S-N intercept parameter, the effects of
mean loads and corrosion grade were quantified empirically from the data. A hierarchical varying-intercept model was used for
the regression analysis, to quantify correlations within subsets of the data and properly account for their effect on the estimated
model coefficients. Detailed results of the data analysis have been presented and thoroughly discussed, including the goodness of
the selected grouping criterion, the magnitude of mean load and corrosion effects, differences in the fatigue performance of new
versus used chain samples and consequences of modeling assumptions.

We have shown that the data supports a subset division based on platform of origin, chain size, material grade and service
life duration, and that this refined grouping criterion does not lead to an overfitted model. Furthermore, mean load and chain
condition are shown to have a significant impact on the fatigue performance of the chains, such that the fatigue life (i) increases
when the mean load is reduced and (ii) decreases when the corrosion grade increases. Over the range of mean loads and corrosion
grades considered, these effects are considerably larger than the differences in estimated fatigue life for new versus used chain when
evaluated at the same mean load and corrosion level.

The used chain data are all of R4 material grade except one group of R3 chain, which is also the only group with general corrosion
and material loss of some importance. The results for this R3 group suggest that (i) material loss may need to be accounted for in
addition to the corrosion grade describing surface condition, and (ii) the used chain data set may be overly homogeneous and lead
to an underestimation of the variability of the fatigue capacity. Inclusion of more tests for used chain samples with considerable
material loss and for material grades other than R4 could serve to further quantify this.
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Further work. The present work has been limited to assuming fixed stress range effect (m = 3), and validation of the model indicates
that this assumption is questionable. Although we have shown that the resulting model is still able to describe the effects of mean
load and corrosion and predict the fatigue performance of mooring chains reasonably well, this somewhat stringent assumption and
its impact on fatigue life prediction should be further assessed as part of future work. Also, methods to measure objectively the chain
condition would greatly improve the model, and mitigate uncertainties related to the current subjective assessment. Finally, fatigue
tests of both new and used chains at mean loads above 20% MBL would contribute to an improved understanding and quantification
of the mean load effect beyond this level. This would be of relevance for the mooring systems of for instance floating wind turbines,
possibly operating at such higher mean loads over long periods.
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Appendix A. Some aspects of the hierarchical linear model

This appendix briefly describes relevant properties and aspects of the hierarchical linear model described in Section 3 and defined
in Eq. (4).

Standard error of &; and effect of group sample size. Given the data and model parameters, the posterior distribution of the group
intercepts «; follow independent normal distributions [20, p. 394], «; ~ N (@ ;»V;), where @; is the posterior mean of «; and V; is
the corresponding estimation variance. These are given by

-1
o=V (L, %8+ - A 7%))
a; =V; O__gyj' xjﬂ) glla > ji= 6—3 O'_g .
where n; is the number of samples in group j, j; is the mean of the outcomes for group j, x; is a vector containing the means of the
predictors for this group. This implies that (i) for groups with sample size n; < 02 /02, the estimated intercept is closer to y, than to
the unpooled estimate that would be obtained from group-specific information only (i.e., y;, — X;8); (ii) for groups with n; > o-f /o2,
the group-specific information is more important than y,; and (iii) the uncertainty in &; decreases with increasing group sample
size, n;.

> 1

Within-group correlation. The hierarchical linear model in (4) implies that the outcomes for samples within the same group are
correlated with correlation coefficient

o,
p=—=" (A.2)
o, t+o0;

This quantity is also known as the intraclass correlation (ICC).

Prediction of new observations. Two scenarios are of relevance for predicting the outcome for a new sample. (i) For a new sample,
¥, from an existing group j, the outcome may be predicted from j ~ N(e; + iﬂ,aez), where X are the predictor values for the
new sample. Note that as written here, the predictive distribution ignores inferential uncertainty and assumes that the coefficients
(a;, B,0,) are known. In practice, estimated values (&;, B, 6,) must be used and the inferential uncertainty may be of importance as
well. (ii) For a new sample from a new group (i.e., a group that was not included in the data analysis), the intercept is unknown
and must be predicted from & ~ N (4., 62). This may be expressed as

§~ N, +%B,0%) (A.3)
where o = y/02 + 62 is the total standard deviation of the outcome for a new sample from a new group.
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Table B.5
Comparison of model parameters estimated from REML vs. MCMC (sample size 2 x 10%). For MCMC, listed point estimates and standard errors se(-) are the
modes and standard deviations of the simulated posterior distributions, respectively.

Model no. 1 4 5
Description Base case Alt. mean load predictor Alt. corrosion predictor
81(o,) Am O A
8 (c) c c logc
Method REML MCMC REML MCMC REML MCMC
flg 12.236 12.232 12.129 12.128 12.154 12.155
b —-0.0514 —-0.0512 —-0.0072 —-0.0072 —-0.0508 —-0.0508
b, -0.0977 —0.0975 —0.1003 —-0.0999 —-0.6616 —0.6614
se(fl,) 0.0811 0.0841 0.0851 0.0867 0.0815 0.0848
se(f)) 0.0044 0.0045 0.0007 0.0007 0.0046 0.0047
se(f,) 0.0093 0.0098 0.0111 0.0118 0.0686 0.0740
6. 0.144 0.144 0.145 0.145 0.145 0.144
6,4 0.092 0.089 0.123 0.120 0.104 0.102
& 0.171 0.169 0.190 0.188 0.178 0.176
log Ay 11.111 11.110 - - 11.138 11.139
Table B.6
Model comparison by LOO cross-validation, obtained from PSIS-LOO. See main text for description of columns.

Model no. Description elpdyg, Proo elpdyicr w

1 Base case 68.2 19.1 0.0 0.74

5 Alternative corrosion predictor 66.8 20.2 1.4 0.20

4 Alternative mean load predictor 65.6 21.3 2.6 0.06

Appendix B. Model comparison by Bayesian inference and cross-validation

As a verification of the model parameters estimated by REML, and as the basis for model comparison through LOO cross-
validation, Bayesian inference is applied to the base case model and the models with alternative predictors (models 1, 4 and 5,
cf. Table 4). The posterior distributions of the model parameters are obtained from MCMC sampling using the Python module
bambi [29] (version 0.10.0), with weak priors for B, o., 4, and o,. In Table B.5, the REML estimates are compared to the estimated
Bayesian posterior modes. They are seen to agree very well across all listed parameters and standard errors, for all three models.

For comparison of the predictive fit of the models, we apply Pareto-smoothed importance sampling leave-one-out cross-validation
(PSIS-LOO), a method proposed by Vehtari et al. [30]. This procedure uses the simulated posterior distributions to provide an
estimate of each model’s pointwise out-of-sample predictive accuracy, similar to the widely applicable information criterion (WAIC)
which is asymptotically equal to LOO [30]. The calculations are conducted using Python module arviz [31] (version 0.15.1) and
its function arviz.compare(ic=’100’), see Martin et al. [32, Sec. 2.5].

The results from this comparison are presented in Table B.6, with models listed in descending order with respect to the predictive
accuracy. The columns of this table are defined as follows: (i) elpd,, is the expected log pointwise predictive density, estimated by
PSIS-LOO and given on a “log score” scale (meaning that a higher value describes a better predictive fit); (ii) ., is the estimated
penalization term for model complexity and may be loosely interpreted as the effective number of parameters; (iii) elpdg;; is the
difference between the value of elpd,,, for the model with the highest predictive accuracy (out of those considered) and that obtained
for each model; (iv) w is the “Akaike weight”, which may be interpreted as the relative likelihood of each model [33, Sec. 2.9].

For the data set considered within the present study, the results in Table B.6 support the choice of the base case model over
those with alternative mean load and corrosion grade predictors: it is nearly 4 times more likely than model 5 with g,(c) = logc and
roughly 12 times more likely than model 4 with g,(s,,) = 6,,. It is also noted that the estimated penalization term, p,,,, is slightly
higher for models 4 and 5 compared to the base case model. This is consistent with the lower constraint on the group-specific
intercepts for these alternative models, as quantified by the higher between-group variability (&,).
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