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Abstract

This thesis provides an in-depth discussion of housing markets and their effects on the
volatility of aggregate economy. This thesis consists of three major theoretical models and
one empirical model. Chapter one gives an introduction to the housing markets and what the
literature suggests about their effects on the wealth of households, as well as the contribution

and structure of the thesis are discussed.

Chapter two examines the role of collateral constraints in a baseline model with no Buy
to Let (BTL) sector in the economy. Using a core framework of Dynamic Stochastic General
Equilibrium (DSGE) models, I found that when houses act as collateral, change in house prices
have a substantial effect on the consumption of agents who are collaterally constrained. In par-
ticular, Borrowers are better off when the house prices are subjected to an increase, compared
to that of agents who are not collaterally constrained. Furthermore, when amount of lending is
based on income, I found that labour dynamics play a huge role and Borrowers are subjected
to a substitution effect with a positive technology shock in housing market and this leads to an
increase in labour and net income of Borrowers and in turn an increase in the their housing is

observed.

In light of the Bank of England paper by Baptista et al. (2016) and then consultation by the
Financial Policy Committee (FPC) on the risks of BTL markets on the economy, chapter three examines
the role of BTL markets on the volatility of house prices using a DSGE framework with Dixit
Stiglitz Lite Utility. As the policy is expected to operate at business cycle frequency, I built a DSGE
model rather than an OLG model. The results from the model indicate that by altering the size of BTL
markets using downpayment ratio as a macro prudential policy has a very little effect on the volatility of
house prices as opposed to the agent based model Baptista et al(2016). Such results indicate that there
is a chance for some serious supply constraints in the economy especially in the urban areas. However,

changes in size of BTL markets do have a substantial effect on the volatility of an aggregate economy.

This leads us to chapter four, which investigates the effects of a rich set of shocks including news
shocks on my model economy with agents subjected to CES utility. I use this framework to analyze
which policy out of the Macro prudential of Downpayment ratio and Monetary policy is better to curb
the volatility of the aggregate economy. The results indicate that labour markets play a pivotal role in
most of the dynamics and the volatility stemmed from the Monetary policy shock is substantially high
on housing market compared to that of the consumption goods market. I also found that Monetary policy

is the only effective policy which affects the Hand to Mouth agents optimal choices. However, Macro



prudential policy is more effective in both the Borrowers and Savers volatilities of choice variables. With
a News shock in Monetary policy, I tend to observe that the economy volatility is only affected by the

Monetary policy with no affect from Macro Prudential policy.

Finally in chapter five, I take my baseline models augmented with habit formation: one without
housing and the other one with housing, to data. Using the 1980 to 2020 quarterly data of U.S and
employing the Bayesian Estimation techniques, I have estimated some key parameters and compared
the estimated parameters between the two baseline models. Results show that most of the estimates are
in line with the literature. Inclusion of housing has substantially increased the effect of the monetary
policy and it’s persistence in the economy. Due to the inclusion of collateral constraint, agents are
subjected a better wealth effects and this leads to them reacting less to the change in wages. Habits have
slightly increased with the inclusion of Borrowers in the economy as they are constrained and to account

for the aggregate consumption levels, Borrowers tend to form higher internal habits in consumption.
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1 Introduction

Housing markets have always been subjected to debate among the economists around the globe. We have
seen cross country house price growth in the long run especially after the mid twentieth century. On the
other hand, these markets have been subjected to quite a lot of booms and busts in house prices during
the short and medium runs. On top of that, housing wealth is perceived to have both wealth effects and
collateral effects on agents during the life cycle. In this section, I will go through a brief literature review
on housing markets, behavior of house prices in the long run, house price movements, housing crisis during

short run and the wealth effects of the such housing markets.

1.1 An Introduction of Housing Market

The long run trend of the house prices has always been on a rise since the world war II see e.g., Knoll,
Schularick and Steger (2017). “U.K. average house prices have risen by over 160 percent in real terms
since the middle of 1996. However, the home ownership in U.K. remains around its lowest level for a
generation. Among political leaders, policymakers and commentators there is a broad consensus that these
problems are largely down to one failing: decades of undersupply of housing ” Mulheirn (2019). This
has led to a strong empirical literature on the supply constraints of housing and it’s impact on the house
prices. Smith, Barton A., (1976), suggested that the location premiums had a big impact on the supply
of private housing and such premiums have substantially effected the land prices especially in the urban
areas. Hilber and Vermeulen (2014) suggested that in England from 1974 to 2008, supply of housing in the
urban areas has been adversely effected by the scarcity of developable land in such areas. The paper also
shows that such constraints on supply are worse during the periods of boom in house prices than that of the
bust periods. Contrary to the effects of supply constraints, Mulheirn (2019) also suggested that during the
Great Moderation period the rise in house prices in the U.K. is primarily caused by the changing economic
fundamentals which includes the combination of rental markets and the capital costs as well as to a lesser
extent by the easy accessibility of credit and low mortgage interest rates. However, in the U.S. Duca et al.
(2011) has shown that a substantial decrease in the lending standards from around 2002 is consistent with
a large increase in the house price growth. Literature has suggested a variety of reasons for such long run
growth in the house prices. Knoll, Schularick and Steger (2017) suggested that the increase in land prices
are the reason for the trajectory of the global house prices. Regulations on the land use are also seen as the
reason for such trajectory in Boston, U.S.A. according to Davis and Heathcote (2007). According to Kohler

and van der Merwe (2015), a strong rise in population growth explained such rise in the house prices.

On the other hand, over the last couple of decades, economists have realized that housing markets play a
very prominent role in the volatility of the aggregate economy in the short run see eg., Cerutti et al. (2015)
document 85 housing booms across 53 countries between 1970 and 2012. Davis and Heathcote (2007)
show that, the volatility in the residential market is more than twice of the volatility in the non residential
market in the U.S. The subprime mortgage crisis in 2008 leads to one of the most depressing periods which
has affected not only the U.S but worldwide leading to a Global Financial Crisis. As a result, several

stricter financial restrictions were imposed on the high street banks and other mortgage lenders. The scars
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of the 2007-2008 global financial crisis are still visible to-date in some of the countries’ housing markets.
According to some of the real estate agents, these stricter financial impositions on mortgage lenders have
led to a shortage in housing supply which in turn made housing unaffordable to first time buyers. Arguably,
this led to most of the younger millennials in the U.S. being renters. Housing markets have always been
on top of the policy makers list especially after the Global Financial Crisis in 2008. Similar to that of
agriculture markets, literature shows that housing markets have been subjected to booms and busts see e.g.,
Meen (2001), Cameron, Muellbauer and Murphy (2006). Muellbauer and Murphy (1997) documented an
econometric model which analyzed the volatile behavior of the house prices in the UK from 1957 to 1994.
In particular, the paper suggested the financial deregulation in the 1980s and the presence of transaction
costs lead to nonlinearities in the aggregate demand of housing. There has also been a significant literature
on empirical and econometric evidence on the housing crisis. In fact, I have seen such housing crisis from
1878 after Glasgow suffered a bank failure which lead to major housing consequences see e.g. Cairncross
(1934). Elbourne (2008) as well as Bjgrnland and Jacobsen (2013) have also shown the role of house prices
in the monetary policy transmission mechanism using structural Vector AutoRegression (VAR) models.
Sinai and Souleles (2005) has found empirically that from a volatility perspective, households who rent by
purchasing the housing services from the spot markets are still subjected to rent uncertainty and with an
increase in such uncertainty leads to increase in probability of home ownership and house prices do increase

relative to the rental prices.

Greenwood and Hercowitz (1991) find that the comparatively, residential capital stock is substantially
higher than that of the business capital. In a life cycle model, houses are typically the largest component
of household wealth and according to the life cycle hypothesis, changes in prices of houses have wealth
effects on the consumption of agents see e.g., Carroll et al (2006), Muellbauer and Murphy (1990) and
Skinner (1994). Case, Quigley, and Shiller (2003) have clearly shown a significant statistical relation be-
tween housing wealth and consumption of the households during the great moderation periods. “Between
1983 and 1992, the real estate assets of elderly households remain constant. However, the probability of
owing debt against the real estate has increased”stated by Poterba and Samwick (1997). “A regression
estimate by Flavin and Yamashita (1998) suggested that there has been a strong correlation between hous-
ing wealth and stock holdings among the households”. In fact Fratantoni (1997) has shown an increase in
housing wealth have made households to hold on to safe assets rather than the risky ones as housing leads
to a mortgage commitment. Excluding the home equity effects, from a geographically linked micro data
Aladangady (2017) has shown that an increase in house prices will increase the living costs adversely effect
the consumption of households. However, from the same paper, the increase in house prices also increase
the collateral value of the households and this in turn positively effect the consumption of the households.
From U.K’s perspective, Campbell and Cocco (2007) have observed that a change in house prices had a
significant effect on elder homeowners and an insignificant effect on the young renters. On the other hand,
contradictory to the wealth effects of housing on consumption, lacoviello (2004) argued that an increase
in house prices will lead the liquidity constrained households to borrow more and in turn that leads to a
higher consumption. This arguably leads us to an another effect of housing wealth. Houses also act as

the key collateral for bank lending and play a central role for long-run trends in wealth-to-income ratios
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and the size of the financial sector as an increase in house prices will make households to borrow more
against their collateral value see e.g., , Aoki et al (2001), Aladangady (2017), Aron and Muellbauer (2006)
and Piketty and Zucman (2014). Another paper by Muellbauer and Murphy (1990) argues that due to the
liquidity constraint of housing, the impact of housing wealth on consumption is more down to the struc-
tural and institutional reasons and thus vary quite a lot between countries and over time. Using the Danish
panel data, Leth-Petersen (2010) have shown that the credit market reform which gave an increased access
to the availability of loans gave access for house owners to use housing equity as collateral for increased
consumption. The literature clearly shows the importance of housing wealth. In particular most of the
households assets is taken by housing wealth. Developments in the housing market are significant drivers
of economic dynamics: they affect the household consumption patterns, increase income inequality, affect
credit growth. In the chapter 3 of my thesis, I will try to look at the impact of the Buy to Let markets and

what the literature say about such markets.

1.2 Contribution and Structure

Monopolistic competition, price rigidities and non neutrality of monetary policy have been the basic build-
ing blocks of a New Keynesian model. These models helped us to gain insights on the short run effects
of business cycles and monetary policy interactions. We have seen a substantial literature in such models
see e.g. Goodfriend and King (1997), Rotemberg and Woodford (1997), Clarida et al. (1999), Woodford
(2003). However, the role of housing goods have not been analyzed by most of these models in such frame-
works. A growing empirical and econometric evidence shows a need for economy to be modeled in two
sectors consumption and housing markets. Most of the existing literature on the housing and Macroeco-
nomic dynamics employs Overlapping Generation (OLG) models and focuses on the household consump-
tion and self-insurance against the idiosyncratic income shocks in the presence of borrowing constraints,
see e.g. Fernandez-Villaverde and Krueger (2011), Kiyotaki, Michaelides and Nikolov (2011), Gary-Bobo
and Nur (2015). However, very few of these models model rental markets and their influence on the whole
housing sector in a New Keynesian framework. Two of the most notable models with rental markets are
Gervais (2002) and Iacoviello and Pavan (2011). Also, the rental market, volatility of housing prices and
the macro prudential policy are modeled in a recent Bank of England working paper Baptista, Farmer,
Hinterschweiger, Low, Tang and Uluc (2016). However, they apply an agent-based approach, which lacks
micro foundations and relies on ad hoc behavioral assumptions for economic agents. As the main aim of the
model is to develop a policy relevant model, which allows studying macro prudential policies designed to
curb the macroeconomic volatility. As the policy is expected to operate at business cycle frequency, I will
build a DSGE model rather than an OLG model. I develop a canonical model which can be thought of as a
Hybrid of Iacoviello and Pavan (2011) which accounts for the modeling of the housing rental markets, but
I intend to introduce more detailed modeling of the rental market sector with buy-to-let lending. Arguably,
as the fiscal policy implementation which involves lengthy legislative decision making is much debatable
and subject to criticism from the public, I focus on the monetary and macro prudential policies in analyzing

such markets.
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In light of the motivation to understand the Buy to Let markets, this thesis contribute to the analysis
of collateral and income constraints in the housing markets, effects of the Buy to let markets and their
impact on the economic stability. The aim of the chapter 2 and chapter 3 is to estimate the role of collateral
and income constraints on agents’ choice variables in the economy and further validate if the Buy-to-Let
market affects the volatility of the house prices with a Cobb-Douglas Utility in the General Equilibrium
framework. Chapter 2 shows that as discussed in the empirical literature, the model shows that there has
been a positive impact on the consumption of agents whenever houses act as collaterals. This I haven’t
seen when agents are especially income constrained. Agents labour decisions play a huge role when they
are income constrained and the role of income and substitution effects play a crucial part in explaining
the household optimal choices. From the chapter 3, I have also shown that in my General Equilibrium
model, by altering the size of BTL sector from altering the downpayment ratio doesn’t have much impact
on the volatility of house prices as opposed to partial equilibrium agent based model by Baptista et al(2016).
One of the main reasons I believe is that there can be some substantial volatility of relative house prices
stemming from the supply side constraints in the economy such as the land for construction being a fixed
factor. Chapter 4 focuses on developing a canonical “sectoral heterogenous” agent model with housing
rental markets and their implications on economic stability. As volatile markets are deemed to be highly
risky for economic stability, I analyzed an important policy question of whether macro-prudential policy or
monetary policy is more effective in curbing the volatility of the economy. The model aims to understand
how buy-to-let markets and housing wealth evolve for all the agents with positive productivity shocks and
news shocks in both the housing and consumption firm sectors. The model shows that the labour markets
play a pivotal role in most of the dynamics. I have also found that the volatility stemmed from the Monetary
policy shock is substantially high on housing output compared to that of the consumption goods output. The
final chapter takes the previous theoretical model to data. This 5th chapter develops and estimates a DSGE
model of non housing and housing elements with nominal rigidities and habit formation using Bayesian
methods. With to the inclusion of collateral constraint and housing in the model, agents are subjected to
a better wealth effects and this leads to an increase in the inverse Frisch elasticity. Habits have slightly
increased with the inclusion of Borrowers in the economy as they are constrained and to account for the

aggregate consumption levels, Borrowers tend to form higher internal habits in consumption.
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2 New Keynesian Model with Owned Housing and Collateral Con-

straints

2.1 Introduction

The basic New Keynesian framework with housing helps us to analyze and answer several important ques-
tions. As we know that the New Keynesian Framework in contrast to the real counterparts, is generally
built on an economic environment where not all markets are perfectly competitive and hence arise a need
for the introduction of wage or price rigidity mechanisms in the market. I assume there are two firm sectors
in the economy, one sector produces the consumption goods and the other one housing goods. In each firm
sector, there are continuum of firms who produce the intermediate goods and are monopolistic competitive.
These intermediate firms are subjected to downward sloping demand curve and are the price setters in na-
ture which is the cause of price stickiness embedded into the business cycle models. There are final good
firms as well who aggregate all the intermediate goods and are price takers in nature. We can introduce
this price stickiness by assuming that the firms are subjected to quadratic costs when they change prices
Rotemberg, J., (1982) or by assuming that in each period, firms are subjected to a fixed probability of being
allowed to change the prices Calvo (1983). In my chapters, I assume the rotemberg quadratic costs in im-
plementing the price stickiness. Also I have assumed that the intermediate firms in the housing markets are
subjected to flexible prices (this assumption is to take into the consideration of negotiations involved in the
housing markets), whereas I have accommodated price rigidity using quadratic costs in the consumption

goods market.

There has been an extensive literature on collateral effects of the houses which shows that an apprecia-
tion in house prices will positively effect the consumption of constrained households. However, most of it
is an empirical one and to my knowledge, I have seen a little literature on income constraint on the housing
wealth when housing is the most prominent or one of the very few investment channels in the economy.
Greenwood and Hercowitz (1991), Benhabib, Rogerson, and Wright (1991), Davis and Heathcote (2007)
and Fisher (2007) are some of the parers in literature which shows the housing and non housing goods in
the economy. This chapter is an attempt and a good starting point to model a New Keynesian framework
with micro foundations and to understand the effects of income and collateral constraints with housing sec-
tor and consumption sector in the economy. A few of interesting results have emerged from this chapter .
Conforming to the conventional results in the literature, houses acting as collaterals have a positive effect
on the consumption of agents when the house prices appreciated. When the same agents are constrained by
the income as collateral, the labour dynamics in particular the substitution effect and the income effect of

agents played a prominent role.

Using a core framework of Dynamic Stochastic General Equilibrium (DSGE) models, I found that when
houses act as collateral, change in house prices have a substantial effect on the consumption of agents who

are collaterally constrained. In particular, Borrowers are better off when the house prices are subjected to
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an increase, compared to that of agents who are not collaterally constrained. Furthermore, when amount
of lending is based on income, I found that labour dynamics play a huge role and Borrowers are subjected
to a substitution effect with a positive technology shock in housing market and this leads to an increase in

labour and net income of Borrowers and in turn an increase in the their housing is observed.
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2.2 The Model with Collateral Constraint

I now develop a simple New Keynesian model with two sectors in the economy in which one of the sectors
(housing market) follow a flexible price setting and the other (consumption goods market) is accommodat-
ing a Sticky price setting. 1 will develop a model with sectoral heterogeneity and hence the economy is
composed of two different representative households. They are named Borrowers and Savers, of measure
o and 1 — o respectively. These types of households differ in time preference factor, with Borrowers being
more impatient than Savers. Borrowers are also constrained in such a way the the houses and it’s value act
as collateral. From the firm’s perspective, I assume to have two sectors in the production economy which
comprises of housing and consumption Non Durable goods. In each of these sectors a perfectly competi-
tive final good producer purchases intermediate goods. These intermediate goods firms in the consumption
sector are monopolistically competitive and incurs a quadratic costs when they change the price and hence
act as the vehicle for nominal rigidity. On the other hand, the intermediate goods firms in the housing sector
follow a flexible prices as there is a possibility of negotiations in such markets. The economy is populated
by a continuum of households in the interval (0; 1).

2.2.1 Borrowers

Borrowers are the focus of my model where I have owned house Borrowers in the model. These households
can borrow under collateral normally I assumed that houses act as their collateral, borrow money from the
banks in terms of loans to invest in their owned housing. To minimize the complexity of the model, I assume
that these loans from banks are in turn supplied by the Savers in the economy. These households budget

constraint can be thought of as follows:

P.yCps+OMNHpy — (1 —8)Hps 1)+ Ri—1.0D1—1,0 = Np Wy + Dy o+ T, ()

where Ctb denotes the consumption of the final consumer service from the Borrowers sector, P, is the
given price of the consumption goods in terms of money and the money is numeraire, Qfl price of the house
at time ¢, Hj ; denotes services from the stock of the final house at the end of period ’t’ and also depreciates
at the rate 0, D;, one period nominal debt from the bank at the end of period 7 provided to the owned
housing Borrowers sector , R;_; , is nominal debt lending rate for the loan. All profits are expropriated
by the government and redistributed as transfers 7;,. The Borrowers consumption expenditure and the the
interest rate they pay for their liabilities will be equal to the wages they get for the labour provided and the
loan amount from the financial intermediaries. In particular all the expenditures and investment form the
Borrowers will be equal to their gains.

I build a class of models with housing in the utility functions. I have taken such flavor from Monacelli
(2008). Borrowers gain utility from the under roof housing services H}, ;, consumption service Cj, ; and gets
a disutility from the labour Np,;. The utility of these households is assumed to be a Constant Elasticity
of Substitution function with a nested additively non separable Cobb Douglas between consumption and

housing inputs (Dixit-Stiglitz lite) and is as follows:

L8 (g (100" () ) g o)) @
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where, as always, the momentary utility function is assumed to be strictly concave, twice continuously
differentiable, and to satisfy the Inada conditions. «is the share of consumption goods in the composite
Cobb Douglas consumption bundle which includes housing and consumption goods. I have assumed such
additively non separable function between consumption and housing “Greenwood—Hercowitz—Huffman
preferences nested in a CES utility” so as to mimic the conventional effects of housing wealth on the
consumption of agents especially when the agents are collaterally constrained. o is the inverse of the inter
temporal elasticity which measures the growth rate in a consumption bundle with respect to a change in the
interest rate. ¢ being the inverse elasticity of labour (Frisch Elasticity) which measures the responsiveness
of labour with respect to wage rate. For these class of models I have used the Macro estimate of Frisch
Elasticity to be around 2-4 taken from the paper by William B. Peterman (2015).

I also assume the Borrowers are under some constraints, where the maximum amount of the combined
loan and repayment on the loans they borrow should be only less than or equal to the fraction of the house
which I assume will be determined by the central bank. The collateral constraint for the sector can be
thought of as following:

R ,D? < (1—x)QH,, 3)

At the start of the period, borrower households problem is to choose an optimal plan of consumption
Cp s, labour N, ;, housing of Borrowers Hj,; and the demand for loans D; , by maximizing (2) subject to (1)
and the collateral constraint (3) taking the interest rate set by banks as given. Consider a binding borrowing
constraint and forming the Lagrangian L, with &, ¥, being the Lagrange multipliers for budget constraint

and collateral constraint respectively we have:

1 o l—o ) 1— 1 1+¢
(25 ((Con)® (Hoa) =) =0 = L5 (W) )
L=E, Z B | +¢& ) Np Wyt +Dio+Tp, @)
=0 —Pe;Cpy— QF (Hpy — (1= 8)Hp 1) —Ri—1,0Di—1,
+¥ ((1 - X)Q?Hlm - Rt,th,o)

Due to the additively non separability between consumption and housing in the consumption bundle of the

utility function, the marginal effect of utility with respect to consumption is indeed affected by the housing
of the agents and vice versa. The corresponding optimal conditions for x; = % are as follows:

We obtain the consumption leisure decision, the interpretation of this equation is that the marginal rate
of substitution between leisure (1 —N) and consumption is to equate with the relative price of leisure i.e.,
the wages. This equation also gives us the average marginal productivity of labour. However, with an
assumption of monopolistically competitive intermediate firms, the average marginal productivity of labour
will be less than that of the social planner’s problem and hence leads to a distortion. In particular, a presence
of markup in the firms leads to an allocation distortion in the economy. We can also see here that due to the
non additively separable utility, the marginal effect of utility with respect to consumption is indeed affected

by the housing of the agents and vice versa.
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(Vo) = w0 (Co) ™" (Hi) ™ ((Co)® (i)' ™)~ 5)
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— P& g + [Py ) (1= 2)gt + B [Pess1&1] ) (1—8) (6)

Inter temporal decisions:

1
0= [Pc.,zgt] - [Pc.,zlPt] Rt,o - /3 [Pc,z+1§t+1] Rz,o—
1+

(7

Lagrange Multiplier / the shadow price of consumption. This shows us the increase in the utility of
Borrowers when they have a bit more of wealth. It is the shadow value of consumption as this increase in

the wealth will lead to an increase in the consumption of Borrowers:

-1 1— 1— —
et (Coa) ! ()~ (o) (Hr) ™) 0 = Pus ®
Budget Constraint :
1
0= Ny W +dro+to; —Chs—qi (Hpy — (1= 8)Hpy—1) — szl,odzfl,oH_—n )
t

Collateral Constraint:

0= (1—2)q/Hps — Riods o (10)

2.2.2 Savers

On the other hand, Savers in the economy consume, they supply their labour and also save. They supply
funds to the financial intermediaries and let the banks to circulate their money in terms of Credit.
I also assume the discount factor for this sector is high than the previous sector’s and I denote it with 6

as this sector of agents tend to save money.

0.99=6 > =0.985

Budget Constraint of this sector will be
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PcJCsJ + Q? (HSJ - (1 - (S)Hs,tfl) + Bs7t = Ns,thJ + Rtfl,sBs,tfl + TS‘,I‘ (1 1)

The deposits from the working representatives of the saver’s household are one-period bonds that pay
with the return R,_; ¢ from t — 1 to t. Let By, be the debt the saver’s household acquires, all profits are

expropriated by the government and redistributed as transfers 7.

The Savers households gain utility from the under roof housing services Hy;, consumption service C; ;
and the leisure N ;. The typical utility for these households is as follows:

The Saver’s household discounted Utility is as :

. t 1 o I—x)1-0 1 1+¢)
Eotge (1_6 ((Cs,t) (Hsz) ) —1+¢(Ns,t) (12)

The Savers households problem is to choose Cs;,Ns;,Hy;,Bs; by maximizing (12) subject to (11) .
Forming the Lagrangian L , we have:

Lagrangian

L=EyY 60U (Cy,Nys,Hyy) + M[NoyWg + R—1 5Byy—1 + Ty — PeyCyp — Qf (Hy — (1 — 8)Hy—1) — By

t=0
(13)
the corresponding optimal conditions for Savers For x; = %:
Consumption leisure decision:
N.)®
() = w} (14)

(€)' ~) " a(Co)et (tn)

0= (1= @) (Hy) " *(Co)* ((C)* (Ho)' ") ") = [Pesi] @ + 6 ([Pessr i ] glin (1= 8)) - (19)

Inter temporal decisions:

R s
P. A =0|P, : 16
e (Peiv1 M1 T (16)
Lagrange Multiplier
Peshs = ((Co) ®(Hy) ™) =0 (Coy) *" (Hy) ™ (17)
Budget Constraint :
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t

2.2.3 Firms

I have two sectors in the production economy which comprises of housing and consumption Non Durable
goods. In each of these sectors a perfectly competitive final good producer purchases intermediate goods.
so is the labour from both the agents in the economy Nj,;, Ny, is divided into two sectors one works for
the housing sector and the other works for the Non Durable consumption goods sector which I will denote
Nt’fb,fos for housing and N;ipNsC, , for consumption for Borrowers and Savers respectively. For the better

traction of the model, I have opted out the introduction of capital in the economy.

Final side of the firms

I model a final side of the goods sector as stand in aggregate firm which follows a Constant Elasticity of
Substitution (CES) production technology to aggregate the intermediate products. These firms buy all the
produced intermediate goods and aggregate into a bundle according to the following function:

i — ( / y;'aﬂldi)“ (19)

Where j can take either a housing sector (j = k) or it can take a consumption goods sector perspective
(j=c). Y/ denotes the final goods of the respective firm sector and y! (i) denotes the i intermediate input
in the j* firm sector. € governs the elasticity of substitution between the intermediate goods. As & — oo,
all the intermediate goods will be perfectly substitutable and to assume that all the firms are producing I
assume € to be finite. Also I assume that all the intermediate goods produced will be aggregated into the
final product. We also have to be considerate to the assumption that these final good firms are in a perfectly
competitive market.

The above final good firm gathers all the intermediate goods and make it into a single product and sells
to the agents. They are the price takers in the economy. These firms maximize the profits of the final good

firms which is :
BlY/ - / P/ (i).y] (i) di (20)

In particular, they maximize the profit function (20) with respect to the production technology (19) and
the only choice variables for such firms side is to choose the demand for the intermediate goods y{ (i) and
the supply of the bundled final goods Y,j taking the prices of the final good Ptj and the intermediate goods

P,j (i) as given. The optimal output decision of these perfectly competitive final good firms turns out to be
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sz

The above equation shows us that the " intermediate relative demand ytj (i) is directly proportional to

B/ (i)
f)tJ

Substituting the demand of the intermediate goods (21) back into the CES production technology ag-

the aggregate output in the j/* sector Ytj and is a function of the relative price

gregate function (19) gives us the expression for an aggregate price level, which is a function of prices from

the intermediate inputs:

P = ( / B/ (i)"®) di) Y (22)

Intermediate Housing firms

From the real world data we can safely assume that the housing prices unlike the consumption goods prices
are taken as flexible prices due to the inclusion of negotiations in the contract. Also for a fact that the labour
is segregated into two sectors , we can say that output is a function of two different types of labour from
two sectors which denotes the number of hours worked for the housing sector. Profit maximization problem
can be split into to separate problems: choose labour to minimize cost intra-temporally and choose prices

to maximize future profit. I deal with each of these problems separately.

Employment in the intermediate housing firms Consider a continuum i € [0, 1] of firms in which each of
them produce a differentiated good subjected to the same technology. The production function is dependent

on the labour from Borrowers and Savers in the housing sector taken as:

YI(i) = ZuNp, (i) N2, (6) (23)

Where N lil,t (i) and Nf‘, (i) represent the labour from the Borrowers and Savers in the intermediate hous-
ing goods respectively. All intermediate firms are subjected to Z;,, level of technology and evolve exoge-
nously over time according to the AR(1) process. Also note that the firm’s problem is static as opposed to
the households and the level of technology is same for all the intermediate firms and hence no subscript of
i.

These intermediate goods firms are subjected to perfectly competitive labour markets taking the real

wage rate. However, they always act to minimize the costs.

min Wbﬁ,NIi”, (i) + Ws,rNsh,z (7). (24)
N ()N (D)
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Now the cost minimization problem of the intermediate good producer is to choose the labour from both
the Borrowers and Savers Nl’jt (i) ,Nf’,t (i) by minimizing (23) subject to (24) and will go down to as :

Lagrangian:

L= Wi N (1) + W2 () = Pt (ZaaNg () Ny () =50 (1)) 5)

The Lagrange multiplier P.n; interpretation is that the change in costs when the intermediate firm
produce an extra unit of output. This is nothing but the marginal costs incurred to the intermediate firms.
By rearranging, we obtain the labour demand equations for both Borrowers and Savers in the housing

h ho.
sector Ny, and N, :

-1)
Ni, = Y/ (26)

The above equations clearly shows us that the labour demand from the firms are directly proportional
to the output the housing firms can produce ¥/ and indirectly proportional to the level of technology in the
firm sector Zy;. The interpretation is that to conform to the same amount of output the firms need less labour

due to the increase in the marginal productivity of the firms.

Price setting in the intermediate housing firms Firms choose prices to maximize expected profit for
the obtained labour, as discussed earlier, this housing production sector follows the flexible prices due

to the involvement of negotiations. Firms will discount profits s periods into the future by m; s, where

U/ (Cs,t-‘rs)
U'(Css)
discount factor from the Savers perspective as most of the firms is assumed to be owned by the Savers.

m; s = 6° which is the stochastic discount factor. Also note that we have considered the stochastic

max_ ;'Y s (1 () OF (1) = WaaLy () = WaNj, (1)) (28)
{{ZH0)) ’

Substituting the labour demand function we obtained above (26) and (27) into the expected profit (28),

we have :

(0 (QF () =P ) = (37 (1) OF () =y (Y MC; ) 29)
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where the marginal costs is equal to the Lagrange multiplier MC; = n;P.; . Note that wages here do not

depend on index i, as labour of each type is assumed to be perfectly mobile and so wages of particular type
are equalized across all firms which also implies that the intermediate-good producing firms each have the
same real marginal costs of production.

The firm’s decision problem boils down to choosing the intermediate good prices in the housing sector
Qf’ (i) in order to maximize the expected profit equation (29) subject to the demand function (21) gives us

the equation for the aggregate house prices:

Q& (M) L () G1)
Py (l—e)\v /) Zy\1-v

Consumption goods Firms

The Profit optimization problem is standard as the housing goods sector. A firm chooses employment and
prices to maximize profit subject to the production constraint in the consumption goods sector. The inter-
mediate consumption goods labour choice remains the same as that of the intermediate housing goods firms
with labour from both Borrowers and Savers in the consumption goods sector. Firm i in the intermediate
consumption goods sector minimizes nominal cost subject to the production constraint

The cost minimization problem of the intermediate good producer by choosing labour Ny, (i), Ny, (i)

will go down to as :

L= Wy NS, (8) + Wa g, (1) = PerGs (Zang, () NG, () =56 (1)) (32)
From where we obtain the similar equations for the aggregate demand for the two kinds of labour in the

intermediate consumption goods sector:

ve (33)

Ny, = — — Y (34)

Price setting in the intermediate consumption good firms Because the final good producers are price
takers and the Intermediate input goods into the final goods are imperfect substitutes, the intermediate good
producers have market power and can set their prices. Here I assume the intermediate good producers use
the rotemberg price model Rotemberg (1982) to set their prices and we will look into it below. Firms choose

prices to maximize expected profit:
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= (f (§) P (1) =y ()) MC) (36)

where MC, = {P, Note that wages here do not depend on index i, as labour of each type is assumed to
be perfectly mobile and so wages of particular type are equalized across all firms. So we come to familiar

formulation

max E,ZB my 5 (¥¢ (i) Pt (i) — ¢ (i) MCy) (37)
(Y =

Firms choose prices to maximize expected profit and let’s assume the firms follow the Rotemberg price

setting where there incurs a quadratic costs in changing prices.

o Lowp\V [ owsy v
a7 () (1) -

where MCs = §P,; . Note that wages here do not depend on index i, as labour of each type is as-
sumed to be perfectly mobile and so wages of particular type are equalized across all firms. So we

come to familiar formulation of setting prices in Rotemberg setting where the quadratic cost is taken as
: 2
2 (L(’) — 1) ¥¢ (i). This yields us :

10
V(i) = E,Sitesmm [(yt i P e Mct) _% ( Parli) 1)2y§ (i)] (39)

Py Py Pctfl(l)

subject to Intermediate goods demand equation :

ey _ye (Pa@)
(i)=Y, ( 5 ) (40)

As the marginal costs are firm independent and the firms facing the same quadratic costs in the Rotemberg

scenario, firms will choose the same optimal relative prices. The first order condition leads us to the equation

for the aggregate inflation (New Keynesian Phillips Curve):

(1;23) +oG+E [e,mm {(nm) Y;C (1+7r,+1)H = (nt(l—i—yr,)—%(nt)zg) @l

Where aggregate price level gross inﬂation is denoted by (1 + ;). Firms will discount profits s periods

into the future by m, 5, where m; s = gs_U (fé’+j)
st

have considered the stochastic discount factor from the Savers perspective as most of the firms is assumed

which is the stochastic discount factor. Also note that we

to be owned by the Savers.
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2.2.4 Profits of firms and Government Transfers

To close the model, we need to aggregate the real profits from the firms and has to be distributed among
the households in terms of transfers. Aggregate inter-period nominal profit is the total output from both the
firm sectors from which the wages of the agents are taken away. Please note because of the quadratic costs
involved in the rigid intermediate consumption goods firms, that has to be taken away as well. This leads

to:

N Q
Ty = Y Pey = WauNg, = WoNy, — S TV P+ Y[ = Wa Ny = Wi Ny, (42)

I assume that the profit is 100 percent taxed by the government and redistributed according to the
following rule:
11,

ty = (1— 43
b= (1—x) P, (43)
I,
ty = X— 44
st =X P, (44)
Substituting the budget constraints leads to:
Transfer to the Borrowers in terms of dividends from the profits of the firms
Q
ty = (1-x) (Yf = wyaNgy = Wi Ny, = S Y+ = we NG, — wb,tNZZ,t) (45)
Transfer to the Savers in terms of dividends from the profits of the firms
Q
Iy =X (ch - WSJNsCJ - Wb-,tng,z - Entzytc + Ythqu - WSJNs}it - Wb,zNgz) (46)
2.2.5 Market Clearing conditions:
In equilibrium I have the following resource constraints:
The demand and supply of loans in the equilibrium are the same.
Bs7t - Dt,o (47)

The aggregate labour of the agents are the sum of labour to the intermediate housing and consumption

good firms.

Npy =N, +N;, (48)

28



Ny = NI +N¢, (49)

The central bank sets the interest rate by Taylor rule:

R VAN
Rfvf’ =(1+m)% (?’) (50)
o

The total output in the economy is equal to the consumption of both housing goods and non durable
consumption goods from the households including the depreciation of housing and the quadratic costs

incurred in the rigid intermediate consumption good firms.

Q
Y +Y)ql = Cos+Cos+ i (Hps — (1= 8)Hp 1) + 4/ (Hye — (1= O)Hypr) + 575 (51)

2.2.6 Private Sector Equilibrium

Please Refer to the Appendix for the whole Private Sector Equilibrium for this model.

2.2.7 Results
Transmission Mechanism Of The Impulse Response Functions in flexible markets:

The share of durables which is not used as collateral () is set to 0.10. The quadratic costs incurred in
changing prices is set as Rotemberg parameter (2) is set to 0.75 in the consumption goods sector assuming
that the consumption goods sector and housing goods sector are both flexible. The discount factors are set
at Savers’ discount rate (0) as 0.99 and Borrowers’ discount rate () as 0.985. I set the Quarterly house
depreciation rate (9) as 0.01 and share of consumables in consumption basket () as 0.84. With other
parameters at share of profits paid to Savers (x) as 0.9, elasticity of substitution (€) as 11, Inter temporal
elasticity (o) at 2, Inverse Elasticity of labour (¢) at 1/3 and Scaling of labour in production function (V) at
0.6.

In the following, I will consider impulse responses to increase in productivity of the consumption goods
at date 't’. I will look at the shock impact on model variables when the shock realized in time ’t’.

The technology shocks follow an AR(1) process in the housing goods sector:

In <Zth> = phln (Zlh_1> +ey

and an AR(1) process in the consumption goods sector:;
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Figure 1: Collateral Constraint Model:
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where e, ey, are i.1.d processes with variances of o, and o), respectively which are both calibrated as

0.009%. The shock persistence in both the sectors is p;, and p.is taken as 0.3.

Effect of productivity shock in Consumption good firms:

The temporary increase in the consumption good production technology directly translates into higher out-

put in consumption goods sector Y, as the output is directly proportional to the technology shock, as we will

see later although the income effect dominates in the Borrowers sector resulting in a decrease in percentage

rise of Borrowers labour in the consumption firms sector N7, the effect of increase in technology shock

Z. and substitution effect in Savers sector dominates their impact on the output resulting in an increase in

output change Y.

C

YVt

(i) = thNsC,t (i>1_le§,t (i)v

From the consumption goods firm’s perspective, marginal productivities of labour from both the labour

sectors have increased, they want to have more of both labour inputs, pushing up the real wages of Bor-

rowers wy, and that of Savers w; to induce households to supply more labour and this results in moving of
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Figure 2: Collateral Constraint Model: Impulse Response Functions with a positive technology shock in
consumption sector II
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the labour from housing goods sector to consumption goods sector which results in decrease of Borrowers
labour in the housing sector N,ﬁl and a decrease in Savers labour in the housing sector N lowering the output

in housing goods sector Y}, .
1 () = Ny, (1) NG, ()

As I assume that the wages are same across the two sectors of production, marginal productivities of
labour have increased, translating to rise in both sector’s wages but with different magnitude whereas rise
in wages of Borrowers is more than that of the Savers w;, > ws. Even from the steady state values, the same
result holds. From the below equation, we see that wages of Borrowers W, ; are directly proportional to the
output y¢ (i) and marginal cost P, {; and inversely proportional to number of hours worked Ny, (i). With
higher output, higher marginal cost of firms and income effect of Borrowers, wages of Borrowers increases.

yi ()

Wi s —PuGv——~/ =0
NG ()

From the below equation, we see that wages of Savers W;; are directly proportional to the consumption
sector output y¢ (i) and marginal cost from firm’s side P, {; and inversely proportional to number of hours
worked by Savers in the consumption goods sector Ny, (/). With higher output, higher marginal cost of
firms and substitution effect of Savers, wages of Savers W;; increases but with less in magnitude than that

of Borrowers.

Wi — PG (1-v) yi;(g) =0

From households perspective,an increase in the real wage rate has two effects: an income and a substi-
tution effect. Because of the higher income the agent wants to work less and instead enjoy a higher amount
of leisure. This is the income effect. On the other hand, a higher real wage leads to a substitution of leisure
with labour. This is the substitution effect. In my model, the Income effect clearly dominates the substitu-
tion effect for the Borrowers sector. For the considered parameter Scaling of labour in production function
v = 0.6, we can see that the number of hours worked for consumption good firms in Borrowers sector Ny is
inversely proportional to the productivity shock in the consumption sector Z. and wages of Borrowers wy,.
A positive productivity shock in consumption sector and an increase in the wages of Borrowers dominates
the rise in wages of Saversw, and thus prompted the decrease in the labour of Borrowers in the consumption

sector Ny resulting in Income effect.

. _L(Wb,t)(‘/7l) (stt)(l—v) e
bt =z, vlv-1) (1_‘,)(1*") !

Where as the substitution effect dominates the income effect in the Savers sector. As wages increase,

workers will want to work more, and will increase consumption. Here we have substitution effect on utility
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between consumption and leisure. The relative price of leisure went down (wages are the opportunity cost
of leisure), so consumption increases and hours of work increase. For the considered parameter v = 0.6,
we can see that the number of hours worked for consumption good firms in Savers sector N{ is inversely
proportional to the productivity shock Z, and wages of Savers w; , hence as increase in wages of Borrowers
wp, dominates the rise in productivity shock and rise in wages of Savers w; and thus prompted the increase

in Ng resulting in substitution effect.

e _ L))" w)™
st ch 1%A4 (1 _ v)(_v) !

As wages increase, workers from both the sectors will want to increase consumption, resulting in a rise
of consumption of both Borrowers and Savers C; and Cp, . Also we can observe from the consumption goods
output equation, that as output Y ¢ is directly proportional to the consumption of goods from both the agents

Cp and Cy, with increase in output directly translates to an increase in consumption.

Q
Y =Cy+Ci+ EnZYC
Households know that the shock is temporary and they smooth their consumption. Also the magnitude

of rise in wages is both sectors are different and with higher increase in wages for the Borrowers sector,
additional income of Borrowers is not consumed completely but part of it is saved, i.e. invested into the
housing stock Hj, resulting in an increase in the housing stock of Borrowers Hj. Increase in consumption is
not that big though.

Pc,tcb,z + Q?(Hbg - (1 - 6)Hb7t71) ‘|‘Rt—1,th—1,o - Nb,sz,t +Dt70 + Tb,t

On the other hand, as Borrowers tend to invest in housing, combining with the decrease in the output of
the housing sector Y”, the price of the houses Q" increases resulting in Savers to issue more of loans B and
consume more Cs and investing in their housing stock Hj slightly decreases which shows that the demand of
the housing stock is mostly from the Borrowers sector. The Savers sector tend to divert some of the housing

stock towards the increase in issuing loans.

Pe:Csr + Qil (Hyy — (1 =0)Hs4—1)+Bss =N Wy +Ri—1 sBs -1+ Tt

On aggregate, leisure from both Savers and Borrowers 1 — N;, and 1 — Ny increase i.e., labour from
agents in the economy Np, N decreases which shows that Income effect dominates the substitution effect.
We can observe from the following that number of hours worked N, N are directly proportional to wages

wpand wy and the respective Lagrange multipliers in both the sectors.

(Nb,t)q) =Wpht [Pc,tét]
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(Ns,t)(P = Ws [Patlf]

The increase in productivity of consumption good firms enhances to supply more of the consumption
goods with the same inputs and due to the monopolistic competition, firms can decrease the price of the
consumption goods for better marginal profits and as a result, fall in inflation 7in the economy occurs. The
central bank sets the interest rate according to the Taylor rule and as the inflation decreases, the interest rate

tend to decrease.

Rio
R,

= (1 +7rt)¢ﬂ

The effect in the economy tend to persist in a cyclical effect. As interest rate decreases, Borrowers tend
to obtain more loans B, and increase their consumption. They tend to increase the investment in housing
stock which further increases their collateral value and tend to have less dependency around the income
of the Borrowers and consume more. As the demand for loans increase, Savers tend to supply more of
deposits as they tend to divert some of their investment in housing stock towards issuing more loans and
hence we see a decrease in H;. As the Savers tend to get more returns in terms of loans in volume, they
tend to increase their consumption and an increase in consumption from both the sectors make firms to
produce more of consumption goods which in turn make firms to hire more of labour with better wages. As
the productivity in consumption good increases with the shock, more of wages and more of labour demand
from the both the sectors in consumption good production side results in income effect from Borrowers
side, where Borrowers tend to decrease their labour supply and have more leisure as wages increase and
substitution effect in Savers side, where Savers tend to work more and increase their labour supply as
the wages increase. The increase in wages in the consumption goods side results in labour moving to
consumption goods production from the housing goods production sector resulting in decrease of housing
goods output.

As the Borrowers are constrained by the collateral constraint, a change in relative house price play a

huge role in the interpretation of the system.

RioD7 < (1= %)Q/Hp,

Even with an increase in the relative house price, demand for loans from the Borrowers have increased

and in turn we see an increase in the housing of Borrowers.
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Figure 4: Collateral Constraint Model: Impulse Response Functions with a positive technology shock in
housing sector I
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Figure 6: Collateral Constraint Model: Impulse Response Functions with a positive technology shock in
housing sector 111
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The temporary increase in the housing good production technology directly translates into higher output in

housing goods sector Y}, as the output is directly proportional to the technology shock Z,,

. N .
31 (1) = ZulNpy (i) Ny, ()"

From the housing goods firm’s perspective, marginal productivities of labour has increased, they want

to have more of labour input, N,f,NSh and this results in moving of the labour from consumption goods

sector to housing goods sector which results in decrease of labour from both Borrowers and Savers in the

consumption goods sector Ny, Ny

v (i) = g,t(i)v s,t(i)liv

As I assume that the wages are same across the two sectors of production, there is a rise in Borrowers

sector’s wages and fall in saver’s wages with different magnitude . From the below equation, we see that

wages of Borrowers are directly proportional to the output y/ (i) and marginal cost of the firms P.;7, and

inversely proportional to number of hours worked in the housing sector N,ﬁl . (i). Anincrease in the housing

sector’s output, increase in marginal costs dominate the increase in labour supply from the Borrowers to

the housing sector. This resulted in a slight increase in wages of the Borrowers wy,; and the Borrowers

substitution effect in the housing sector.

36



From the below equation, we see that wages of Savers W ; are directly proportional to the housing sector
output y? (i) and marginal cost from firm’s side P,;; and inversely proportional to number of hours worked
by Savers in the housing goods sector Ns’f, (/). Even with higher output, higher marginal cost of firms, the
substantial increase in number of hours worked by Savers in the housing goods sector resulted in wages of
Savers W ; to decrease but with less in magnitude.

i) _,

st ctnt ( )Nsh’t (l)

From households perspective, In my model with productivity shock in housing good firms, wages in-
crease in Borrowers sector. For the considered parameter v = 0.6, we can see that the number of hours
worked for consumption good firms in Borrowers sector Nli‘ is inversely proportional to the productivity
shock in the housing sector Z;, and wages of Borrowers w;, and directly proportional to the output in the
housing sector ¥/* and wages of Savers wy. Hence as increase in output dominates the increase in wages
of Borrowers and the rise in productivity shock in the housing sector Z; and prompted the increase in the
labour of Borrowers in the housing sector Ng‘. In fact, the substitution effect dominates the income effect in
the Borrowers sector with an increase in real wage in Borrowers sector. As wages increase, Borrowers will

want to work more.

h _i(wb,t)(wn (Ws,t)(]_v) h
bt =z vv-1) (1_‘,)(1*")’

On the other hand, from a saver’s perspective. For the considered parameter v = 0.6, we can see that the

number of hours worked for consumption good firms in Savers sector N’ is directly proportional to the
wages of Borrowers wpas well as output in the housing sector Y. However, number of hours worked for
consumption good firms in Savers sector N is inversely proportional to the technology shock Z;, and the
wages of Savers w; , hence an increase in the housing sector output Y, an increase in the Borrowers wages
and a decrease in the wages of the Savers in the housing sector dominates the rise in technology shock Z;,

and thus prompted the increase in N7 .

h :L(vat)v (we) )
Sy WY (1—v)Y

Yth

As wages decrease in Savers sector , workers from this sector will want to decrease consumption,
resulting in a fall of consumption of Savers Cs and on the other hand although wages in Borrowers sector
increase, the decrease in output of consumption goods sector make Borrowers to invest in housing more and
hence a decrease in C,, can be seen. Also we can observe from the consumption goods output equation, that
as output is directly proportional to the consumption of goods, with decrease in output directly translates to

an decrease in consumption.
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Q
Y =Cy+Ci+ EnZYC

On the other hand, as the output in housing sector increases, this results in an increase in the consump-
tion of housing services from Borrowers sector leading to an increase in H, . But as the income to the
Savers decrease, they tend to decrease their consumption and also they decrease their housing stock which
in turn divert the funds from Savers to loans and this resulted in an increase in loans Bs. This results in an
increase of housing stock from Borrowers sector and decrease in the housing stock of Savers as they divert

most of their deposits into loans due to an increase in demand for loans from the Borrowers sector.

Y = (Hp; — (1 —8)Hp, 1)+ (Hs; — (1 — 8)Hy 1)

Households know that the shock is temporary and they smooth their consumption. As the wages for
the Borrowers sector increase, with a tendency to consume less of consumption goods and more of housing

goods resulting in an increase in the housing stock of Borrowers.

P.Cpy+ Q" (Hpy — (1= 8)Hps 1) +Ri—1.0D1—1.0 = Ny Wy s + D1 o+ Tp s

On the other hand, as the wages for the Savers sector decrease, Savers tend to consume less of consump-
tion goods and less of housing goods resulting in an decrease in the housing stock of Savers. However an
increase in supply of loans from the Savers.

Combining with the increase in the output of the housing sector, the price of the houses g decreases
resulting in Savers to issue more of loans B as we see they also consume less Cs and investing in their
housing stock Hy decreases which shows that the demand of the housing stock is mostly from the Borrowers

sectors. The Savers sector tend to divert some of the housing stock to loans.

P.,C,+ QM (Hyy — (1 —8)Hys 1)+ Bss = Ny Wy s +Ri_15Bss 1+ T,z

On aggregate, leisure 1 — N, and 1 — N, decreases i.e., labour N, N; increases.

The increase in productivity of housing good firms enhances to supply more of the housing goods and
less of consumption goods with the same inputs and due to the monopolistic competition, firms increase the
price of the consumption goods for better marginal profits and as a result, rise in inflation 7in the economy
occurs. The central bank sets the interest rate according to the Taylor rule and as the inflation increases, the

interest rate is tend to increase.

Rio
R,

= (1 + TCt)q)ﬂ
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The effect in the economy tend to persist in a cyclical effect. Even though the interest rate increases,
Borrowers tend to obtain more loans, increase their housing stock and decrease their consumption as houses
are the only vehicle for Borrowers to invest. Borrowers tend to increase the investment in housing stock
with a decrease in the house prices. As the demand for loans increase, Savers tend to supply more of
deposits as they tend to divert some of their investment from housing stock and hence we see an decrease in
H;. As the Savers tend to decrease their investment in housing, they tend to decrease their consumption and
an decrease in consumption from both the sectors make firms to produce less of consumption goods which
in turn make firms to hire less of labour for consumption goods sector and tend to hire more for housing

goods sector.

Rigid consumption and flexible housing markets compared to both flexible markets :

I have repeated the exercise as above with a rigid consumption market and flexible housing market by
calibrating the Rotemberg parameter (£2) in the consumption sector set to 100 and decreasing the Frisch
elasticity to “2”. When the system is exposed to a productivity shock in consumption sector, I have seen
a very similar results to that of flexible markets in both consumption and housing sectors. In particular
as the agents are only constrained by the collateral constraint, I have seen very similar results with a rigid
consumption market apart from a drastic increase in the marginal cost.

On the other hand, when the system is subjected to a productivity shock in housing good firms, I have
seen the wages of both Borrowers and Savers have increased compared to that of both flex price markets
as the increase in productivity from the housing firms negates the quadratic costs from the consumption
good firms. The positive productivity shock in housing good firms will increase the marginal productivity
of such firms leading to an increase in wages. Considering that the wages are same across both the firm
sectors, the consumption goods sector will need to maintain their production and will increase their labour
intake from both the agents which result in an increase in labour from both Savers and Borrowers in the
consumption goods sector. As wages are perceived to be same among the two firm sectors, labour tend to
move from housing sector (which goes through an increase in productivity) to the consumption sector (rigid
market with quadratic costs). This results in a decrease in the housing sector labour from both the agents.
This movement of agents labour to the consumption goods sector leads to housing firms having more profits
and that in turn leads to a decrease in the relative house prices. This leads to an increase in the number of
loans and a decrease in the Interest rate. This leads to fairly similar Borrowers housing as the decrease in

collateral value negates the decrease in interest rate who are primarily constrained by the collateral.

R, oD} < (1—x)Q/Hy,
We could see a relative dip in the housing output and an increase in the consumption output due to the

labour movement and a decrease in the housing of Borrowers. As the Savers are not collateral constrained,
a decrease in the interest rate and housing output in turn leads to a decrease in the saver’s housing. This

resulted in a substantial increase in the consumption of both Borrowers and Savers.
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2.3 The Model with amount of lending based on income

I now have developed a similar model as above but with an amount of lending based on income instead of
the house acting as a collateral constraint. I assume this model follows the same structure as the previous
one and the only difference will be the collateral constraint of the Borrowers. Savers consumes, supply
labour inelastically and also save. They supply funds to the financial intermediaries and let the banks to
circulate their money in terms of Credit. The Savers households gain utility from the under roof housing

services , consumption service and the leisure.

Borrowers budget constraint and utility can be thought of as the same as above model. However, the
biggest difference in the collateral constraint is that instead of house acting as collateral the financial in-
termediaries provide loans to the Borrowers taking income from labour as the collateral. In particular, I
assume the Borrowers are under some constraints, where the maximum amount of the combined loan and
repayment on the loans they borrow should be only less than or equal to the fraction of the wages which
I assume will be determined by the central bank. Savers do have a higher discount factor to that of the
Borrowers. I also assume that the these fractions are sector dependent. The value of collateral is defined so
that only the constant proportion of wages value UNj, ;W) ; can be used as collateral.

The collateral constraint for the sector can be thought of as follows:

R D} < UNp W ¢ (52)

The Borrowers households problem is to choose consumption, aggregate supply of labour, demand
for the loans and the housing of Borrowers by maximizing unaltered Borrowers utility (2) subject to their
un altered budget constraint (1) and the new income collateral constraints (51) and that leads us to the
optimality conditions for Borrowers. Let us look at the key differences in optimal choices of Borrowers
when they are subjected to the housing collateral constraint and the income collateral constraint and how
they affect the Borrowers choices. In fact, the Inter temporal decision and the budget constraint will remain
the same with different collateral constraints and hence the Lagrange Multiplier / the shadow price of
consumption P ;¢; also remains the same. On top of the differences in the collateral constraint, we have a

big change in the consumption leisure decision of Borrowers optimality conditions.

Consumption leisure decision: This equation also gives us the marginal utility of labour in the Borrowers
sector. Compared to that of the housing collateral constraint, the marginal utility of leisure goes up ceteris
paribus in the income collateral constraint due to the inclusion of the Lagrange multiplier on the constraint
wp WP ;¥;. This clearly shows us that the labour dynamics play a huge role in the borrowing and in turn
holdings of the house from Borrowers and they would want to work less and can lead to an Income effect
in the Borrowers. However, we will see the transmission mechanism in the later section to analyze how
such amount of lending based on income affects the Borrowers labour decisions and in turn the housing of

Borrowers.
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Housing collateral:
(Nb,z)¢ = Wb,tPc,tét (53)

Income collateral

(Np)® = Wos [Pesls + uPe W] (54)

2.3.1 Private Sector Equilibrium

Please Refer to the Appendix for the whole Private Sector Equilibrium for this model.

2.3.2 Results

Transmission Mechanism Of The Impulse Response Functions in flexible consumption and housing

markets:

The share of durables which is not used as collateral () is set to 0.10. The quadratic costs incurred in
changing prices is set as Rotemberg parameter (2) is set to 0.75 in the consumption goods sector assuming
that the consumption goods sector and housing goods sector are both flexible. The discount factors are
set at Savers’ discount rate (6) as 0.99 and Borrowers’ discount rate (f3) as 0.985. I set the Quarterly
house depreciation rate (0) as 0.01 and share of consumables in consumption basket (¢t) as 0.84. With
other parameters at share of profits paid to Savers (x) as 0.9, elasticity of substitution (€) as 11, Inverse
Inter temporal elasticity (o) at 2, Inverse Elasticity of labour (¢) at 1/3 and Scaling of labour in production
function (v) at 0.6. The parameter on the amount of lending based on income which is the number of time

period’s salary acting as collateral is taken as 12.

Effect of productivity shock in Consumption good firms:

The temporary increase in the consumption good production technology directly translates into higher out-
put in consumption goods sector as the output is directly proportional to the technology shock, as we will
see later although the income effect dominates in the Borrowers sector and Savers sector resulting in a de-
crease in percentage rise of Borrowers labour and Savers labour in the consumption firms sector, the effect
of increase in technology shock dominates it’s impact on the output resulting in an increase in output change
Y..

From the consumption goods firm’s perspective, marginal productivities of labour from both the labour

sectors have increased, they want to have more of both labour inputs, pushing up the real wages of Borrow-
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Figure 7: Amount of lending based on income Model: Impulse Response Functions with a positive tech-
nology shock in consumption sector I

Figure 8: Amount of lending based on income Model:
nology shock in consumption sector II
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Figure 9: Amount of lending based on income Model: Impulse Response Functions with a positive tech-
nology shock in consumption sector 111
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ers and that of Savers to induce households to supply more labour and this results in moving of the labour
from housing goods sector to consumption goods sector which results in decrease of Borrowers labour in
the housing sector and a decrease in Savers labour in the housing sector lowering the output in housing
goods sector.

As I assume that the wages are same across the two sectors of production, marginal productivities of
labour have increased, translating to rise in both sector’s wages but with different magnitude whereas rise
in wages of Borrowers is more than that of the Savers . Even from the steady state values, the same result
holds.

We also see that wages of Borrowers are directly proportional to the output and marginal cost and
inversely proportional to number of hours worked. With higher consumption sector output and income
effect of Borrowers dominating the decrease in marginal cost of firms, results in wages of Borrowers to
increase.

On the other hand, I have seen a similar pattern for wages of Savers. With higher output, dominating
the decrease in marginal cost of firms, results in wages of Savers to increase in my model, the Income
effect clearly dominates the substitution effect for the Borrowers sector as well as the savings sector. For
the considered parameter Scaling of labour in production function v = 0.6, we can see that the number of
hours worked for consumption good firms in Borrowers sector is inversely proportional to the productivity
shock in the consumption sector and wages of Borrowers . A positive productivity shock in consumption
sector and an increase in the wages of Borrowers dominates the rise in wages of Savers and thus prompted
the decrease in the labour of Borrowers in the consumption sector resulting in Income effect.

So is the income effect dominates the substitution effect in the Savers sector. As wages increase, workers
will want to work more, and will increase consumption. For the considered parameter v = 0.6, we can see
that the number of hours worked for consumption good firms in Savers sector is inversely proportional to

the productivity shock and wages of Savers. A positive productivity shock in consumption sector and an
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increase in the wages of Borrowers dominates the rise in wages of Savers and thus prompted the decrease

in the labour of Borrowers in the consumption sector resulting in Income effect

As wages increase, workers from both the sectors will want to increase consumption, resulting in a rise
of consumption of both Borrowers and Savers. Also we can observe from the consumption goods output
equation, that as output is directly proportional to the consumption of goods from both the agents, with
increase in output directly translates to an increase in consumption.

Households know that the shock is temporary and they smooth their consumption. Also the magnitude
of rise in wages in both sectors are different and with higher increase in wages for the Borrowers sector, ad-
ditional income of Borrowers is mostly consumed. In fact, considering the increase in wages, the substantial
decrease in labour hours of the Borrowers have adversely affected the amount of lending based on income
leading to a decrease in the housing of Borrowers. The decrease in the supply of housing also adversely
affected the Borrowers holding of houses. This in turn leads to a decrease in the loans demanded from
the Borrowers.

On the other hand, as Borrowers tend to consume more, combining with the decrease in the output of the
housing sector , the price of the houses increases resulting in Savers to issue less of loans and consume more
and investing in their housing stock substantially increases which shows that the demand of the housing
stock is mostly from the Savers sector. The Savers sector tend to be better off in both consumption and
housing.

On aggregate, leisure from both Savers and Borrowers increase i.e., labour from agents in the economy
decreases which shows that Income effect dominates the substitution effect. We can observe from that
number of hours worked are directly proportional to wages and the respective Lagrange multipliers in both

the sectors.

The increase in productivity of consumption good firms enhances to supply more of the consumption
goods with the same inputs and due to the monopolistic competition, firms can decrease the price of the
consumption goods for better marginal profits and as a result, fall in inflation in the economy occurs. The
central bank sets the interest rate according to the Taylor rule and as the inflation decreases, the interest rate
tend to decrease as well.

The effect in the economy tend to persist in a cyclical effect. Even though interest rate decreases,
Borrowers tend to obtain less of loans B, and increase their consumption as the decrease in labour hours
from the Borrowers affect the amount of lending based on income adversely. Borrowers tend to decrease
their investment in housing stock which further increases their tendency to consume more. As the demand
for loans decrease, Savers tend to supply less of deposits as they tend to divert some of their investment to
housing stock and hence we see an increase in the housing stock of Savers. As the Savers are not constrained
by the amount of lending based on income, even though the returns in terms of loans in volume goes down ,
Savers tend to increase their consumption and an increase in consumption from both the agents make firms
to produce more of consumption goods which in turn make firms to hire labour with better wages. As the

productivity in consumption good increases with the shock, more of wages and more of labour demand
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Figure 10: Amount of lending based on income Model: Impulse Response Functions with a positive tech-
nology shock in housing sector I
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from the both the sectors in consumption good production side results in income effect from Borrowers
and Savers side, where both the agents tend to decrease their labour supply and have more leisure as wages
increase. The increase in wages in the consumption goods side results in labour moving to consumption
goods production from the housing goods production sector resulting in decrease of labour in the housing
goods sector and a decrease in housing goods output.

As the Borrowers are constrained by the amount of lending based on income, labour dynamics play a
huge role in the interpretation of the system.

R ,D; < UNp W s

For a Frisch elasticity of ’3’°, agents are relatively more responsive to labour supply with a change in
wage rates. As the income effect dominates the substitution effect, an increase in the wages of Borrowers
leads to a substantial decrease in the aggregate labour from them. This results in the decrease of demand in
loans from these agents as they are income constrained and in turn we see a decrease in the housing stock

from the Borrowers.

Effect of productivity shock in Housing good firms:

The temporary increase in the housing good production technology directly translates into higher output in
housing goods sector as the output is directly proportional to the technology shock.

From the housing goods firm’s perspective, marginal productivities of labour has increased, they want to
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Figure 11: Amount of lending based on income Model: Impulse Response Functions with a positive tech-
nology shock in housing sector II
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have more of labour input from both the agents, and this results in moving of the labour from consumption
goods sector to housing goods sector which results in decrease of labour from both Borrowers and Savers
in the consumption goods sector

As we assume that the wages are same across the two sectors of production, there is a rise in Borrowers
and Savers wages although with different magnitudes. We know that wages of Borrowers are directly
proportional to the output and marginal cost of the firms and inversely proportional to number of hours
worked in the housing sector. An increase in the housing sector’s output, increase in marginal costs domi-
nate the increase in labour supply from the Borrowers to the housing sector. This resulted in the Borrowers
substitution effect in the housing sector and an increase in wages of the Borrowers.

On the other hand, the wages of Savers are directly proportional to the housing sector output and
marginal cost from firm’s side and inversely proportional to number of hours worked by Savers in the
housing goods sector. With higher output, higher marginal cost of firms resulted in wages of Savers to
increase even though there is an increase in number of hours worked by Savers in the housing goods sector.

This shows that the Savers are subjected to substitution effect.

From households perspective, In my model with productivity shock in housing good firms, wages in-
crease in both the agents. For the considered parameter v = 0.6, we can see that the number of hours
worked for consumption good firms in Borrowers sector is inversely proportional to the productivity shock
in the housing sector and wages of Borrowers and directly proportional to the output in the housing sector
and wages of Savers. Hence as increase in output dominates the increase in wages of Borrowers and the
rise in productivity shock in the housing sector and prompted the increase in the labour of Borrowers in the
housing sector. In fact, the substitution effect dominates the income effect in the Borrowers sector with an
increase in real wage in Borrowers sector. As wages increase, Borrowers will want to work more.

On the other hand, from a saver’s perspective. For the considered parameter v = 0.6, we can see that the
number of hours worked for consumption good firms in Savers sector is directly proportional to the wages
of Borrowers as well as output in the housing sector . However, number of hours worked for consumption
good firms in Savers sector is inversely proportional to the technology shock and the wages of Savers. The
substitution effect dominates the income effect in the Savers sector as well with an increase in real wage in
Savers sector. As wages increase, Savers will want to work more.

Even though the wages increase in Savers sector , workers from this sector will want to decrease con-
sumption, resulting in a fall of consumption of Savers C and on the other hand although wages in Borrowers
sector increase, the decrease in output of consumption goods sector make Borrowers to invest in housing
more and hence a decrease in C;, can be seen. Also we can observe from the consumption goods output
equation, that as output is directly proportional to the consumption of goods, with decrease in output directly
translates to an decrease in consumption.

On the other hand, as the output in housing sector increases, this results in an increase in the consump-
tion of housing services from Borrowers sector leading to an increase in Hy,. The amount of lending based
on income accompanied by the decrease in house prices also increase the demand of housing from the Bor-
rowers. Due to this substantial increase in the Borrowers housing, even though the income of the Savers

increase, they tend to decrease their consumption and also they decrease their housing stock which in turn
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divert the funds from Savers to loans and this resulted in an increase in loans. This results in an increase
of housing stock from Borrowers sector and decrease in the housing stock of Savers as they divert most of
their deposits into loans due to an increase in demand for loans from the Borrowers sector.

Households know that the shock is temporary and they smooth their consumption. As the wages for
the Borrowers sector increase, with a tendency to consume less of consumption goods and more of housing
goods resulting in an increase in the housing stock of Borrowers.

On the other hand, as the wages for the Savers sector increase, Savers tend to consume less of consump-
tion goods and less of housing goods resulting in an decrease in the housing stock of Savers. However an

increase in supply of loans from the Savers.

Combining with the increase in the output of the housing sector, the price of the houses decreases
resulting in Savers to issue more of loans as we see they also consume less and investing in their housing
stock decreases which shows that the demand of the housing stock is mostly from the Borrowers sectors.
The Savers sector tend to divert some of the housing stock to loans.

On aggregate, leisure 1 — N, and 1 — N, decreases 1.e., labour N, N; increases.

The increase in productivity of housing good firms enhances to supply more of the housing goods and
less of consumption goods with the same inputs and due to the monopolistic competition, firms increase the
price of the consumption goods for better marginal profits and as a result, rise in inflation 7in the economy
occurs. The central bank sets the interest rate according to the Taylor rule and as the inflation increases, the
interest rate is tend to increase.

The effect in the economy tend to persist in a cyclical effect. Even though the interest rate increases,
Borrowers tend to obtain more loans due to the decrease in house prices and increase in wages which
will effect the amount of lending based on income positively, this in turn increase their housing stock
and decrease their consumption as houses are the only vehicle for Borrowers to invest. Borrowers tend
to increase the investment in housing stock with a decrease in the house prices. As the demand for loans
increase, Savers tend to supply more of deposits as they tend to divert some of their investment from housing
stock and hence we see an decrease in H;. As the Savers tend to decrease their investment in housing, they
tend to decrease their consumption and an decrease in consumption from both the sectors make firms to
produce less of consumption goods which in turn make firms to hire less of labour for consumption goods
sector and tend to hire more for housing goods sector.

A positive productivity shock in housing sector leads to a substitution effect from Borrowers, an increase
in the wages leads to an increase in the labour from them and this in fact will turn to more demand for loans

from the Borrowers and in turn an increase in the housing of Borrowers.

R, D} < UNp W4

Rigid consumption and flexible housing markets compared to both flexible markets :

I have repeated the exercise as above with a rigid consumption market and flexible housing market by

calibrating the Rotemberg parameter (£2) in the consumption sector set to 100 and decreasing the Frisch

48



elasticity to “2”. Because the Borrowers are constrained by the income, we expect to see a drastic changes
in the labour decisions and wages of the agents in the economy. When the system is exposed to a pro-
ductivity shock in consumption sector, we have seen a very similar results to that of flexible markets in
both consumption and housing sectors. Even though with a positive productivity shock in consumption
good firms and increase in marginal productivity of such firms, due to the quadratic costs in the production
function, consumption good firms could make less profits whenever there is a change in price and hence
we could see a slight decrease in the wages of both the agents. This leads to both Borrowers and Savers
labour relatively going down in consumption sector. In fact, the Savers labour have gone down significantly
in the consumption sector and there is an increase in the housing sector labour from both agents. Com-
pared to flexible markets in both sectors, rigid consumption and flexible housing markets also leads to a
decrease in consumption sector output and the consumption in both Savers and Borrowers. However, due
to the increase in the labour to the housing sector, we could see a relative increase in the housing sector
output. Both Savers and Borrowers aggregate labour goes up slightly and this effects the amount of lending
based on income of the Borrowers and in turn leads to an increase in the housing of Borrowers and a slight

decrease in housing of Savers.

On the other hand, when the system is subjected to a productivity shock in housing good firms, we have
seen the wages of both Borrowers and Savers have increased compared to that of both flex price markets
as the increase in productivity from the housing firms negates the quadratic costs from the consumption
good firms. The positive productivity shock in housing good firms will increase the marginal productivity
of such firms leading to an increase in wages. Considering that the wages are same across both the firm
sectors, the consumption goods sector will need to maintain their production and will increase their labour
intake from both the agents which result in an increase in labour from both Savers and Borrowers in the
consumption goods sector. As wages are perceived to be same among the two firm sectors, labour tend
to move from housing sector (which goes through an increase in productivity) to the consumption sector
(rigid market with quadratic costs). This results in a decrease in the housing sector labour from both the
agents. However, the aggregate labour of Borrowers and the aggregate labour of Savers have substantially
decreased which resulted in a substantial decrease of Borrowers housing who are primarily constrained by

the income and an increase in the saver’s housing who are not income constrained.

R, D} < UNp W4
We could see a relative dip in the housing output and an increase in the consumption output due to the

labour movement and a decrease in the housing of Borrowers. This resulted in a substantial increase in
the consumption of both Borrowers and Savers. Relative to the flexible prices in both the markets, Interest
rate and the amount of loans have decreased in a market with rigid consumption firms and flexible housing
firms. So is the house price has decreased. This leads to a decrease in the aggregate demand for the housing
from the Borrowers and in turn decreases the housing output. The decrease in the loans have also made

Savers to invest in housing
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2.4 Conclusions

There are very interesting results we have seen from this chapter. As discussed in the empirical literature
Aladangady (2017), houses acting as collaterals have a positive effect on the consumption of agents when
the house prices appreciated as opposed to agents constrained on income as collateral in which the substitu-
tion effect and the income effect of agents played a prominent role. In fact, with agents subjected to amount
of lending based on income we have seen that the agents income or substitution effect played a crucial role

in the holding of housing stock.

We have seen the mathematical interpretation of the productivity shocks in the above sections. let us
conclude this chapter by looking at the differences between the collateral and amount of lending based on
incomes when the system is subjected to productivity shocks in both firms sectors. One of the main results

when the agents are subjected to amount of lending based on income is that,

h
RioDf < (1—x)Q/Hyp,
With a positive productivity shock in the consumption sector, the income effect dominated the substitution

effect for all the agents in the economy and especially Borrowers oversee a decrease in aggregate demand
for loans and in turn a decrease in the stock of the housing from them. Whereas Savers are not constrained
and this leads to and increase in the housing fo Savers even with a decrease in the labour from Savers and
income effect dominating. On the other hand, with a positive productivity shock in the housing sector, the
substitution effect dominated in all the agents as Borrowers oversee an increase in wages and labour and in
turn the demand for the loans increase and ultimately an increase in the housing from them. However, as
the Savers are not constrained by the income, an increase in the wages leads to a decrease in the housing
stock from them.

As the Borrowers are constrained by the collateral constraint, a change in relative house price play a

huge role in the interpretation of the system.

R oD! < (1—x)OHp,

Even though we know the labour dynamics do play a role even when agents are collaterally constrained,
the effect is lower compared to that of the amount of lending based on income.As opposed to the result
when agents are subjected to amount of lending based on income, with a positive productivity shock in the
consumption sector, we have seen a decrease in the housing output and an increase in the relative house price
and this in turn increases the demand for loans from the Borrowers and ultimately we see a slight increase
in the housing of Borrowers. This also made Borrowers better off in terms of consumption as the collateral
value of houses has a positive effect on the consumption of Borrowers. As Savers are not constrained on the
relative house price, with an increase in loans, the housing stock of Savers have decreased and the funds are
diverted to an increase in consumption from them. On the other hand, with a positive productivity shock in

the housing sector, we could see an interesting result of an increase in the housing stock of Borrowers even
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with a decrease in the relative house prices. Borrowers have given up on the consumption and increased
their holdings of the houses as the relative low prices make houses more affordable to the them. Again we

could see that houses acting as collateral has direct consumption effects on the agents.
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3 Buy to Let Markets in DSGE Framework with Dixit Stiglitz Lite
Utility and Collateral Constraint

3.1 Introduction

Recently, both in the UK and internationally, there were considerable public debates as to how developments
in housing markets pose risks to financial stability and how best to address such risks. Quantitatively, risks
can be great. The second home ownership in the western countries has substantially increased during
the recent years (Dijst et al., 2005). There is a strong evidence in the literature that Buy to Let markets
do have a contribution on the higher house price growth during the years see e.g., Gibb and Nygaard,
(2005) and Hickman et al, (2007). The National Housing and Planning Advice Unit (NHPAU) in 2008
has shown that after the introduction of Buy to Let mortgages in 1996, 7 percent of the increase in the
house prices in the year 2007 is attributed to the Buy to Let Mortgages. During the Great Recession of
2007 to 2009, Wallace, A. and Rugg, J. (2014) shown that the possessions in the Buy to Let market in
the U.K had significantly increased whereas the possessions of the assets had steadily reduced in the rest
of the residential market. Adelino. M , Schoar. A and Severino. F. (2018) also suggested that during the
boom period of the house prices in the U.S., the fraction of the second homes and the speculative investment

properties have significantly increased especially in the areas where the house prices have increased rapidly.

However, the biggest concern of Buy to Let market among the governments and economists is it’s effect
on the stability of the financial markets. The Private Rented Sector (PRS) or Build to Rent sector in the UK
has grown substantially in recent years and accounts for approximately 27 percent of all UK households in
2017 which has increased from 13 percent by the end of financial period 2007. “Office for National Statistics
(ONS) (2018)”. There is an increasing number of investors who are buying up properties for the purposes
of buy-to-let benefitting from both value rises in their assets and from rising rents. Buy-to-let mortgage
lending is a significant share of both the flow of residential mortgage lending and stock of mortgage lending
on lenders’ balance sheets. Recent statistics from the consultation by the Financial Policy Committee (FPC)
show that outstanding buy-to-let mortgages represent 16 percent of the total stock of residential mortgage
by value, up from 12 percent of the stock in 2008 and 4 percent of the stock in 2002. Jorda, Schularick,
and Taylor (2016) documented the rise in the share of mortgages on banks’ balance sheets which resulted
from a sharp rise in the mortgage lending to households. The paper also shows that the lending booms in
the real estate markets are followed by deeper recessions with slower recoveries. The recent developments
show that, Buy-to-Let markets and the Buy-to- Let Mortgage finance, if continues to grow rapidly, can
be a potential threat to the financial stability of the UK. The 2017 government consultation on this issue
has granted powers of direction in the Buy-to-Let market to the Financial Policy Committee of the Bank
of England. The Bank of England will be allowed to regulate two financial instruments Loan to Value
Ratios (LTV) and the Interest Coverage Ratios (ICRs) in respect of buy-to-let lending. The Financial Policy
Committee has stated that a power of direction to limit high Loan to Value Ratios lending and low Interest
Coverage Ratios lending must also be available to be applied to buy-to-let lending extended by regulated

entities. It is predicted that the above tools would act to reduce the supply of credit. A Loan to Value Ratio
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limit acts by directly limiting the exposure of individual lenders and the system as a whole to credit risk,
thus reducing the total number of defaults. High Loan to Value Ratios could also reduce total losses for a
given number of defaults. An Interest Coverage Ratio limit helps to reduce the likelihood of a borrower
needing to draw on other income sources to meet mortgage repayments if interest rates rise, maintenance
costs increase, or rental income falls. LTV and Interest Coverage Ratios limits could also reduce the scale
of the amplification channel. Using an agent based model, Bank of England working paper 619 by Baptista,
Farmer, Hinterschweiger, Low, Tang and Uluc (2016) suggested that size of the buy to let markets is the
main vehicle for increase in the house rice volatility. In particular, “The results suggest that an increase in
the size of the buy-to-let sector may amplify house price cycles and increase house price volatility”. This
paper being one of the main motivation in understanding the Buy to Let markets, In this chapter of my
thesis, using a Dynamic Stochastic General Equilibrium (DSGE) framework, I will analyze whether we can

confirm to such results in my model.

3.2 The Model

Specifically, my model will include three different types of household agents. First, there will be ‘hand-
to-mouth’ households who work and rent the houses; second, there will be rich households which are able
to smooth their consumption over time, they are Savers in this and provide funds to the other households,
who can borrow; and third, there will be Borrowers who are credit-constrained but still can borrow under
suitable collateral. The model will include a central bank who will be responsible for monetary and macro-
prudential policy aiming to reduce house price volatility. I also include two types of firms which will
produce consumption goods and housing goods. The Borrowers play the main role in this model, and the

policy will be designed to affect the incentives of the Borrowers.

3.2.1 Hand-to-mouth workers

Hand to Mouth workers are completely credit constrained, they do not have suitable collateral for borrowing
from the bankers. Each of these households will consume, supply labour and rents a house and gains utility
from the house they rent, and consume. I assume these households couldn’t save and the budget constraint

can be as follows:

Budget Constraint (Nominal terms):

P.,C+HQf =N'W +T,, (55)

where Qf rental price of the house,P.; is the given price of the consumption goods, H/ is the rented
house, C’ consumption of the representative household, N/ production labour from Hand-to-Mouth work-
ers. W/ represent the wage rate. These households will earn the wages from providing the labour and will
spend all of it on consumption and rent. All profits are expropriated by the government and redistributed as

transfers 7T}, to this sector of agents.
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A typical Hand-to-Mouth household consumes both the consumption services and the housing services.
I also assume that the wage depends only on the type of labour, not on the type of firm, which allows the
labour to move freely across the firms. The utility of these households is assumed to be a Constant Elasticity
of Substitution function with a nested additively non separable Cobb Douglas between consumption and
housing inputs and is as follows:
Utility :
max } YU C;D ,NI H, )
thth’ Z‘Z:‘)
whereC? denotes the consumption of the final consumer service from the Hand-to-Mouth Workers, H;
denotes the housing services from which these households incur the utility, typically assumed to be the roof
under which the household survives. N”denotes the combined labour supplied by these households for the
two types of firms due to the assumption that the wage depends only on the type of labour, not on the type
of firm.

The Hand-to-Mouth worker will typically maximize the utility as follows:

- 1 a —a) 1— 1 1+¢
max U (Cl,N! . Hf X (—( ch* (HN! “)1 "—— N? (56)
max B (CF N = max 7 (1 () ) 5 ()
subject to nominal budget constraint
PeiCP+H{Qf = Ny W + T, (57)

The Hand-to-Mouth household problem is to choose N/’ H . Forming the Lagrangian L, with A, being

the Lagrange multiplier. we have:

L :Eog)}/ <$ ((Cf)“ (H) lfoc> 1-o 1_|1_¢ (NP)1+¢’>

N/W/ + Ty, — HIQ;

=
! Py

> 1 1\“ « o) il-o 1
L= E()tgoyt (m ((E) (thth + Tp,z _Hterr> (Hzr)l ) ! - —¢ (Np) 1+¢)

leading to the optimal conditions:
We obtain the consumption leisure decision, Inter temporal choice and optimal consumption. These

agents will only consume as they are assumed to not save:

()* = ((eh) ) Tae)® ) et 58)
0= ()" H)'=*) = |~ (D)™ (H) g+ (1= a) () (H) ™| (59)
C = N'wl+1,,—Hjq] (60)
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3.2.2 Borrowers

Borrowers are the central focus of my model where I have two types of Borrowers: Buy-to-Let Borrowers
and owned house Borrowers.These households can borrow under collateral, normally I assumed that houses
act as their collateral, borrow money from the banks in terms of loans to invest in the either owned housing or
Buy-to-Let housing which is determined endogenously by the agents in their decision choice. The housing
can also be divisible and part of the house is owner occupied and also other part of it is rented to other sector

of hand-to-mouth households. These households budget constraint can be thought of as follows:

2
X [Hos —Hpi1
PeyCl+OF (HY — (1= 8)H/_ )+ Ry—1 aD{y + O Hps 1.5 [T] = H/Q/ +N/W/ + D +Tp,
g

2
(61)

where Ctbdenotes the consumption of the final consumer service from the Borrowers sector, P ; is the
given price of the consumption goods, Q" price of the house at time ¢, H/ rented house to the Borrowers
sector, Q! being the rental rate of the let house at time ¢, H” total house , rented and owner occupied and
also depreciates at the rate J, D,d one period nominal debt from the bank at the end of period ¢ provided
to the housing Borrowers sector and R;_; 4 is nominal debt lending rate of loan. In particular all the
expenditures and investment form the Borrowers will be equal to their gains. All profits are expropriated
by the government and redistributed as transfers 7j, to this sector of agents.

Let us denote H; ,Owner occupied part of the house, which is given by to the total housing stock of
Borrowers - BTL house :

HY = H? — H;

I introduce quadratic costs while Borrowers agents invest in housing if agent’s housing investment this
period is substantially differ with the housing stock from last period. I introduced investment quadratic
costs for further validation of the results. However, for simplicity in this work I presented the results with

the parameter on the quadratic costs taken to be zero which completely negates the following

X

O'Hy; 1.2 [ (62)

Hy,; —Hp; 2
2

Hb,tfl

These households gain utility from the under roof housing services , consumption service C? and the

leisure 1 — N”. The typical utility for these households is as follows:
Utility
hd 1 o l-o 1 1+¢
m m'Y (2 (@) () ) e o (0))
CtbthvatvaIerva{ t=0 1 -0 1 + ¢

Note that I include owner-occupied housing H° = H” — H! in utility, not the rental house, as I treat

utility of housing as being under the roof.
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I also assume the Borrowers are under some collateral constraints, where the maximum amount of the
combined loan and repayment on the loans they borrow should be only less than or equal to the fraction of
the house which I assume will be determined by the central bank. The collateral constraint can be thought

of as follows:

R, pD? < nQ'H? (63)

1 = (1 —downpayment) means the central bank imposes a constraint on the maximum credit amount
which this sector of households can get. Hence these are not fully credit unconstrained.

The Borrowers households problem is to choose C?,N*, H? | H", D?, D by maximizing Utility subject to
budget constraint and the collateral constraint .

Forming the Lagrangian L, with &, ¥, being the Lagrange multipliers we have:

Lagrangian
U (Cth7Ntvatb _Htr)
: H{ Q] +NIW! + D7 + Ty,
- +6r Hy,—Hy, 112
L=EY p —PeyCl — QO (HY = (1= $)HY ) = Ri-1,D} — Oy, 1.5 | Pgptiet|
t=0 ,
+W; (LOTHY — Ri pDY)

The optimal conditions for Borrowers are as follows:

We obtain the similar optimality conditions of Borrowers to that of the previous models apart from the
inclusion of under the roof housing in the utility and the rents in the budget constraint. In particular, we see
here that due to the non additively separable utility, the marginal effect of utility with respect to consumption

is indeed affected by the housing of the agents and vice versa.

(Nb,t)q) = Wpy [Patét] (64)

H,,— H,,_
P (q? e {MD P !

Hp; 1
2
X | Hp 1 — Hp, Hp1—Hpy | Hppv1
+B[Poys1Eiri] q?+1<1—6>—qi’+1—[—’ } +q?+1x{ d L) (69)
2 Hy, Hy, Hy,
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0= ((1 —a) (Hb,t _Hraf)_a (Cb,z)a ((Cb,t)a (Hb,z —Hr,z) lia) _6> —[Pes&ilar

<(Cb’z) * (Hp, —Hyy) Hx) 0 (Con) ™ (Hoy — ) = P

1
St To+1

0= [Pcht] - [Pc,tht]Rt,o - B [Pc,l-i-lét-i-l]Rl

0=H/ql +Np,wp;+ds g+t —Cpr—ql(Hys — (1—8)Hy; 1)

2

h
—d"H, . .~
qr 1pr—1 > { Hb,t—l

—Ri14di—14 —
t

0= IJCI?Hb,t — R qd; g

3.2.3 Savers

(66)

(67)

(68)

(69)

(70)

(71)

Savers consumes, supply labour inelastically and also save. They supply funds to the financial intermedi-

aries out of their savings and let the banks to circulate their money in terms of Credit.

I also assume the discount factor for this sector is high than the previous sector’s and I denote it with 0

as this sector of agents tend to save money.

0.99=6>p=0.985

Budget Constraint of this sector will be

P.,Cy,+OMNH,—(1—8)Hy, 1)+ By, +OMHy % {

Hs,t - Hs.,t—l
Hs,tfl

2
] =N Wyt +Ri15Bs;—1+T5; (72)

The deposits from the working representatives of the saver’s household are one-period bonds that pay

with the return R, from t — 1 to t. Let B, be the debt the saver’s household acquires, all profits are
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expropriated by the government and redistributed as transfers T to this sector of agents. Again, for sim-
plicity in this work I presented the results with the parameter on the quadratic costs taken to be zero which

completely negates the following

X

2
Q?Hs,l—l . 2 |: o o ‘|

Hs,t—l

The Savers households gain utility from the under roof housing services Hy;, consumption service C; ;
and the leisure N ;. The typical utility for these households is as follows:

The Saver’s household discounted Utility is as :

> 1 1
max E Gt - < C o H 1706) l-o _ _ ~ N. 1+¢
g (e (CARITS g (V)

The Savers households problem is to choose Cs;, Ny, H,;, By by maximizing utility subject to budget
constraint . Forming the Lagrangian L, we have:

Lagrangian

L=Ey Z 0'U* (Cs,t;]Vs,taHs,t)
=0

+ A [Ny Ws i +Ri—1 Bsg—1+ Ty y — PeyCsp — Q? (Hyy —(1—6)H4—1) — By,

2

h X Hs,t _Hs t—1

— H. =Z/|l—
Qz s,;t—1 2 |: Hs,t—l :| ]

leading to the Savers optimal conditions :

o =w; (73)

0= ({1 @) (H) (€ (€)® () ™) °) = s (a4 |22 ) o

Hs,tfl
Hy; i1 —Hy]? Hyii1—Hy; | Hypon
9 P I’l 1_6 _ I’l & S7t+ S, /’l S, 9 9 75
+ [ c,t+1)Lt+1] <CIH—1( ) qt+12 |: —Hs,t + g1 X H,, H,, (75)
Pess = ((Co) * (Hy)' ™) 0t (Co) *~" (i)~ (76)

Ry s
1+ 74

Pc,tﬁ't =0 [Pc7t+1)L¢+l] (77)
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Ri—1,
0= Ns,lws,t 1ty +bs7t—l L st T Q?(Hs,t - (1 - S)Hs,t—l) b — 4 Hst 1-

14w

2
X Hs.t_l_lstfl
2[ Hy; 1 ] 7%

3.2.4 Firms

I have two sectors in the production economy one of which produces housing services and the other con-
sumption goods. In these two sectors a competitive final good producer demand and purchase ytj (i) units of
intermediate goods. where j represents the firm’s production sector whereas in here j is housing # and Non
durable consumption goods c. Also Each type of labour N, j,, N; j,, Ny s works for both housing sector and
consumption sector which I will denote by N;j >Ny t,Nh for housing and Ny ,,
time ¢ from all the three types of households. All the intermediate goods firms will hire labour from the

Ng :» g, for consumption at

perfectly competitive market.

Intermediate Housing firms

All of the final goods producers will take the intermediate goods as inputs to produce the final goods and
these intermediate firms will provide the input goods. For tractability Let’s assume the Intermediate firms
will be of unit mass.

House prices follow a flexible prices unlike consumption prices due to the chance of negotiations in
house prices and hence, I assume housing service prices follow a flexible prices. These housing intermediate
firms will pay wages to the labour provided by the three sector of households and the employment equation

is as follows:
Employment in the intermediate housing firms

i N () WENG, (0) 4 WG, (). (79)
s\t A1) p 1

The firm tries to minimize their production costs of intermediate goods equation by choosing the values

for the hire of labour provided by the households, Ng (i), N,f (@), Nh . (i) subject to the production constraint

YI(i) = ZuNp, ()Y N, G) N2 () (80)
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Where Z,; is the firm’s sector specific technology shock, note that this shock is aggregate shock to the
sector rather than firm specific and forming the Lagrangian L, with 7, being the Lagrange multiplier we

have:
L= Wi, (1) + WEND, () + N (1) = Pt (Za, (1) Np, (N () =31 (1)

Optimality conditions gives us the labour demand equations for all the three agents in the housing sector:

1 s (I—u—v) N\ U pr v—1
’ iy \1—u—v u v
1 ws (Imu=v) /b1 P\ Y
A/ [ —L 2 yh 82
bt th<1—u—v) <u) (v ! (82)
1 ws (—u=v) wo\" WP\
Nt = — - 2L oyt 83
st Zh,<1—u—v) <u) (v ! (83)

Price setting in the intermediate housing firms Firms choose prices to maximize expected profit for
the obtained labour, as discussed earlier, this housing production sector follows the flexible prices due

to the involvement of negotiations. Firms will discount profits s periods into the future by m; 5, where

U/ (Cx,tﬂ)
U'(Cs)
discount factor from the Savers perspective as most of the firms is assumed to be owned by the Savers.

oo horaN 1—€ BN —€
E Y mY| Q) (Q’—(l)) - <Q’—(l)) Mc, 84
(o Bl m (Q 0! 0! e

m; s = 6° which is the stochastic discount factor. Also note that we have considered the stochastic

Substituting the labour demand. We have the Lagrange multiplier as:
1 Wf (1—u—v) W? u W{j v
- hid & - 85
T Zh,(l—u—v) u % (83)

The firm’s decision problem boils down to choosing the intermediate good prices in the housing sector
Qf’ (i) in order to maximize the expected profit equation (83) subject to the demand function (21) gives us

the equation for the aggregate house prices:

o e 1w TN (86)
Py  (1—-€)Zy \1—u—v u v
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Intermediate Consumption goods Firms

The Profit optimization problem is standard as the housing goods sector. A firm chooses employment
and prices to maximize profit subject to the production constraint in the consumption goods sector. The
intermediate consumption goods labour choice remains the same as that of the intermediate housing goods
firms with labour from hand to mouth agents Borrowers and Savers in the consumption goods sector. Firm

i in the intermediate consumption goods sector minimizes nominal cost subject to the production constraint

B, o X 0 (56 0 Par (0) = W N (0) + W N (0) 4+ Wi N ()
{Ns ) NG, ONE, i ()} 5=

s=t

subject to the production constraint

5 () = ZeaNo s ()" Ny (1) Ny ()7,

The firm tries to minimize their production costs of intermediate goods equation by choosing the values
for the hire of labour provided by the households, N, , (i) , Ny, (i) , Ny, (i)subject to the production constraint

The final good firm’s demand equation of the input goods is as follows:

¥ (i) =Y¢ <p(;cii)>£ |

and price rigidity which I assume to follow the Rotemberg price setting scenario in which firms face a

quadratic costs in changing the goods price.

Profit maximization problem can be split into to separate problems: choose labour to minimize cost
intra-temporally and choose prices to maximize future profit. I deal with each of these problems separately.
I use subscript ‘p’ do denote sector producing perishable goods. Both output and employment have this

index.

Employment

Consumption good prices follow a Sticky prices unlike housing prices and hence, I assume housing ser-
vice prices follow a Rotemberg model of prices, where as the house good prices are completely flexible.
These consumption good intermediate firms will pay wages to the labour provided by the three sector of
households and the employment equation is as follows:

Firm /i minimizes nominal cost:

i WSNE, (i) + WPNE, (i) + WPNE, (i).
Ns,t(i),l\g,l,l(zn),va,(i) t 37z(l)+ t b,t(l)+ ! p,t(l)

subject to the production constraint

¥ (i) = ZaNj,, (D) Ny, (8)'Ne, (i)'
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optimality conditions yield us the solution for the Lagrange multiplier:

B 1 W;‘ (1—u—v) W? u W;} v
a7 () () () D

and the labour demand equations for all the three household sectors:

1 we (I—u—v) Wb u wP v—1
c o |t a2 Zt c
Nps = th<1—u—v) (u) (v) h %)
1 wS (1—u=v) wb u—1 wP\"
c _ t 7t 7t c
Noi = th<1—u—v) (u) (v) i 9)
1 ws T AN A
c W "t c
- )

The above equations clearly shows us that the labour demand from the firms are directly proportional to
the output the consumption goods firms can produce Y, and indirectly proportional to the level of technology

in the firm sector Z,;.

Price setting Firms choose prices to maximize expected profit and let’s assume the firms follow the

Rotemberg price setting where there incurs a quadratic costs in changing prices.

L S AN AN
' Ziy \1—u—v u v

where MC = {, P,; Note that wages here do not depend on index i, as labour of each type is assumed to be

perfectly mobile and so wages of particular type are equalized across all firms. So we come to familiar for-

Pct_
The firm discounts future profits by the gross real interest rate between today and future dates (stochastic

. 2
mulation of setting prices in Rotemberg setting where the quadratic cost is taken as % ( P”El()l.) — 1) vs (7).

discount factor),

R o [Pc,tﬂﬂqﬂ]
Ry Pei M

This yields us :

oo . 2
V()= E Y 0 [@:‘ P )35 MG~ 5 (0 -1) <i>]

P (l)

subject to Intermediate goods demand equation :

o =r (20) "

Pt
The problem for the optimal prices setting at time ¢ can, equivalently, be written as
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N Pt (i) (PN Puli) N\ o (Pa(D))
V(i)=EY 6°my, (C’ —~ )Y( -= 1) ¥
( ) t SZ:t t, [ Pct Ct t Pct 2 Pct—l (l) t Pct
FOC w.r.t I?c/, yields us the New Keynesian Phillips curve equation:

o gtn ottt ) S )| | = (mOm) -3 @re)  on

where the stochastic discount factor is given by:

P
mﬁlze{ig%%ﬂ} (92)
C,
R 0 [Pc,t+17‘4+1]
R; s Pt

3.2.5 Profits of firms and Government Transfers

To close the model, we need to aggregate the real profits from the firms and has to be distributed among
the households in terms of transfers. Aggregate inter-period nominal profit is the total output from both the
firm sectors from which the wages of the agents are taken away. Please note because of the quadratic costs

involved in the rigid intermediate consumption goods firms, that has to be taken away as well. This leads
to:

Q
_ntzychct + Ytthl - Ws,th}ft - WbJNlil,z - WPJN]};J

L, = ¥, Py — WasN§ = Wy Nj, — WpalNp, — =

I assume that the profit is 100 percent taxed by the government and redistributed according to the

following rule:

IT
ty = (1 —x—y)P—t
ct
11,
Iy =X—
Py
- I,
"=,
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3.2.6 Financial Intermediaries:

Considering these are owned by Savers, as of now, the role of financial intermediaries in this model will
be minimal, they just pool the deposits from the Savers and provide loans to Borrowers. For simplicity, I

assume they pay the same interest rate to depositors as they charge from the Borrowers:

Rt,o = Rt,s (93)

3.2.7 Market Clearing

In equilibrium we have the following resource constraints:
The aggregate labour of the agents are the sum of labour to the intermediate housing and consumption

good firms.

NP = N 4NS, (94)
Ntb - Nﬁt‘FNﬁt ©5)
NS = NI +N¢, (96)

The demand and supply of loans in the equilibrium are the same.

Bs,t = Dt,d 97

The central bank sets the interest rate by Taylor rule:

R Y ¢r
Rf’” =(1+m)% (7’) (98)
0

The total output in the economy is equal to the consumption of both housing goods and non durable
consumption goods from the households including the depreciation of housing, investment quadratic costs

for all the three agents and the quadratic costs incurred in the rigid intermediate consumption good firms.

Y +Yq! = Cpr+Cyy+Cpy+q (Hpy — (1= 8)Hpy—1) + g} (Hyy — (1= 8)Hyy—1)

Q , X |Hpr —Hps 2 h X |Hsy—Hg; g 2
a0 ADV,5 3 S e it} A s sl
+ 2 cttt +qt bt—1 2 |: Hb,tfl + t Hst—1 2 I—Is,l—l
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3.2.8 Private Sector Equilibrium

Please Refer to the Appendix for the whole Private Sector Equilibrium for this model.

3.3 Calibration:

The share of durables which is used as collateral (i) is set to 0.90 “Kovacs and Moran (2019)”. The
discount factors are set at Savers’ discount rate (8) as 0.99 “Iacoviello and Pavan (2011)” and Borrowers’
discount rate () as 0.98 “Kovacs and Moran (2019)”. T set the Quarterly house depreciation rate (J) as
0.01 “Tacoviello and Neri (2010)” and share of consumables in consumption basket () as 0.84. With other
parameters at share of profits paid to Savers (x) as 0.7, share of profits paid to hand to mouth workers
(v) as 0.1, if T assume that the average markup equals 10 percent, then this implies € = 11, Inverse Inter-
temporal elasticity (o) at 2 for Savers, Borrowers and hand to mouth guys respectively ““Iacoviello (2004)”,
Inverse Elasticity of labour (¢) at 1/3 “William B Peterman (2014)” and Scaling of hand to mouth labour
in production function (v) at 0.1, scaling of Borrowers labour in production function (u) at 0.2 and Scaling
of Savers labour in production function (u) at 0.7 “The Labour Market Story: Skills for the Future (July
2014)”, Taylor rule parameter as 1.1.

For the above parameters taken, the model also provides an estimate of percentage consumption of
housing goods and consumption goods by different sectors of agents which closely replicates “Kaplan,
Violante, Weidner (2014)” which is illustrated in the below table :

Agents Consumption Consumption in Steady State | Total Percentage
Consumption of Hand to Mouth Agents 0.0978 9.2 percent
Consumption of Borrowers 0.1988 18.8 percent
Consumption of Savers 0.7669 72 percent

1.0635
Rental housing 0.9157 8.3 percent
Housing of Borrowers 2.7767 25.1 percent
Housing of Savers 7.3403 66.6 percent

11.0327

3.4 Steady State Statics:

The calibrated model is used to perform a series of comparative statics exercises to investigate the impact
of the size of the rental/ BTL sector on different decision rules of the agents. It is also used to qualitatively

assess the effect of macro-prudential policy which regulates Downpayment ratio.
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BTL

BTL

Change with
respect to Down

payment ratio

Down payment =

Down payment =

10 percent 25 percent
Consumption of 0.09783 0.09780 Decrease because
hand-to-mouth of increase in
rents
Consumption of 0.199 0.204 Increase because
Borrowers of Divert some of
increase in rents
to consumption
but not to
housing
Consumption of 0.767 0.763 Decrease, due to
Savers decrease in
deposits
BTL Property 0.915 0.882 Decreases due to
decrease in
Borrowers
housing
Housing of 2.78 2.72 Decrease, due to
Borrowers increase in Down
payment
Housing of 7.34 7.30 Decrease, due to
Savers decrease in
deposits and the
income it
produces
Wages of 0.0897 0.093 Increase, due to
Borrowers decrease in
labour supply
Wages of 0.0260 0.0259 Decrease, due to
hand-to-mouth increase in labour
supply
Wages of Savers 0.931 0.923 Decrease, due to

increase in labour

supply




BTL BTL Change with
respect to Down
payment ratio
Deposits 247 2.022 Decrease, due to
less demand from
Borrowers as
increase in down
payment
hand-to-mouth 4.069 4.09
Labour
Borrowers 2.362 2.29 Decrease, as
Labour Borrowers has no
incentive to work
and to invest in
housing
Savers Labour 0.796 0.803
Consumption 1.0635 1.0641 Increase, labour
goods output tend to move
from Housing
sector to
consumption
sector
Housing goods 0.1012 0.1002 Decrease. Due to
output less demand for
housing
Rental Price 0.0204 0.0211 Increase,Can be

due to less supply
of BTL
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3.5 The Baseline Model Results

The technology shocks follow an AR(1) process in the housing goods sector:

In (Zf‘) = ppln (Z,h,l) +eyp

and an AR(1) process in the consumption goods sector:;

In(Z¢) = peln (Z5.,) +e.

where e., ey, are 1.1.d processes with variances of o, and o), respectively which are both calibrated as

0.0092. The shock persistence in both the sectors is p;, and p,is taken as 0.3.

3.5.1 Effect of productivity shock in Consumption good firms:

In the following, I will consider impulse responses to increase in productivity of the consumption goods
at date t. The temporary increase in the consumption good production technology directly translates into
higher output in consumption goods sector Y, as the output is directly proportional to the technology shock,
as we will see later although the income effect dominates in all the agent sectors, resulting in a decrease in
percentage rise of labour from all the three agents to the consumption goods sector Ny, N;,,Ng, the substantial
increase in productivity of labour combined with the effect of technology shock dominates their impact on
the output resulting in an increase in output change. Also note that the income effect dominates in the
agents, especially with a positive technology shock in the consumption goods sector as the above equations
of labour demand clearly shows us that the labour demand from the firms are directly proportional to the
output the consumption goods firms can produce Y, and indirectly proportional to the level of technology

in the firm sector Z,;.

¥ (i) = ZalNp, (1) Ny (i) Noyg ()77

From the consumption goods firm’s perspective, marginal productivities of labour from all of the labour
sectors have increased, they want to have more of all labour inputs, pushing up the real wage w,, w;, w; to
induce households in moving of the labour from housing good sector to consumption goods sector which

results in decrease of N’ Nsh and N 1}71 lowering the output in housing goods sector Y}, .
. . . wl—u—
yil (i) = thNZ,t (Z)VN[?J (l)MNf,t ()R

As I assume that the wages are same across the two sectors of production, marginal productivities of
labour have increased, translating to rise in all of the sector’s wages . From the below equation, we see that
wages of Borrowers, Savers and hand to mouth guys are directly proportional to the output and marginal
cost and inversely proportional to number of hours worked respectively for their sectors. Although there is
an income effect from the agents, with higher output, higher marginal cost of firms dominates the income

effect of agents, which result in wages of all the sectors to increase.
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Figure 13: Baseline BTL Model: Impulse Response Functions with a positive technology shock in con-

sumption sector |
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From households perspective, an increase in the real wage rate has two effects: an income and a substi-

tution effect. Because of the higher income the agent wants to work less and instead enjoy a higher amount

of leisure. This is the income effect. On the other hand, a higher real wage leads to a substitution of leisure

with labour. This is the substitution effect. In my model, the Income effect clearly dominates the substitu-

tion effect for all the three sectors. We can see that the number of hours worked for consumption good firms

in all sector Ny, NNy is inversely proportional to Z. and directly proportional to wy,, w;,, wy respectively , In

my model, the Income effect clearly dominates the substitution effect for all the sectors.

C

NS, =

o (Y oy

Pt Zy \l—u—v u
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Figure 14: Baseline BTL Model: Impulse Response Functions with a positive technology shock in con-
sumption sector II

real_lagrange2 b Wages of Borrowers 102 Wages of Hand to Mouth agents

102 Rate o 102 Inflation do
1
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102 tb 10 tp 102 Aggregate Labour of Savers

On aggregate, leisure 1 —N,, , 1 — N, 1 — N, increase i.e., labour Nj,, Ny, N, decreases which shows that
Income effect dominates the substitution effect. We can observe from the following that number of hours
worked are directly proportional to wages and the respective Lagrange multipliers in Borrowers and Savers
sectors. where as the number of hours worked are directly proportional to wages, consumption and rental

housing in poor workers.
¢ _
(No)" = wps [Pes&i]
(Ns,t)¢ = Wy [Peg ]

(NP)* = ()™ (H) =) e ()" (7)o

As wages increase, workers from all the sectors will want to increase consumption, resulting in a rise
of Cs and Cj, and C), . Also we can observe from the consumption goods output equation, that as output is
directly proportional to the consumption of goods, with increase in output directly translates to an increase

in consumption of two sectors.

c__ 9 2 v C
Yo =Cou +Coa+ Cpr + 5 7Y,

Households know that the shock is temporary and they smooth their consumption. Also the magnitude

of rise in wages is different from Borrowers and poor workers and with higher increase in wages for the
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Figure 15: Baseline BTL Model: Impulse Response Functions with a positive technology shock in con-
sumption sector III
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Borrowers sector, additional income of Borrowers is not consumed completely but part of it is saved, i.e.
invested into the housing stock Hj, resulting in an increase in the housing stock of Borrowers which in turn

also results in the increase in the BTL stock.

PeyCy + Q) (Hy — (1= 8)H\) + Re—1,,D7_y = H{ Q] + N/W + D} + T,

On the other hand, as Borrowers tend to invest in housing, combining with the decrease in the output
of the housing sector, the price of the houses ¢, increases resulting in Savers to issue more of loans By and
consume more Cs and investing in their housing stock Hy decreases which shows that the demand of the
housing stock is mostly from the Borrowers sector. The Savers sector tend to divert some of the housing

stock towards the increase in issuing loans.

P.,Cs,+ QM (Hy, — (1—8)Hysy 1)+ Bss = Ny Wy, +Ri_15Bss 1+ T,

Whereas, hand to mouth guys cannot invest in housing, combining with the increase of investment in
housing sector from the Borrowers, Buy to let houses H, have increased and the hence price of the rental
rate g, decreases due to more supply of BTL houses. As the wages of hand to mouth guys increasing and
due to a very high income effect with the rents g, decreasing results in an increase in consumption of this

sector .

P.;C +H/ O = N'W}/ +T,,
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The increase in productivity of consumption good firms enhances to supply more of the consumption
goods with the same inputs and due to the monopolistic competition, firms can decrease the price of the
consumption goods for better marginal profits and as a result, fall in inflation 7in the economy occurs. The
central bank sets the interest rate according to the Taylor rule and as the inflation decreases, the interest rate

tend to decrease.

Rlo ) Yt o
—=(14m)" | =
R, (I+m) (Y)

The effect in the economy tend to persist in a cyclical effect. As interest rate decreases, Borrowers
tend to obtain more loans B and increase their consumption. Borrowers tend to increase the investment in
housing stock which further increases their collateral value and tend to have less dependency on the income
of the Borrowers and consume more.

The increase in investment from Borrowers will in turn affect the Buy-to-let market which in turn
increases the rental properties which increase in H,. As the rental properties increases, this will reduce
the rental price g,and as a result, poor workers tend to have more for consumption and Cpincreases. As
the demand for loans increase, Savers tend to supply more of deposits as they tend to divert some of their
investment in housing stock towards issuing more loans and hence we see a decrease in H;.

As the Savers tend to get more returns in terms of loans in volume, they tend to increase their consump-
tion and an increase in consumption from all the sectors make firms to produce more of consumption goods
which in turn make firms to hire with better wages. As the productivity in consumption good increases
with the shock, more of wages and more of labour demand from the both the sectors in consumption good
production side results in income effect from all sides, where all sectors tend to decrease their labour supply
and have more leisure as wages increase.

The increase in wages in the consumption goods side results in labour moving to consumption goods

production from the housing goods production sector resulting in decrease of housing goods output.

Interpretation:

We observe that the labour markets play a pivotal role in most of the dynamics. An innovation Z. to con-
sumption goods sector, translates to an increase in consumption output Y, and a decrease in housing output
Y, which results in an increase in house prices g; and decrease in consumption good prices (rigid market).
The increase in house prices reduce the affordability of constrained agents (Borrowers) and Borrowers have
no incentive to produce more of their labour and tend to see a decrease in supply of labour N;. As the
supply of labour from Borrowers decrease, wages of Borrowers wy, tend to increase, and with the effect of
consumption good prices decrease, the disposable income of these agents would increase. This increase
in disposable income will be translated to a very slight increase in consumption and also housing by the
Borrowers as Hj, increases and this in turn increase the demand for the loans B;. As we observe, literally
all the increase in borrower’s housing is moved to BTL as the personal consumption of housing by the
Borrowers remain constant. The increase in BTL will tend to decrease the rental rate as the ¢, decreases.

As the hand-to-mouth guys spending on rents decrease, they have more of disposable income and hence
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Figure 16: Baseline BTL Model: Impulse Response Functions with a positive technology shock in con-
sumption sector [V
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they consume more. The increase in demand for loans is met by Savers who followed a similar trend to
Borrowers in the labour markets, this results in a decrease in the rate returns R on the loans and a decrease
in the housing of Savers. Overall the disposable income increase for all the three agents and are better off
in consumption for a positive consumption shock. Borrowers tend to invest in housing and Savers tend to
supply more loans with decrease in housing. I have also seen a similar trend in the change in variables
from the collateral constraint model in the previous chapter. However, with the inclusion of Hand to mouth
agents (Renters) in the economy, the housing stock of Borrowers has substantially increased at a cost of

slight decrease in their consumption.

3.5.2 Effect of productivity shock in Housing good firms:

The temporary increase in the housing good production technology directly translates into higher output in

housing goods sector Y}, as the output is directly proportional to the technology shock,

i) = Zu NP, ()Y NP, ) NE (i)

From the housing goods firm’s perspective, marginal productivities of labour from the Savers labour
sector has increased, they want to have more of labour input which induce to supply more labour NZ,NSh, N;}
and this results in moving of the labour from consumption good sector to housing goods sector which results
in decrease of Ny, N, but we can see an increase in N, as Borrowers would see a decrease in wages and

to compensate tend to go with supply of more labour. However the magnitude of percentage decrease of
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Figure 17: Baseline BTL Model: Impulse Response Functions with a positive technology shock in housing
sector I
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Ny, Ny is higher than that of increase in Nywhich results in a decrease of y.

¥ (i) = ZaNss (1) Noy (i) N (1)1

As I assume that the wages are same across the two sectors of production, there is a rise in hand to
mouth sector’s wages and fall in Savers and borrower’s wages with different magnitude .

From the below equation, we see that wages of poor guys are directly proportional to the output and
marginal cost and inversely proportional to number of hours worked. With higher output, higher marginal
cost of firms and substitution effect of poor workers, wages of poor workers increase. In this case, the
output effect dominates the labour supply effect.

wp —Pcmsz =0
N, pit ()
From the below equation, we see that wages of Borrowers are directly proportional to the output and

marginal cost and inversely proportional to number of hours worked. Although with higher output, due to
the labour supply effect dominates the output, wages of Borrowers decreases. This is also the result of the
fact that as Borrowers tend to supply more labour to take advantage of the housing boom. (However, as we
will see later Borrowers could not afford much housing) . The wages of the Borrowers tend to decrease.

o (i)

Wyt —PaMiu——~ =0
Ny, (i)

From the below equation, we see that wages of Savers are directly proportional to the output and
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Figure 18: Baseline BTL Model: Impulse Response Functions with a positive technology shock in housing
sector II
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marginal cost and inversely proportional to number of hours worked. Although with higher output, due
to the labour supply effect dominates the output, wages of Savers decrease.
ot (i)

W’[—Pctnt(l—u—\/) - =0
' NshJ(l)

From households perspective, In my model with productivity shock in housing good firms, wages de-
crease in Borrowers sector. For the considered parameter “scaling of poor workers labour in production”v =
0.1 and “scaling of Borrowers labour in production” u = 0.2, we can see that the number of hours worked
for consumption good firms in Borrowers sector N, lﬁ’ is inversely proportional to Z;, and w;, and directly pro-
portional to the output w,, wy, hence as increase in output w), and decrease in wages of Borrowers dominates

the rise in Z; and decrease in wyprompted the increase in N{)’ .

—u— -1
h 1 wy (17 wy ! wi\" h
Np=o (s ) ()
' Ziyy \1—u—v u %
Where as due to the income effect in the Savers sector with decrease in real wage in Savers sector. As

wages decrease, for the considered parameter “scaling of poor workers labour in production”v = 0.1 and
“scaling of Borrowers labour in production” u = 0.2, , we can see that the number of hours worked for
consumption good firms in Borrowers sector Nsh is inversely proportional to Z;, and w; , hence as increase
in w;, and Y, with decrease in wages of Savers dominates the rise in two variable Z;, and decrease in wy,

prompted the increase in N

N — u
VN G S AU A N AT
Sz \l—u—v u v !
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Figure 19: Baseline BTL Model: Impulse Response Functions with a positive technology shock in housing
sector I1I
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Here, the substitution effect dominates the income effect in the poor workers sector with increase in
real wage in this sector. As wages increase, workers will want to work more. Here we have substitution
effect on utility between renting housing stock and leisure.We can see that the number of hours worked for
housing good firms in this sector NI’,‘ is inversely proportional to Zj, as increase in Y, w,dominates the rise

in variable Z;, and a decrease in wy,, ws prompted the increase in Nf resulting in substitution effect.

v L w; (1mem) wy ! wy V_IYh
pt—z o \1—u—v u % !

As wages decrease in Borrowers sector , workers from this sector will want to decrease consumption,
resulting in a fall of C,, and on the other hand as wages in Savers sector decrease, the decrease in output of
consumption goods sector make Savers to invest in housing more and hence a decrease in C; can be seen. On
the other hand, although the rental rates have increased, the wages of the poor workers increase dominates
the rental rates which results in an increase in consumption from poor workers. Also we can observe from
the consumption goods output equation, that as output is directly proportional to the consumption of goods,
with decrease in output directly translates to an decrease in consumption of two sectors and an increase in

poor guys.

Q
Y =Gyt Copt Cpy - S YS

On the other hand, as the output in housing sector increases, this results in a decrease of relative price

of houses, although we see a slight increase in rental rates, the decrease in relative house prices affect the
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Borrowers more due to the collateral constraint and housing services from Borrowers sector decreases. This
result in an increase in the rental rates as well. Also as the income to the Borrowers decrease, they tend to
decrease their consumption and also they decrease their housing stock which in turn results in a decrease
in the Buy to Let houses H, and also in loans Bs. This results in an increase of housing stock from Savers
sector as they divert most of their deposits into housing due to a decrease in demand for loans from the

Borrowers sector.

Y = (Hy, — (1= 8)Hpy 1)+ (Hys — (1 — 8)Hy ;1)

Households know that the shock is temporary and they smooth their consumption. As the wages for
the Borrowers sector decrease, they tend to consume less of consumption goods and less of housing goods
resulting in an decrease in the housing stock of Borrowers. This in turn will decrease the housing stock for

Buy-to-Let properties and result in a decrease of H,

PesCP+ QNHY — (1= 8)H_ )+ Ri—1,,D{_, = H Q] + N'W! + D! + Ty,

Also as the BTL properties decreases and an increase in wages of the poor guys will increase the demand
of the BTL properties which in turn will increase the price of the rents g, due to constrained supply from

the Borrowers.

PeyCl +H[Qf = NYW/ + T,

On the other hand, combining with the increase in the output of the housing sector, the price of the
houses g;, decreases resulting in Savers to issue less of loans By and as we see they also consume less Cs and
investing in their housing stock H; increases which shows that the demand of the housing stock is mostly

from the Savers sectors. The Savers sector tend to divert some of the loans to housing stock.

P.,C,+ QM (Hyy — (1—8)Hyy 1)+ Bss = Ny Wy s +Ri15Bss 1+ T,z

On aggregate, leisure 1 — N, and 1 — N decreases 1.e., labour N, Ny increases whereas for the poor
workers 1 — N, increases i.e., labour N, decreases.

The increase in productivity of housing good firms enhances to supply more of the housing goods and
less of consumption goods with the same inputs and due to the monopolistic competition, firms increase the
price of the consumption goods for better marginal profits and as a result, rise in inflation 7in the economy
occurs. The central bank sets the interest rate according to the Taylor rule and as the inflation increases, the

interest rate is tend to increase.

77



Figure 20: Baseline BTL Model: Impulse Response Functions with a positive technology shock in housing
sector I'V
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The effect in the economy tend to persist in a cyclical effect. As interest rate increases, Borrowers tend
to obtain less loans B and decrease their consumption. They tend to decrease the investment in housing
stock which further decrease their collateral value and also the BTL properties. As the demand for loans
decrease, Savers tend to supply less of deposits as they tend to divert some of their investment in housing
stock and hence we see an increase in H;. As the Savers tend to invest more in housing, they tend to
decrease their consumption and an decrease in consumption from both the sectors make firms to produce
less of consumption goods although an increase in consumption from one sector(Poor guys) which in turn

make firms to hire more labour for housing goods sector.

Interpretation:

On top of the labour markets role, collateral constraint also pays a huge role in the housing shock dynamics.
Hence we don’t see a quite mirrored results of the consumption shock. An innovation Z; to housing sector,
translates to an increase in housing output Y;, and a decrease in consumption goods output Y. which results in
an decrease in house prices g; and increase in consumption good prices (rigid market). As the consumption
goods market has some price rigidity, the increase wouldn’t be that high. The Hand-to-Mouth agents have
no incentive to provide more labour in this scenario as N, decreases which result in an increase in wages w),
of these agents. As the house price decreases, the collateral value of the Borrowers would decrease and in
combination of an increase in interest rate, this makes the Borrowers to decrease their housing stock which

is purely based on the collateral constraint. This results in Borrowers decreasing their housing stock even
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though the house prices decrease. On the other hand, Savers increase their housing stock to compensate
the increase in housing output and also decrease in loans make them divert some of the funds to housing.
As the housing stock of Borrowers decrease, the BTL stock also decreases. However this time unlike the
consumption shock, Borrowers have to take a penalty on their own housing consumption as there will be an
increase in demand of housing which also account for the rental income from the Hand to mouth guys but
decrease in their own investment of housing stock. An increase in wages of the Hand-to-Mouth agents and
decrease in supply of BTL will result in an increase in consumption of Hand-to-Mouth agents who are better
off in consumption and a bit worse off in rental housing with a positive housing shock. As the collateral
constraint plays a huge role in the housing decision choice of Borrowers, to compensate for the wealth loss
from the BTL, Borrowers tend to produce more labour which again reduce the wages of Borrowers in a very
slight order. With a positive housing shock, Borrowers are a bit worse off and reduce their BTL holdings.
The Savers sector tend to move with the Borrowers sector in terms of labour market which results in a
very slight decrease of consumption, however their holding of houses increase drastically. Overall, with a
positive housing shock, the BTL holdings have gone down. As opposed to the previous model of non BTL
collateral constraint, with an increase in the housing sector productivity, the effect of decrease in price of a

house is substantial as Borrowers decrease their housing substantially.

3.6 Volatility

3.6.1 Down Payment Ratio:

As Baptista et al(2016) (Agent based model) suggests, I also would like to validate if Buy-to-Let market
effects the volatility of the house prices in General Equilibrium framework. I try to find the volatility of
house prices with Down payment ratio as the policy tool with the benchmark share of household agents.
The downpayment ratio can act as a policy tool in constraining BTL as we see that the changes in Borrowers
housing stock is mostly passed to the changes in BTL as they try to maintain a constant share of personal

housing consumption.

Table 2: Std. deviation of house prices

BTL || BTL [ BTL |
Down
Down Down payment
payment payment ratio = 0.5
ratio =0.10 ratio = 0.25
Std. 0.0126 0.0126 0.0126
Deviation
of House
prices
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With adjustment costs, I see no change in volatility of relative house prices which contradicts the claim
by Baptista et al(2016) (Agent based model). Altering the size of BTL sector from altering the downpay-
ment ratio doesn’t have much impact on the volatility of house prices in the General Equilibrium model as

opposed to partial Equilibrium Agent based model by Baptista et al(2016).

3.7 Conclusions

I conclude this work with the following results. As discussed in the previous chapter, the housing wealth
has a positive effect on the consumption of Borrowers when the relative house price increases. However,
we have also seen effect of labour dynamics on the households decisions. An increase in housing supply
from an technology shock in the housing sector doesn’t necessarily translates to an increase in the BTL
sector. In fact, the housing stock of Borrowers as a whole decreases although the prices of the houses
decrease with an increase in supply of houses. This is mainly driven by the collateral constraint where the
Borrowers collateral value would decrease and these agents wouldn’t want to invest in housing. However,
Savers are the ones who will be having more of houses in this situation as I assume the hand-to-mouth
agents can’t afford and don’t invest in housing. The second interesting result is that by altering the size of
BTL sector with altering the downpayment ratio doesn’t have much impact on the volatility of house prices
as opposed to the partial equilibrium Agent-based model by Baptista et al(2016). I have also repeated the
exercise with a rigid housing markets and found the similar result. I believe, several reasons can explain
the low volatility of relative house prices with respect to the size of BTL markets. One of the main reasons
I believe is that there can be some substantial volatility of relative house prices stemming from the supply
side constraints in the economy. In particular, the land for construction being a fixed factor. This leads
us to an important question, whether constraining BTL markets is an optimal policy to only places where
there is a supply constraint such as urban places? my model can be expanded to assess the effects of even
more policy options. Further research into incorporating a rigidity on housing side in greater detail and the
analysis of increase in stamp duty on BTL markets in the rural housing markets could introduce us to some

new results.
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4 Buy to Let Markets with CES Utility and Policy Analysis

4.1 Introduction

From the results of the previous chapter, even though we have observed that the size of BTL hasn’t had much
impact on the relative house prices. In this chapter, I would also like to assess and analyze an important
policy question of whether macro prudential policy which regulates downpayment ratio or the Monetary
policy which uses short term interest rate is more effective for curbing the volatility of important variables
in the economy as volatile markets are deemed to be highly risky for economic stability. First, we find that
with news shocks hitting the economy, Monetary policy is more effective but with only productivity shocks
we see Macro prudential policy is more effective. I also analyze the economy with a news shocks and
especially a news shock on rental returns and how hand to mouth agents and Borrowers behave would be an
interesting scenario. I will also look at how the agents behave with other different expectation shocks to the
model. In particular, I will augment the model with expectation shocks on rental returns of Borrowers, ex-
pectation shocks on technology in both housing and consumption goods sectors and an expectation shock on
Monetary policy. The structure of this model is similar to that of the one in chapter 3. However, I look from
a perspective of how agents behave with a CES utility between consumption and housing choices which I
have taken from literature on housing models: see e.g., Sefton and Miles (2018). As I assume the labour
to be additively separable in the utility function, the utility stemming from the consumption bundle which
includes both housing and consumption goods plays an important role in the analysis. With an assumption
of Cobb Douglas utility between consumption and housing in chapter 3, consumption and housing goods
are subjected to an unit Intra-temporal Marginal Rate of Substitution and hence the proportional response
to the change in housing goods is same as a change in non housing consumption goods. However, such
assumption might be at odds with the real world scenario and the model can be too restrictive. To counter
such limitation, I have assumed the additively separable CES utility between housing and consumption.
Intra-temporal elasticity of substitution between housing services and non housing consumption is repre-
sented by a parameter. For high values of such parameter; agents are willing to substitute consumption
and housing goods within each period. The two goods become perfect substitutes as the parameter tends to
infinity and perfect complements as the parameter tends to zero. Same as my previous models, the model
will include three different types of household agents. As opposed to the previous models, I will look at an

additively separable utility function.

First, there are poor ‘hand-to-mouth’ households who work and rent the houses; second, there are rich
households who are able to smooth their consumption over time, they are Savers who provide funds to the
other households, who can borrow and lastly there will be Borrowers who are credit-constrained but still
can borrow under suitable collateral. The model includes financial intermediaries (FI) which has a minimal
role of pooling the loans from the Savers and providing them to the Borrowers. In addition, there will be a
Central Bank and the central bank will be responsible for monetary and macro-prudential policy aiming to
reduce house price volatility. There are two types of firms which produce consumption goods and housing
goods. Both the firm sectors are subjected to price rigidities in different magnitudes. Interactions between

Borrowers and Central Bank policies (Both Monetary and Macro-Prudential policies) will have to play the
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main role in this model, and the policies will be designed to affect the incentives of the Borrowers. In
addition to the changes in utility and the degree of price rigidities, in this chapter, I look into News shocks
and also how the policies interact with each other. I will also analyze the affects and interactions of both

Monetary and Macro prudential policies for a range of realistic policy parameters.
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4.2 The Model

The model has a very similar structure of Sectoral heterogeneity as previous models. There are three
different types of household agents. First, there are poor ‘hand-to-mouth’ households who work and rent
the houses; second, there are rich households who are able to smooth their consumption over time, they are
Savers in this and provide funds to the other households, who can borrow. Lastly there will be Borrowers
who are credit-constrained but still can borrow under suitable collateral. The model includes financial
intermediaries (FI) which has a minimal role of pooling the loans from the Savers and providing them to
the Borrowers. In addition, there is a Central Bank and is responsible for monetary and macro-prudential
policy aiming to reduce house price volatility. There are two types of firms which produce consumption
goods and housing goods. I also assume both the firm sectors are subjected to price rigidities. The policy

will be designed to affect the incentives of the Borrowers.

4.2.1 Hand-to-mouth workers

Hand to Mouth workers are completely credit constrained, they do not have suitable collateral for borrowing
from the bankers. Each of these households will consume, supply labour and rents a house and gains
utility from the house they rent, and consumption. I assume these households couldn’t save and the budget
constraint can be as follows:

Budget Constraint (Nominal terms):

P.,Cl +H Q] = N'W}F +T,, (99)

where Q; rental price of the house, P, ; is the given price of the consumption goods, H/ rented house,
C? consumption of the representative household, N/ production labour from Hand-to-Mouth workers.
W/represent the wage rate. These households will earn the income from providing the labour to both
the sectors of firms and will spend all of it on consumption and rent.

A typical Hand-to-Mouth household consumes both the consumption services and the housing services.
I also assume that the wage depends only on the type of labour, not on the type of firm. Unlike the previous
version of the models where we have a elasticity of substitution of 1 (Cobb Douglas Utility), the utility of
these households follows a Constant Elasticity of Substitution between housing and consumption in this
version of model:

Utility :
Y YU (CT.N? HY)
=0

l-o
(ac{“*h(l—a)H;l*%) 15] L (NP)'H (100)
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where C? denotes the consumption of the final consumer service from the Hand-to-Mouth Workers, H;
denotes the housing services from which these households incur the utility, typically assumed to be the roof
under which the household survives. This roof under housing services would be the rented house for hand
to mouth agents. N” denotes the combined labour supplied by these households for the two types of firms
due to the assumption that the wage depends only on the type of labour, not on the type of firm. Where
p is the Intra-temporal elasticity of substitution between housing and consumption goods and o reacts the
degree of inter-temporal substitutability.

The Hand-to-Mouth households maximize their Utility (100) given the prices by choosing N/, H; .

Solving the above maximization problem gives us the labour supply of Hand to mouth agents in both

the firm sectors

(a (cr) 5 (1—a)(H/) “%) Pll] a (1 — —) (c{’)‘% w? (101)

Also the solution provides us with the housing demand (the rented house demand from the hand to

mouth agents) of this sector

P

P
1
o= e ara-a (11 ) o )] (102)

At last as these agents have no power over savings whatever is left in their budget goes to the consump-

tion which is given as

Cl =N'w! +1t,,—H/q] (103)

4.2.2 Borrowers

Borrowers are the central focus of the model. These agents acquire loans from the Financial Intermediaries
and invest in two types of housing: Buy-to-Let housing and Owned housing. I assume these Borrowers

choose their share of Buy to Let housing endogenously also depending on the demand from the Hand to
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Mouth agents. These households can borrow under collateral normally I assumed that houses act as their
collateral, borrow money from the banks in terms of loans to invest in the either owned housing or Buy-to-
Let housing.

I assume the housing is a divisible and part of the house is owner occupied and also other part of it is
rented to other sector of hand-to-mouth households. These households budget constraint can be thought of
as follows:

Budget Constraint (Nominal terms):

P..CP+ QNHP — (1 8)H" )+ R,_14D¢ | = H' Q) + N’'W? + D¢ + T, (104)

where C,” denotes the consumption of the final consumer service from the Borrowers sector, P, ; is the
given price of the consumption goods, Qf’ price of the house at time ¢, H/ rented house to the Borrowers
sector, O} being the rental rate of the let house at time ¢, th total house , rented and owner occupied and
also depreciates at the rate 8, D¢ one period nominal debt from the bank at the end of period ¢ provided to
the housing of Borrowers sector and R,_ 4 is nominal debt lending rate on loan demanded at time period
t-17 Df’fl. In particular all the expenditures and investment from the Borrowers will be equal to their gains.

Let us denote H; , Owner occupied part of the house:

HY =H} —H];

As T assumed all households gain utility from the under roof housing services H’ = H” — H/ is the
Owner occupied housing of Borrowers, consumption service C,b and the leisure 1 — N,b.

The typical utility for these households follows a CES function similar to that of the Hand to Mouth
agents and is as follows:

Utility:

Z ﬁlU (CtbuNlbaHlb _le>
=0

E P 1 b1 b NI\ T o 1 o\ 10
O,BE() T o (aCt P-I—(l—a)(Ht—Ht) p) p] —m<Nt> (105)

Note that I include owner-occupied housing H® = H” — H/ in utility, not the rental house, as we treat
utility of housing as being under the roof.

I also assume the Borrowers are under some collateral constraints, where at any time period ’t’ the
maximum amount of the combined loan and repayment on the loans the Borrowers promised to pay in the
following period should be only less than or equal to the fraction of the expected future house value which

I assume will be determined by the central bank. The collateral constraint can be thought of as follows:
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R, D} < nQ!HY (106)

1 = (1 —downpayment) means the central bank imposes a constraint on the maximum credit amount
which this sector of households can get. Hence these are not fully credit unconstrained.

The Borrowers households problem is to choose C?,N’, H?, H",D?, DI by maximizing Utility (108)
subject to Budget Constraint (107) and the the collateral constraint (109) :

Solving the above maximization problem gives us the labour supply of Borrowers in both the firm

sectors

(No)® = wps [P-2&1] (107)

where

p
p—1

ot b1 ) 1Y 11 )

=Pes& (108)

Also the solution provides us with the Rented housing supply specifically the endogenous choice of the

Buy to Let sector and the other optimal conditions are as follows:

0=

B
foctF 1) () 4T

(aC,b'_% +(1-a) (sz_Htr> -1 Plll ((1 —a) <1 — %) (Hf’—Htr)‘$>

— [Pes&i] <‘]£I) + [Pes ] ;u‘]?

+ B Pei16141] (qﬁlﬂ(l — 5)) (109)

P
p—1
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4.2.3 Savers

Savers consumes, supply labour inelastically and also save. They supply funds to the financial intermedi-
aries and let the banks to circulate their money in terms of Credit.
I also assume the discount factor for this sector is high than the previous sector’s and I denote it with 0

as this sector of agents tend to save money.

0.99=06>p=0.985

Budget Constraint of this sector will be

P.,Co,+ Q' (Hyy — (1—8)Hyy 1)+ Bss = Ny Wy s +Ri_15Bss 1+ T,z (114)

(Hs; — (1 —0)H,;—1) is the investment in housing from the Savers sector

The deposits from the working representatives of the saver’s household are one-period bonds that pay
with the return R, from t — 1 to t. Let B, be the debt the saver’s household acquires, all profits are
expropriated by the government and redistributed as transfers 7;.

The Savers households gain utility from the under roof housing services Hy;, consumption service Cs;
and the leisure Ny ;. The typical utility for these households is as follows:

The Saver’s household discounted Utility is as :

[e5)

Z GIUS (Cs,th,t)HS,t)
t=0

> 1
_ t
—ZB l-o

-
L Ly I
(a7 +(1 -0 7) 1:3] e (115)

The Savers households problem is to choose Cy, Ny, H; ;, By ; by maximizing CES Utility (115) subject
to Budget Constraint (114) .

Solving the above maximization problem gives us the labour supply of Savers in both the firm sectors
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The housing demand from the Savers will also be obtained as
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1-1 -1 1—1l -
Peske = | (aC;" P+ (1= a0 )
1
_1 _ 1\ 5T 1 _1
L' (1—ay ) 7)1 ) (@) (118)
p—1 p
The Interest Rate can be obtained as :
Poidi =0[Pii1 A Ris (119)
ct™M — c,t+17/4+1 1+7rt+1

Rt—l,s

1+ m;

0= Ns,tws,t + 1t + bs,t—l - CsJ - Q? (Hs,t - (1 - 6)H€,t—l> - bs,t

4.2.4 Firms

I have two sectors in the production economy one of which produces housing services and the other con-
sumption goods. In one of the sectors (consumption sector) a competitive final good producer demand and
purchase y¢ (i) units of intermediate goods. where c represents the firm’s production sector whereas in here
is Non durable consumption goods c. Also Each type of labour N; ,,,N; 5, N; s works for both housing sector
and consumption sector which I will denote by Nlﬁ‘,t,Niﬂ,»Ns”,; for housing and N;,,le,t,NSC’ ; for consumption
at time ¢ from all the three types of households. All the intermediate goods firms will hire labour from the
perfectly competitive market. I model a final side of the goods sector as stand in aggregate firm which
follows a Constant Elasticity of Substitution (CES) production technology to aggregate the intermediate
products. Please refer to the Appendix for the Final goods section. Profit optimization problem is standard
as we have seen in the above chapter with three types of labour. Profit maximization problem can be split

into two separate problems: intermediate firms choose labour to minimize cost intra-temporally and choose
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prices of these intermediate goods to maximize future profit subjected to the production constraint. These
intermediate goods firms are subjected to perfectly competitive labour markets taking the real wage rate.

However, they always act to minimize the costs.

Intermediate Consumption firms

. A firm chooses employment and prices to maximize profit:

e =X s (55 () Per () = W Np () + WP N (D) 4 WiN (). (120)
{Ns ) NG, DN, i)} 5=

s=t

subject to the production constraint

Y6 (i) = ZotNy s (i)Y Ny (£) Ny (8)' 77, (121)

The final good firm’s demand equation of the input goods is as follows:

¥ (i) =Y¢ <p;’,:)> , (122)

and price rigidity which I assume to follow the Rotemberg price setting scenario in which firms face a

quadratic costs in changing the goods price.
Profit maximization problem can be split into two separate problems: choose labour to minimize cost
intra-temporally and choose prices to maximize future profit. We deal with each of these problems sepa-

rately and we obtain the Phillips curve for the consumption goods sector as:

1—¢) ¢ Yy 1
—( 3 ) + §Ct + 6,m; 1y {(ﬂtﬂ) %cl(l + 7CI+1):| = (ﬂ:t(l +m) — 5 (”t>28) (123)
where P 1y
M1 =10 {ﬁ} (124)
1 PCH—]A'T—H:|
— =0 | = 125
R, [ Pt (129
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Intermediate Housing firms

I follow a housing market where the sector is split into two sub sectors: one for final goods which are not
perfect competitive firms as in consumption goods sector. However, I assume the final goods sector fol-
lows a monopolistically competitive approach. These monopolistic firms who produce final houses doesn’t
involve labour and capital as for the intermediate housing goods sector which follows a sticky prices and
involve labour from all the three sectors of households

Profit optimization problem is standard. A firm chooses employment and prices to maximize profit:

max Y e (31 () QF () — WiNE () — WING, () - WONE, (). (126)
{Ns (DN (NG )ps (0} 551

s=t

subject to the production constraint

YI(i) = ZuNp, ()Y N, )N (i) (127)

The final good firm’s demand equation of the input goods is as follows:

o —&
yﬁ‘(i)ZYth(Q’ (l)) : (128)

h
t

and price rigidity which I assume to follow the Rotemberg price setting scenario in which firms face a

quadratic costs in changing the goods price.
Profit maximization problem can be split into to separate problems: choose labour to minimize cost
intra-temporally and choose prices to maximize future profit. We deal with each of these problems sepa-

rately and will lead us to the Phillips Curve for the housing sector prices: :

(1-¢) €mn (P i+1A41] Y;}_IH 1 )
Q, +Q—h¥+E’ O Pei ] (nh,l—Fl)W(l"’_ﬂh,t—O—l) = nh,t(1+7rh,t)_§(7rl1,t) e (129)
where P,
M1 =0 {;j;%*‘} (130)
ot
1 Pcz+17tr+1]
—— =6 | (131)
Ry s { Peshy

4.2.5 Profits of firms and Government Transfers

Aggregate inter-period nominal profit is
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I assume that the profit is 100 percent taxed by the government and redistributed according to the
following rule:

I
ty = (1=x=y) 5 (132)
ct
I
te :xP_clt (133)
I1;
pt yPcz ( )

Leading us to:

Q .
YzCPct - Ws,thc.,z - WbJle,t - Wp,tN;,z + Ytthl - EnthtCPct - Ws,thl,t - WbJNlﬁl,t - WPJNZJ =1L

= Loty + Pty + Pcttpt

4.2.6 Financial Intermediaries

Considering these are owned by Savers,The role of financial intermediaries in this model will be minimal,
they just pool the deposits from the Savers and provide loans to Borrowers. They pay the same interest rate

to depositors as they charge from the Borrowers:

Rt,o = Rt,s (135)

4.2.7 Market Clearing

In equilibrium we have the following resource constraints:

The aggregate labour of the agents are the sum of labour to the intermediate housing and consumption
good firms.

N = N} +N5, (136)
NP = NN (137)
Nf = N} +N¢, (138)
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The demand and supply of loans in the equilibrium are the same.

Bs,t = Dt,d (139)

The central bank sets the interest rate by Taylor rule:

o (om0 mo)” (5)" o

The central bank also sets the Macro prudential policy which regulates down payment ratio by feeding

on the output gap:
Y. Yu
ﬁ::(i) (141)
i Y

Where [t is the steady state Downpayment ratio.
We can Aggregate the Budget Constraints to yield

R 1,
0= Ny ws;+1tg+bsi1 lt_f_; —Cyp — Q?(Hs,t — (1 =0)Hygs—1) —bsy
t

Y+ Y gl = Cyy+Cos+Cpi+ ¢ (Hypy — (1= 8)Hp, 1) + ¢ (Hss — (1 — 8)Hy 1)

9
2y (142)

Q
+—@K+2

2

Definitions:
Q? _ 1+ 7y,
q?—l 1 + 7[[
! '
9 - = E
H '
1+ -
O
P,
I+ 71:,C o= P—j’ll
)
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so that
@ o' Py 144l

- — (143)
g OF, Fe 1+ mf

and log-linearized:
A =q/ -4
or
R R
Here ‘??71 is predetermined variable. Now relative house price does not jump on its own, but is determined

as a ratio of two inflations.

4.2.8 Private Sector Equilibrium

Please Refer to the Appendix for the whole Private Sector Equilibrium for this model.

4.3 Calibration

The share of durables which is used as collateral (i) is set to 0.90 “Kovacs and Moran (2019)”. The
discount factors are set at Savers’ discount rate (6) as 0.99 “lacoviello and Pavan (2013) ” and Borrowers’
discount rate (B) as 0.98 “Kovacs and Moran (2019) . I set the quarterly house depreciation rate (0) as
0.01 “Tacoviello and Neri (2010) ” and share of consumables in consumption basket (¢¢) as 0.84.

With other parameters at share of profits paid to Savers (x) as 0.7, share of profits paid to hand to
mouth workers (y) as 0.1, if I assume that the average markup equals 10 percent, then this implies € = 11
(“Prof.Richard Dennis Notes”), inverse inter-temporal elasticty (o) at 2 for Savers, Borrowers and hand to
mouth guys respectively “lacoviello (2005)”, Inverse Elasticity of labour (¢) at 1/3 “William B Peterman
(2014) ” and

Scaling of hand to mouth labour in production function (v) at 0.1, scaling of Borrowers labour in
production function (u) at 0.2 and Scaling of Savers labour in production function (u) at 0.7 “The Labour
Market Story: Skills for the Future (July 2014)”, Taylor rule parameter as 1.1. The Intra-temporal elasticity
of substitution between housing and consumption goods is taken to be 0.8.

For the above parameters taken, the model also provides an estimate of percentage consumption of
housing goods and consumption goods by different sectors of agents which closely replicates “Kaplan,
Violante, Weidner (2014)” which is illustrated in the below table :
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] Agents Consumption Consumption in Steady State \ Total \ Approx. Percentage

Consumption of Hand to Mouth Agents 0.1091 9.5 percent
Consumption of Borrowers 0.2208 19.1 percent
Consumption of Savers 0.8241 71.4 percent

1.154
Rental housing 0.6518 8.5 percent
Housing of Borrowers 1.9708 25.8 percent
Housing of Savers 5.0208 65.7 percent

7.6434

Table 3: Calibration

4.4 Results
4.4.1 Productivity Shocks

In the following, I will consider impulse responses to increase in productivity of the both consumption and
housing goods at date t.

The technology shocks follow an AR(1) process in the housing goods sector:

In (Z[h> =5 In (Zth_1> +ey

and an AR(1) process in the consumption goods sector:;

In(Z{) = peIn(Z_)) +ec

where e.,ej, are i.i.d processes with variances of 6, and o}, respectively which are both calibrated as

0.0092. The shock persistence in both the sectors is p;, and p.is taken as 0.3.

4.4.2 Effect of productivity shock in Consumption good firms

The temporary increase in the consumption good production technology directly translates into higher out-
put in consumption goods sector Y, as the output is directly proportional to the technology shock, also as
we see from the private sector equilibrium, the shock enters the system in the marginal cost of producing
consumption goods as a denominator and hence a positive consumption shock will decrease the marginal

cost of producing a consumption good:

1 ws (1—u=v) AN AT AN
-z (=) ) ()
as MC; = (;P,;, we see a decrease in the marginal costs and a decrease in

As the marginal costs decrease in consumption sector of the economy, the effect of “Technological
advancement and price rigidity” of this sector makes the firms from this sector hire less labour and we see

a decrease in Borrowers, Savers and Hand to mouth agents labour in consumption sector

95



¥ (i) = ZuNy, (i) Ny, (i) Ng, (i)' =

From the consumption goods firm’s perspective, marginal productivities of labour from all of the labour
sectors have increased, they want to have more of all labour inputs, pushing up the real wages of all the
households to supply more labour.

However, the effect of price rigidity has a strong affect here and firms cut their labour inputs demand
and this results in moving of the labour from consumption good sector to housing goods sector (which have
relatively flexible prices and houses acting as assets) which results in increase of (all types of agents labour
in housing sector) and increasing the output in housing goods sector Y}, . The result of moving labour from
consumption sector to housing sector is again from a two fold affect of flexible price market for housing

and houses acting as assets.

31 (i) = ZulNp (1) Ny (1) N (1)

As I assume that the wages are same across the two sectors of production, marginal productivities of
labour have increased, translating to rise in all of the sector’s wages .

From households perspective, an increase in the real wage rate has two effects: an income and a substi-
tution effect. Because of the higher income the agent wants to work less and instead enjoy a higher amount
of leisure. This is the income effect. On the other hand, a higher real wage leads to a substitution of leisure
with labour. This is the substitution effect. In my model, from the consumption sector’s perspective, the
Income effect clearly dominates the substitution effect for all the three agents and from housing sector’s
perspective the substitution effect dominates the income effect again in all the three types of agents.

On aggregate, leisure 1 — N, , 1 — N, 1 — N, increase i.e., labour of all the three households Nj,, Ny, N,
decreases which shows that Income effect dominates the substitution effect on aggregate. As wages in-
crease, workers from all the sectors will want to increase consumption, resulting in a rise of Cs and C, and
C, . Also we can observe from the consumption goods output equation, that as output is directly propor-
tional to the consumption of goods, with increase in output directly translates to an increase in consumption

of all the household agents.

Q
Y =Cps+Coa+Cpu+ 5 Y

Households know that the shock is temporary and they smooth their consumption. Also the magnitude
of rise in consumption is different from Borrowers and hand to mouth workers and with lower increase
in consumption for the Borrowers sector, additional income of Borrowers is saved, i.e. invested into the
housing stock Hj, resulting in an increase in the housing stock of Borrowers which in turn also results in the

increase in the BTL stock.

PesCP+ QNHP — (1= 8)H) )+ Ri—1,D{_ = H Q] + N'W/ + D! + T,
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On the other hand, as Borrowers tend to invest in housing, the price of the houses g, increases resulting
in Savers to issue more of loans Bs and consume more C and investing in their housing stock H; decreases
which shows that the demand of the housing stock is mostly from the Borrowers sector. The Savers sector

tend to divert some of the housing stock towards the increase in issuing loans.

P.;C;+ QM (Hys — (1= 8)Hys 1)+ Bss = Ny Wy s +Ri_1.5Bss 1 + Ty

Whereas, hand to mouth guys cannot invest in housing, combining with the increase of investment in
housing sector from the Borrowers, Buy to let houses H, have increased and the hence price of the rental
rate ¢, decreases due to more supply of BTL houses. As the wages of hand to mouth guys increasing and

due to a decrease in rental price results in a substantial increase in consumption of this sector.

P.,C’ +HI Q) = N'W}! + T,

The increase in productivity of consumption good firms enhances to supply more of the consumption
goods with the same inputs and due to the monopolistic competition, firms can decrease the price of the
consumption goods for better marginal profits and as a result, fall in inflation 7 in the economy occurs.
However, as the housing sector is flexible we see an increase in housing inflation 7, as the demand from the
houses increases from the Borrowers sector. The central bank sets the interest rate according to the Taylor

rule and as the inflation decreases, the interest rate tend to decrease.

IZO - <((1 —l—yth)Cpih(l +nt)1—cpih>>¢n (E) o (144)

o

The effect in the economy tend to persist in a cyclical effect. As interest rate decreases, Borrowers
tend to obtain more loans B and increase their consumption. Borrowers tend to increase the investment
in housing stock which further increases their collateral value. The increase in investment from Borrowers
will in-turn affect the Buy-to-let market which in-turn increases the rental properties which increase in H,.
As the rental properties increases, this will reduce the rental price g, and as a result, poor workers tend to
have more for consumption and C), increases. As the demand for loans increase, Savers tend to supply more
of deposits as they tend to divert some of their investment in housing stock towards issuing more loans and
hence we see a decrease in H;. As the Savers tend to get more returns in terms of loans in volume, they tend

to increase their consumption and we see an increase in consumption from all the sectors.

97



) «10? N _s (savers labour)
0
) \/
4
2 4 6 8 10 12 "
. N_p_c{Hand to Mouth labor in consumption sector)
0

0.0

-0.02

02

0.

v

2 4 6 8 10 12 "
N_s_h (savers labor in housing sector)

N

. .10 "N_b_c (borrowers labor in consumption market)

e

01

2 4 6 8 10 12 "“
N_p_h(hand to mouth labor in housing sector)

005

-0.05

02

01

01

| S—

2 4 6 8 10 12 "
Y_h (housing output)

2 4 6 8 10 12 1

. .10 N_s_c(Savers labor in consumption sector)

2
4
6
2 ] 6 8 10 12 14
01 N_b_h (borrowers labor in housing)
Al
0.1
005 \
I ——
-0.05
2 ] 6 8 10 12 14
«10? Y ¢ (consumption output)
2
1
0
2 4 6 8 10 12 14

Figure 21: IRFs for Positive Consumption Sector Productivity Shock
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Figure 22: IRFs for Positive Consumption Sector Productivity Shock
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Figure 23: IRFs for Positive Consumption Sector Productivity Shock

Interpretation:
Firms Decisions:

We observe that the labour markets play a pivotal role in most of the dynamics. An innovation Z; to
consumption goods sector, translates to an increase in consumption output Yc¢ and as wages are same across
firms, price rigidity in consumption sector helps in the movement of labour from consumption sector to

housing sector which in turn increases the housing output Y},.

Households Decisions:

Because of the increase in wages, we see an increase in disposable income for all the household agents.
From Borrowers perspective an increase in disposable income can be spent on consumption goods or on
housing, as the role of collateral constraint kicks-in, these agents tend to increase their investment in housing
which acts as booth collateral and a means to get returns(rents from BTL). This will be translated to a slight
increase in consumption and the demand for housing by the Borrowers H;, increases which results in an
increase in house prices gj even though we see an increase in housing output Y, and this in turn increase the
demand for the loans Bs. From Savers perspective, again the increase in disposable income can be spent on
consumption goods, housing or on providing loans. As the demand of housing from the Borrowers increase,
there will be an increase in demand for loans and this in turn will make Savers to invest in providing loans
as this is their only means of returns (No BTL from Savers sector and No collateral constraints for these
agents). hence the Savers will increase their consumption and loans but decrease their housing investment.

This again results in a decrease in the rate returns (Rate). From Hand to mouth agents perspective, as they

99



cannot invest in housing they consume more of this disposable income (C, increases) and also the affect of
reduction in rental rate g, amplifies the increase in consumption from these agents. Overall the disposable
income increase for all the three agents and are better off in consumption for a positive consumption shock.
As opposed to the previous chapters, rigid consumption and flexible housing goods market played a huge
role in the increase of housing output with respect to positive consumption shock. Borrowers tend to invest

in housing and Savers tend to supply more loans with decrease in housing from them.

4.4.3 Effect of productivity shock in Housing firms

The temporary increase in the housing good production technology directly translates into higher output in
housing goods sector Y}, as the output is directly proportional to the technology shock.

From the housing goods firm’s perspective, marginal productivities of labour from all of the labour
sectors have increased, they want to have more of all labour inputs, pushing up the real wage w,, w;, w; to
induce households to supply more labour. we see a increase in Borrowers, Savers and Hand to mouth agents
labour in housing sector (N/,N" and N [},’ increases): This result of increase in labour is quite opposite to the
one in the shock to consumption sector where we see a decrease in agent labour, this is mainly because of
several important factors:

1) Flexible prices in housing sector and rigid prices in consumption sector: Flexible prices in the market
allows agents to consume more of housing services than the rigid markets and this results in an incentive
for households to supply more labour in housing market.

2) Collateral Constraint: houses act as collaterals for Borrowers in the economy and also they indirectly
affect Savers who provide loans to the Borrowers.

3) Houses as assets: Borrowers perceive houses as assets where they get returns from BTL market.

The above reasons and increase in marginal productivities make agents to supply more labour in housing

market and hence the housing output ¥}, increases:

. . U N l—u—
y? (i) = thN;/al,t (Z)VN[?J (i) Nsh,t (i) '

From the same reasons above, there is an incentive for Borrowers and Savers to supply more of labour
and to have more of disposable income so that they can invest in houses and loans respectively. Hence
these two agents provide even more labour to the consumption firms sector which results in an increase in
labour of Borrowers and Savers in consumption firms sector (N, ,N{ increases). However, Hand to mouth
agents doesn’t have any incentives they tend to reduce their labour in the consumption sector which result
in a decrease of (N, ). Since the rise in labour from Borrowers and Savers dominates the decrease in labour

from hand to mouth agents, the consumption output Y, increases:

6 () = ZaNy, (i)Y Nj, (D) N, (1)
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As I assume that the wages are same across the two sectors of production, marginal productivities of
labour have increased, translating to rise in all of the sector’s wages .

From households perspective, the Substitution effect clearly dominates the income effect for Borrowers
and Savers however we also observe that the Income effect dominates in Hand to mouth agents (which
are down to the reasons mentioned above) and from housing sector’s perspective the substitution effect
dominates the income effect again in all the three types of agents.

On aggregate, leisure 1 — N, , 1 — N;, increase i.e., labour of Borrowers and Savers increases and the
labour from hand to mouth agents decrease. As wages increase, hand to mouth agents want to increase
consumption, resulting in a rise of Cp. However because the Borrowers and Savers and affected by the
housing market they tend to decrease their consumption. This decrease in consumption from Borrowers and
Savers is mainly by the fact that As Borrowers observe a positive technology shock to the housing market
they expect the output to go up and the prices of the houses to go down which decrease their collateral
value. This decrease in collateral value puts off the Borrowers to invest in their own housing Hj, decreases (
As housing as collateral plays a role in here) however they tend to increase investment in BTL H, increases

(As BTL is considered more as an Asset with Rents as Returns)

PesCP + QNHY — (1= 8)H )+ Ri—1,,D{_, = H Q] + N'W/ + D! + Ty,

As Borrowers invest less in housing their demand for loans decrease By decrease. this directly affects
the Savers who provide loans to Borrowers and this results in Savers to increase their housing stock (Hg
Increase) with more disposable income they acquire from increase in wages. However as the loans decrease
their aggregate returns on loans decrease and an increase in housing will hamper the consumption of these

agents slightly.

Pc,tCs,t + Q? (Hs,z - (1 - S)Hs,t—l) + Bs,z = Ns,tVVs,t + Rt—l,sBs,t—l + Ts,t

On the other hand, as Borrowers see the demand for BTL increases from the Hand to mouth agents
disposable income increase. The Rental price increase and this even make the Borrowers to increase only
BTL houses.

PeyCl +HQ = NYW/ + T,

The increase in productivity of housing firms enhances to supply more of the housing goods with the
same inputs and due to the monopolistic competition, firms can decrease the price of the houses for better
marginal profits and as a result, fall in housing inflation 7, in the economy occurs. However, as the con-
sumption sector is rigid we see an increase in inflation 7 as the demand decreases from the houses of the
Borrowers sector. The central bank sets the interest rate according to the Taylor rule and as the inflation

increases, the interest rate tend to increase.
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The effect in the economy tend to persist in a cyclical effect. As interest rate Increase, Borrowers

tend to obtain less loans By and decrease their consumption. Borrowers tend to decrease the investment in

housing stock which further decreases their collateral value. Borrowers will in-turn affect the Buy-to-let

market by increase investment in BL houses as they see them as assets with returns. As the demand for

rental properties increase substantially, this will increase the rental price g, and as a result, Hand to mouth

workers tend to have more housing and are better off. As the demand for loans decrease, Savers tend to

supply less of deposits as they tend to divert some of their investment towards housing stock and hence we

see a increase in H;. As the Savers tend to get less aggregate returns in terms of loans in volume, they tend

to decrease their consumption and we see an decrease in consumption from Borrowers and Savers but an

increase in consumption from Hand to mouth agents.
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Figure 24: IRFs for Positive Housing Sector Productivity Shock
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Figure 25: IRFs for Positive Housing Sector Productivity Shock
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Figure 26: IRFs for Positive Housing Sector Productivity Shock
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Interpretation:
Firms Decisions:

We observe that the labour markets play a pivotal role in most of the dynamics. An innovation Zj, to housing
goods sector, translates to an increase in housing output Yh and as wages are same across firms, housing
market affect on Borrowers helps in the movement of certain labour (Savers and Borrowers) from housing

sector to consumption sector which in turn increases the consumption output Yh.

Households Decisions:

Because of the increase in wages, we see an increase in disposable income for all the household agents.
From Borrowers perspective an increase in disposable income can be spent on consumption goods or on
housing, as the role of collateral constraint kicks-in, these agents tend to decrease their investment in hous-
ing as they see a decrease in price of housing from increase in houses output. Houses act as both collateral
and a means to get returns(rents from BTL). This will be translated to a slight increase in BTL housing
investment, however they decrease their consumption of goods and consumption of personal housing by
the Borrowers H;, decreases which results in an increase in Rental prices g, and this in turn decrease the
demand for the loans Bs. From Savers perspective, again the increase in disposable income can be spent
on consumption goods, housing or on providing loans. As the demand of housing from the Borrowers de-
crease, there will be an decrease in demand for loans and this in turn will make Savers to invest in housing
. Hence the Savers will decrease their consumption and loans but increase their housing investment. This
again results in a increase in the rate returns (Rate). From Hand to mouth agents perspective, as they cannot
invest in housing they consume more of this disposable income (C), increases) and also they affect of the
demand for BTL amplifies and this increase in demand from these agents amplifies the rental price. Overall
the disposable income increase for all the three agents. However, when the shock was just realized Hand to

mouth agents are better off in consumption and housing and the other two agents are worse off.

4.4.4 Cost Push Shocks

I give a temporary Inverse shock (“I gave a positive shock to the € elasticity of substitution between in-
termediate goods in both consumption and housing goods sector): The temporary increase in the elasticity
of substitution between intermediate goods in-turn make the price of the final goods decrease as the sub-
stitution between intermediate goods increase and this directly translates into a decrease in Inflation of
consumption goods 7 and a decrease in Inflation of Housing goods sector 7.

The inverse cost push shocks follow an AR(1) process in the housing goods sector:

In (Cp?) = PepnIn (Cp?—l) + €cph

and an AR(1) process in the consumption goods sector:;
In(cpf) = Pepeln (cpi_y) +ecpe
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where e¢pc, e.pp are i.i.d processes with variances of o and o, respectively which are both calibrated

as 0.0052. The shock persistence in both the sectors is Peph and pepe 1s taken as 0.3.

4.4.5 Effect of Inverse cost push shock in Consumption good firms

As we see from the private sector equilibrium, the shock enters the system in the Phillips Curve of the
consumption goods sector as a inverse relation and hence a positive cost push shock will decrease the

inflation of the consumption goods prices:

o gurn ot ) S m)| | = (mm) - 5 (a0

As the Interest rate set by the central bank is feed by the inflation change, we see the interest rate also

goes down as the Inflation goes down: Rate, decreases.

R Y\
= (14 m)* (?)

R,

The decrease in Interest rates will result in a direct increase in demand of loans from Borrowers. As
loans d, increase, the housing of Borrowers also tend to increase as we know houses act as collaterals and as
assets from the Borrowers perspective. We will also observe that most of the increase in Borrowers housing
(Not all of Borrowers housing) is driven by the increase in Buy to Let housing from Borrowers: This results
in an increase of H;, and H,.

PeyCP + QNHY — (1= 8)H )+ Ri—1,,D{_, = H Q] + N'W! + D! + Ty,

As the choice of housing is a control variable from Borrowers perspective, an Increase in demand for
the housing from the Borrowers sector will lead to an increase in the price of houses g;, however, this
increase in relative house price is not substantial which is in line with the increase in personal consumption
of Borrowers housing which again is not substantial. This increase in prices of housing again results in the
increase in supply of houses: Y, increases very slightly and starts decreasing from then on (Decreasing after
the shock is realized between time period 1 and 2) as the labour moves from housing to consumption goods
sector.

As the share of the Hand to Mouth agents in the economy is a constant parameter, an increase in Buy to
Let housing in the economy will reduce the rental price and we see a decrease in g,. As we know a decrease
in relative price of one good has both substitution effect and Income effect, from the Substitution effect

perspective, the decrease in the nominal inflation leads to the decrease in relative price of the consumption
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goods and this makes the consumption goods relatively cheaper for agents to consume and all the agents

will increase their consumption goods usage: C,, Cp,, Cy increase.

c__ 9 2 v C
Yo =Cos +Coa+ Cpr + 5 7Y,

From Income effect perspective, a decrease in consumption goods price lead to agents having more
of relative income and As houses act as collaterals and assets for Borrowers, Borrowers tend to increase
their consumption of housing as well:H}, increases (As I assume both consumption and houses are Normal
Goods).

From Savers perspective, the increase in demand for loans d, from Borrowers result in a increase in
supply of loans from Savers and leads to a decrease in housing of Savers: H, decreases as they divert their
funds to providing loans rather than Invest in housing (housing doesn’t act as an Asset with returns for

Savers as I assume they don’t invest in Buy to Let Market and also they don’t act as collaterals for Savers).

PcJCsJ + Q;l (HSJ - (1 - 5)[‘1&171) + Bs7t = Ns,thJ + Rtfl,sBs,tfl + TS‘,Z‘
The decrease in Inflation of consumption good firms enhances to supply more of the consumption goods

with the same inputs and due to the monopolistic competition, firms can decrease the price of the con-
sumption goods for better marginal profits and as a result, Increase in production of consumption goods
in the economy occurs: Y, Increases. Consumption good firms want to hire more labour as a result The
consumption goods sector firms increase the wages in the economy: W;,, Wy W), increases.

From households perspective, an increase in the real wage rate has two effects: an income and a substi-
tution effect. Because of the higher income the agent wants to work less and instead enjoy a higher amount
of leisure. This is the income effect. On the other hand, a higher real wage leads to a substitution of leisure
with labour. This is the substitution effect. In my model, from the consumption sector’s perspective, the
Income effect clearly dominates the substitution effect for the Borrowers (Because of the fact that Borrow-
ers have even more disposable income from the Buy to Let assets and also increase in collateral Value of
houses) and the substitution effect dominates the income effect in Savers and Hand to Mouth agents. As I
assume that the labour is free to move between the firm sectors, we see an increase in labour supply from
Savers and Hand to Mouth agents to the consumption sector: N .,N, . increases (Because of Substitution
effect). However, we see a decrease in the labour supply of Borrowers in the consumption sector as a result
of Income effect.

We see a similar effect in housing sector firms. However, we see a very slight increase in Supply of
labour from Savers and Hand to Mouth agents as opposed to the substantial increase in labour from the
same agents in consumption goods sector. We also see a dominant income effect in Borrowers agents from
the housing firms perspective. This leads to On aggregate, leisure 1 — N;, 1 — N, decreases in Savers and
Hand to Mouth agents i.e., labour of Savers and Hand to Mouth agent households Ny, N, increases which
shows that Income effect dominates the substitution effect on Hand to Mouth agents and Savers. Leisure
1 — N,, increases in Borrowers i.e., labour of Borrowers N;, decreases which shows that Substitution effect

dominates the Income effect on Borrowers. Also the effect is cyclical As wages increase, workers from all
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the sectors will want to increase consumption, resulting in a rise of Cs and Cb and Cp . Also we can observe
from the consumption goods output equation, that as output is directly proportional to the consumption of

goods, with increase in output directly translates to an increase in consumption of all the household agents.

c __ 9 2 v C
Yl‘ - CbJ +Cs7t +Cp7t + 2 ﬂcth

We can observe that the main reason for the slight Substitution effect of Savers and Hand to Mouth
agents in housing sector firms even though I give a temporary Inverse shock (Inflation in consumption
goods decrease) is from the fact that the housing sector is relatively flexible price sector and as there are no
quadratic costs involved in housing sector. Agent can have more of housing consumption with flex prices:

resulting in an slight increase in Y},

. . . N —p—
y? () :thNllyl,t (l)le};l,z (l)uNsh,t (i) "

As the demand for housing substantially increase from the Buy to Let perspective, with the effect of
very slight increase in housing output and a substantial increase in Demand from the Borrowers, the result
is an increase in house prices ¢g;, and an increase in house price Inflation :7;, increases.

Overall the disposable income increase for all the three agents increase and are better off in consumption
for a Inverse cost push shock on Inflation in consumption goods. Borrowers tend to invest in housing and

Savers tend to supply more loans with decrease in housing.

10* N_b (Borrowers Labour) %10 N_p (hand to Mouth agents labour) L x10* C b (Consumption of Borrowers)
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q h( Relative House price) <10 q.r (Rental price) 10 cpc (Consumption cost push shock)

Figure 27: IRFs for Inverse cost push shock in Consumption good firms
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Figure 28: IRFs for Inverse cost push shock in Consumption good firms
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Figure 29: IRFs for Inverse cost push shock in Consumption good firms
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4.4.6 Effect of Inverse cost push shock in Housing good firms

I give a temporary Inverse shock (“I gave a positive shock to the € elasticity of substitution between interme-
diate goods in housing sector): The temporary increase in the elasticity of substitution between intermediate
goods in-turn make the price of the final goods decrease as the substitution between intermediate goods in-
crease and this directly translates into a decrease in Inflation of housing goods 7, also as we see from the
private sector equilibrium, the shock enters the system in the Phillips Curve of the housing goods sector as

a inverse relation and hence a positive cost push shock will decrease the inflation of the house prices:

z v
9;% [(th—H) fhl(l + ﬂh,z+1)” = (7%;(1 + Thy) — % (nh,f)ze)

The decrease in Inflation of housing good firms enhances to supply more of the housing goods with the
same inputs and due to the monopolistic competition, firms can decrease the price of the housing goods for
better marginal profits and as a result, Increase in production of housing goods in the economy occurs: Y},
Increases. Housing good firms want to hire more labour as a result The housing goods sector firms increase
the wages in the economy: W, Wy W), increases.

From households perspective, an increase in the real wage rate has two effects: an income and a substi-
tution effect. Because of the higher income the agent wants to work less and instead enjoy a higher amount
of leisure. This is the income effect. On the other hand, a higher real wage leads to a substitution of leisure
with labour. This is the substitution effect. In the model, from the consumption sector’s perspective, the
Income effect clearly dominates the substitution effect for the Hand to Mouth Agents and the substitution
effect dominates the income effect in Savers and Borrowers. As I assume that the labour is free to move
between the firm sectors, we see an increase in labour supply from all three agents to the housing sector:
N;.¢,Np . increases (Because of Substitution effect). However, we see a decrease in the labour supply of
Hand to Mouth agents in the consumption sector as a result of Income effect.

We see a bit different effect in housing sector firms (which is mainly driven by the fact that housing
sector is relatively flex price system). We see a very substantial increase in Supply of labour from Borrow-
ers,Savers and Hand to Mouth agents as opposed to that of the Cost Push shock on the consumption goods
sector. Which is basically we see a dominant income effect in all three of the agents from the housing firms

perspective: Ny j, Np p, Np , Increases.

. . ~U Nl —u—
y? (i) :thNZ,t (l)le};,t (1) Nsh,t (o)

This leads to On aggregate, leisure 1 — Ny, 1 — N, decreases in Savers and Borrowers i.e., labour of Savers

and Borrowers households N, N, increases which shows that Income effect dominates the substitution effect
on Borrowers and Savers. Leisure 1 — N, increases in Hand to Mouth agents i.e., labour of Hand to Mouth
agents N, decreases which shows that Substitution effect dominates the Income effect on Hand to Mouth
agents.

We can observe that the main reason for the slight Substitution effect of Savers and Borrowers in con-
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sumption sector firms even though I give a temporary Inverse shock (Inflation in housing goods decrease) is
from the fact that the consumption sector is relatively rigid price sector and as there are quadratic costs in-
volved in consumption sector. Agent will have more of consumption goods consumption with rigid prices:
resulting in a slight decrease in Y,.. And also the increase in inflation in consumption goods result in Borrow-
ers and Savers to consume less of consumption goods Cp,C, decreases. Borrowers consumption decreases
as they get less disposable income now as they reduce their Buy to Let holdings and also their house col-
lateral value goes down drastically, from Savers perspective they reduce their consumption as they now
provide less loans to Borrowers and they miss out on the returns from these loans. However from the hand
to Mouth agents perspective, we see an increase in consumption of goods as they have more disposable
income from the increase in wages W), and tend to live in smaller houses which is a result from the decrease

in supply of Buy to Let from the Borrowers.

c __ 9 2 v C
Yl _Cb7t+cs7t+cp7t+ 27[(1Yl

This decrease in Total consumption output is accompanied by the increase in the price of consumption
goods which result in an increase in the consumption goods inflation: wincreases.
As the Interest rate set by the central bank is feed by the inflation, we see the interest rate also goes up

as the Inflation goes up: Rate, increases.

R Y\
me: 34 : Ié"’ = (1+m)% (—’)

The increase in Interest rates will result in a direct decrease in demand of loans from Borrowers. As
loans d, decrease, the housing of Borrowers also tend to decrease as we know houses act as collaterals
and as assets from the Borrowers perspective. We will also observe that most of the decrease in Borrowers
housing (Not all of Borrowers housing) is driven by the decrease in personal consumption of housing from
Borrowers (As they get some returns from increase in Rental return which we will see later, they don’t want

to decrease a lot of their Buy to Let holdings): This results in an decrease of Hj, and H,..

PeyCP + QNHY — (1= 8)H )+ Ri—1,,D{_, = H Q] + N'W/ + D! + Ty,

As the choice of housing is a control variable from Borrowers perspective, a decrease in demand for the
housing from the Borrowers sector will lead to an decrease in the price of houses g, which again results in
a decrease in the collateral value of the Borrowers and this is the main reason for the substantial decrease in
the personal consumption of housing from the Borrowers H, — H, compared to the slight decrease in Buy
to Let holdings from Borrowers H, .

As the share of the Hand to Mouth agents in the economy is a constant parameter, an decrease in Buy

to Let housing in the economy will increase the rental price and we see an increase in g,. As we know a
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decrease in relative price of one good has both substitution effect and Income effect, from the Substitution
effect perspective, the decrease in the housing inflation leads to the decrease in relative price of the housing
goods (which is g, decreasing) and this makes the housing goods relatively cheaper for agents to consume
and as houses act as collaterals this is a detrimental affect on Borrowers and the Borrowers will decrease
their consumption of housing usage: Hj,, H, decrease.

From Savers perspective, the decrease in demand for loans d, from Borrowers result in a decrease in
supply of loans from Savers and leads to a increase in housing of Savers: H; increases as they divert their

funds to invest in housing rather than providing loans.

PeCs s+ Qf (Hyy —(1—6)Hy—1) +Bs; =Ny Wy, +Ri—1 ;B -1+ Ty

This tend to work in a cyclical effect As the demand for housing decrease from the Buy to Let perspec-
tive, with the effect of very substantial increase in housing output and a substantial decrease in Demand of
consumption of housing from the Borrowers, the result is an decrease in house prices g, and an decrease in
house price Inflation :7;, decreases.

Overall the disposable income increase for all the three agents increase and Borrowers and Savers are
worse off in consumption for a Inverse cost push shock on Inflation in housing goods. Hand to mouth agents
are better off in consumption. Borrowers tend to invest less in housing and Savers tend to supply less loans

with increase in housing.
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Figure 30: IRFs for Inverse cost push shock in Housing good firms
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Figure 31: IRFs for Inverse cost push shock in Housing good firms
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Figure 32: IRFs for Inverse cost push shock in Housing good firms
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4.4.7 News (Expectation) Shocks :
4.4.8 Effect of Expectation shock on Rental returns:

I give an Expected Shock Fujiwara, Ippei and Kang, Heedon, (2008) of 5 time periods to the Rental Returns
(gr) 1.e., the agents (Renters/Hand to Mouth Agents) receive clear signals about the rental rate they face
in the future i.e., after 5 time periods. Renters anticipate that the rents are going to Decrease (From an
external scenario such as Brexit) in the future. This however gives a signal to Borrowers that the rents
might decrease. The implication of such expected shocks can be interpreted before the Shock has been
realized and after the shock is realized.

The Expectation shock on the rental returns follow an AR process in the rental sector:

In (S5) = psln <S5,1) + e

In(s4) =In(ss5_1)

In(s3) =In(s4_1)

In(sy) =In(s3-1)

In(s;) =1In(sp—1)

In (S) =1In (Slfl)

where e is an i.i.d processes with variances of oy which is calibrated to 0.002032. The shock persistence

ps 1s assumed to take high value as 0.9.

Anticipation (Before the Shock is realized) (Time period 1 to 5):
Agents Housing Decisions:

Agents in the Economy gets a clear signal that the Rents from the Buy to Let sector are going to go down
after 5 time periods. Houses act as assets for the Borrowers, where they get returns from the Rents. Bor-
rowers anticipate the decrease in rents (which is a decrease in their return on houses) and hence they also
decrease their investment in Buy to Let sector which leads to a decrease in H, which decreases in a almost
similar rate from time period t = 1 to time period t = 5.

A decrease in demand for Buy to Let housing from Borrowers will in turn decrease the total housing
from Borrowers sector Hj, as substantial part of housing from Borrowers is in Buy to Let housing. This

decrease is substantial decrease from t = 3 to t = 5 as the house prices also decrease a lot in this time period
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especially agents realize this decline in house prices substantially from time period t = 3 (from this time
period house prices is below the steady state level).

We can see this substantial decrease from t = 3 as this is the time period from which all the agents start to
react to the anticipatory shock (which happens at t = 5) strongly. This also results in a decrease in supply of
housing. This results in a substantial decrease of Y}, especially from t = 3 ( we see a drastic drop in housing
output from time period = 3). A decrease in housing supply is also attributed to a slight increase in relative
house price g, (only in time period t = 1 and t = 2). However, this increase is very low and only for 2 time
periods.

If we observe the Personal consumption of housing from Borrowers in t = 1, H, — H,, this has increased
slightly (in the order of 1.36 % 107> ) which is the result of houses acting as collaterals. Houses being
a collateral and a slight increase in price will make Borrowers to increase their personal consumption of
housing in time period t = 1 and t = 2. This personal housing of Borrowers again drastically drop from time
period t = 3 once the house price start falling.

As we also know that the fraction of Hand to Mouth agents in the economy is a constant parameter
(0.1), a decrease in Buy to Let housing from Borrowers would increase the demand from Renters and this
results in an increase in the rental price g, until the shock is realized.

Also from Savers perspective, the decrease in demand of housing from Borrowers lead to a decrease in
demand for loans By and we also see a drastic decrease in loan demand from Borrowers from time period
t = 3, this result leads us to see a slight decrease in Savers housing at t = 0,1 and gradually increase their
housing from there on to a substantial increase from time period t = 3 as a result we see an increase in their

personal consumption of Savers housing H; from t = 3.

Agents Labour Decisions:

As there is a less supply of housing from the firms (Y}, decreases), all the agents would like to shift their
labour away from housing sector as I assume labour can move freely between the sectors which results in a
decrease of Nyh,Nph,Nyh. Again we will see a gradual decrease in labour from all three sectors in housing
sector in time periods t = 0,1 and t = 2. However, we will see a drastic decrease in the same labour from
time t = 3. This again results in a gradual decrease of housing output until t = 2 and a drastic decrease in
housing out from t = 3 to the time until the shock is realized.

As the house prices are more in t = 1 and t = 2, Borrowers have an incentive to work more and invest
in their own personal housing. This results in an increase of Borrowers labour in consumption goods sector
Np and this labour supply starts falling from time t = 3 when the house prices start falling.

From the Hand to mouth agents perspective, to account for the increase in rents until the shock is realized
they want to produce more labour and this results in an increase in N,..

Savers tend to have an income effect until time period t = 3 as the house price is positive until t = 2
and the demand for loans from Borrowers is not bad because of personal consumption of housing from
Borrowers is positive. As the Savers supply less of labour until t = 3, even though the the consumption
output starts above from the steady state, it tend to decrease gradually in period t = 1 and t = 2 (¥, has

increased but starts decreasing in t = 1 and t = 2 and again increase from t = 3 until the shock is realized).
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On aggregate, we see a gradual increase in labour from Hand to mouth guys N, int=1andt=2and a
drastic increase in labour from the same agents from t = 3 to the time until the shock is realized, this results
in a decrease in wages of these agents w), decreases gradually until t = 2 and drastically from t = 3.

From Borrowers perspective, we see a gradual decrease in N, in time period t = 1 and t = 2 (Which
is a result of anticipation of decrease in returns) and drastic decrease from t = 3 to the time the shock is
realized (which is a result of anticipation of decrease in Returns on housing and also decrease in collateral
value from time period t = 3). Even though we see the wages of Borrowers decrease in t = 0, decrease in N,
results in a gradual increase of wages for Borrowers in t = 1 and t = 2 and a substantial increase in wages of
Borrowers from t = 3.

From Savers perspective, we see a gradual decrease in N in time t = 1 and t = 2 but we see a drastic
decrease from t = 3 to the time where the shock is realized (which is a result of gradual decrease in demand
for loans until t =2 and a drastic decrease in loans from t = 3 ). This results in an gradual increase in wages

of Savers from t =1 and t = 2 and a drastic increase from t = 3 to the point where the shock is realized.

Agents Consumption Decisions:

From Borrowers perspective, they tend to invest their disposable income in their personal consumption of
housing until the house prices start to fall “after t = 3 because of the collateral affect and this results in a
decrease if consumption in time period t = 0,1,2 and 3. Once the house prices start falling, these agents tend
to invest less in housing both in Buy to Let and personal consumption of housing and start having more of
consumption which results in an increase of consumption after t = 3 C}, increases after t = 3. Overall the
consumption of Hand to mouth agents decreased from steady state at time t = 0.

From hand to Mouth agents perspective, Because of the gradual decrease in supply of Buy to Let housing
in time periods t = 0,1,2 and a substantial decrease of Supply of Buy to Let after t = 3, we see a similar
pattern of consumption of hand to mouth which decreases gradually until t = 3 and substantially decrease in
consumption after t = 3 until the shock is realized. Overall the consumption of Borrowers decreased when
they get the news at t = 0.

From Savers perspective, we see an increase in Savers consumption Cs at t = 0 and slowly decreases
until t = 3 (When the demand for loans is not bad as the personal housing consumption of Borrowers is still
positive) and then the consumption of Savers decreases gradually. Overall The consumption of Savers has

increased from steady state at t = 0.

Inflation and Interest Rate:

At t =0, we see a decrease in consumption from Borrowers and Hand to Mouth agents (C;, and C,, decrease
), even though we see a slight increase in consumption from Savers Cs. The increase in consumption goods
output and the affect of decrease in consumption from Borrowers and Hand to Mouth agents dominates the

affect of slight increase in consumption from Savers and this results in a decrease of inflation 7at period
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t = 0 when the agents get to know the news shock. This trend in decrease of inflation will be seen until
time t = 3 where the consumption of Borrowers start increasing (As the house prices increase they tend to
divert some of their income to consumption) and this results in an increase in Inflation after time t = 3. The
Central bank sets the interest rate according to changes in inflation, we will see a decrease in Interest Rate
at t = 0 and a decreasing trend until t = 3 (Which is same as the Inflation) and from then (after t = 3) we will
see an increase in interest rate until the shock is realized.

Coming to the housing Inflation 7, at t = 0, we see a decrease in housing Inflation as the demand for
housing from all the sectors of agents (Borrowers aggregate housing and Savers housing) decrease. This
trend continues until time period t = 3. Once the Relative house price starts falling g, the housing Inflation

7y, increases which is completely driven by the Savers Investment in housing increases.

Moment the Shock is fully realized ( Time period 6):

The Shock will take it’s full affect from period 6. In period 6, we would see a decrease in the rental rate of
houses (g, decreases) as anticipated by the renters. This results in a decrease of Buy to Let Investment from
Borrowers (H, decreases) and also results in a decrease of total housing of Borrowers H,. The decrease in
demand of housing from Borrowers sector results in a decrease in relative house price g;. The decrease in
relative price results in a decrease in total housing output Y},.

From Agents labour Perspective, as expected we see a decrease in housing sector labour from all the
agents Nyh,N,h,N,h decreases. We also see an increase in consumption sector labour from Savers N, and
Hand to Mouth agents N, whereas we see a decrease in consumption sector labour in Borrowers sector N,
(There is no incentive for Borrowers to supply more labour as Both the returns on housing and collateral
value of housing decreases). On aggregate, we see an increase in labour from hand to mouth agents as
the rents were high until the time period 5 and they gradually decrease their labour supply from t = 6, this
results in a decrease in wage rate w), for Hand to Mouth agents. On the other hand Savers and Borrowers
on aggregate decrease their labour N;,, Ny decrease (As expected as there is no incentive for them to supply
more labour), this results in an increase in Wage rate for both these agents: W, W, increases. Overall we see
an increase in disposable income for Borrowers (As they don’t invest in housing and with better wages) and
Savers (As they see a reduction in Supply of loans and with better wages) and this results in an increase in
consumption for both these agents Cs and C,, increases. However, we see a reduction in disposable income
for Hand to mouth agents mainly driven by the decrease in wages of these agents, this results in a decrease

in consumption from these hand to mouth agents: C,, decreases.

The movement of labour from housing sector to consumption sector from all the three agents ensure
that we see a substantial increase in consumption goods output Y. and a decrease in housing goods output
Y. With this substantial increase in consumption goods output and decrease in consumption from hand to
mouth agents we see a decrease in inflation 7 even though the consumption from Borrowers and Savers
increase slightly.

Also as the demand for housing decreases from Borrowers, the demand for loans B, decrease and also

116



result in a decrease in Interest rate Rate, from the Savers to encourage the Borrowers to take more loans.

From the Central Bank perspective, the decrease in inflation will reduce the Interest rate Rate, and The

effect in the economy tend to persist in a cyclical effect. Inflation in housing 7, also decreases as we see

a substantial decrease in consumption of housing services from Borrowers even though we see a slight

increase in Savers housing and a slight decrease in the housing output.
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117

40

o

10% C_b (consumption of borrowers)
4
’ /\\_/——/
5 10 15 20 25 30 35
. 10?0 H_r (Buy to Let Housing)
5 10 15 20 25 30 35
10% H_s (Housing of Savers)
5 (] 15 20 25 30 s 40



) .10 °N_b_c (Borrowers Labor in Consumption Sector)

. <10% N_b (Labor of Borrowers)
. /\
5
-10
5 10 15 20 25 30 35 40
. .10°  C_p (Consumption of Hand to Mouth)
2
-4
6
-8
5 10 15 20 25 30 35 40
) 10¢ q_h (Relative house Price)
0
2
ol
5 10 15 20 25 30 35 40

N ——

5 10 15 20 25 30

) .10*  N_p_h (Hand to mouth labor in Housing)

35

10 w_p (Wages of Hand to Mouth)

5 10 15 20 25 30 35 40
10® pieh (Inflation in Housing)

5 10 15 20 25 30 35 40

, . 10N_p_c (hand to Mouth labor in consumption sector)

) «10* N_p (Labor of Hand to Mouth)
0
15 05
1 -1
05 15
0 2
5 10 15 20 25 30 35 40
. «10* H_b (Housing of Borrowers)
0
-
2
2
4
-3
-4 -6
5 10 15 20 25 30 35 40
R 10°% w_b (Wages of Borrowers)
4
2
0
/ N
2
5 10 15 20 25 30 35 40
Figure 34: IRFs for News shock on rental Returns
. .10% N_s _c(Savers Labor Consumption Sector)
-05 15
A 1
15 05
2 k 0
5 10 15 20 25 30 s 40
s «10* N_b_h (Borrowers labor in Housing) s
, /‘\ .
5 -5
-10 -10
5 10 15 20 25 30 3B 40
6
010 Rate o o
4
2
2
4 0
6 -2
5 10 15 20 25 30 35 40

20 25 30

35

40

Figure 35: IRFs for News shock on rental Returns

118

5 10 15 20 25 30 B 40
104 N_s_h (Savers Labor in Housing)
10 15 20 25 30 35 40
«10¢ Y _c (Consumption goods Outpuf
) —
5 10 15 20 25 30 35 40



4.4.9 Effect of Expectation technology shock on Consumption good Firms

I give an Expected Shock of 5 time periods to the productivity of consumption good firms i.e., the agents
receive clear signals about the productivity of consumption good firms they face in the future i.e., after 5
time periods. Agents anticipate that the productivity of consumption good firms is going to increase in the
future. The implication of such expected shocks can be interpreted before the Shock has been realized and
after the shock is realized.

The Expectation shock on the both the technology shocks follow a similar AR process in both the
consumption and housing sector to that of the news shock on the expected rental returns in the rental sector.
The 1.1.d processes in both the housing and consumption goods sectors are with variances calibrated to

0.009%. The shock persistences for both the shocks are assumed to take a value of 0.3.

Anticipation (Before the Shock is realized) (Time period 1 to 5):
Firms Decisions:

Firms in the Economy gets a clear signal that the production of consumption goods (consumption good
output Y, ) increases after 5 time periods. This doesn’t results in the firms to hire less labour now and
more once the shock is realized because the consumption good firms are rigid and firms take this into
consideration because the agents need not respond quickly to the positive technology shock in consumption
sector and also the fact that the housing sector firms are flexible. consumption goods firms also increase
their wages to all the agents as a result of this anticipation of increase in productivity in the near future and
want to have more labour by the time shock hits the economy. All the agents would like to shift their labour
away from housing sector as I assume labour can move freely between the sectors and the demand for
labour in housing firms is lower now in t = 1, which results in a slight decrease of Nsh, Nyh, Nyh (until time
t = 2). As agents come close to the realization of shock the flexible housing market plays a role and they
again increase their labour supply to the housing firms as the shock realized (From t = 3). On aggregate, the
labour supply of Savers and Hand to Mouth agents increase at t = 0, but the aggregate labour of Borrowers
decrease (As a result of the implication from housing market which we will see a bit later). This increase
in labour from Hand to mouth agents, Savers and an increase in wages will leave these agents will better
disposable income. The substantial increase in wages for the Borrowers also lead to a better disposable

income for Borrowers.

Agents Consumption Decisions:

In the early stages of the news shock, agents in the Economy gets a signal that the production of consumption
(housing output Y, ) increases for sure after 5 time periods, all the agents in the economy have a better
disposable incomes. The result of the anticipation of increase in consumption goods output and the increase

in disposable income leads to an increase in consumption for all the three agents at period t = 1.
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Agents Housing Decisions:

In the early stages of the news shock, agents in the Economy gets a signal that the production of consump-
tion (housing output Y, ) increases after 5 time periods as a result of labour moving from housing sector
to consumption sector. houses act as collateral for the Borrowers. Borrowers see the decrease in the pro-
ductivity of housing market in the early stages of anticipation shock and this results in a increase in the
relative prices of houses and hence they also increase their investment in housing: Hj, increases. Buy to
Let sector also increases: H, increases. From period t = 2 the total housing of Borrowers start decreasing
even though the prices of houses increase. This again is quite opposite result to the Expected tech shock
on housing because Borrowers purchasing power of houses decrease with increase in price and they form
an anticipation that house prices even go up as the shock hits the economy and this leads to an increase in
personal consumption of housing (H, — H,)which acts as collateral and decrease the Buy to Let housing
(H,).

As stated before, as the agents near the time t = 5, the affect of increase in house prices will encourage
the Borrowers to buy a bit more houses as they get more collateral value from having a big house. This
decrease in house purchasing power of Borrowers will be negated by the effect of increase in collateral value
and this in-turn will increase the personal consumption of houses from Borrowers H;, — H, and decrease the
demand for Buy to Let housing from Borrowers: H, starts decreasing from period t = 2.

We can see this increase in Buy to Let holdings from Borrowers from t = 4 as this is the time period
from which all the agents start to react to the anticipatory shock (which happens at t = 5) strongly. This
also results in a increase in supply of housing. This results in a slight increase of Y}, especially at t =4 ( we
see a increase in housing output from time period = 4). A increase in housing demand from Borrowers is
substantial and is also attributed to a substantial increase in relative house price g, (the collateral affect is
in place here).

As we also know that the fraction of Hand to Mouth agents in the economy is a constant parameter (0.1),
an increase in Buy to Let housing from Borrowers would result in a decrease in the rental price g, until the
shock is realized.

Also from Savers perspective, the increase in demand of housing from Borrowers lead to a increase in
demand for loans B, and we also see a drastic increase in loan demand from Borrowers from time period t
= 3, this result leads us to see a substantial decrease in Savers housing from time period t = 3 as a result we

see an decrease in their personal consumption of Savers housing H from t = 3.

Agents Labour Decisions:

Agents in the economy anticipate that a temporary increase in the consumption goods production tech-
nology directly translates into higher output in consumption goods sector Y. As there is a less supply of
housing from the firms (¥}, decreases before the shock is realized), all the agents would like to shift their
labour away from housing sector as I assume labour can move freely between the sectors which results in a
decrease of Nyh,Nyh,Nyh. Again we will see a gradual decrease in labour from all three sectors in housing

sector in time period t = 6 when the shock is realized.
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As the house prices are increasing, Borrowers have more disposable income and a higher collateral
value, this results in a decrease in the supply of labour from these agents Nj. decreases.

From the Hand to mouth agents perspective, to account for the increase in consumption until the shock
is realized they want to produce more labour and this results in a slight increase in N.

Savers tend to have an substitution effect as the demand for loans from Borrowers have increased be-
cause of increase in overall consumption of housing from Borrowers.

On aggregate, we see a substitution effect in Hand to Mouth agents and Savers with increase in wage
rate and income effect in Borrowers with increase in wage rate in the early stages of the expected shock.
This results in an increase in aggregate labour from Savers and Hand to Mouth agents and a decrease in

aggregate labour from Borrowers.

Inflation and Interest Rate:

At t = 0, as we see an increase in consumption from all of the three agents (Cp,,Cs and C), increases ), the
substantial increase in consumption goods output results in a decrease of inflation wat period t = 0 when the
agents get to know the news shock. The Central bank sets the interest rate according to changes in output
and follows the trend of inflation after period t = 1.

Coming to the housing Inflation 7, at t = 0, we see a increase in housing Inflation as the demand for

housing from Borrowers substantially increase at t = 0.

Moment the Shock is fully realized ( Time period 6):

The temporary increase in the consumption good production technology directly translates into higher out-
put in consumption goods sector Y, as the output is directly proportional to the technology shock, also as
we see from the private sector equilibrium, the shock enters the system in the marginal cost of producing
consumption goods as a denominator and hence a positive consumption shock will decrease the marginal

cost of producing a consumption good:

1 ws N AN AT A
ez () ) ()
as MC; = (;P,;, we see a decrease in the marginal costs and a decrease in

As the marginal costs decrease in consumption sector of the economy, the effect of “Technological
advancement and price rigidity” of this sector makes the firms from this sector hire less labour and we see
a decrease in Borrowers, Savers and Hand to mouth agents labour in consumption sector (N, ,N{ and NIC,

decreases)

¥ (i) = ZuNy, (i) Ny, (i) Ng, (i)

From the consumption goods firm’s perspective, marginal productivities of labour from all of the labour

sectors have increased, they want to have more of all labour inputs, pushing up the real wage w, wp, wy to
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induce households to supply more labour.

However, the effect of price rigidity has a strong affect here and firms cut their labour inputs demand
and this results in moving of the labour from consumption good sector to housing goods sector (which
have flexible prices and houses acting as assets) which results in increase of (all types of agents labour in
housing sector) N,ﬁ’and N N[’j and increasing the output in housing goods sector Y}, . The result of moving
labour from consumption sector to housing sector is again from a two fold affect of flexible price market

for housing and houses acting as assets.

ho: h AV ath (\Urth (o 1—u—v
v (i) = thNp,t (i) Nb,t (i) Ns,l (i)
As I assume that the wages are same across the two sectors of production, marginal productivities of labour

have increased, translating to rise in all of the sector’s wages .

From households perspective, an increase in the real wage rate has two effects: an income and a substi-
tution effect. Because of the higher income the agent wants to work less and instead enjoy a higher amount
of leisure. This is the income effect. On the other hand, a higher real wage leads to a substitution of leisure
with labour. This is the substitution effect. In the model, from the consumption sector’s perspective, the
Income effect clearly dominates the substitution effect for all the three agents and from housing sector’s
perspective the substitution effect dominates the income effect again in all the three types of agents.

On aggregate, leisure 1 — N, , 1 — N, 1 — N, increase i.e., labour of all the three households Ny, N, N,
decreases which shows that Income effect dominates the substitution effect on aggregate. As wages in-
crease, workers from all the sectors will want to increase consumption, resulting in a rise of Cs and Cb and
Cp . Also we can observe from the consumption goods output equation, that as output is directly propor-
tional to the consumption of goods, with increase in output directly translates to an increase in consumption
of all the household agents.

. Q :
[c = Cb,l +CS,I‘ +C]7J + Eﬂgth‘C

Households know that the shock is temporary and they smooth their consumption. Also the magnitude
of rise in consumption is different from Borrowers and hand to mouth workers and with lower increase
in consumption for the Borrowers sector, additional income of Borrowers is saved, i.e. invested into the
housing stock Hj, resulting in an increase in the housing stock of Borrowers which in turn also results in the

increase in the BTL stock.

PeyCP + QNHY — (1= 8)H )+ Ri—1,,D{_, = H/ Q] + N'W/ + D! + Ty,

On the other hand, as Borrowers tend to invest in housing, combining with the decrease in the output
of the housing sector, the price of the houses ¢, increases resulting in Savers to issue more of loans By and
consume more Cs and investing in their housing stock H decreases which shows that the demand of the
housing stock is mostly from the Borrowers sector. The Savers sector tend to divert some of the housing

stock towards the increase in issuing loans.
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PcJCsJ + Q? (HSJ - (1 - (S)Hs,tfl) + Bs7t = Ns,thJ + Rtfl,sBs,tfl + TS‘,I‘

Whereas, hand to mouth guys cannot invest in housing, combining with the increase of investment in
housing sector from the Borrowers, Buy to let houses H, have increased and the hence price of the rental
rate g, decreases due to more supply of BTL houses. As the wages of hand to mouth guys increasing and

due to a decrease in rental price results in a substantial increase in consumption of this sector.

P.;Cl +HQf =N/W} +Tp,;

The increase in productivity of consumption good firms enhances to supply more of the consumption
goods with the same inputs and due to the monopolistic competition, firms can decrease the price of the
consumption goods for better marginal profits and as a result, fall in inflation win the economy occurs.
However, even though the housing sector is flexible we see a decrease in housing inflation 7, as the demand
from the houses increases substantially from the Borrowers sector at t = 6. The central bank sets the interest

rate according to the Taylor rule and as the inflation decreases, the interest rate tend to decrease.

Rta () Yt o
—=14+m)" | =
R, (1+m) (Y)

The effect in the economy tend to persist in a cyclical effect. As interest rate decreases, Borrowers

tend to obtain more loans B and increase their consumption. Borrowers tend to increase the investment
in housing stock which further increases their collateral value. The increase in investment from Borrowers
will in-turn affect the Buy-to-let market which in-turn increases the rental properties which increase in H,.
As the rental properties increases, this will reduce the rental price g, and as a result, poor workers tend to
have more for consumption and C), increases.

As the demand for loans increase, Savers tend to supply more of deposits as they tend to divert some
of their investment in housing stock towards issuing more loans and hence we see a decrease in H;. As the
Savers tend to get more returns in terms of loans in volume, they tend to increase their consumption and we

see an increase in consumption from all the sectors.
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Figure 36: IRFs for News shock on Consumption good Firms Productivity
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Figure 37: IRFs for News shock on Consumption good Firms Productivity

124




; « 107 C_s (Consumption of Savers)

6

5

4

3

2

1

o

5 10 15 20 25 30 35 40
° 104 pi (Inflation)
R
2
-3
4
-5
€
-7
5 10 15 20 25 30 35 40

. <102 w_p (Wages of Hand to mouth agents)
4

3

2

1

o

x 107 H_s (Housing of Savers)

s
o N
s
-10
15
20
s 10 15 20 25 30 35 40
8 0 B_s (Loans)
6
4
2
° \
2
s 10 15 20 25 30 35 20
102 10 Y_c (C goods output)
8
6
4
2
o
2
5 10 15 20 25 30 35 20

Figure 38: IRFs for News shock on Consumption good Firms Productivity
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Interpretation:
Firms Decisions:

We observe that the labour markets play a pivotal role in most of the dynamics. An innovation Z, to
consumption goods sector, translates to an increase in consumption output Yc and as wages are same across
firms, price rigidity in consumption sector helps in the movement of labour from consumption sector to

housing sector which in turn increases the housing output Yh.

Households Decisions:

Because of the increase in wages, we see an increase in disposable income for all the household agents.
From Borrowers perspective an increase in disposable income can be spent on consumption goods or on
housing, as the role of collateral constraint kicks-in, these agents tend to increase their investment in housing
which acts as booth collateral and a means to get returns(rents from BTL). This will be translated to a slight
increase in consumption and the demand for housing by the Borrowers H;, increases which results in an
increase in house prices gj even though we see an increase in housing output Y}, and this in turn increase the
demand for the loans Bs. From Savers perspective, again the increase in disposable income can be spent on
consumption goods, housing or on providing loans. As the demand of housing from the Borrowers increase,
there will be an increase in demand for loans and this in turn will make Savers to invest in providing loans
as this is their only means of returns (No BTL from Savers sector and No collateral constraints for these
agents). hence the Savers will increase their consumption and loans but decrease their housing investment.
This again results in a decrease in the rate returns (Rate). From Hand to mouth agents perspective, as they
cannot invest in housing they consume more of this disposable income (C), increases) and also the affect of
reduction in rental rate g, amplifies the increase in consumption from these agents. Overall the disposable
income increase for all the three agents and are better off in consumption for a positive consumption shock.

Borrowers tend to invest in housing and Savers tend to supply more loans with decrease in housing.

4.4.10 Effect of Expectation technology shock on Housing Firms

I give an Expected Shock of 5 time periods to the productivity of housing firms i.e., the agents receive clear
signals about the productivity of housing firms they face in the future i.e., after 5 time periods. Agents
anticipate that the productivity of housing firms is going to increase in the future. The implication of such

expected shocks can be interpreted before the Shock has been realized and after the shock is realized.
Anticipation (Before the Shock is realized) (Time period 1 to 5):

Firms Decisions:

Firms in the Economy gets a clear signal that the production of houses (housing output Y, ) increases after
5 time periods. This results in the firms to hire less labour now and more once the shock is realized as
they can have more marginal output. All the agents would like to shift their labour away from housing

sector as [ assume labour can move freely between the sectors and the demand for labour in housing firms
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is lower now, which results in a decrease of Nyh,N,h,N,h (Even though we see a decrease in consumption
output Y., which shows that the agents have income effect especially after period t = 3). Housing firms
also decrease their wages as a result of this anticipation of increase in the near future (This result is quite
opposite to that of the Expected technology shock on consumption good firms as consumption good firms
are rigid and firms take this into consideration because the agents need not respond quickly to the positive
technology shock in consumption sector). This decrease in labour and decrease in wages will affect the
households to have less of disposable income. This decrease in disposable income also results in a decrease

in consumption from all the agents C,,,Cy, C; decreases.

Agents Housing Decisions:

Agents in the Economy gets a clear signal that the production of houses (housing output Y}, ) increases
after 5 time periods. houses act as collateral for the Borrowers. Borrowers anticipate the increase in the
productivity of housing market results in a decrease in the relative prices of houses and hence they also
decrease their investment in housing: H), decreases. Buy to Let sector also decreases: H, decreases which
decreases at an almost similar rate from time period t = 1 to time period t = 4 and when the agents near
the shock realization period they fall their consumption of housing drastically at period t = 4. However, as
the agents near the time t = 5, the affect of decrease in house prices will encourage the Borrowers to buy
a bit more houses as they get utility from living in a big house (Also they anticipate the collateral value of
housing going to go down even further and they can provide more Buy to Let houses in future with better
returns by decreasing their personal consumption of houses when the value of house / value of the collateral
is very low). This increase in house purchasing power of Borrowers will negate the effect of decrease in
collateral value and this in-turn will increase the personal consumption of houses from Borrowers H, — H,
and decrease the demand for Buy to Let housing from Borrowers: H, decreases. This difference between
personal consumption of housing and the Buy to Let is high when the shock is about to be realized (at t =
5) as the house prices also decrease a lot in this time period. We can see this substantial decrease in Buy
to Let holdings from Borrowers from t = 4 as this is the time period from which all the agents start to react
to the anticipatory shock (which happens at t = 5) strongly. This also results in a decrease in supply of
housing. This results in a slight decrease of Y}, especially at t = 4 ( we see a drop in housing output from
time period = 4). A decrease in housing demand from Borrowers is substantial and is also attributed to a
substantial decrease in relative house price g;. If we observe the Personal consumption of housing from
Borrowers in t = 5, H, — H,, this has increased (in the order of 1.3 x 1074 ) which is the result of increase in
purchasing power of houses from Borrowers . As we also know that the fraction of Hand to Mouth agents in
the economy is a constant parameter (0.1), a decrease in Buy to Let housing from Borrowers would increase
the demand from Renters and this results in an increase in the rental price g, until the shock is realized. Also
from Savers perspective, the decrease in demand of housing from Borrowers lead to a decrease in demand
for loans B, and we also see a drastic decrease in loan demand from Borrowers from time period t = 4, this
result leads us to see a substantial increase in Savers housing from time period t = 4 as a result we see an

increase in their personal consumption of Savers housing Hy from t = 4.
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Agents Labour Decisions:

Agents in the economy anticipate that a temporary increase in the housing good production technology
directly translates into higher output in housing goods sector Y. As there is a less supply of housing from
the firms (Y, decreases before the shock is realized), all the agents would like to shift their labour away
from housing sector as I assume labour can move freely between the sectors which results in a decrease of
Nsh,Nph,Nyh (Even though we see a decrease in consumption output Y., which shows that the agents have
income effect especially after period t = 3). Again we will see a gradual decrease in labour from all three
sectors in housing sector in time period t = 4. However, we will see a drastic decrease in the same labour
from time t = 4. This again results in a gradual decrease of housing output until t = 4 and a drastic decrease
in housing out from t = 4 to the time until the shock is realized. As the house prices are falling, Borrowers
have an incentive to work more and invest in their own personal housing (This result is quite opposite to the
one we see when I give a shock to the Returns: Because the purchasing power of houses from Borrowers
dominates the decrease in collateral value as the Increase in housing output from the Productivity shock is
substantial in this case) . This results in an increase of Borrowers labour in consumption goods sector Np,
and this labour supply starts falling from time t = 4. From the Hand to mouth agents perspective, to account
for the increase in rents until the shock is realized they want to produce more labour and this results in a
slight increase in N, . Savers tend to have an income effect until time period t = 4 as the demand for loans
from Borrowers is not bad because of personal consumption of housing from Borrowers is positive. As the
Savers supply less of labour until the shock is realized, the consumption output Y, decreases (Even though
we see a slight increase in labour supply from Borrowers and Hand to Mouth agents). On aggregate, we
see a gradual decrease in labour from Hand to mouth guys N, until t = 3 and an increase in labour from the
same agents from t = 4 to the time until the shock is realized (to counteract the rise in rental rate). From
Borrowers perspective, we see an increase in their supply of aggregate labour once these agents get the news
shock ( to counter the loss in Rental returns from the Buy to Let sector) and a gradual decrease in N, until
time period t = 4 (Which is a result of anticipation of decrease in house prices) and drastic decrease from t
= 4 to the time the shock is realized (which is a result of anticipation of decrease in Returns on housing and
also decrease in collateral value from time period t = 3). From Savers perspective, we see a gradual decrease
in N until time t = 4 and we see a drastic decrease from t = 4 to the time where the shock is realized (which

is a result of gradual decrease in demand for loans until t = 4 and a drastic decrease in loans from t =4 ).

Agents Consumption Decisions:

From Borrowers perspective, they tend to have less of their disposable income from firms decisions and
this results in their personal consumption of housing to decrease: C, decreases which is the same case with
other agents: Cy,Cp decrease.
Inflation and Interest Rate:
At t =0, even though we see a decrease in consumption from all of the three agents (Cp, Cs and C,, decrease

), the substantial decrease in consumption goods output results in a decrease of inflation 7at period t = 0
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when the agents get to know the news shock. The Central bank sets the interest rate according to changes in
inflation. Coming to the housing Inflation 7, at t = 0, we see a decrease in housing Inflation as the demand

for housing from Borrowers substantially decrease.

Moment the Shock is fully realized ( Time period 6):

The temporary increase in the housing good production technology directly translates into higher output in
housing goods sector Y}, as the output is directly proportional to the technology shock. From the housing
goods firm’s perspective, marginal productivities of labour from all of the labour sectors have increased,
they want to have more of all labour inputs, pushing up the real wage w,,w;,,w; to induce households to
supply more labour. we see a increase in Borrowers, Savers and Hand to mouth agents labour in housing
sector (Nh,NSh and N ;’ increases): This result of increase in labour is quite opposite to the one in the shock
to consumption sector where we see a decrease in agent labour, this is mainly because of several important
factors:

1) Flexible prices in housing sector and rigid prices in consumption sector: Flexible prices in the market
allows agents to consume more of housing services than the rigid markets and this results in an incentive
for households to supply more labour in housing market.

2) Collateral Constraint: houses act as collaterals for Borrowers in the economy and also they indirectly
affect Savers who provide loans to the Borrowers.

3) Houses as assets: Borrowers perceive houses as assets where they get returns from BTL market.

The above reasons and increase in marginal productivities make agents to supply more labour in housing

market and hence the housing output ¥}, increases:

31 (i) = ZulNp (1) Ny (1) N (1)

From the same reasons above, there is an incentive for Borrowers and Savers to supply more of labour
and to have more of disposable income so that they can invest in houses and loans respectively. Hence
these two agents provide even more labour to the consumption firms sector which results in an increase in
labour of Borrowers and Savers in consumption firms sector (N, ,N¢ increases). However, Hand to mouth
agents doesn’t have any incentives they tend to reduce their labour in the consumption sector which result
in a decrease of (N IC, ). Since the rise in labour from Borrowers and Savers dominates the decrease in labour

from hand to mouth agents, the consumption output Y, increases:

¥§ (i) = ZaNp, (D) Ny, (1) Ng, ()7

As I assume that the wages are same across the two sectors of production, marginal productivities of
labour have increased, translating to rise in all of the sector’s wages . From households perspective, the
Substitution effect clearly dominates the income effect for Borrowers and Savers However we also observe
that the Income effect dominates in Hand to mouth agents (which are down to the reasons mentioned above)

and from housing sector’s perspective the substitution effect dominates the income effect again in all the
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three types of agents. On aggregate, leisure 1 — N, , 1 — Nj, increase i.e., labour of Borrowers and Savers
increases and the labour from hand to mouth agents decrease. As wages increase, Hand to mouth agents
want to increase consumption, resulting in a rise of Cp. However because the Borrowers and Savers are
affected by the housing market they Savers to decrease their consumption and Borrowers tend to increase
their consumption. This decrease in consumption from Savers is mainly by the fact that As Borrowers
observe a positive technology shock to the housing market they expect the output to go up and the prices of
the houses to go down which decrease their collateral value. This decrease in collateral value puts off the
Borrowers to invest in their overall housing Hj, decreases ( As housing as collateral plays a role in here) even
though they tend to increase investment in BTL H, increases (As BTL is considered more as an Asset with
Rents as Returns) and the demand for the loans decrease. This results in an increase in the consumption of

Borrowers and a decrease in the consumption of Savers

PesCP+ QNHP — (1= 8)H_ )+ Ri—1,D{_, = H Q] + N'W/ + D! + Ty,

As Borrowers invest less in housing their demand for loans decrease B, decrease. this directly affects the
Savers who provide loans to Borrowers and this results in Savers to increase their housing stock substantially
(Hs Increase) with more disposable income they acquire from increase in wages. However as the Loans
decrease their aggregate returns on loans decrease and an increase in housing will hamper the consumption

of these agents slightly.

P.,C,+ QM (Hyy — (1—8)Hsy—1)+Bss = Ny Wy, +Ri_15Bss 1+ T,

On the other hand, as Borrowers see the demand for BTL increases from the Hand to mouth agents
disposable income increase. The Rental price increase and this even make the Borrowers to increase only
BTL houses.

PeyCl +H Q) = NPW/ + T,

The increase in productivity of housing firms enhances to supply more of the housing goods with the
same inputs and due to the monopolistic competition, firms can decrease the price of the houses for better
marginal profits and as a result, I expect to see a fall in housing inflation 7, in the economy but this won’t
be the case as the demand of housing from the Savers is quite high at t = 6, and the demand from the
loans from Borrowers is quite low: This results in a slight increase in housing inflation 7;,. However, as
the consumption sector is rigid we see an increase in inflation 7 as the demand from the consumption
goods increase from both the Borrowers and Hand to Mouth sector. The central bank sets the interest rate

according to the Taylor rule and as the inflation increases, the interest rate tend to increase.

Rio
R,

= (1 + TCt)q)ﬂ
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The effect in the economy tend to persist in a cyclical effect. As interest rate Increase, Borrowers tend to
obtain less loans B and increase their consumption. Borrowers tend to decrease the investment in housing
stock which further decreases their collateral value. Borrowers will in-turn affect the Buy-to-let market
by increase investment in BTL houses as they see them as assets with returns. As the demand for rental
properties increase substantially, this will increase the rental price ¢, and as a result, Hand to mouth workers
tend to have more housing and are better off. As the demand for loans decrease, Savers tend to supply less of
deposits as they tend to divert some of their investment towards housing stock which increases substantially
and hence we see a increase in H;. As the Savers tend to get less aggregate returns in terms of loans in
volume, they tend to decrease their consumption and we see an decrease in consumption from Borrowers

and Savers but an increase in consumption from Hand to mouth agents.

N_b (Aggregate Borrowers Labor) 1 N_p (Aggregate Hand to Mouth Labor) ' C_b (Consumption of Borrowers)

C_p (Consumption of Hand to Mouth agents) <10+ pi (Inflation) 10+ pih (Inflation in Housing)

15 20 3 35 40 5 1 15

10% . . Rate o . ; ) 100 w_b (Wages of Borrowers) w_p (Wages of Hand to Mouth agents)

o—1] «

Figure 40: IRFs for News shock on Housing good Firms Productivity
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Interpretation after the shock is realized:
Firms Decisions:

We observe that the labour markets play a pivotal role in most of the dynamics. An innovation Zj, to housing
goods sector, translates to an increase in housing output ¥;, and as wages are same across firms, housing
market affect on Borrowers helps in the movement of certain labour (Savers and Borrowers) from housing

sector to consumption sector which in turn increases the consumption output Y},.

Households Decisions:

Because of the increase in wages, we see an increase in disposable income for all the household agents.
From Borrowers perspective an increase in disposable income can be spent on consumption goods or on
housing, as the role of collateral constraint kicks-in, these agents tend to decrease their investment in hous-
ing as they see a decrease in price of housing from increase in houses output. Houses act as both collateral
and a means to get returns (rents from BTL). This will be translated to a slight increase in BTL housing
investment, and they increase their consumption of goods and consumption of personal housing by the Bor-
rowers Hj, decreases which results in an increase in Rental prices g, and this in turn decrease the demand
for the loans Bs. From Savers perspective, again the increase in disposable income can be spent on con-
sumption goods, housing or on providing loans. As the demand of housing from the Borrowers decrease,
there will be an decrease in demand for loans and this in turn will make Savers to invest in housing . Hence
the Savers will decrease their consumption and loans but increase their housing investment substantially.
This again results in a increase in the rate returns (Rate). From Hand to mouth agents perspective, as they
cannot invest in housing they consume more of this disposable income (C), increases) and also they affect
of the demand for BTL amplifies and this increase in demand from these agents amplifies the rental price.
Overall the disposable income increase for all the three agents. However, when the shock was just realized

Hand to mouth agents are better off in consumption and housing.

4.4.11 Effect of Expectation shock on Monetary Policy:

The Expectation shock on the monetary policy follow a similar AR process in that of the news shock on the
expected rental returns in the rental sector. The i.i.d processes in the news shock is calibrated to a variance
of 0.0052. The shock persistences for such shock is assumed to take a high value of 0.9, similar to that of
the shock persistence on the rental return .

Monetary policy being one of the primary policy instruments for the central bank will have a very
diverse set of effects on agents in the economy. In this section, I give an Expected Shock of 5 time periods
to the Monetary policy i.e., the agents especially the Borrowers and Savers receive clear signals about the
interest rate they face in the future i.e., after 5 time periods. Agents in the economy anticipate that the
interest rates are going to increase in the future (a contractionary monetary policy). The implication of such
expected shocks can be interpreted before the Shock has been realized and after the shock is realized.

Agents in the Economy gets a clear signal that the interest rate from the central bank is going to increase
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after 5 time periods. The first impact of the news of increase in interest rates will lead Borrowers to get
more loans at the time t = 0. This resulted in a substantial increase in the number of loans from time period
t=1to t=35. Houses act as assets for the Borrowers, where they get returns from the Rents. Borrowers
anticipate this increase in the interest rates from central bank in 5 time periods and hence they obtain more
loans today and also increase their investment in their house stock. This also leads to an increase in the
Buy to Let sector H, which increases in an almost similar rate from time period t = 1 to time period t = 5.
We also see due to the increase in the demand for loans, Savers divert most of their income in providing
loans and decrease their stock of housing. The housing output is completely determined by the changes in
demand of housing from the agents. As the Borrowers realize this at time period t = 1, they tend to increase
their housing stock. Due to the relatively sharp increase in the Borrowers housing after time t = 1, house
prices do follow a similar trend where the relative house price slightly increased and starts decreasing with
a sharp rise in the Borrowers demand for housing. We can also see from a perspective that the housing
demand from Borrowers and Savers negates each other and due to the relative sharp increase in the housing
of Borrowers at time period t = 2 compared to that of an relative decrease in Savers housing, we tend to
observe a U shaped housing output from time period t = 1 to t = 5. Due to an increase in the BTL sector,
the rental rate has sharply declined during this period and the relative house prices are a little sluggish to
respond to the monetary shock. As I assume the labour moves between the firm sectors freely, we tend to
see a similar pattern of U shaped in the agents labour in the housing sector as it is in the housing output until
the shock is realized. Due to the substantial increase in the housing from the Borrowers, the consumption
goods sector observes a decrease in the output as well as the agents labour in the intermediate consumption
firms. The aggregate labour of Borrowers and Savers also follow such U shaped increase and decrease. This
clearly shows that due to the houses acting as collateral, the monetary shock will effect the interest rate and
in turn the housing of the agents. Due to the positive consumption effect of the increase in house prices,
consumption of Borrowers and Savers also increase and decrease between time periods t = 1 and t = 5.
There has been a literature recently on the effects of monetary news in the economy. It shows that monetary
shocks are responsible for around 5 percent to 30 percent of volatility in the output. The model shows a
very similar results when the economy is subjected to the monetary shock. However, we could clearly see
that the effect is more prominent in the housing sector compared to that of the consumption sector output.
We have to also consider that houses acting as collateral will amplify such effect on the volatility of housing

output.
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4.4.12 Policy Analysis

Now I look at the policy analysis for the above model with all the above mentioned shocks augmented with
an expected Monetary policy shock. As I have discussed before, the main tools of the central government in
the model relies on both the Macro Prudential policy which regulates Downpayment Ratio and the Monetary
policy. In this section of the analysis, I will look at how some important choice variables’ volatilities behave
with different affordable range of policy values in the model with expected shocks. Specifically, I will look
at how the policy changes within a specific range affect the volatility of some of the important variables and
I can also obtain which policy is more effective for curbing the volatility in that particular variable.

For this analysis, I will start by choosing the range of values for both the policies that the central bank

could afford. As I assume that the central bank sets the interest rate by the Taylor rule

R Y ¢r
<~ em) (1)

R,

I also assume that the Central bank take the values of ¢, which is the inflation coefficient of the Taylor rule

in between [1.5, 3.5].
Also the Central bank chooses the Macro prudential policy which regulates Downpayment ratio by

choosing the value of tin the Borrower’s collateral constraint.

R, D! < uQ'H?

I also assume the affordable range of values for the downpayment ratio to be in between [0.6 , 0.9]
which is like a downpayment ratio can be in between 40 percent to 10 percent of the house Value. Once I
pinned down the range of values, we can now look at the volatilities of different choice variables. I do this
by plotting the contours which contains the isolines of the volatilities of all the variables for combination
of policy values in the range mentioned above. In precise, I plot the contours of the volatilities on a XY
grid where X represent the range of values that the Downpayment ratio can take and Y represent the range
of Taylor Parameters that the central Bank could afford. Again I would like to emphasize that I could
curb the volatility of the housing economy by looking at the specific range of policy values that the central
bank could afford. Overall, I try to analyze how the agents in the economy and markets (both housing
and consumption goods) behave when we have different set of Monetary policies and Macro-prudential
Policies (I consider Downpayment Ratio in housing as a MacroPrudential Policy). In particular I would like
to analyze how volatile the markets and agents decisions are with respect to different combinations of the
Downpayment ratios [10 percent to 40 percent] and Inflation coefficients in the Taylor Rule [1.5 to 3.5].

I can always look at this analysis in the following ways

* Which policy (Monetary or Macro Prudential) is better to curb the volatility of this variable around the
benchmark case of downpayment ratio being 20 percent of the house value and the Taylor parameter

on Inflation being 2.5 points.

I would like to emphasize the expected monetary shock as this shock accounts for at least 50 percent - 80
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percent of the volatility I tend to observe for almost all the variables. This also results in Monetary policy
being more effective than the Macro prudential policy in the analysis.

Consumption

From agents consumption perspective, all the agents tend to smooth their consumption and a change in
Macro Prudential policy (Downpayment ratio) is inefficient in curbing the volatility of the consumption of
all the agents around the Benchmark case. However, we tend to see that the Monetary policy of Taylor
rule parameter tend to be very effective in curbing the volatility of consumption in all the agents espe-
cially in Savers. As Savers have higher discount factors, and being not constrained they tend to smooth
their consumption over time with a very minimal effect of change in Macro prudential policy. On relative
comparison level we also see, even though the Macro Prudential policy is Inefficient in all the agents con-
sumption volatility, we tend to see that the volatility of Hand to mouth agents’ consumption is more affected
by the change in Downpayment ratio than that of the Borrowers consumption and Savers are the least af-
fected by the change in this policy. This analysis shows that again most of the volatilities in consumption of

all the agents stem from Expected monetary shock and hence Monetary policy tends to be more effective.

Aggregate Output

725 e

Ky
&
/

& 7809

7859
70— A 7900

Figure 47: Volatility of Consumption choice variables

1

"When the system is subjected to expectation shocks on Rental returns, Monetary policy and technology shocks in both
consumption and housing sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Consumption of Hand to Mouth Agents:

From households consumption perspective, I can assess which policy is effective in curbing the volatility of
the consumption of Hand to Mouth agents around the Benchmark Case. To do this, I look at the Absolute
change in Downpayment Ratio (Macro Prudential policy) per 0.1 point change in Taylor Rule parameter
(Monetary Policy) to remain in the same contour of volatility at the benchmark case, and this absolute
change in Downpayment ratio turns out to be 0.77 per 0.1 points change in Taylor Rule parameter which
shows that Monetary Policy is effective for curbing the volatility of the consumption of Hand to Mouth

agents around the Benchmark case .

Consumption of Borrowers:

From Borrowers consumption perspective, to asses which policy is effective in curbing the volatility of
the consumption of Borrowers around the Benchmark Case, the Absolute change in Downpayment Ratio
(Macro Prudential policy) turns out to be 0.73 per 0.1 point change in Taylor Rule parameter (Monetary
Policy) to remain in the same contour of volatility at the benchmark case, which shows that Monetary Policy

is effective for curbing the volatility of the consumption of Borrowers around the Benchmark case .

Consumption of Savers:

From Savers consumption perspective, the volatility of these agents’ consumption doesn’t seem to alter
with a change in Downpayment ratio. On the other hand, when I increase the Inflation coefficient in the
Taylor rule (Which is equivalent to loosening the Taylor Rule/ Decreasing the interest rate), the volatility
of consumption of the Savers have gone down which shows that these agents are better off in terms of
consumption with loose Monetary Policy. However in Savers case, the volatility of their consumption is
independent of Macro prudential policy as these agents have higher discount factor than the Borrowers,
they always smooth their consumption even when they see a change in Downpayment ratio. As we see in

this case, Taylor rule is the only effective policy to alter their consumption volatility.

Labour

Housing sectors labour tends to be more volatile than most of the other variables I discuss. With different
expectation shocks in the model, agents tend to adjust their labour decisions more frequently than any other
variables. Especially the expected productivity shocks in both the sectors and the expected monetary shock
has huge impact on the volatility of labour. As I discussed before, houses acting as collaterals and housing
market being relatively more flexible than the consumption goods market, we tend to see higher volatilities

in the housing sector’s labour of all the three agents. If we closely observe the variance decomposition,
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most of the volatility in housing labour from agents stem from the Expected productivity shock in housing
sector. We have also seen some interesting result in volatility of the housing labour for all the three agents:
We tend to see a "V’ shaped contours which shows that within the range of affordable Macro Prudential
policy values , there is a specific subset of policy values ( downpayment ratio of [0.8, 0.85] ) where the
volatility tends to be minimum and outside this sub range, the volatilities tend to increase. I assume this
result is due to the fact that an expected housing productivity shock (housing productivity shock has most of
the variance decomposition in housing sector’s labour of all agents ) result in an increase in housing stock
and a decrease in house prices. This leads to two way affect in agents especially Borrowers who drive the

housing economy: As houses act as collaterals, the decrease in house prices has two contradicting affects:

* Too little of downpayment ratio (around 10 percent) augmented with low house prices will make the
houses easily feasible to Borrowers and as a result these agents tend to supply more of labour to

increase the volatility of Borrowers housing sector labour

* Too much of downpayment ratio augmented with low house prices also has a similar affect on the
Borrowers: Houses acting as collaterals with low house prices, increase in downpayment ratio will
make the Borrowers to work more to invest in housing and this agin results in an increase in volatility

of Borrowers labour in housing sector.

As housing markets are flexible markets, we tend to see a very similar results from Hand to Mouth agents
and Savers in housing sectors’ labour. Most of the volatility in the housing sector is driven by the productiv-
ity shock in that sector and Borrowers being the main drivers of housing sector economy. As consumption
goods sector is rigid, we don’t see such results in the labour of Savers and Hand to Mouth agents. On Ag-
gregate labour for all agents, we tend to see the Macro prudential Policy is not as effective as the Monetary
policy. However, relatively Borrowers are the guys who have relatively high effect with change in Down-
payment ratio as Borrowers are the driving force of housing economy and houses acting as collaterals. Then
Hand to mouth agents’ aggregate labour is slightly affected by the downpayment ratio and Savers are the

the agents with high discount factors and are least affected by change in Macro Prudential policy.
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Figure 48: Volatility of labour choice variables

Labour of Hand to Mouth Agents:

From households labour perspective, we can assess which policy is effective in curbing the volatility of
the consumption of Hand to Mouth agents around the Benchmark Case. To do this, I look at the Absolute
change in Downpayment Ratio (Macro Prudential policy)which turns out to be 0.67 per 0.1 point change
in Taylor Rule parameter (Monetary Policy) to remain in the same contour of volatility at the benchmark
case, which shows that Monetary Policy is effective for curbing the volatility of the consumption of Hand

to Mouth agents around the Benchmark case.

Labour of Borrowers:

From Borrowers labour perspective, I tend to see Macro prudential policy has a very minimal effect on the
volatility of Borrowers labour. Even the effect of macro prudential policy is minimal, this effect is higher
than that on the Hand to mouth agents labour. To asses which policy is effective in curbing the volatility of
the consumption of Borrowers around the Benchmark Case, the Absolute change in Downpayment Ratio
(Macro Prudential policy) turns out to be 0.51 per 0.1 point change in Taylor Rule parameter (Monetary

Policy) to remain in the same contour of volatility at the benchmark case, which shows that Monetary Policy

When the system is subjected to expectation shocks on Rental returns, Monetary policy and technology shocks in both
consumption and housing sectors.

Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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is effective for curbing the volatility of the labour of Borrowers around the Benchmark case. Aggregate
Borrowers labour also has a similar trend of *V’ shaped contours like that in housing sectors’ labour. This
is due to the fact that Borrowers are the most affected agents of all the three agents with a change in
Downpayment ratio as houses act as collateral for these agents. We also see that the Macro prudential

policy would be very effective at Lower levels of downpayment ratio around 10 percent-15 percent.

Labour of Savers:

From Savers labour perspective, we also tend to see Macro prudential policy has a minimal effect (in fact
the least of all the three agents) on volatility of Savers labour. As we see in this case, Savers having high
discount factors, Taylor rule is the an even more effective policy than Macro Prudential policy to alter their

consumption volatility than that of other agents.
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Figure 49: Volatility of labour choice variables in each sector

3When the system is subjected to expectation shocks on Rental returns, Monetary policy and technology shocks in both
consumption and housing sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Housing

As we have seen above, the households labour volatilities are high and especially in housing sector, we
tend to see a "V’ shaped contours which also results in a similar "V’ shaped contours for housing output.
However, that is not the case for housing of agents. We don’t see a *V’ shaped patterns in housing stocks
and the volatilities are not as high as that of labour. This shows that agents are adjusting their labour more

rapidly than that of consumption and housing where they want to smooth their consumption.
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Figure 50: Volatility of Housing choice variables

Buy to Let Housing:

From Borrowers Buy to Let houses perspective, we can assess which policy is effective in curbing the
volatility of the Buy to Let housing stock around the Benchmark Case. To do this, I look at the Absolute
change in Downpayment Ratio (Macro Prudential policy)which turns out to be 2.23 per 0.1 point change in
Taylor Rule parameter (Monetary Policy) to remain in the same contour of volatility at the benchmark case,
which shows that Monetary Policy is highly effective for curbing the volatility of the housing of Hand to

Mouth agents around the Benchmark case.

“When the system is subjected to expectation shocks on Rental returns, Monetary policy and technology shocks in both
consumption and housing sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Borrowers Housing:

From Borrowers Aggregate housing perspective, we tend to see Macro prudential policy has a very minimal
effect on the volatility of Borrowers housing and this effect is also lower than that on the Hand to mouth
agents labour. This shows that the Macro prudential policy has some effect on the housing of Borrowers
where they live in H, — Hr. To asses which policy is effective in curbing the volatility of the Total housing
of Borrowers around the Benchmark Case, the Absolute change in Downpayment Ratio (Macro Prudential
policy) turns out to be 1.79 per 0.1 point change in Taylor Rule parameter (Monetary Policy) to remain
in the same contour of volatility at the benchmark case, which shows that Monetary Policy is still highly
effective (but not as highly effective as in Buy to Let housing) for curbing the volatility of the housing of
Borrowers around the Benchmark case.

Savers Housing:

From Savers perspective, we also tend to see Macro prudential policy has a low effect ( However, highest of
all the three agents) on volatility of Savers labour. To asses which policy is effective in curbing the volatility
of the Total housing of Savers around the Benchmark Case, the Absolute change in Downpayment Ratio
(Macro Prudential policy) turns out to be 0.92 per 0.1 point change in Taylor Rule parameter (Monetary
Policy) to remain in the same contour of volatility at the benchmark case, which shows that Monetary Policy
is still highly effective (but not as highly effective as in Buy to Let housing and for Borrowers) for curbing
the volatility of the consumption of Borrowers around the Benchmark case. As we have looked at some of
the choice variables of agents, now we look at volatilities of some of the other important variables such as

Inflation, Relative house prices and Rental prices.

Prices and Inflation

As we see agents adjust their labour more rapidly than that of consumption and housing services, we tend
to see a very stable volatilities in the economy with respect to the macro prudential policy (downpayment
ratio). As we have an expected monetary policy shock in the model. We expect to see Monetary policy is
very effective compared to that of Macro prudential policy in curbing the volatilities of prices and Inflation
of both housing and consumption sector and of course the volatility of interest rate. In fact for Interest rate,
relative house prices and Inflation in both housing and consumption sector, Macro prudential policy has no
effect or very minimal effect in curbing the volatilities. However, for rental prices volatility we tend to see
a very low effect of macro prudential policy, even though, Monetary policy is still effective in curbing the
volatility of Rental prices around the bench mark case, the Absolute change in Downpayment Ratio (Macro
Prudential policy) turns out to be 2.08 per 0.1 point change in Taylor Rule parameter (Monetary Policy) to
remain in the same contour of volatility at the benchmark case. Almost for all the variables including wages
of all the agents, we have seen Monetary policy to be more affective than Macro prudential policy. This is

to be expected as I have analyzed the system with Expected shocks and with an expected monetary shock.
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Figure 51: Volatility of loans
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Figure 52: Volatility of rent and wages

SWhen the system is subjected to expectation shocks on Rental returns, Monetary policy and technology shocks in both
consumption and housing sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Figure 53: Volatility of Inflation

4.4.13 Policy Analysis with Productivity Shocks

As we have seen in the previous section, Monetary policy is effective with almost all the variables and
most of the percentage of volatilities in all the variables stem from Expected Monetary shock. To rule out
the effects of expected shocks now we look at the policy analysis with only Technology shocks and cost
push shocks. In this analysis, I have also accounted for the steady state changes with a change in Monetary
policy by assessing the effect of policy on the aggregate output. This analysis can give us some good
insights which we will look now.

With no expected shocks including the Rental returns shock, we tend to see most of the volatility of

variables stem from both the productivity shocks. In this analysis, I try to look at
* Which shock contributes most to the volatility of the choice variable around the benchmark case?

* Which policy (Monetary or Macro Prudential) is better to curb the volatility of this variable around the
benchmark case of downpayment ratio being 20 percent of the house value and the Taylor parameter

on Inflation being 2.5 points?

SWhen the system is subjected to expectation shocks on Rental returns, Monetary policy and technology shocks in both
consumption and housing sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Borrowers

If we look at the overall picture of consumption, Borrowers consumption is more volatile than that of Savers
and Hand to Mouth agents. Most of the volatility in Borrowers consumption stems from the housing Pro-
ductivity tech shock, specifically around 70 percent of the Borrowers consumption volatility decomposition
stems from a positive productivity shock in housing sector. This is a result of Borrowers being the main
drivers of the housing economy. However, we do not see a similar trend in Aggregate housing stock volatil-
ity of Borrowers Hj. Most of the volatility around 64 percent of volatility in housing stock of Borrowers
stem from a positive technology shock in consumption sector. This shows that the Borrowers are frequently
adjusting their housing choices with greater magnitude than consumption choices when a positive consump-
tion technology shock happens and frequently adjusting their consumption choices with greater magnitude
than housing choices with a positive housing technology shock. This makes sense as for a case with positive
housing productivity shock, as explained in the Technology shocks section, as Borrowers observe a positive
technology shock to the housing market they expect the output to go up and the prices of the houses to
go down which decrease their collateral value. This decrease in collateral value puts off the Borrowers to
invest in their own housing H), decreases ( As housing as collateral plays a role in here) however they tend
to increase investment in BTL H, increases (As BTL is considered more as an Asset with Rents as Returns),
these two opposing factors in housing when the prices are low makes Borrowers to observe less volatility

in housing holdings, when a positive housing productivity shock occurs.

As for a positive consumption technology shock, the effect of price rigidity in consumption sector has
a strong affect here and firms cut their labour inputs demand and this results in moving of the Borrowers
labour from consumption good sector to housing goods sector (which have relatively flexible prices and
houses acting as assets) which results in increase of Borrowers labour in housing sector and increasing
the output in housing goods sector ¥, (We also observe most of the volatility in housing output around 80
percent stems from a positive technology shock in consumption sector). Borrowers additional income and
is invested into the housing stock H; resulting in an increase in the housing stock of Borrowers which in
turn also results in the increase in the BTL stock. This increase in stock of housing from Borrowers tend
to increase the volatility of housing from Borrowers. From labour choices perspective, Borrowers labour
volatility tends to stem from both the shocks in a relatively equal proportions. This is also a result of houses
acting as collaterals and assets with returns, Borrowers tend to adjust their labour choices more rapidly
no matter which shock they are experiencing. However, It is also important to mention that this volatility
of Borrowers labour is relatively higher than that of both Savers and Hand to Mouth agents around the
benchmark case. As expected, housing firms being more flexible and Borrowers being indifferent between
the shocks, volatility of wages for Borrowers tend to be higher in Positive housing technology shock (around
62 percent of the total volatility ) rather than in the positive consumption technology shock. Let’s look at
the second question, which policy is effective in curbing the volatility of the Borrowers choices given the

system is around the Benchmark case:
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Consumption of Borrowers:

From Borrowers consumption perspective, to asses which policy is effective in curbing the volatility of
the consumption of Borrowers around the Benchmark Case, the Absolute change in Downpayment Ratio
(Macro Prudential policy) turns out to be 0.016 per 0.1 point change in Taylor Rule parameter (Monetary
Policy) to remain in the same contour of volatility at the benchmark case, which shows that Macro Pruden-
tial Policy is effective for curbing the volatility of the consumption of Borrowers around the Benchmark

case. This result is completely different to the one we found in the above section with expected Monetary

shock.
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Figure 54: Volatility of Borrowers Consumption and Housing choices

Borrowers Housing:

From Borrowers Aggregate housing perspective, to asses which policy is effective in curbing the volatility
of the Total housing of Borrowers around the Benchmark Case, the Absolute change in Downpayment Ratio
(Macro Prudential policy) turns out to be 0.091 per 0.1 point change in Taylor Rule parameter (Monetary
Policy) to remain in the same contour of volatility at the benchmark case, which shows that again Macro
Prudential Policy is still highly effective for curbing the volatility of the housing of Borrowers around the

Benchmark case.
"When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing

sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Labour of Borrowers:

From Borrowers labour perspective, to asses which policy is effective in curbing the volatility of the labour
of Borrowers around the Benchmark Case, the Absolute change in Downpayment Ratio (Macro Prudential
policy) turns out to be 1.0714 per 0.1 point change in Taylor Rule parameter (Monetary Policy) to remain
in the same contour of volatility at the benchmark case, which shows that Monetary Policy is effective for
curbing the volatility of the labour of Borrowers around the Benchmark case. Aggregate Borrowers labour
also has a similar trend of "V’ shaped contours like that in housing sectors’ labour. This is due to the fact

that Borrowers are the most affected agents of all the three agents with a change in Downpayment ratio as

houses act as collateral for these agents.
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Figure 55: Volatility of Borrowers Labour and Wages

Wages of Borrowers:

From wages perspective, we observe an absolute change in Downpayment ratio to be 0.086 per 0.1 point
change in Taylor Rule parameter (Monetary Policy) to remain in the same contour of volatility at the bench-
mark case, which shows that Macro Prudential policy which regulates Downpayment ratio is effective for

curbing the volatility of the labour of Borrowers around the Benchmark case.

8When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing

sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Volatility Effective Policy to curb the volatility

Consumption of Borrowers Macro Prudential Policy
Borrowers Labour Monetary policy

Aggregate Housing of Borrowers Macro Prudential Policy

Wages of Borrowers Macro Prudential Policy

Table 4: Effective Policy for Borrowers

Hand to Mouth Agents

Hand to mouth agents consumption is more volatile than that of Savers and less volatile than that of Bor-
rowers. Most of the volatility in Hand to Mouth agents’ consumption stems from the consumption goods
Productivity tech shock, specifically around 64 percent of the Hand to Mouth agent’s consumption volatility
decomposition stems from a positive productivity shock in consumption goods sector. We also see a similar
trend in Buy to Let housing stock volatility H,. Most of the volatility around 65 percent of volatility in Buy
to Let housing stock stem from a positive technology shock in consumption sector. This shows that most of
the volatility in the Hand to Mouth agent choice variables stems from a positive technology shock in con-
sumption goods sector. For a case with positive housing productivity shock, as explained in the Technology
shocks section, there is an incentive for Borrowers and Savers to supply more of labour and to have more of
disposable income so that they can invest in houses and loans respectively. Hence these two agents provide
even more labour to the consumption firms sector which results in an increase in labour of Borrowers and
Savers. However, Hand to mouth agents doesn’t have any incentives, they tend to reduce their labour in
the consumption sector which result in a relatively low volatility of Hand to mouth agents labour, which in
turn result in a relatively low volatilities of Hand to mouth agents’ consumption and wages with a positive
housing technology shock. Let’s look at the analysis of which policy is effective in curbing the volatility of

the Hand to Mouth agents choices given the system is around the Benchmark case:

Consumption of Hand to Mouth agents:

From Hand to mouth agents’ consumption perspective, to asses which policy is effective in curbing the
volatility of the consumption of hand to mouth agents around the Benchmark Case, the Absolute change in
Downpayment Ratio (Macro Prudential policy) turns out to be 0.085 per 0.1 point change in Taylor Rule
parameter (Monetary Policy) to remain in the same contour of volatility at the benchmark case, which shows
that Macro Prudential Policy is effective for curbing the volatility of the consumption of Hand to Mouth
agents around the Benchmark case. This result is completely different to the one we found in the above

section with expected Monetary shock.
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Consumption Renters at benchmark case
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Figure 56: Volatility of Hand to Mouth agents Consumption and Housing choices

Buy to Let Housing:

From Buy to let housing perspective, to asses which policy is effective in curbing the volatility of the Buy
to let housing around the Benchmark Case, the Absolute change in Downpayment Ratio (Macro Prudential
policy) turns out to be 0.09 per 0.1 point change in Taylor Rule parameter (Monetary Policy) to remain
in the same contour of volatility at the benchmark case, which shows that again Macro Prudential Policy
is slightly more effective for curbing the volatility of the housing of Hand to mouth agents around the

Benchmark case.

Labour of Hand to mouth agents:
From Hand to mouth agents’ labour perspective, to asses which policy is effective in curbing the volatility
of the labour of Hand to mouth agents’ around the Benchmark Case, the Absolute change in Downpayment
Ratio (Macro Prudential policy) turns out to be 0.09 per 0.1 point change in Taylor Rule parameter (Mon-
etary Policy) to remain in the same contour of volatility at the benchmark case, which still shows that the
Macro prudential Policy is effective for curbing the volatility of the labour of Hand to mouth agents around
the Benchmark case. This result is different to that of the volatility of Borrower’s labour. Overall, Macro

When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing

sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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prudential policy is more effective than the Monetary policy in curbing the volatility of these hand to mouth
agents. As these agents are completely credit constrained, Macro prudential policy being more effective

makes sense.
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Figure 57: Volatility of Hand to Mouth agents Labour and Wages

10

Wages of Hand to mouth agents:
From wages perspective, we observe an absolute change in Downpayment ratio to be 0.074 per 0.1 point
change in Taylor Rule parameter (Monetary Policy) to remain in the same contour of volatility at the bench-

mark case, which shows that Macro Prudential policy which regulates Downpayment ratio is effective for

curbing the volatility of the labour of Borrowers around the Benchmark case.

1%When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing

sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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| Volatility | Effective Policy to curb the volatility

Consumption of Hand to Mouth Agents Macro Prudential Policy
Hand to Mouth Agents Labour Macro Prudential Policy
Buy to Let Housing stock Macro Prudential Policy
Wages of Hand to Mouth Agents Macro Prudential Policy

Table 5: Effective Policy for hand to Mouth Agents

Savers

As Savers have high discount factors and are not collaterally constrained, these agents consumption is the
least volatile among all the three agents. Their consumption volatility tends to stem from both the shocks in
arelatively equal proportions. This is also a result of Savers having high discount factors and tend to smooth
their consumption no matter which shock they are experiencing. However, we do not see a similar trend
in Aggregate housing stock volatility of Savers Hy. Most of the volatility around 63 percent of volatility in
housing stock of Savers stem from a positive technology shock in consumption sector. This result is very
similar to that of Borrowers housing volatility. This shows that the Savers are frequently adjusting their
housing choices with greater magnitude when a positive consumption technology shock happens. As for
a positive consumption technology shock, the effect of price rigidity in consumption sector has a strong
affect here and firms cut their labour inputs demand and this results in moving of the Savers labour from
consumption good sector to housing goods sector (which have relatively flexible prices and houses acting
as assets ) which results in increase of Savers labour in housing sector and increasing the output in housing
goods sector Y;, (We also observe most of the volatility in housing output around 80 percent stems from a
positive technology shock in consumption sector). From labour choices perspective, housing firms being
more flexible than the consumption goods sector most of the Savers labour volatility tends to stem from
positive housing technology shock.

Let’s look at the analysis of which policy is effective in curbing the volatility of the Savers choices given

the system is around the Benchmark case:

Consumption of Savers:

From Savers consumption perspective, to asses which policy is effective in curbing the volatility of the
consumption of Savers around the Benchmark Case, the Absolute change in Downpayment Ratio (Macro
Prudential policy) turns out to be 0.38 per 0.1 point change in Taylor Rule parameter (Monetary Policy)
to remain in the same contour of volatility at the benchmark case, which shows that Monetary Policy is
effective for curbing the volatility of the consumption of Savers around the Benchmark case. This result is

the same as the one we found in the above section with expected Monetary shock.
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Consumption Savers at benchmark case
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Figure 58: Volatility of Savers Consumption and Housing choices

11

Savers Housing:

From Savers housing perspective, to asses which policy is effective in curbing the volatility of the Total
housing of Savers around the Benchmark Case, the Absolute change in Downpayment Ratio (Macro Pru-
dential policy) turns out to be 0.094 per 0.1 point change in Taylor Rule parameter (Monetary Policy) to
remain in the same contour of volatility at the benchmark case, which shows that again Macro Prudential

Policy is still effective for curbing the volatility of the housing of Savers around the Benchmark case.

Labour of Savers:

From Savers labour perspective, to asses which policy is effective in curbing the volatility of the labour of
Savers around the Benchmark Case, the Absolute change in Downpayment Ratio (Macro Prudential policy)
turns out to be 0.94 per 0.1 point change in Taylor Rule parameter (Monetary Policy) to remain in the
same contour of volatility at the benchmark case, which shows that Monetary Policy is effective for curbing
the volatility of the labour of Savers around the Benchmark case. In terms of curbing the volatilities of the
Savers choices, Monetary policy seems to be more effective than the macro prudential policy. As Borrowers

""'When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing

sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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and Savers are the agents who provide and acquire loans, compared to hand to mouth agents, Borrowers
and Savers are more affected by the Monetary policy.
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Figure 59: Volatility of Savers Labour and Wages
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Wages of Savers:

From wages perspective, we observe an absolute change in Downpayment ratio to be 0.28 per 0.1 point
change in Taylor Rule parameter (Monetary Policy) to remain in the same contour of volatility at the bench-

mark case, which shows that agin Monetary policy is effective for curbing the volatility of the labour of

Savers around the Benchmark case.

| Volatility | Effective Policy to curb the volatility
Consumption of Savers Monetary policy
Savers Labour Monetary policy
Housing stock of Savers Macro Prudential Policy
Wages of Savers Monetary policy

Table 6: Effective Policy for Savers

2When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing
sectors.

Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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4.4.14 Prices and Inflation

Unlike the ineffectiveness of macro prudential policy in the previous model with augmented expected
shocks of Monetary policy and Rental returns, a Buy to Let market with technology shocks tend to have
Macro prudential policy which regulates Downpayment ratio as a better policy and effective in curbing the
volatility of most of the choice variables of the agents. Now we will look at the other important variables
of prices and Inflation below. With positive consumption technology shock, we have seen that volatility of
Aggregate Borrowers housing stock and Buy to Let housing stock tends to be higher. This high volatilities
in housing stock also leads to the the rental rate having most fraction of the volatility from the consumption
technology shock (Around 65 percent). The rents seems to be very highly volatile with higher downpay-
ment ratios. To asses which policy is effective in curbing the volatility of the rents around the Benchmark
Case, the Absolute change in Downpayment Ratio (Macro Prudential policy) turns out to be 0.09 per 0.1
point change in Taylor Rule parameter (Monetary Policy) to remain in the same contour of volatility at
the benchmark case, which shows that Macro Prudential Policy is effective for curbing the volatility of the
housing of Savers around the Benchmark case. Looking at the Inflation’s volatility. we tend to see the
inflation volatility stems from both the shocks in a equal proportions. However, the housing inflation tends
to stem most of it’s volatility from housing productivity shock. Let’s look at which policy is better to curb
the Inflation around the benchmark case: as expected we tend to observe that the Monetary policy will be
more effective in altering the volatility of inflation around the steady state. As for housing inflation, Macro

prudential policy doesn’t seems to have any affect on changing the volatility around the Benchmark model.
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Figure 60: Volatility of Loans and Interest Rate
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3When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing
sectors. Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Figure 61: Volatility of Inflation

14
| Volatility | Effective Policy to curb the volatility
Loans Macro Prudential Policy
Interest Rate Monetary policy
Inflation Monetary policy
Housing Inflation Monetary policy

Table 7: Effective Policy to curb Loans and Inflation

The interesting result in this case is Monetary policy is very effective in curbing the volatility of Relative
house price volatility even with the case of augmented monetary policy. Even though we see Macro pru-
dential policy to be very effective in some of the choice variables of Hand to mouth agents and Borrowers,
Monetary policy is very effective in terms of curbing the house price volatility. To asses which policy is
effective in curbing the volatility of the house prices around the Benchmark Case, the Absolute change in
Downpayment Ratio (Macro Prudential policy) turns out to be 14.59 per 0.1 point change in Taylor Rule pa-
rameter (Monetary Policy) to remain in the same contour of volatility at the benchmark case, which shows
that Monetary policy is the highly effective and Macro Prudential Policy is highly ineffective for curbing

the volatility of the housing of Savers around the Benchmark case.

“When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing
sectors.

Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Another interesting result is as for the interest rate we see almost all of it’s volatility (around 93 percent)
stems from a housing productivity shock. That is when we tend to see a surge in housing production. The
interest rates tend to be highly volatile. and in terms to curbing the volatility of interest rate, Monetary policy
tends to be slightly more effective than that of the Macro prudential policy. From loans perspective, to asses
which policy is effective in curbing the volatility of the loans around the Benchmark Case, the Absolute
change in Downpayment Ratio (Macro Prudential policy) turns out to be 0.074 per 0.1 point change in
Taylor Rule parameter (Monetary Policy) to remain in the same contour of volatility at the benchmark case,
which shows that Macro Prudential Policy is effective for curbing the volatility of the loans around the
Benchmark case.

However, in terms of volatilities of both consumption and housing output, Monetary policy tends to be

more effective than that of the macro prudential policy around the benchmark case.
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Figure 62: Volatility of Rents and House prices
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SWhen the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing

sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Consumption Output Consumption Output at benchmark case
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Figure 63: Volatility of Outputs
16
Volatility Effective Policy to curb the volatility
Rents Macro Prudential Policy

Relative House price Monetary policy

Housing output Monetary policy
Consumption output Monetary policy

Table 8: Effective Policy to curb Prices and Output

4.4.15 Welfare Analysis

We have seen some of the important variables and their volatiles in the above sections. now let’s look at the
volatility of welfare of all the agents with only productivity shocks. To calculate the welfare, I have included
the Bellman equation of welfare for all the agents in the economy; see Bellman (1952). In particular, the
welfare is measured simply as present discounted value of the flow of utility for all the three agents of hand

to mouth, Borrowers and Savers respectively.

WP =E Y BU(Cl.(H]),N)
=0

1When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing
sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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The recursive equation on welfare is then used to calculate the unconditional welfare of the each respec-
tive representative household. As in the first order approximation of our model, the steady state values and
the expected values of the variables are similar. It is imperative for us to use the second order approxima-
tion of our model to get the welfare analysis. A higher order approximation can also come in handy when
wanting to evaluate the effects of policy rule coefficients (e.g. a Taylor rule for monetary policy) which
have no effect on the steady state. The set of recursive Bellman equations can be written as follows (see
also Sims et al (2014)):

WP =uU (C!,(H),N')+BE (W} (145)
Wb —U (cf, (Hf —H[) ,Nf) +BE, {Wt’;l} (146)
WS =U(C,(H),Nf)+ 6E {W’,, (147)

For a benchmark case of downpayment ratio being 20 percent of the house value and the Taylor pa-
rameter on Inflation being 2.5 points, the volatility of welfare calculated using the above Bellman equation
are as 5.6, 46.33 and 16.4 respectively for Hand to mouth agents, Borrowers and Savers. This shows that
Borrowers who are the main stake of Buy to Let markets welfare has been subjected to the most volatility

under the productivity shocks.

Borrowers

Let’s start with Borrowers as these are the main focus point of the economy. From Borrowers perspective,
we see the volatility of their welfare at the benchmark case of downpayment ratio being 20 percent of
the house value and the Taylor parameter on Inflation being 2.5 points is about 46.33. Their welfare is
highly volatile compared to that of other two agents. Another important result is with a constant Taylor rule
parameter of 2.5 (Ceteris paribus) Borrowers volatility is high and tends to increase within a specific range
of downpayment ratio of [0.79 0.82] and the volatility decreases outside this range of downpayment ratio.
Specifically we tend to see a peak welfare volatility within a downpayment ratio range of [0.79 0.82]. We
can attribute such kind of results to housing acting as collaterals and as assets. We can say that Borrowers
tend to invest a lot in housing with a decrease in consumption within this range of Downpayment ratio as

the few important factors of housing counteract with each other perfectly within this range.

* Flexible prices in housing sector and rigid prices in consumption sector: Flexible prices in the market
allows agents to consume more of housing services than the rigid markets and this results in an

incentive for households to supply more labour in housing market. Which again we expect to see
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most of the Borrowers welfare volatility stemming from positive housing technology shock which

turns out to be around 65 percent.

* Collateral Constraint: Houses act as collaterals for Borrowers in the economy and they indirectly
affect Savers who provide loans to the Borrowers. With a positive housing technology shock and a
very high downpayment ratio, Borrowers do not want to invest in housing and hence their volatility in

welfare decreases, as agents tend to smooth their consumption of perishable goods, housing services

and labour. On the other hand,

* Houses also act as assets: Borrowers perceive houses as assets where they get returns from BTL
market. A positive housing shock and a low downpayment ratio again leads to a low volatility of

Borrowers welfare as they can have more returns from the Returns in assets

Weltare Borrowers at benchmark case
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Figure 64: Volatility of Borrowers Welfare
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In terms of curbing the volatilities of the Borrowers Welfare, Monetary policy seems to be more effective
than the macro prudential policy. We observe an absolute change in Downpayment ratio to be 0.29 per 0.1
point change in Taylor Rule parameter (Monetary Policy) to remain in the same contour of volatility at

the benchmark case, which shows that agin Monetary policy is effective for curbing the volatility of the

Borrowers welfare around the Benchmark case.

7"When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing

sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Savers

From Savers perspective, we see the volatility of their welfare at the benchmark case of downpayment ratio
being 20 percent of the house value and the Taylor parameter on Inflation being 2.5 points is about 16.4.
Their welfare is highly volatile compared to that of Hand to mouth agents and less volatile than that of
Borrowers. We tend to see a very similar results to that of Borrowers welfare, with a constant Taylor rule
parameter of 2.5 (Ceteris paribus) Borrowers volatility is high and tends to increase within a specific range
of downpayment ratio and the volatility decreases outside this range of downpayment ratio. Specifically we
tend to see a peak welfare volatility within a downpayment ratio range. In terms of curbing the volatilities
of the Borrowers Welfare, Monetary policy seems to be more effective than the macro prudential policy. We
observe an absolute change in Downpayment ratio to be 1.35 per 0.1 point change in Taylor Rule parameter
(Monetary Policy) to remain in the same contour of volatility at the benchmark case, which shows that
agin Monetary policy is very highly effective for curbing the volatility of the Savers welfare around the

Benchmark case.

Weltare Savers at benchmark case
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Figure 65: Volatility of Savers Welfare
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8When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing
sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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Hand to Mouth Agents

From hand to mouth agents perspective, we see the volatility of their welfare at the benchmark case of
downpayment ratio being 20 percent of the house value and the Taylor parameter on Inflation being 2.5
points is about 5.6. Their welfare is the least volatile of all the agents. We do not tend to see a similar
results to that of Borrowers and Savers welfare, with a constant Taylor rule parameter of 2.5 (Ceteris paribus)
Borrowers volatility is high and tends to increase with a n increase in downpayment ratio. From hand to
mouth agents perspective, having a low downpayment ratio is good for curbing their welfare volatility. In
terms of curbing the volatilities of the Hand to mouth agents Welfare, Monetary policy seems to be slightly
more effective than the macro prudential policy. In fact, both the policies are equally efficient in affecting
the volatility of hand to mouth agents which shows that Hand to mouth agents are indifferent. We observe an
absolute change in Downpayment ratio to be 0.13 per 0.1 point change in Taylor Rule parameter (Monetary
Policy) to remain in the same contour of volatility at the benchmark case, which shows that agin Monetary
policy is slightly highly effective for curbing the volatility of the hand to mouth agents welfare around the

Benchmark case.

Welfare Renters at benchmark case

Welfare Renters

2
604y

yp09'S

Figure 66: Volatility of Hand to Mouth agents Welfare
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19When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing
sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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4.4.16 Aggregate Welfare

The volatility of agents aggregate welfare at the benchmark case of downpayment ratio being 20 percent of
the house value and the Taylor parameter on Inflation being 2.5 points is about 16.4, most of it stemming
from Borrowers. In terms of curbing the volatilities of the Aggregate Welfare, Macro prudential policy
seems to be highly effective than the monetary policy. We observe an absolute change in Downpayment
ratio to be 0.06 per 0.1 point change in Taylor Rule parameter (Monetary Policy) to remain in the same
contour of volatility at the benchmark case. One interesting result is most of the volatilities for all the

agents welfare stems from a positive housing productivity technology shock.

Aggregate Welfare at benchmark case
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Figure 67: Volatility of Aggregate Welfare
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4.5 Conclusion

This chapter is devoted to analyze how the markets behave in perspective of a CES Utility between con-
sumption and housing choices. It aims to understand how the Buy to let markets and housing wealth evolve
for all the agents with positive productivity shocks in both the firm sectors. On top of that I also analyze
interesting scenarios of how the markets behave with Expectation shocks on Rental returns and productiv-

ity shocks and how agents behave when the news is out, before the shock is realized and after the shock is

20When the system is subjected to only technology shocks and Inverse cost push shocks in both consumption and housing

sectors.
Considering the Inflation Coefficient on Taylor rule on Y axis and (1-Downpayment ratio) on X axis.
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realized. I use this framework to analyze which policy out of the Macro prudential and Monetary policy is
better to curb the volatility of the economic variables. I have also found that the volatility stemmed from
the Monetary policy shock is substantially high (Std. Deviation of the housing output is 0.1067) on housing
output compared to that of the consumption goods output (Std. Deviation of the consumption goods out-
put is 0.0070). I find that the labour markets play a pivotal role in most of the dynamics. With a positive
technology shock in consumption goods sector, disposable income increase for all the three agents and are
better off in consumption, Borrowers tend to invest in housing and Savers tend to supply more loans with
decrease in housing stock of Savers. With a positive technology shock in housing goods sector, disposable
income increase for all the three agents. However, when the shock was just realized Hand to mouth agents
are better off in consumption and housing and the other two agents are worse off. I also find that houses
acting as collateral and also source of returns has two opposing affects in Borrowers choices of housing.
Borrowers are the driving force in the housing markets. I also find that in curbing the volatility of Hand
to Mouth agents markets, Monetary policy is the only effective policy and Macro prudential policy which
regulates Downpayment ratio has no effect over their choice variables. However, Macro prudential policy
is more effective in both the Borrowers and Savers volatilities of choice variables. With a News shock in
Monetary policy, we tend to observe that the economy volatility is only affected by the Monetary policy

with no affect from Macro Prudential policy.
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S An Empirical Bayesian Estimation of Housing Markets

5.1 Introduction

In this chapter, I estimate the model using Bayesian techniques. The model is slightly modified to improve
its empirical properties. In particular, I introduce habit persistence and inflation inertia. Constantinides
et al. (1990), Abel (1990) and Boldrin et al., 2001 suggested that adding habits to a real business cycle
framework can help in explaining the joint behavior of consumption and asset prices. There has been a
lot of literature on the housing and non housing multi sector models, Greenwood and Hercowitz (1991),
Benhabib, Rogerson, and Wright (1991), Davis and Heathcote (2007) and Fisher (2007) are such examples.
However, these models are subjected to calibrated parameters and a very few in the literature have estimated
those parameters with such multi sector economies see eg., Lee, Song (2014) who analyzes the role of
housing in the Korean business cycles in an empirical model. Funkea, Kirkbyb and Mihaylovski (2018)
has incorporated the multi sector economy of housing and using DSGE models and Bayesian estimation
shown that the monetary policy has large spillover effects on house prices in New Zealand. Other example
of incorporating multi sector housing economy and empirical techniques is Eric C.Y. Ng (2015), in the
context of housing market in China, he suggested that housing preference shocks drove more than one-third
of the volatility of housing prices and about 12 to 30 percent of the house price variance is explained by
the monetary shocks in his empirical model. However, one of the most prominent and the motivation of
this chapter is Iacoviello and Neri (2010) in which the authors have estimated the model with US housing
markets with technology and monetary shock. They also empirically suggested the similar result which
we have obtained in the last chapter that monetary factors played a huge role in the housing output cycles.
Similar to that of Iacoviello and Neri (2010) the analysis combines key elements of developing a multi-
sector structure with housing and non housing goods, nominal rigidities in the consumption firms sector
and a rich set of shocks which include the sectoral heterogenous cost push and technology shocks to both
consumption and housing goods. I have also included the monetary shock, habit persistence shock and the

rental returns shock in the analysis.

5.2 The Theoretical Model with Internal Habit Persistence

Even though there is a small literature on no evidence of habit formation especially with panel data from
households Dynan (2000), most of the literature argues for habit formation in the agents utility and this helps
in the better fit of models. Christiano, Eichenbaum and Evans (2005) suggested that agents in the DSGE
models should be subjected to habit formation in their utility and this causes the model to be able to generate
a hump-shaped response of consumption to various shocks. This is due to the reasoning that changes in the
consumption become costly for agents due to being subjected to habit formation in consumption, thereby
inducing smoothness in such dynamics see Kano & Nason, 2014. Smets and Wouters (2007) and Adolfson
et. al. (2007) also confirm that introduction of habit formation in a DSGE model is clearly favored by the
data. In fact there is quite a lot of literature on the importance of habit formation in explaining the data see.

eg., Aylin Seckin(2000), In this section, I will be having a very similar structure of sectoral heterogeneity
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as the previous models. In particular, I would like to estimate a DSGE model when agents are subjected
to a CES Utility which addresses the additive separability between consumption basket and labour choices.
Same as above models, the model will include three different types of household agents. First, there will
be poor ‘hand-to-mouth’ households who work and rent the houses; second, there will be rich households
who are able to smooth their consumption over time, they are Savers in this and provide funds to the other
households, who can borrow and lastly there will be Borrowers who are credit-constrained but still can
borrow under suitable collateral. However, all of these hand to mouth agents, Borrowers and Savers are
subjected to internal habits. As suggested by Boldrin et al., 2001, such agents with internal Habit formation
(as opposed to the external habit formation) and a favorable risk aversion resulted in agents not subjected to
“catching-up-with-the-joneses” phenomenon. Such internal habit persistence requires the utility function
to be time separable and hence the reason for the habit formation in the consumption basket of the agent’s
utility. The model will include financial intermediaries (FI) which has a minimal role of pooling the loans
from the Savers and providing them to the Borrowers. In addition, there will be a Central Bank and the
central bank will be responsible for monetary and macro-prudential policy aiming to reduce house price

volatility. I also include two types of firms which will produce consumption goods and housing goods.

5.2.1 Hand-to-mouth workers

Hand to Mouth workers are completely credit constrained, they do not have suitable collateral for borrowing
from the bankers. Each of these households will consume, supply labour and rents a house and gains
utility from the house they rent, and consumption. I assume these households couldn’t save and the budget
constraint can be as follows:

Budget Constraint (Nominal terms):

P.,C’ +HI Q) = N'W}! +T,,

where Qf rental price of the house,P, ; is the given price of the consumption goods, H/ rented house,
C? consumption of the representative household, N/ production labour from Hand-to-Mouth workers. W,”
represent the wage rate. These households will earn the labour from providing the labour and will spend all
of it on consumption and rent.

A typical Hand-to-Mouth household consumes both the consumption services and the housing services.
I also assume that the wage depends only on the type of labour, not on the type of firm. The utility of these
households is as follows:

Utility :

o)

pap B
max ) YU | X; ,N,,A—
t

N HI (=)

where X/ is the habit subjected consumption basket for the agents, H/ denotes the housing services

from which these households incur the utility, typically assumed to be the roof under which the household
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survives. This roof under housing services would be the rented house for hand to mouth agents. N/ denotes
the combined labour supplied by these households for the two types of firms due to the assumption that the
wage depends only on the type of labour, not on the type of firm. Where p is the elasticity of substitution
between housing and consumption goods and « reacts the degree of inter-temporal substitutability.

Such agents are also subjected to internal habit formation only in the consumption of these agents as

the literature suggests that there is no evidence of habit formation in the housing from the agents lacoviello
and Neri (2010).
XOP = Cp CAggp
A AL

where C? denotes the consumption of hand to mouth agents in time period “t” and C.%¢” is the aggregate

consumption of all the other households in the same sector of agents and @ is the habit parameter which
characterizes the household preference by a habit formation. At the start of the period, hand to mouth
households problem is to choose an optimal plan of consumption C?, labour N/, housing of hand to mouth

agents which is essentially a rented housing H; .

1-o
1 1 o1\ T 1 1+
U Cp NP Hr e ) € 1 ! o | 1o —_—— (N7
Iz’?%tzﬁ t 4Vt n[}a;(rz’)/ -6 <a +< a) . 1+¢( t)
where

subject to nominal budget constraint

for X; = A , we have the budget constraint to be:

PCJC:IP + Qtrl'jtr = thW;[p + T;J

By maximizing the utility subject to the budget constraint of the hand to mouth agents leads us to the
new optimal conditions. We obtain the consumption leisure decision, Inter temporal choice and optimal

consumption. These agents will only consume as they are assumed to not save.

consumption leisure decision

(NF)? =

(a(7)1F 51— () l—sy‘—l] (D)@ am



Inter temporal choice and

optimal consumption
Cl =N/wl +t,,—Hlq/ (150)

5.2.2 Borrowers

Borrowers are the central focus of the model where I have two types of Borrowers: Buy-to-Let Borrowers
and Owned house Borrowers.These households can borrow under collateral normally I assumed that houses
act as their collateral, borrow money from the banks in terms of loans to invest in the either owned housing
or Buy-to-Let housing. The housing can also be divisible and part of the house is owner occupied and also
other part of it is rented to other sector of hand-to-mouth households. These households Budget constraint

can be thought of as follows:

PesCl+ QNHY — (1= 8)HE )+ Ry aDiy = H Q) +N'W) + D + Ty,

where Ctb denotes the consumption of the final consumer service from the Borrowers sector, P, is the
given price of the consumption goods, Qfl price of the house at time ¢, H/ rented house to the Borrowers
sector, Q) being the rental rate of the let house at time ¢, H,b total house , rented and owner occupied and also
depreciates at the rate 9, Df one period nominal debt from the bank at the end of period # provided to the
housing Borrowers sector and R;_1 4 is nominal debt lending rate of loan. In particular all the expenditures
and investment form the Borrowers will be equal to their gains.

Let us denote H; ,Owner occupied part of the house:

HY = H? — H];

for X; = %, we have the budget constraint to be:

~ ~ =1 =1 . ~ o~
PesC7+ O (HY = (1= 8)H =)+ Riy oD — = HI Q[+ NYW + D 4T,
t t

169



where the technology growth rate is given as:

Ay

2t

These households gain utility from the under roof housing services H’ = H” — H!", consumption service
CP and the leisure 1 — N”. The typical utility for these households is as follows:
Utility

[o5)

1
max  Eof') o

l1-o
1 _ ~ N 1 1+¢
(aXtC,bl—ﬁ + (1 _a) (th _H;’) 1 ﬁ) 17% — (Ntb)
Cvath—Itvaler;) t=0 1 o

where

X = (ch-wcl ).

Note that I include owner-occupied housing H® = H” — H/ in utility, not the rental house, as I treat
utility of housing as being under the roof.

I also assume the Borrowers are under some collateral constraints, where the maximum amount of the
combined loan and repayment on the loans they borrow should be only less than or equal to the fraction
of the house which I assume will be determined by the central bank. I also assume that the these fractions
are sector dependent. In particular the fractions of houses will differ between the Buy-to-Let and Owned

housing Borrowers sector. The collateral constraint can be thought of as follows:

Rt,ng7 < .UQilth

for X; = %, we have the collateral constraint to be:

Rt,thb < .UQ?th

u = (1 — downpayment) means the central bank imposes a constraint on the maximum credit amount
which this sector of households can get. Hence these are not fully credit unconstrained.

The Borrowers households problem is to choose C?, N’ H? | H", D? by maximizing Utility subject to the
borrowing constraint and the collateral constraints. Consider a binding borrowing and collateral constraints
and forming the Lagrangian L, with &, ¥, being the Lagrange multipliers for budget constraint and collateral
constraint respectively we have:

Lagrangian
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where the Borrowers are subjected to the internal habit formation as well.

X = (é}’ — a)Ct571> .

The for x; = % the optimal conditions are as follows:

We obtain the consumption leisure decision, the interpretation of this equation is that the marginal
rate of substitution between leisure (1 — N) and consumption is to equate with the relative price of leisure
1.e., the wages. This equation also gives us the average marginal productivity of labour. However, with
an assumption of monopolistically competitive intermediate firms, the average marginal productivity of
labour will be less than that of the social planner’s problem and hence leads to a distortion. In particular, a
presence of markup in the firms leads to an allocation distortion in the economy. This optimality condition
is no different to that of the previous model apart from the fact that instead of just the consumption of
Borrowers, the consumption basket subjected to the internal habit formation is now affecting the labour
decision which makes this as a consumption basket with internal habit formation and the leisure decision

optimality condition.

1 - N L\ -0
(Nis)* (aXf’bIT +(1—a) (H}’—H;) 17) 1):]

(axf-"”*% +(1—a) (ﬁ;’ —H,r) 1*%) ”11] a (1 . %) (Xf’b>‘l) (151)

We also tend to see similar optimality conditions as in the previous models apart from the habit formation.

:Wz,t
P
p—1
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(154)
Inter temporal choices
1 1
0= [Pc7t§t] - [Pqt"Pz] Rt70 - ﬁ [Pc,t+1§t+l] Rt,d 1+ o Zt? (155)
Budget Constraint
Sror - ~ ~ ~ h ~b E 1 ~ 1 1
0=H/q; +NpWp; +dia+1tp; —Cps —qf (H — (1 =8)H} | —) —Ri_1 adi—1 4 — (156)
2t 1+ T 2t
Collateral Constraint
0 = ugHy; — Ri ads g (157)

where the technology growth rate is given as:

A

3t

and 1 + m; is the gross inflation which we obtained from the basic Inflation definition:
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901, = %change in the price levels between two periods=- PtI_J’l L = PtPi =1+m

5.2.3 Savers

Savers consumes, supply labour inelastically and also save. They supply funds to the financial intermedi-
aries and let the banks to circulate their money in terms of Credit.
I also assume the discount factor for this sector is high than the previous sector’s and I denote it with 0

as this sector of agents tend to save money.

0.99=6 > =0.985

for X; = A , we have the budget constraint of Savers as:

- - 1 1
Pc,zCs,t‘f‘Q?(Hs,t—(l—S)Hst 1— >+le—NleYI+Rt lsBst 1 ‘|‘Tsz

3t

The deposits from the working representatives of the saver’s household are one-period bonds that pay
with the return R, from t — 1 to t. Let B, be the debt the saver’s household acquires, all profits are
expropriated by the government and redistributed as transfers 7y;. The Savers households gain utility from
the under roof housing services Hy;, consumption service C, and the leisure N;,. The typical utility for
these households is as follows:

The Saver’s household discounted Utility is as :

t S c,s
max  Ey) 0'U*(X/",Ny, Hs,)
CS,[ >Ns,t >HS,I 7BS,t =0

1

= a1+
e

= max B;EOZ 0| ——

| 1-o
s1—1 sel—1N\ 1T
(aXf‘S P+ (1—a)H’ P)‘ p —
C?7NIJ/H1‘37 t t=0 1_6

where

Cf $8 is the aggregate consumption of all the households in the same sector of agents
The Savers households problem is to choose C;,N;,Hs,,Bs; by maximizing utility subject to the
budget constraint . Forming the Lagrangian L, we have:

Lagrangian

> : - - ~ 1 . ~ - ~ 1 -
L=E, Z 0'U* (X,C’S>Ns,t,Hs,t) + A [Ny Ws s +Ri—1 5B 1 - + T —FPe i Cop— Qfl (Hy;—(1—0)Hy ;-1 Z_) —By,]

t=0 1 t
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For x; = %, solving the above maximization problem gives us the labour supply of Savers in both the

firm sectors:

(Ns,t>¢ = V‘;f

v
1 ~ 11
(a (IC’SIiﬁ (1 a)Hs,t1 p) lp]

P
p—1

The housing demand from the Savers will also be obtained as

1
P c,sl 1=L1\ p=1 1
p—1 <aX ¢+ (1—a) (Hyy) )” ](1—a)(1—_) (H,,)
h I 1
— [Pesi] (qt) + 0 [Perr1441] (qtﬂ(l — 6)—>
t+1
Lagrange Multiplier
. 1-©
1 ~
Feidy = (aXf’“7+(1—a)H“ ,,>1;,]

Inter temporal decisions from the Savers:

Ry 1

PcJ)Lr =0 [PCJ—FIA’[—FI] 1 Tt i
1 t

and the budget constraint:

R, 151 ~ - ~ 1 ~
== —Cyy— ) (Hy — (1— 8)Hyy—1—) — by,

0= Ny Wiy +1lo+ by —
s, tWsit st st 11—|—7'L', % Zt
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where the technology growth rate is given as:

r =
A

5.2.4 Firms

I have two sectors in the production economy one of which produces housing services and the other con-
sumption goods. In one of the sectors (consumption sector) a competitive final good producer demand and
purchase y¢ (i) units of intermediate goods. where ¢ represents the firm’s production sector whereas in here
is Non durable consumption goods c. Also Each type of labour N; ;,, N; 5, N; s works for both housing sector
and consumption sector which I will denote by N;,‘J,NZJ,N?J for housing and N, ,,
at time ¢ from all the three types of households. All the intermediate goods firms will hire labour from the

Ny, Ng, for consumption
perfectly competitive market.

5.2.5 Final Housing goods Side of the Production Economy

I model the production of the final good of housing via a single stand in aggregate firm that produces

according to the production technology:

e—1

1
vh = /yf‘a)‘%‘di
0

Where Y/* denotes the final goods of housing sector, y"(i) denotes the ith intermediate input, € is the
elasticity of substitution between the intermediate goods. Notice that as € — oo, the intermediate input
goods become perfectly substitutable and to avoid this I assume it to be finite.

The final good firms acquires the intermediate goods from the intermediate produces and make it into a
single final product and sells it to the households in the economy. Also the final producers doesn’t have any
control over the prices, and they take the prices QF, Q/(i) as given. Hence, the decision problem for the final
good producer in the housing goods side is to choose the demand for theY/” and intermediate goodsy” (i) to

maximize the profit which is given by :

1
0y - / 0! (i)Y} (i)di
0

where Q7 is the price of the final housing good and
Q" (i) is the price of the ith intermediate good
taking both the prices as given from the final goods firm perspective,
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1
oy~ [ Qhintiai
0

subject to the

£

e—1

1

er

= | oo a
0

which gives us:

1 = 1
@./ﬁme 7/@@%@&
0 0

1

The final good firms will chose { yfl(i)}l.zo,forming the Lagrangian equation with the above equation

gives us:

e—

1 €1 1
. 8771 . . . .
Hi;z:Q?- /)’?(l) ¢ di —/Qf (i)y"(i).di
0 0

This equation gives us the demand for each intermediate input as follows:
BN\ —€
hye o/ (i) h
¥ (i) = ( IQ? ) Y,

substituting the demanded intermediate goods from the above y/'(i) back into the profit function of final

goods gives us
E

1 hraN 1—€ m
/ (Qf ,(1’)) di ~1
J Or

The above equation has two implications

1) By substituting into the profits equation gives us the profits as zero. i.e., the profits of the final goods

are equal to zero.

2) By re arranging, we have

1
e—1

1
o/ = | [ (0 @) Cdi
[

Which says that the prices of the final good follow the same aggregation rule and is a function of the

intermediate good prices.
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5.2.6 Final Consumption Goods Side of the Production Economy

I model the production of the final good of consumption good via a single stand in aggregate firm that

produces according to the production technology:

1 =1
= | [0 a
0

Where Y denotes the final goods of consumption goods sector, y¢ (i) denotes the ith intermediate input,
€ is the elasticity of substitution between the intermediate goods. Notice that as € — oo, the intermediate

input goods become perfectly substitutable and to avoid this I assume it to be finite.
The final good firms acquires the intermediate goods from the intermediate produces and make it into
a single final product and sells it to the households in the economy. Also the final producers doesn’t have
any control over the prices, and they take the prices P¢, Pf(i)as given. Hence, the decision problem for the
final good producer in the consumption goods side is to choose the demand for the ¥,° and intermediate

goodsy¥ (i) to maximize the profit which is given by :

1
P = [ B )i
0

where P is the price of the final consumption good and
Pf (i) is the price of the ith intermediate good
taking both the prices as given from the final goods firm perspective, leads us to the equation which

gives us the demand for each intermediate input as follows:
, PE(i) ¢
= ()

substituting the demanded intermediate goods from the above y¢(i) back into the profit function of
final goods implies that this consumption goods sector has the same two implications as for the final good
producers in housing sector. i.e., the profits of the final goods in the consumption sector are equal to zero
and the prices of the final good follow the same aggregation rule and is a function of the intermediate good

prices in the consumption goods sector.

5.2.7 Intermediate Consumption firms

Profit optimization problem is standard. A firm chooses employment and prices to maximize profit:

max Y g (56 ) P (1) = W N )+ WP NG () + WiNs ()
{Ns (DN (NG ()ps (0} 5=

s=t
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subject to the production constraint

¥ (i) = AiZetNsyg (i) Ny (D) Ny (1) 77

The firm tries to minimize their production costs of intermediate goods equation (43) by choosing the
values for the hire of labour provided by the households, N, , (i),N;, (i) , Ny, (i)subject to the production
constraint (44)

The final good firm’s demand equation of the input goods is as follows:

i =1 (222)

and price rigidity which I assume to follow the Rotemberg price setting scenario in which firms face a

quadratic costs in changing the goods price.

Profit maximization problem can be split into to separate problems: choose labour to minimize cost
intra-temporally and choose prices to maximize future profit. I deal with each of these problems separately.
I use subscript ‘p’ do denote sector producing perishable goods. Both output and employment have this

index.

Employment Consumption good prices follow a Sticky prices unlike housing prices and hence, I assume
housing service prices follow a Rotemberg model of prices, where as the house good prices are completely
flexible. These consumption good intermediate firms will pay wages to the labour provided by the three
sector of households and the employment equation is as follows:

Firm i minimizes nominal cost:

min WENE (i) - WPNE (i) - WPNE (i),
S R 5 (1) +W'Ny, (i) +W/'N,,, (i)

subject to the production constraint

¥ (i) = AiZeNy (i) Ny, (D) N5, (D)

The optimality conditions will yield us the solution for the Lagrange multiplier:

oo (G ()Y .

Zeo \1—u—v u 1

Substitute back the Lagrange multiplier back yields us the labour demand equations for all the three

210

—&
P ) di are as follows:

household sectors and Aggregation yields (I denote y; (i) = Y; [ <
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Ne - L ﬂ o @_b) “ <%p> “ch (164)

pt Zao \1—u—v u A,
1 (%> (1-u—v) (X—?) u-1 (w_;’) -

p - a(ih) () (W) x 10
(T Y ()

v - () (B (%)% o

Price setting Firms choose prices to maximize expected profit and let’s assume the firms follow the
Rotemberg price setting where there incurs a quadratic costs in changing prices. We also know the Lagrange

multiplier to be:

(TN ()Y
Cl__ T—u—v u 1%

Zao \1—u—v

where MCy = (;P,;. Note that wages here do not depend on index i, as labour of each type is as-
sumed to be perfectly mobile and so wages of particular type are equalized across all firms. So we

come to familiar formulation of setting prices in Rotemberg setting where the quadratic cost is taken as
Q ( Py (i)
2 \ Py—1(d)
future dates(stochastic discount factor),

2
— 1) ¥$ (i). The firm discounts future profits by the gross real interest rate between today and

L _ o [Pc,z+17tx+1]

Ris P )

)

This yields us :

s=t PC;,1 (l)

o . 2
V(i) =E Z 0°my [()’tc (1) Per (1) — yer ()Y MCy) _% < PCt(l). - 1) \A (’)]

subject to Intermediate goods demand equation :

The problem for the optimal prices setting at time ¢ can, equivalently, be written as
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womeEom (500 (50) 8 () v ()

s=t

Let P"IL—C(f) = 136;
& Q [ P.(1 ?
— e\ —E T e\ —€
V(i) =E Y 6°m, <Pct _ C,) Ye (pc,> - (M _ 1) ye (Pa>
s=t PCt—l
where m;is the Gross inflation in the aggregate price level of the consumption goods side.

—~ 2
> —~ ——\—¢ Q(P,(1+m —\ ¢
max Et Z esmt,s (Pct - Ct) th <Pct> 5 M -1 th (Pct>
(P}, = 2\ P

I can safely say that all the firms will chose the same optimal price which is the relative price in our case

due to the Rotemberg scenario assumption that all firms are identical in changing prices and also the same

marginal cost which is firm independent MC; = {; P.,which implies the relative price Pis equal to 1.
By optimizing, the FOCs gives us the New Keynesian Phillips curve in the consumption goods sector:

- P, Y, 1
( QE) +é€r+Et 9:“};;%;31] [(771+1)Zz+1%01(1 +717t+1)” = <717t(1 +m) — B (nt)zg) (167)
where

the stochastic discount factor is:
m —9 [Pc,t+124+1:|
ti+1 =0 | ———
Pl

o 0 [Pcﬁl%ﬂ]
Rt,s Pc,tlt

and the technology growth rate is given as:

5.2.8 Intermediate Housing firms

I follow a housing market where the sector is split into two sub sectors: one for final goods which are not
perfect competitive firms as in consumption goods sector. However, I assume the final goods sector fol-

lows a monopolistically competitive approach. These monopolistic firms who produce final houses doesn’t

180



involve labour and capital as for the intermediate housing goods sector which follows a sticky prices and
involve labour from all the three sectors of households

Profit optimization problem is standard. A firm chooses employment and prices to maximize profit:

max Yo () OF () — WINE () = WENJ, (1)~ WINA, (1))
(N5 (0)Ng, (DN () pi ()} 5=

s=t

subject to the production constraint

W () = AiZuNy, (i) Ny, (0) N, (1)

The firm tries to minimize their production costs of intermediate goods equation (43) by choosing the
values for the hire of labour provided by the households, Nz};,t (i),NI (i) ,NShJ (i)subject to the production
constraint

The final good firm’s demand equation of the input goods is as follows:

() =7 (Qé;"))e,

and price rigidity which I assume to follow the Rotemberg price setting scenario in which firms face a

quadratic costs in changing the goods price.

Profit maximization problem can be split into to separate problems: choose labour to minimize cost
intra-temporally and choose prices to maximize future profit. I deal with each of these problems separately.
I use subscript ‘p’ to denote sector producing perishable goods. Both output and employment have this

index.

Employment Housing good prices follow a Sticky prices like consumption prices and hence, I assume
housing service prices follow a Rotemberg model of prices. These housing good intermediate firms will pay
wages to the labour provided by the three sector of households and the employment equation is as follows:

Firm i minimizes nominal cost:

: h (- bath - h /-
N (i) Agh(r-l) Nh (.)W,”Np’, (i) + W Np, (i) + Wi N, (i)
st \)sVp A1)V p (L

The firm tries to minimize their production costs of intermediate goods equation (27) by choosing the
values for the hire of labour provided by the households, Nfit (i), NI (i) ,Ng’,(i)subject to the production

constraint (28)

)’? (i) = Achszi,z (i)vN}];,t (i)ufot (i)l_u_v
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Where Z;is the firm’s sector specific technology shock, note that this shock is aggregate shock to the
sector rather than firm specific and forming the Lagrangian L, with 7, being the Lagrange multiplier we

have:

L= WENE, () + WPNG, () + WP Np (1) = Pt (AiZaaNj ()Y N )N () =30 )

the optimality conditions will yield the solution for the Lagrange multiplier in the housing sector:

IV EGRRNICANICGA a6

Zipy \ 1—u—v u v

nNe =

Substitute back the Lagrange multiplier back yields us the labour demand equations for all the three
household sectors. Now that we have all the labour demanded from intermediate goods . Aggregating the
labour demand equations through the intermediate firms will give us the aggregate labour for all the three

sectors of households using the aggregation rule .

yields us

W (1—u—v) wh u WP v—1
() ) (E)) w
i / pai)di Zp \ 1—u—v u v A, (169)
W (I—u—v) wh u—1 WP v
= di=— | —— -
2 bt Zy \ 1—u—v u v A
wS (—M—V) Wb u Wp v
(5 ()} (D)) w
i / s () i Zy \ 1—u—v u v Ay (171

Price setting Substituting the labour demand from the above profit function. We have:

(37 0) 01 () = WANL () = WINE, () = W/N, )

) (@ =P = (2 ) - (MG
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Firms choose prices to maximize expected profit and let’s assume the firms follow the Rotemberg price
setting where there incurs a quadratic costs in changing prices. We also know the Lagrange multiplier in

the housing sector to be:

nt:Z_ht l—u—v

WS (1—u—v) Wtb u WP y
1 A, A A
u v
where MCs; = n,P; Note that wages here do not depend on index i, as labour of each type is as-

sumed to be perfectly mobile and so wages of particular type are equalized across all firms. So we

come to familiar formulation of setting prices in Rotemberg setting where the quadratic cost is taken as

2

hs:

% ( QQh’ (l()i) — 1) vy ( ). The firm discounts future profits by the gross real interest rate between today and
t—1

future dates(stochastic discount factor),

R 0 [Pc,t+17‘4+1]
Peshy

Ris
The problem for the optimal prices setting at time ¢ can, equivalently, be written as

)

Let Q’ = Qt

2

S A —€  Q AZ’ 1 ~\ —€
V(l) =E; Z Gsmt7s (Ql _ q_) Yh (Q;) _ 7}’ % 1 Yth < ?)
= ' —1

We can safely say that all the firms will chose the same optimal price which is the relative price in our
case due to the Rotemberg scenario assumption that all firms are identical in changing prices and also the
same marginal cost which is firm independent MC; = 1, P, which implies the relative price Q' is equal to
1. FOC w.r.t Q!and dividing the optimality equation with A; on both sides leads us to the New Keynesian
Phillips curve in the housing sector:

h

[PeiAd]

[

, Y
0, [PC7 'H)LH'_l] [(nh t+1) Zi41—=— (1 + 7y, t+1)] ] = (nh,t(l + ﬂh,t) - % (nh,t)zs)

(172)

where

the stochastic discount factor is
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[Pc,zﬂ)wrl]
me 41 = 0

Pyl

R o [Pc,tﬂﬁqﬂ]
R; s Py

)

where 7, ; is the Gross inflation of housing in the aggregate price level of the housing goods side.
The technology growth rate is given as:

5.2.9 Profits of firms and Government Transfers

To close the model, I need to aggregate the real profits from the firms and has to be distributed among the
households in terms of transfers. Aggregate inter-period nominal profit is the total output from both the
firm sectors from which the wages of the agents are taken away. Please note because of the quadratic costs

involved in the rigid intermediate consumption goods firms, that has to be taken away as well. This leads
to:

3 Q Q
Ht = YICPCI - WSJNEJ - WbJNg?t o WPJN;J - EntZYtCPCt + )]thQﬁl - WsatNS}'lJ - WbytNl})l,t - vatN[}Jl,l‘ - Tn]it)]th

I assume that the profit is 100 percent taxed by the government and redistributed to the Borrowers,
Savers and hand to mouth agents according to the following rule :

I1
th =(1—x—y) P_t
ct
t I,
= X—
st Pct
t I,
g y—
"R,

For X; = /XTZ’ transfer to the Borrowers in terms of dividends from the profits of the firms

tl:,l =(1-x—y)

s Q . = Q ~
~ ~ ~ 2 h _h ~ ath ~ a7h ~ h h _2 vh
(Y,C — Wy Ny, —Wp Ny — Wp N — 57 Y+ Y g — W Ngy — W iNp, — Wp Ny o — T, Y
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Transfer to the Savers in terms of dividends from the profits of the firms

Q 15 Q ~
2 h ~ h ~ h ~ h h_2
— 1 Y + Y] gl — Wi Ny — W N, —wip N m, Y,

= (R = VRN W — N, — n- S
(174)

Transfer to the hand to mouth agents in terms of dividends from the profits of the firms

Q 50 v Q ~
2 hoh .~ ath ~ arh ~ arh h
S Y+ Y q) — W Ny —Wp Ny — Wp Ny — — T, Y

- (Yf W3NG W NG W N

5.2.10 Financial Intermediaries:

Considering these are owned by Savers,The role of financial intermediaries in this model will be minimal,
they just pool the deposits from the Savers and provide loans to Borrowers. They pay the same interest rate

to depositors as they charge from the Borrowers:

Rt,o = Rt,s (176)

5.2.11 Aggregation:

As I am working with representative agent models, I have a single representative agent in the model from

each sector and this results in Cf\ =cr

P =cl (177)
b =cb | (178)
o =c (179)

5.2.12 Market Clearing

In equilibrium we have the following resource constraints:
The aggregate labour of the agents are the sum of labour to the intermediate housing and consumption

good firms.
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N’ = NI, +NS, (180)
Ntb - Nl?,t‘*'ng,z (181)
NS = N!+N, (182)

The demand and supply of loans in the equilibrium are the same.

Bs; =Dy a (183)

The central bank sets the interest rate by Taylor rule:

R v\
S
o

The central bank also sets the Macro prudential policy which regulates down payment ratio by feeding

(Y
_(7) (185)

The total output in the economy is equal to the consumption of both housing goods and non durable

on the output gap:

==

consumption goods from the households including the depreciation of housing and the quadratic costs

incurred in the rigid intermediate consumption good firms.

- ~ - ~ ~ - ~ 1 - ~ 1
th +Yth? = Cb,t "‘CSJ "‘Cp,t "‘Qfl(Hb,t - (1 - 5)Hb,t—1 Z_) "‘Qfl(HS,t - (1 - 5)Hs7t—lz_)
t t

Q
X! (186)

Q
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Also the definitions:
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5.2.13 Private Sector Equilibrium

Please Refer to the Appendix for the whole Private Sector Equilibrium for this model.

5.3 Parameter Estimates

In the light of the previous model with internal habit formation, due to the constraints in obtaining the rental
data for the bayesian estimation of the above model, I will consider estimating parameters of two sub mod-
els: one with baseline model with no housing and the other baseline model with housing. Regarding these
models, I will estimate some of the parameters and compare their values when Borrowers and housing is
introduced. Until now, for the calibrated parameters, I have solved the above DSGE models using perturba-
tion methods from the reduced form of the model equations in terms of a state space representation. With
such reduced form of state space, unobserved variables and the dynamics around the steady state I have cal-
culated the approximate theoretical moments and as well. However, the main focus of this chapter is using
Bayesian techniques to estimate the important parameters of the model with internal habit formation. To
facilitate this, we need to transform the data and model into the suitable form for computing the likelihood
function. In particular, we could estimate the parameters of the model using some observed variables, an
inclusion of non structural errors and measurement equations and we could bring these DSGE models with
reduced form of state space representation to data. I follow a Bayesian estimation strategy of Metropolis
Hastings based up on the Markov Chain Monte Carlo (MCMC) methods which is built around a DSGE

model derived likelihood function.

5.4 Baseline Model with no Housing:

To understand and for the better tractability of the the estimation procedure, I have ignored the housing
sector of the above model for now. Essentially, I assumed to have only Savers, consumption good firms
and no collateral constraints in the economy. In this section I outline a basic model with single household,
consumption goods sector, a New Keynesian Phillips curve and a rich set of shocks. Such system is as
follows:

Lagrange Multiplier of households:

Perhs = [(X7)]7°

Inter temporal decision of households:

R 1
Peihs = O [Pepi1Aii1] ﬁa
1 !

Aggregate output:
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- Q -
Y =Co+ S moYe

2
New Keynesian Phillips curve:
(1-¢) ¢ (Peir1 1] Yo, 1, o,
—G+E | 6———— | (7 —(1+m =|\m(l+m)—=(m)" €
0 -I-QCH- ARy (1) Ze+1 th( + Ty1) +(1+m) 2( )
Monetary Policy:

Internal Habit Formation:

o (G5
A A1

Marginal costs incurred by Intermediate firms:

Labour Decision:

YNC
Ny, = -
Y Zg
where the technology growth rate is given as:
A
Z
AL

Data:

This baseline model with no housing in the economy uses data from the U.S. This model is estimated
using the seasonally adjusted quarterly data of the U.S. from period 1980 Quarter 1 to 2020 Quarter 1. I
have taken three observed variables in the form of output, inflation and nominal interest rate. All this data
is downloaded from the FRED, the inflation is calculated from the change in the implicit price deflator
and all the data has been de-trended. To exactly correspond the actual observed variable to that of the
model variable, I have added the equations which address this issue. We know that due to the perturbation
techniques we used in solving the DSGE models in particular with Taylor approximating around the steady
state, the output in the model is typically stationary. However, that of the observed output is non stationary,

and as we need to correspond these observed and model output, I have augmented the model variable with

188



the change in technology z;. The inflation and interest rate however are stationary as observable and model

variable and hence I have an observation equation for output in the model. In Particular, I have:

Yops = Y;C_th_l +2

The model is augmented with the technology shock in the consumption sector which follows an AR(1)

process:

In(Zf) =pcIn(Z_)) +ec

and an AR(1) process in the cost push shock to the New Keynesian Phillips Curve in the consumption

goods sector:;

In(cp;) = Pepeln (cpf,l) +ecpe

I have also a monetary shock to the Taylor Rule:

In (ms;) = PsIn (ms; 1) + eps

where ec,ecpe,ens are 1.1.d processes with variances of o, O and Oy, respectively and p¢, Pepes Pms
are the shock persistence of the three shocks. Overall there are three shocks in the model as well as three

observable variables and that will take care of the identification issue.

Calibration:

As some of the parameters are better estimated with a specific set of observed variables and some of the
others are very difficult to estimate, I have fixed few of the parameters in my baseline model. I try to be
consistent with the literature in this regard. I have calibrated the household’s discount factor which is set
at Savers’ discount rate (0) as 0.99 “Iacoviello and Pavan (2013) ” . If we assume that the average markup
equals 10 percent, then this implies the elasticity of substitution between the intermediate goods from the

firms sectoris € = 11.

Prior Distributions:

I have taken the distributions of the priors and I estimate the posterior distributions of such parameters using
the Metropolis Hasting methods; augmenting baseline no housing model with the shocks in the form of
technology shock in consumption sector, monetary policy shock and a cost push shock in the consumption

sector. As we know, the assumed distributions of priors play a huge role in the estimation of DSGE models
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Table 9: Priors

Parameter \ Prior Density | Prior Mean \ Prior Standard Deviation
Std.dev technology shock Inv.Gamma 0.001 0.01
Std.dev cost push shock Inv.Gamma 0.001 0.01
Std.dev monetary shock Inv.Gamma 0.001 0.01
Persistence technology shock Beta 0.5 0.15
Persistence cost push shock Beta 0.5 0.15
Persistence monetary shock Beta 0.5 0.15
Habits Beta 0.5 0.05
Inverse Frisch Normal 2.5 0.25
Inverse Inter temporal elasticity of substitution Normal 2.5 0.25
Taylor coefficient inflation Gamma 2 0.05
Taylor coefficient output growth Gamma 0.5 0.15
Interest rate smoothing Beta 0.7 0.05

see An and Schorfheide (2007), I try to be consistent with the previous literature in terms of the prior
distributions. For the standard errors of technology, monetary and cost push shocks I have always used the
Inverse gamma distributions as the prior distributions with a prior mean of 0.001 and the prior standard
deviation to be 0.01: Iacoviello and Neri (2010). For the persistence in all of the three shocks, I have
followed in the footsteps of Smets, and Wouters (2007) and taken beta distributions as the prior distributions
with a prior mean of 0.5 and a prior standard deviation of 0.15. In accordance with the paper by Rabanal
(2018), I set the prior distribution of internal habit formation parameter to be a beta distribution with a prior
mean of 0.5 and the prior standard deviation of 0.05; also the prior distribution of Inverse Frisch elasticity
of labour ¢ follow a normal distribution with a mean of 2.5 and a standard deviation of 0.25. I chose the
prior for Inverse inter temporal elasticity of substitution ¢ as a normal distribution with a prior mean of 2.5
and a standard deviation of 0.25: Chen, X., Kirsanova, T. and Leith, C. (2017). The coefficient of output
¢, and the coefficient of inflation in the Taylor rule ¢ of the model will also be estimated and the prior
distributions for both these parameters are taken as gamma distributions. The prior mean on the Taylor
Coefficient of inflation is taken to be 2.0 with a standard deviation of 0.05 and the prior mean on the Taylor
Coefficient of output is taken to be 0.5 with a standard deviation of 0.15: Paez-Farrell (2015). The monetary
policy smoothing and parameter on forward looking inflation in log linearized Hybrid NKPC is assumed
to follow a beta prior distribution with a prior mean of 0.7 and 0.5; standard deviation of 0.05 and 0.15

respectively. The table below provides the overview for the priors I have taken.

Posterior Distributions:

I found a very similar posterior distributions in line with most of the literature. We tend to see the estimate
of the Inverse Frisch elasticity of labour as 3, which is in accordance with William B. Peterman (2016). The
estimate of habits show that households show a moderate degree of habit formation in the consumption.
We could see that compared to that of an output deviation, U.S. had aggressively reacted to the inflation
deviation in terms of policy reaction. It also shows a very low persistence in the interest rate where as
relatively the persistence in technology and cost push shock are higher. The rest of the estimates are mostly

in line with the literature. In order to check the stability of the parameters posterior distributions, graphically
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Table 10: Posterior

Parameter | Prior Mean | Posterior Mean | Posterior 90 percent HPD |
Std.dev technology shock 0.001 0.0063 [0.0057, 0.0070]
Std.dev cost push shock 0.001 0.0020 [0.0017, 0.0024]
Std.dev monetary shock 0.001 0.0074 [0.0061, 0.0087]
Persistence technology shock 0.5 0.4367 [0.3546, 0.5182]
Persistence cost push shock 0.5 0.9074 [0.8766, 0.9386]
Persistence monetary shock 0.5 0.2764 [0.1480, 0.4030]
Habits 0.5 0.5978 [0.5115, 0.6828]
Inverse Frisch 2.5 3.0699 [2.7055, 3.4242]
Inverse Inter temporal elasticity of substitution 2.5 2.0127 [1.6026, 2.4244]
Taylor coefficient inflation 2 2.0531 [1.9710, 2.1346]
Taylor coefficient output growth 0.5 0.1936 [0.0989, 0.2827]
Interest rate smoothing 0.7 0.5130 [0.4379, 0.5922]

I'have assessed the convergence as described in Brooks and Gelman (1998). The following table presents the
mean posterior estimates and associated 90 percent high probability densities of the posterior distributions

of the parameters for the considered baseline model with no housing.

5.5 Baseline Model with Housing and no BTL:

In light of the above results, now I have tried to incorporate housing into the above model and estimate
the parameters. In particular, I have Borrowers who are collaterally constrained as well as Savers in the
economy. There are two sectors of firms from both housing and consumption goods. This models is solved
and we will have the following private sector equilibrium:

Borrowers First order conditions are given as:
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The two New Keynesian Phillips curves for both the consumption and housing goods sector respectively:
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Data:

This baseline model with Borrowers housing and collateral constraint but with no BTL in the economy
uses data from the U.S. This model is estimated using the seasonally adjusted quarterly data of the U.S.
from period 1980 Quarter 1 to 2020 Quarter 1. I have taken four observed variables in the form of output,
inflation in consumption sector, inflation in the housing sector and nominal interest rate. All this data is
downloaded from the FRED, the inflation in the consumption sector is calculated from the change in the
implicit price deflator as well as the inflation in housing sector is calculated from the change in the House
Price Index taken from All-Transactions House Price Index for the United States, Index 1980:Q1=100,
Quarterly, Seasonally Adjusted and all the data has been de-trended. To exactly correspond the actual
observed variable to that of the model variable, I have added the equations which address this issue. We
know that due to the perturbation techniques we used in solving the DSGE models in particular with Taylor
approximating around the steady state, the output in the model is typically stationary. However, that of the
observed output is non stationary, and as we need to correspond these observed and model output, I have
augmented the model variable with the change in technology z;. The inflation and interest rate however
are stationary as observable and model variable and hence I have an observation equation for output in the
model. In Particular, I have:

Yobs = Y,C — th_1 +z

The model is augmented with the technology shock in the firms sector which follows an AR(1) process
and an AR(1) process in the cost push shock to the New Keynesian Phillips Curve in the consumption goods
sector. I have also a monetary shock to the Taylor Rule. As discussed above, to estimate a set of parameters
the number of shocks in the economy should be at least the same as the number of observed variables.
Overall in the model, there are four observable variables and that leads us to have at least four shocks and
exact four shocks will take care of the identification issue. On top of the three shocks mentioned above, the

model is augmented with a shock on the downpayment ratio, cost push shock in housing sector.

Calibration:

As some of the parameters are better estimated with a specific set of observed variables and some of the
others are very difficult to estimate, I have fixed few of the parameters in the baseline model. In particular,

parameters such as the downpayment ratio y is notoriously hard to estimate and need to have the data of
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observed variables such as housing share in the household debt see lacoviello and Neri (2010). However, 1 in
this section will analyze on which factors does the downpayment ratio will be rely on. To find a relationship
between downpayment ratio and the rest of the macroeconomic variables, I ran a regression of annual U.S
data from 1989 to 2019 taking median downpayment ratio in percentage terms as the dependent variable
and aggregate output, interest rate, inflation in consumption goods sector and inflation in the housing goods
sector as the independent variables. From the data, I found (We can see from the below correlation charts)
that there is a positive correlation between downpayment ratio and aggregate output and a slight negative
correlation (or approximately non correlation) between downpayment ratio and inflation in housing and
consumption goods sectors as well as interest rates. This clearly shows us that the downpayment ratio is
mostly determined by the structural variables within the financial intermediaries and is difficult to estimate

from the data.

I try to be consistent with the literature for the rest of the calibrated parameters. I have calibrated the
household’s discount factor which is set at Savers’ discount rate (0) as 0.99 “lacoviello and Pavan (2013)
7. If T assume that the average markup equals 10 percent, then this implies the elasticity of substitution
between the intermediate goods from the firms sector is € = 11. The share of durables which is used as
collateral (u) is set to 0.90 “Kovacs and Moran (2019)”. The discount factor of Borrowers is set at (f3) of
0.98 “Kovacs and Moran (2019) . T set the Quarterly house depreciation rate () as 0.01 “Tacoviello and
Neri (2010) 7. With other parameters at share of profits paid to Savers (x) as 0.7, share of profits paid to
hand to mouth workers (y) as 0.1.

Prior Distributions:

I have taken the distributions of the priors and I estimate the posterior distributions of such parameters

using the Metropolis Hasting methods; augmenting baseline no housing model with the shocks in the form
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of technology shock in consumption sector, monetary policy shock, downpayment ratio shock and a cost
push shock in the consumption sector. As we know, the assumed distributions of priors play a huge role in
the estimation of DSGE models see : An and Schortheide (2007), I try to be consistent with the previous
literature in terms of the prior distributions. For the standard errors of technology, monetary, downpayment
and cost push shocks I have always used the Inverse gamma distributions as the prior distributions with
a prior mean of 0.001 and the prior standard deviation to be 0.01: Iacoviello and Neri (2010). For the
persistence in all of the three shocks, I have followed in the footsteps of Smets, and Wouters (2007) and
taken beta distributions as the prior distributions with a prior mean of 0.5 and a prior standard deviation of
0.05. In accordance with the paper by Rabanal (2018), I set the prior distribution of internal habit formation
parameter to be a beta distribution with a prior mean of 0.5 and the prior standard deviation of 0.05; also
the prior distribution of Inverse Frisch elasticity of labour ¢ follow a normal distribution with a mean of
2.5 and a standard deviation of 0.25. I chose the prior for Inverse inter temporal elasticity of substitution
o as a normal distribution with a prior mean of 2.5 and a standard deviation of 0.25: Chen, X., Kirsanova,
T. and Leith, C. (2017). The coefficient of output ¢, and the coefficient of inflation in the Taylor rule
¢r of the model will also be estimated and the prior distributions for both these parameters are taken as
gamma distributions. The prior mean on the Taylor Coefficient of inflation is taken to be 2.0 with a standard
deviation of 0.05 and the prior mean on the Taylor Coefficient of output is taken to be 0.5 with a standard
deviation of 0.15: Paez-Farrell (2015). The monetary policy smoothing and parameter on forward looking
inflation in log linearized Hybrid NKPC is assumed to follow a beta prior distribution with a prior mean of
0.7 and 0.5; standard deviation of 0.05 and 0.15 respectively. Even though we have seen that the estimation
of downpayment ratio is notoriously difficult to estimate unless with the financial intermediaries structural
data and the households housing share in their debt, I have also tried to estimate downpayment ratio from
the data by assuming that the macro prudential policy which regulates downpayment ratio is similar in
flavor to that of the Taylor rule with a policy smoothing component. In particular, I have endogenized the

downpayment ratio by following rule:

%: <<<1+ﬂ:h7t)cpih(1+n_t)lcpih>>¢7r (;)‘i’y <%)¢r

Where u; denotes the downpayment ratio and 7, ,.7; denotes the inflation in housing and consumption
goods respectively and Y; denotes the aggregate output as well as R; denotes the interest rate. For the down-
payment ratio, I have taken the prior distribution to be beta and the prior mean and standard deviation are
assumed to be 0.5 and 0.15 respectively. This prior mean and standard deviation is assumed in the lines
that the aggregate of the population will be have an average of 50 percent downpayment. The downpay-
ment ratio coefficient of aggregate output ¢, are assumed to follow a normal distribution and to assess the
non-correlation I obtained in the above section between downpayment ratio and output, interest rate and
inflations in both consumption and housing sectors, I have assumed the prior mean to take a value of zero
and the prior standard deviation to take a value of 0.15. On top of that, I have also tried to estimate the
share of Borrowers in the economy: vassuming such parameter takes a prior distribution of beta with a
prior mean of 20 percent Borrowers in the economy and a prior standard deviation of 5 percent change see
Jappelli (1990) who estimates 20 percent of the population to be constrained.

The table below provides the overview for the priors I have taken.
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Table 11: Priors

Parameter Prior Density Prior Mean | Prior Std Deviation
Std.dev technology shock Inv.Gamma o; 0.001 0.01
Std.dev cost push shock Inv.Gamma | O¢)p¢ 0.001 0.01
Std.dev monetary shock Inv.Gamma | Oy 0.001 0.01
Std.dev downpayment ratio shock Inv.Gamma | Ggy 0.001 0.01
Persistence technology shock Beta Pz 0.5 0.05
Persistence cost push shock Beta Pepe 0.5 0.05
Persistence monetary shock Beta Pms 0.5 0.05
Persistence downpayment ratio shock Beta Psmu 0.5 0.05
Habits Beta 0] 0.5 0.05
Inverse Frisch Normal () 2.5 0.25
Inverse Inter temporal elasticity of substitution Normal o 2.5 0.25
Taylor coefficient inflation Gamma Or 2 0.05
Taylor coefficient output growth Gamma o 0.5 0.15
Interest rate smoothing Beta o 0.7 0.05
Downpayment ratio coefficient inflation Normal Or 0 0.15
Downpayment ratio coefficient output growth Normal Oy 0 0.15
Downpayment ratio coefficient housing inflation Normal cpih 0 0.15
Downpayment ratio coefficient interest rate Normal o, 0 0.15
Share of Borrowers in the economy Beta \Y 0.2 0.05
Downpayment ratio smoothing Beta Ur 0.5 0.15

Posterior Distributions:

I found a very similar posterior distributions in line with most of the literature as well as the previous model
without housing. We tend to see the estimate of the Inverse Frisch elasticity of labour as 4 compared to that
of a value of 3 in the previous model, which is in accordance with William B. Peterman (2016). This clearly
shows that the elasticity of labour supply with respect to wages has gone down: as agents have a additional
wealth effect from inclusion of housing and borrowing constraint in the model. The Borrowers can smooth
their consumption with inclusion of collateral constraint and the Savers can be better off by supplying the
credit in the economy. This leads to a decrease in agents labour elasticity. The estimate of habits show
that households show a moderate degree of habit formation in the consumption as well. However, this
internal habit formation of consumption is higher when there are inclusions of Borrowers and housing in
the economy. As opposed to the previous model with only single sector of households in the economy, I
believe this is the result of the inclusion of Borrowers in the economy who tend to form higher level of
habit formations to smooth out their consumption in order to match the persistence in consumption of the
data. This results in an increase in the estimation of the aggregate habit formations. We could see that in the
context of monetary policy reaction, U.S. had aggressively reacted to the inflation deviation compared to
that of an output deviation. However with the inclusion of collateral constraint on housing in the economy
we expect the central banks policy response to slightly increase with both inflation and output deviations and
we see such results. As the literature clearly shows that there is a strong impact of monetary policy on the
housing markets, compared to that of a no housing estimation model, an inclusion of the housing markets

has substantially increased the persistence and the standard deviation of the monetary shock. The rest of
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Table 12: Posterior

] Parameter ‘ Prior Mean ‘ Posterior Mean ‘ Posterior 90 percent HPD ‘
| | | | |
Std.dev technology shock 0.001 0.0077 [0.0069, 0.0085]
Std.dev cost push shock 0.001 0.0013 [0.0011, 0.0014]
Std.dev monetary shock 0.001 0.0104 [0.0094, 0.0115]
Std.dev downpayment ratio shock 0.001 0.0017 [0.0002, 0.0044]
Persistence technology shock 0.5 0.3891 [0.3472, 0.4283]
Persistence cost push shock 0.5 0.3493 [0.3213, 0.3678]
Persistence monetary shock 0.5 0.3691 [0.3433, 0.3984]
Persistence downpayment ratio shock 0.5 0.4939 [0.4731, 0.5188]
Habits 0.5 0.6575 [0.6379, 0.6784]
Inverse Frisch 2.5 3.9419 [3.8223, 4.0482]
Inverse Inter temporal elasticity of substitution 2.5 1.9702 [1.8742,2.0441]
Taylor coefficient inflation 2 2.0858 [2.0385, 2.1299]
Taylor coefficient output growth 0.5 0.6953 [0.6814, 0.7083]
Interest rate smoothing 0.7 0.5415 [0.5164, 0.5641]
Downpayment ratio coefficient inflation 0 -0.3222 [-0.4082, -0.2360]
Downpayment ratio coefficient output growth 0 0.23736 [-0.53553, 0.79224]
Downpayment ratio coefficient housing inflation 0 -0.017029 [-0.50349, 0.44639]
Downpayment ratio coefficient interest rate 0 -0.1976 [-0.2508, -0.1630]
Share of Borrowers in the economy 0.2 0.1557 [0.1382, 0.1732]
Downpayment ratio smoothing 0.5 0.8785 [0.8011, 0.9549]

the estimates including the interest rate smoothing are mostly in line with the literature. However, in this
model, due to the inclusion of Borrowers in the economy, I have tried to estimate the share of Borrowers in
the economy: vassuming such parameter takes a prior distribution of beta with a prior mean of 20 percent
Borrowers in the economy and a prior standard deviation of 5 percent change see Jappelli (1990) who
estimates 20 percent of the population to be constrained. I found the data shows that there are around 16
percent of Borrowers in the economy with a maximum range of around 18 percent in the U.S from 1980
QI to 2020 Q1. As discussed in the above sections, I have also endogenized the downpayment ratio and
estimated the several parameters on the Taylor type macro prudential downpayment rule. As seen from
the data correlation chart in figure 68, I have found the estimates to be negative for all the downpayment
ratio coefficients of aggregate housing inflation, consumption goods inflation and interest rate. As evident
from the model, we could see a positive downpayment ratio coefficient on output growth and this shows
that financial intermediaries base their downpayment ratio slightly on the aggregate output in the economy.
However, I clearly believe that the structural decisions of the financial intermediaries will highly affect the
downpayment ratio. In order to check the stability of the parameters posterior distributions, graphically I
have assessed the convergence as described in Brooks and Gelman (1998).

The following table presents the mean posterior estimates for some of the important parameters to
compare with the previous model and their associated 90 percent high probability densities of the posterior

distributions of the parameters for the considered baseline model with housing in the economy.
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5.6 Conclusion:

From the estimation of the two baseline models with and without housing, we found that the most of the
estimates are in line with the literature. Inclusion of housing has substantially increased the effect of the
monetary policy and it’s persistence in the economy. Due to the inclusion of collateral constraint, agents
are subjected a better wealth effects and this leads to them reacting less to the change in wages. This
we could see from an increase in the inverse Frisch elasticity from 3 to 4. From the regression analysis,
we have found out that the downpayment ratio is slightly positively correlated with the aggregate output
and negatively correlated with the interest rate as well as the inflation in both consumption and housing
sector. Similar results we tend to see in the estimation of such parameters using the model with housing.
Habits have slightly increased with the inclusion of Borrowers in the economy as they are constrained and to
account for the aggregate consumption levels, Borrowers tend to form higher internal habits in consumption.
Overall the estimates suggest the increased wealth effect of housing and collateral constraints on agents.
The average share of Borrowers is estimated to be around 16 percentage in the economy from 1980 to 2021
in the U.S.
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6 Concluding Remarks and Further Research

This thesis sheds light on the role of housing markets and Buy to Let markets in affecting the volatility of
the economy. However, there is a scope to further strengthen the evidence following this thesis. Chapter
two examines the role of collateral constraints in a baseline model with no Buy to Let (BTL) sector in the
economy. We found that when houses act as collateral, change in house prices have a substantial effect on
the consumption of agents who are borrowing constrained. Furthermore, when amount of lending is based
on income, we found that labour dynamics play a quantitatively important role. Borrowers are subjected to
a substitution effect with a positive technology shock in housing market and this leads to an increase in net
income of Borrowers. In turn this leads to an increase in the their housing of the Borrowers.

Chapter three examines the role of BTL markets on the volatility of house prices using a DSGE frame-
work with Dixit Stiglitz Lite Utility. The results from the model indicate that by altering the size of BTL
markets using downpayment ratio as a macro prudential policy has a very little effect on the volatility of
house prices as opposed to the agent based model Baptista et al(2016).

This leads us to chapter four, which investigates the effects of a rich set of shocks including news shocks
on the model economy with agents subjected to CES utility. The results indicate that labour markets plays
an important role in most of the dynamics and the volatility stemmed from the Monetary policy shock is
substantially high on housing market compared to that of the consumption goods market. We also found
that Monetary policy is the only effective policy which affects the Hand to Mouth agents optimal choices.
However, Macro prudential policy is more effective in both the Borrowers and Savers volatilities of choice
variables.

Finally in chapter five, I take the baseline models augmented with habit formation: one without housing
and the other one with housing, to data using Bayesian estimation techniques. The results show that the
inclusion of housing has substantially increased the effect of the monetary policy and it’s persistence in
the economy. Habits have slightly increased with the inclusion of Borrowers in the economy as they are
constrained and to account for the aggregate consumption levels, Borrowers tend to form higher internal
habits in consumption.

For the possible further research on this thesis, it would be interesting to see how an increase in the house
prices during the pandemic affects the consumption patterns of the agents in the economy. It would also be
interesting to investigate the role of BTL markets in the rural areas if any. Further research can be helpful
by introducing the segregation of Borrowers as first time Borrowers and second house Borrowers who are
subjected to different interest rates. Such models can give us better insights to tackle BTL markets volatility
on the house prices and the volatility of rents stemming from such markets. As the U.K government has
increased the stamp duty for second home buyers, introduction of the Fiscal policy in the model can give
us better insights on the volatility of BTL markets and to investigate which policy is better in curbing
such volatilities in the economy. It would also be interesting to estimate a model with BTL markets in
it for different countries where the data for rental markets and the share of housing in the household’s
debt is available. As such remarks are only meant to be suggestive, digging more in detail into the fiscal
implications and structural determinants of the shocks with BTL markets is an important topic for future

research.
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A Appendix

A.1 The Model with Collateral Constraint
A.1.1 FOC:s for Borrowers:

The Borrowers households will have the efficiency conditions for the Lagrangian as follows:
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A.1.2 FOCs for Savers:

The Savers households will have the efficiency conditions for the Lagrangian as follows:
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A.1.3 Housing Firms:

Employment Cost Minimization problem:
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v (~v)
NI, = / Ns’ft(i)di:i(w””) (s.) / i (i) di

th vV (1 _ v)(fv)

L(Wb,t)v (W)™
Zy VY (1—v)(_")
L (wpa)” (we)

_ b h
 Zy W (l_v)(—V)Y[

Price setting:

(v—1) —~
NI (D) = Y () ()Y
byt t th v(V*l) (1 _ v)(l*V)

1 (we)” (we)
Zy VY (1_\,)(—\')

Ny (D) = ¥ ()
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max N (i
{0:(0) :"_( (1) OF (1) = We N (i) - Wb7Nb,t()>

— h ; - )
= M (l) t SJZI vV (1 _v)(,v)yt
B 1 (Wbt)(v—l) ( YJ)(l—v) h(l)
"2 VO ()T

= ) (- mka) = (50O )~y (MG,

m = 1 <Wbt) We. t v
L th l—V

where MC; = n,P;; .Note that wages here do not depend on index i, as labour of each type is assumed to be
perfectly mobile and so wages of particular type are equalized across all firms which also implies that the
intermediate-good producing firms each have the same

real marginal costs of production. . So we come to familiar formulation

. E szmts ()0t (i)~ (ymc, )

y?(i)—Yth<Q’,S))

t

(s 1—¢ hos —&
a5 Em (@ () (%) )

subject to

Substitute demand

FOCs \ X
o . —& ho/e —&—
0=Y m ¥} (1—3)Q£’(Q’ ,S”) +e<Q’ Ef)) MG,
=t Or O
<Q, (')) o & MG
Qz Cl B (1 _8) Pcf
Aggregate

or e MG
P.; (1—¢€) Py

substitute and we obtain the equation for the house prices:

Qil__ £ (Wb,t>"1 Wyt v
PCI_ (1—8) \% th 1_V
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A.1.4 Consumption good Firms:
Cost Minimization:

The cost minimization problem of the intermediate good producer by choosing labour N, (i), Ny, (i) will

go down to as :

L= Wy, (1) + Wi N5, (1) = Pl (Zaas, () NE (0 =35 0))

o _ Wi, — P GiZa VNS, (i) N, ()Y = Wy, —Pctczvyfc,i =0
INy, (i) ’ ’ Ny, (@)

oL o e vy (i)
INE, (i) = Wy —PaliZa (1 - V) Ny, (i)"Ng, (i) =W — Pyl (1-v) N;CJ ) =0

From where

Wb7tN1§7t (l> = Py Ctv))tc (l)
WyilNs (i) = Pal(1-v)y; (i)

wpiNp, (1) = Gyi (i)
Ws,thC,t (i) = &G(1—=v)y (@)

It also follows that {; can be derived as:

Wpr = CtVthNg,z (i)v_lec,t (i)l_v
Wsp = G(l—v) ZClNg,t (i)stC,t (i)iv

1 .

( Wht )"" . Nliz <l
GZyv N, (i
( Wyt ) . Nlit <i
GZ (1—V) Ng, (i)

¢ = 1 <Wb,z)v Wt =
"z, v 1—v

substitute & into the FOCs from the intermediate firm’s cost minimization problem gives us the demand

~—"

— —

<=
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for two different labour inputs in this sector:

c (= C (- 1 ( 7)‘/ (WSJ)(_V)
Ns,t(l) = M <l)Z_ct v (1—V)(_v)

(v—1) (1-v)
Ng, = / N, iy di = = o) (ws) / ¥ (i) di

(
Wh it Y We it =) N
Ngt - /th<l)dlzi( b’) ( 7))(‘,) /ylc(l)dl

Price Setting:

Firms choose prices to maximize expected profit:

max_ & ZQM (95 (1) Per () = W NE, (1) = Wi, (7))
{pe ()} ’

Wht Y (w t (=) Wht =y Ws.t (=)
- (ﬁ(i)%(i)—wi( ba)” (00) ey g L 0] () C(i))

B (yf(i) (Pa< ) = ZaliPa (%(%Y]*ﬁf(1thv)(_l)>>>

= O ()P (i) =37 (Y MC)

where MC, = {,P, Note that wages here do not depend on index i, as labour of each type is assumed to
be perfectly mobile and so wages of particular type are equalized across all firms. So we come to familiar

formulation

{pn(la)lx é(;ZQts ¥y (i) Per (i) — y7 (i) MCs)

Firms choose prices to maximize expected profit and let’s assume the firms follow the Rotemberg price

setting where there incurs a quadratic costs in changing prices.
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(- 1 <Wb,z>v wer )V
RN 1—v

where MC; = {, P.; Note that wages here do not depend on index i, as labour of each type is assumed to be

perfectly mobile and so wages of particular type are equalized across all firms. So we come to familiar for-

: 2
mulation of setting prices in Rotemberg setting where the quadratic cost is taken as % < szgl()i) — 1) ¥e (i).

This yields us :

V()= Lo [(yf(i) Pall o ME) 2 (R 0)y <z'>]

Py Py Pct—l(l)

subject to Intermediate goods demand equation :

o =r ()

Fer

The problem for the optimal prices setting at time ¢ can, equivalently, be written as
Y Pt (i) ) (p <i>>—8 Q( P (i) )2 (p <i>)—€
V(i)=E 0°m — YO —= —— | =—=-1) Yf
()= ) 6'm [( P o) Uk 2 \Per1(i) "\ P
The problem for the optimal prices setting at time ¢ can, equivalently, be written as
: - Pet (i) ) (pcr (i) ) coQ ( Per (i) )2 (pcz (0) ) B
V(i)=E') 6’m —= =G Y| —= ——|=—=-1]) Y
) =ELom, [( 20 g Yy (2 () (2

Let —P;Q(i) =Py

ct

V(i) = EtiQSmt,s <13; - Ct) Ye (E) oL (M _ 1) Zth (ﬁ;) ¢

2 Pctfl

where 1 4 7;is the Gross inflation in the aggregate price level of the consumption goods side.

— 2
- _ ¢ QP e
max E; Z 0°my (Pct - Ct) YS <Pct> ey (—cz(/i’ m) 1) Ye (Pct>

{;;C/t}s:t s=t PCZ_I
FOC w.r.t 132 :
d - Q(P,(1+m) ’
— N\ —E . ——\ —E
0=-2 [EY 6'm (P— )YC<P) (el YC(P)
0P t ; t,s et — G ) Y Py 5 A ¢ \Let

—~

—€ . —~\ —€&-1 c
=(l—¢) <Pct> Y, +¢€ (Pct> Gy,

209



— —~ 2

P.(1 1 —\—¢ 1 (P41 5\ ) ye

o a(l+m) (j:/”t) (Pcz> _ - M_l g(PC,> YS
Pct—l PCI—I 2 PCt—]

(P;zjl(l-i‘?fzﬂ) 1) ye (PN>*£ (P/C:II(1+7Tt+1)>]
Pv - t+1 ct+1 —
ct

Pt

We can safely say that all the firms will chose the same optimal price which is the relative price in our case

+Q0Om;

due to the Rotemberg scenario assumption that all firms are identical in changing prices and also the same
marginal cost which is firm independent MC; = Z,{; P.;which implies the relative price I/'Zis equal to 1.

substitute and we obtain the equation for the aggregate inflation:

, , 1 .
0= (1 — S)th _}_EC[YIC _ QYIC ((ﬁl) (1 —+ 7[[) — 5 (ﬂl>28) +Q9mt7t+l [(7[[+1)Yt6+1(1 -+ 77:t+])]

(158) +éé}+etmt+1 [(ml) Ygt‘ <1+7rz+1)] = (th(1+7r,)—%(7rt)28) T
(1{—28) +%Ct+Et |:0ﬂ’l’lt+1 [(ﬂt+1) Yé;l (IHTZH)H — <7rt(1+ﬂt)—%(ﬂt)28)

A.1.5 Private Sector Equilibrium

b:1: (NbJ)(P = Wps [Pes&r]

b:2:0=
({01 t) ()" (o) (H) %) ") =Pl + P21~ )

+B[Poys1&1] gl (1-8)

b:3:« (Cb.‘,)afl (Hb,;)lfa ((Cb,t)a (Hb,t)lia> ° =P,

1
b:4:0=[P;&]— [Pey¥i]Rio — BPeyr1&1] Rio———
1+ m 4
1
b:5:0=NyWp,+dio+1tp,—Chs—q'(Hps — (1 —8)Hp,1) _Rt—l,odt—l,OH—n
1

b:6:0=(1- X)Q?Hb,t — R od; o
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s:7: (NSJ)(P = Wyt [Pe i ]

5:8:0= (1= @) (Hy) ™ (C)® ((Co)* (Hy) ™) %) = [Pl @ + 8 (1P A gl (1= 8))

R s

§:10:Pe Ay = 0 [Pep1 A41] 1+ 7.4
1+

Q
s:11:Y =Cp +Css + Enthf

s (=) +el [Poid] [V _ LR
fe 12 ) + 6, Por] ve (I+m1) (1) | = ( m(1+m) 2(”:) 3
(v—1) (I-v)
fc o 13:N¢ _ () vey) Y

bt — Zos v(vfl) (1 N v)(lfv)
L ()" ()Y

€ I /wp\V [ wsy v
hoto15:q=— () (=
/ @ (1-€)Zy \ v <1—V>

L(Wb,t)(v_l) (Ws,t)(l_V) i
Zy vOTD (o)

1 (wp,)" : (=v)
fho 17:N§lt:Z_( b)" (o) -
’ n vV (1_‘/) )

fho: 16:N}, =

Yth

mc : 18:Bs; =D,
me : 19:N} =Nj, +Ng,
mc 1 20:Nf=N! +N,
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Q
21ty = (1—x) (Yf — Wiy NS, — Wy Nj, — En,sz +Y/q) —we NI — wb,,N,f’,)

Q
. 2 h _h h h
2:ty = x (Yf —Ws Ny, =Wy Ny, — Y+ Y q) —ws Ny —wp Ny,

2

23 ¢ Y= (Hp,—(1—8)Hy, 1)+ (Hsy — (1—8)Hs,—1)

Rto ¢
24— =(1+m)™"
R (1+m)

o

I wp\VY [ Wsy -
G Zet N\ V (l—v)

26: Rt,o = Rl‘,S
where
m L= 9 [Pc,t+124+l:|
a Pesy
1, [Pc,t+llr+11
Rt,s Pc,tlt
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A.2 The Model with amount of lending based on income

A.2.1 FOC:s for Borrowers:

JL
aijt

=Up, (CpssNo s, Hpy) +EWp s+ uW,,

= - (Nb,t) 0 + éth,t +WuWw,,

dL

+BEL0) (1-0)

JdL _a\ " C -1 _
3y, ~ (@) () 7%) e (G (1) =&k
z
dL
oD = 51 - lPth,o - Bét—HRt,o

t,0
L .
% = Nb,th,t +Dt,o + Tb,t - Pc,sz,t - Qz (Hb,t - (1 - 5)Hb,171) - Rt—l,th—l.,o

t
dL
v = UNp W1 — Rt oD1 o
t
(M)
é:t +Y¥u bt

0= (((1-a) ) (c0)* (1€0,)" () ) ) 51

+BE10! 1 (1-6)

((Cb,t)a (Hb,t) 1—(x> - o (CbJ)a*l (Hb.,z) l-a
P.;

)

:gt

0= 5; - "PtRzp - ﬁgﬂ—er,o
0= Nb,sz,t +Dt7o + Tb,z - PCJCbJ - Q?(Hb,t - (1 - S)Hb,z—l) —R,,L(,DFL(,

0= ,Lle,;Wb,t - Rt,th.,o

Representing all the FOCs In Real Terms:
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Wp
(Nb,l)(p = P ! [PC,tgt +Pc,zlPtLl]

ot

0= (((1 — ) (Hp) =% (Cpys)” ((Cb,t)a (Hb.r) Hx) G) ~ el Pl)

.

Qh
+ B [Peyr1&i41] P ot
ct+1

(1-9)

((Cor)* (Hp) %) 7@ (Cor) ™ (Hy) ' = Pesle

[Pctgt] Rto Rto 1
0=—=——|P.;¥ ~ — b P, .
Pc; [ ct t] Pc; .B[ c,t+1§t+1] Pc7t 1+7Tz+1
Wer  Dio  Tpy or D1, 1
0=N\, : : — —Cp;— L (Hp; — (1 —=0)Hp ;1) —R;— :
b Py * Py +PC,t b Pc,t( ba = ( MHyim1) = Ri-10 Py 14+m
bt Dto
0=un, ~ —R :
u btPCt t,oPCt
Forx,:%:

(Nb,t) = Wit (P& + UP /W]

0= (((1 —a) (Hps) " (Cpe)® ((Cb,t)a (Hp,) HX) _G) — P&l Cl?) +B[Peri1&ilgl (1-8)

o (Coa) ™" (Hi) ™ ((Coa)* (His) ™)~ = Pesy

1
0= [Pc,tét] - [Pc,t\Pt] Rt,o - ,B [Pc,tJrl&tJrl] Rt70—
L+ 7m0
1
0= Nb,th,t ‘f‘duo ‘HbJ - Cb,t - lel(Hb,t - (1 - a)Hb,t—l) _lel,odtfl,o 1+7
t

0= UNp Wy s — R odt o

A.2.2 FOC:s for Savers:

FOC:s:
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oL
ON?
oL
OH;
oL
aCs
L
OB;
oL
oA

- UNZ (Cs7t7NS7t’HS7t) + A'IWSJ

= 0 (Un, (CyoNso Hot) = 101 ) + 071 (210011 (1-6))
= UCt (CSJ:NS,taHS,t) - %cht

= —0'A+0" AR

= Ny Wi +Ri 1B 1+ Tsy —PoyCyy— QM (Hyy — (1— 8)Hy; 1) — By,

Representing all the FOCs In Real Terms:

_UN, (Cs,th,taHs,t) _ ‘/Vs,t
UCt (Cs.,l;NY,taHr,t) Pc,l

U Q| O
H; (CstaNst; st) [ ct%] P t [Pc,t+lﬂ¢+1]P. (1_5)

Pc,tafr - UCt (CS,hNS,t?HS,Z)

R; 1
34——9 Peii1Ait1 ——
Ct ct [ c,t+ + ] 1-1-7'[;+1 PCJ
Wst Tst Bstfl Rtfls Qfl Bst
0=N, =4+ —=——— —Co;——(Hg;, — (1—0)Hs; 1) — —=
S’tPc,t Py Pep1+m o Pc,t( o = ( MHsi-1) Py
Forx,:%:

Ry s

Pc,tﬁf =0 [Pc7t+1}/t+1] 1+7.
1+

R
0= Ns,tws,t + 15+ bs,t—l lt = st Q?(Hs,t - (1 - S)Hs,t—l) - bs,t
+
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A.2.3 Housing Firms:
Employment Cost Minimization problem:

L= Wi Nty (0) + Wo N2 (1) = Pertt (ZaaVsy () N2 () =31 )

= Wiy — PumiZig VN, ()7 NI ()Y = Wy, — Pampv 2 —
8Nl};’t (i) bt 1 Ni Lt b,t( ) s,t( ) bt — Fee Ny Nlil,t B
dL \ ) 2
(9N£t (i) st et e Ze ( ) bJ( ) s,t( ) st et M ( )Nfl’t 0
aL ‘ e ‘
OPum; ZuNp, (i)' N () =y () =0

W.
forwj = Tft’ FOCs are :

wo Ny, (i) = vy (i)
wealg, () = (1=v)nyyy (i)

It also follows that 1, can be derived as:

Woe — MZu VN, () NE () = 0
Wy — MeZp (1 — V)Nlil,z (i)sth,z " =0

1 .
( Wh t )V_] N[?,; (i)

M ZV NI (i)
( Wst ) % - Nl}:l,t (l)
NiZp (1 —V) Nsh,z (i)

1 <Wb,t)v Wyt v
nl - th V 1—V

substitute 7, into the FOCs from the intermediate firm’s cost minimization problem gives us the demand

for two different labour inputs in this sector:

1 (we) Y ()Y
Zy v (- y)(I7Y)

1 (Wb,t)v (Ws,t)(_v)
Zy VY (1_\,)(*\/)

Ny, (i) = ¥ (i)

NshJ(i) = y?(i)
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. €
Aggregation yields (we denote A, = [ (p’T(t’)) di

(v—1) (1-v)
Ny, = / NE, (i) di = — (W”J{ (W_”) / i (i) di

o B oge 1 (Wb,t)v (Ws,t)(_v) B g
Ns,t - /Ns,t(l)dl_z_ht vV (I—V)(_v) Vi (l)dl

Price setting:

Zy VY (1—v)Y

(3 (O () = Wi, (1) = WauV}, (1))

Y )Y
SACLACE Zlm(v”i) ((1_”)(v)y?<i>—w

= 1) (Q? (i)~ n,Pct) S CAGIAGEST <z'>Mct)

1 <Wb,t>" We.t v
nl - th \% 1 -V
where MC; = n,FP,, .Note that wages here do not depend on index i, as labour of each type is assumed to be
perfectly mobile and so wages of particular type are equalized across all firms which also implies that the

intermediate-good producing firms each have the same

real marginal costs of production. . So we come to familiar formulation

. Etszmm CAOLAGEIAGIY
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subject to

o =r(20)

Substitute demand

{GOYL = 1

00 hoaN 1—€ BN —€
max_ E; Y my ¥ (Qfl <Q[Q§ll)> - (Q[ Ell)> MCI>

FOCs |
) hos —& ho e
o Ft (1-00 (40) (%) e
s=t Qt Ql
orH\ Qe & MG
Q? Pt B (1 - 8) P,
Aggregate

o & MG

P;  (l—¢) P,

substitute and we obtain the equation for the house prices:

- (wm)Vl wer NV
Py (l—e)\v /) Zy\1-v

A.2.4 Consumption good Firms:
Cost Minimization:

The cost minimization problem of the intermediate good producer by choosing labour N, (i) , Ny, (i) will

go down to as :

L= WyaNe, (1) -+ Wa N, (1) = Py (Zaas, ) NE (0 =5 )

L = Wbt_PctCthIVNg (i)‘Flth (i)li‘}:Wbt_PctClvm =0
Ny, (i) ’ ! > ’ Ny, (@)

oL . o vy (i)
e, ) Wor T PubiZa (L= VNG (07N (077 = Wy = Pl (1=v) u s =0

From where

Wb,leS,t (i) = PuGvy; (i)
WeilNg, (i) = Pl (1-v)y7 (i)
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wp Np, (1) = Gvyi (i)
wsNg (1) = G (1=v)y/ (i)

It also follows that {; can be derived as:

Wbt = CtVthng,z (i)‘Plec,t (i)liv
Wsi = Ct(l_v>zclN1§,t (i>stc,t 0"

( Wy ) T NG
CthtV Nsc,t (i
( Wyt ) . Nbc,t <i

GZo (1—V) Ng, (i)

¢ = 1 <Wb,z>v Wyt =
"z, v 1—v

substitute ¢, into the FOCs from the intermediate firm’s cost minimization problem gives us the demand

~

<=

— ~—

for two different labour inputs in this sector:
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(v—1) (1-v)
M = [ = U sl

Niy = / Mo (1 = A Q02)” )" / ¥ (i) di

Price Setting:

Firms choose prices to maximize expected profit:

max 600 (o ()P (1) = W5, ()= W, ()
) ’

= (i 1 s 1 (vat)v (WSJ)(_V) ¢ p 1 (Wb,t)(wn (Ws,z)(l_v) s
— (yz (i) Pet (l)_W’Z_ct v (l—v)(*v)y’ (i) =W)—- _ e ¥ (i)

. c/e . WbJ Wht -1 Wsr [ Wi =D
N (y’ ® (PCI(Z)_Z“C’P“<PC, (5 + P (1—v)

= 07 () Per (i) —y; () MC)

where MC; = (P, Note that wages here do not depend on index i, as labour of each type is assumed to
be perfectly mobile and so wages of particular type are equalized across all firms. So we come to familiar

formulation

{pn(13)1X thle ¥t (i) Per (i) — vy (i) MC)
s s=t

Firms choose prices to maximize expected profit and let’s assume the firms follow the Rotemberg price

setting where there incurs a quadratic costs in changing prices.

¢ = 1 (Wb,z>v We.t v
Tz, v 1—v

where MC = {, P,; Note that wages here do not depend on index i, as labour of each type is assumed to be

perfectly mobile and so wages of particular type are equalized across all firms. So we come to familiar for-

. 2
mulation of setting prices in Rotemberg setting where the quadratic cost is taken as % (Ifi—gl()i) — 1) ys (7).

This yields us :
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Vi)=Y o [(yf(i) Pl o MG) 2 (RO Yy <i>]

Py Pctfl(l)

subject to Intermediate goods demand equation :

(i) =Y (pct (i) ) —e

Fet

The problem for the optimal prices setting at time ¢ can, equivalently, be written as
. = Pet (i) ) , (pa (i) ) ) < Pu (i) )2 . (pc, (i) ) ¢
V(i)=E 0°m — Yo | —~2 - —+—=1]) YF
( ) tSZ:; hs [( Py CI ! Py 2 Pctfl(l) ! Py
The problem for the optimal prices setting at time ¢ can, equivalently, be written as
. = Py (i) (pa()\E Q[ Pali) 2 e (Pa (D)
Vi)=EY 6°m (C’ — )Y( - = ——1) Y°
( ) tSZ:t 1,8 [ Pct Ct t Pct 2 Pct—l (l) t Pct

LetIDCIQ—LSi):P;

Pcl—l

oo —~ 2
v =B E o | (B ) () - (U ()

where 1+ 7;is the Gross inflation in the aggregate price level of the consumption goods side.

— 2
= _ -t Q[P -
max £ Y 6°m,, (PC, . C,) Ye <Pc,> - (M _ 1) % (PC,>

{ﬁ;}j:t s=t PCI_I
FOC w.r.t Py:
P = Q [ P,(1 ?
— —\ —€ T —\ —€
0=—=|EY 6m, (Pc, - g,) Ye (PC,> _Q (Pt m) )y (Pct>
aPct s=t 2 Pctfl

= (1-¢)(P) Cxite (P) o

(P ) o gy (Bl Y )

Pctfl Pctfl 2 Pctfl
Pooi(l4+7 . Nt (P, . (1+x
QO a1 (L) ve, <Pct+1> ct+1(NJ; i+1)
PCt Pct

We can safely say that all the firms will chose the same optimal price which is the relative price in our case
due to the Rotemberg scenario assumption that all firms are identical in changing prices and also the same

marginal cost which is firm independent MC; = Z,{; P,;which implies the relative price j—’;is equal to 1.
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substitute and we obtain the equation for the aggregate inflation:

. , , 1 .
0= (1 — S)th _|_£C[th _ QYIC ((7[[) (1 —+ 7[[) — 5 (ﬁl>28) +Q9mt7t+l [<7TI+1)Y;+] (1 + 7[;4_1)]

(lg—ze) +é§t+9zmt+l |:(ﬂt+l)%(1+ﬂt+l):| = (ﬂ:,(l—{—ﬂt) _%(ﬂt)zs)
(lg_zg) +é€t+Et [G,mm [(ﬂt+l) Yécl (1+7z,+1)” = <”’<1+7Tt)—%(7rt)zg>

A.2.5 Private Sector Equilibrium

b:1: (ijt)q) = Wpy¢ [Pes& + UPe s W]

bi2:0— (((1 — ) (H3) = (o) ((Co)” ()~ _") P qf’) +B[Pessi&i] gy (1-8)

1

b:4:0= [Pc,tét] - [Pc,tlpt]Rt,o - B [Pc,t+1§t+1]Rz,ol—
+ 41

1

b:5:0=Npwp,+dio+ty;—Cpy—q' (Hys — (1—8)Hp, 1) — 1’3z71,odt71,01+—7r
1

b:6:0= “Nb.,lwb,t —Rt,odt,o

s:7: (Ngs)? = wyy [Pesd]

5:8:0= (1= @) (Hy) ™ (Co)® ((Co)* (Hs) ™) %) = [Pl af + 8 (1P A ] gl (1 8))
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Ris

§:10:Pe Ay = 0 [Pepy1 A41] 1+ 7
1+

Q
s 11 :Yf:CbJ—i—Cs,z—FEEIZYzC

(1—e)+el |, Paniden] [Yo } ( Loy )
Q CoPaA] LY (14 Ti1) () 1+ m) =5 ()
(v—1) (1-v)
ove — L (Why) (W) ye

b’t_th y(v=1) (I—V)(liv)
_ 1 (wo)" (wy) )

& I wp\V [ wsy v
c15:gh=— — (= 7
fh 5 4 (1—8)th< \% ) (1—V>

(v=1) (1-v)
1 (Wbt> (Wst)
N I UL 7 \
f]’l : 16.Nb,l_th v(V—l) (I—V)(I_V)Y[
\% (—V)
s 17t — L) On)

mc : 18:Bs; =Dy,
mec : 19: N,b = Nﬁ, +Np,
mc ZO:N,S:NQ,—FNS?,,

211, = (1—x) (Yf —WsiNg, —wp Npy, — >

Q
2 h_h h h
Y+ Y g — Wit Ny s — Wb Ny,

Q 2 h h h h
2:ty = x (th —WsiNg, =W iNp, — = Y+ Y q) — W iNp —wp Ny,

2 ; s
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23 ¢ Y= (Hp,—(1—8)Hy, 1)+ (Hsy — (1—8)Hs,—1)

26 . Rt,o Rt s
where
I [R,zﬂ%ﬂ}
a Pey
1 0 [Pc,t+lafr+11
Rt,s Pc,tlt
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A.3 Buy to Let Markets in DSGE Framework with Dixit Stiglitz Lite Utility and

Collateral Constraint
A.3.1 Hand-to-mouth workers

The Hand-to-Mouth household problem is to choose N/, H] by maximizing the utility subject to the budget
constraint. Forming the Lagrangian L, with A; being the Lagrange multiplier. we have:. The Hand-to-Mouth
households will have the efficiency conditions for the Lagrangian as follows:

FOCs:
L:EOi ,}/‘ 1 ((CP)O‘ (Hr) lfoc> -0 1 (Np)1+¢
= 1_6 t t 1+ t
p_ NOW + Ty —HQ;
C/ =
Pey
LZEoiV ; L a(Npr—l—T,—HrQr)a(Hr)l*a lfO'_L(NP)l-HP
= l—o P, t Wi ps t ¥t t 110 t
JoL
ONP
l-o 1\“ . mlea ) -
m((a) (NPWP + Ty —H Q) (H)! a) ?
1\ _
@ (VW Ty~ B0 () (D - ()
ct
JL
OH
l-o 1\* o o) -
m((a) (NPWP + T, —H{ Qf)" (HY) a) ¢

o— nl—o 1 * rAr)\ % ry—o 1
i (WY + T 70 D () (- (NP4 T 00) )

c,t c,

0 = N'W/+T,,—P..C —HQ —C/

JdL

p
g = (€ ) =) e (@) ) gt ()’
S = 0= (@) mne) e [ale) g 1-a) () ) ]

P.,C = NIW'+T,,—H Q]

() = (€)= () ) et

0= (/) ' =) = [—a ()™ (H) =g + (1 =) () * ()]
C = N/w/+t,,—Hjq]

225



A.3.2 Borrowers

The Borrowers households problem is to choose C?, N”, H” | H!, D?, D by maximizing utility subject to the
budget constraint and the collateral constraint. Forming the Lagrangian L, with & ,P; being the Lagrange

multipliers we have:The Borrowers households will have the efficiency conditions for the Lagrangian as

follows:
FOCs:
IL ) 0
aNtb - UN,” (Ctbthvatb_Ht) +§t‘/vtb == <Ntb> —}—éVth
oL ,
b p’ <UH,b (Ctb?Nlb’Hlb_Ht> —éthl‘i"PtlJQfl) +B1E 10 (1-8)
t
o 1-a\ ~° —a a
= (((C”) (1P —H;) ) (1-a) (B —H;) ~ (c?) ) — & O+ WOl + BE 1Oy (1-6)
aL r r
omp = Un (CLNDHP —HY) 4 6,07 —¥iui0f

() ) ™) 0 ) () e
JL

o—1 l-o o I-a
&_C‘b = UCzb <C;77Ntb7th _Htr> - étPcJ = <Ctb> <th _Htr> ((CI{9> <th _le> ) - étPc,t
t

JdL

= ét - \Pth,b - ﬁétJrlRt,b

oD’
JdL
& PeyC) +Q (HY — (1= 8)H} )+ R_1 4D}, —H/ Q] —N/W — D] — Ty,
t
dL hyb b
a_q_,t - I'LQtHz _Rt,th
Simplify
)
(No.s)
9 — Wb
& !

0= (((1 — ) (Hpy —Hyz)”“ (Cpp) ™ ((Cb,z)a (Hps—H,y) 17“) _G) —&0] +‘PtuQi’)

+B5¢+1Q?+1(1 —9)

226



0=— <(1 - ) (Hb,r —Hr,z)_a (Cb,r)a ((Cb,t)a (Hb,r —Hr,;) 17“) _G> +&0;

0=& —Y¥iR p—BE+1Rp
0=H/Q/ +N'W)+D¢ + T, —PeyCpy— Q' (Hpy — (1 —8)Hps 1) —Ri—1,,D!_,

0= puQrH? — R, ,D?

Representing all the FOCs In Real Terms:

W,
(Npy)® = 22 [Ps&]
Py

o= (11-a) (-1, <cb,z>“(<cb,f>“<Hb,z—Hw> )7)

h
[ctgt] P., [Ctht].u}T;
h
QH—I 5
+ﬁ[Pc,t+1§r+1]P (1-9)
c,t+1
_ —0
e <(1 = 00) (Hys — Hye) " (o) ((Co) ™ (Hos — Hs) ') >
oA
P &) =
+ [Pes&] Py
_a\ "% -1 _
((Cb,z)a(Hb,z—Hr,r)l a) & (Cos)™ (Hpy—Hps) '™ = Pess
(P& R; 4 R; 4 1
0= 1p w4 grp ’
P [Pe¥] P, B [Pesr18i+1] P 1470
O; Wi Diag  Tpy h D14 1
0=H =L +N, +—+-—-C H 1—-0)H R A
tPc,t btPct Py Pey b = Pc,l( b ™ ( ) b= D)~ Ree 170Pc,r4 14 m



h D
0=p—"Hy, — Ry g2
u P., bt t.d P.,

for x; = Pit, are:
Cy

(Nb,t)¢ = Why [Pc,tét]

0= (((1 —a) (Hp, —Hr,t)ia (Cb,t)a ((Cb,t)a (Hp; —Hyy) 1_a> G) — [Pes&lq) + [Pes¥i] .UQ?)

+ B [Pes+16+1] CI?H (1-9)

0= ((1 — o) (Hpy —Hy) * (Cps)* ((Cb,t)“ (Hp, — Hyy) 1*“) _6) —[Pes&ilay

s B
((Cb,z)a(Hb,t_Hr,t) 1_a> a(Cb.,z>a 1(Hb,t_Hr,t)1_a: et Gt

1
1474

0= [Pc.,zgt] - [Pc,tht] Rt,o - B [PC,H-] ét—i-l] Rz,d

1
1+ 7

0=H/q, +Np W +dra+tp; —Cps— g (Hpy — (1 = 8)Hpy—1) — Ri—1 adi—1.4

0= .uCIleb,t —R;qd; 4

A.3.3 Savers

The Savers households problem is to choose C;;, N, Hs;, B ; by maximizing the utility function subject
to their budget constraint . Forming the Lagrangian L, we have:. The Savers households will have the

efficiency conditions for the Lagrangian as follows:
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FOCs:

dL
oy = U ConnNop Ho) AWy
oL _ o' t+1 h _s
aHS - UHz (Csl‘aNsla Sl) A'I,‘Ql‘ +9 )¢+1Ql+1(1 )
t
aL
a_C;V = UCt (CSJ:NS,laHs,t) - %Pc,t
dL
aB; - —9’7% + GH_ll[_‘_lR[,s
dL \
ﬁ - NS,tWS,l +RZ—I,SBS,Z—1 + TS‘,Z‘ _PCJCSJ - Ql (Hsat - (l - 6)Hs7t—1) _BS,t
t

Representing all the FOCs In Real Terms:

_UN, (Cs,th,taHs,t) _ ‘/Vs,t
UC, (Cs.,l;NY,taHr,t) Pc,l

U Q| O
H; (CstaNst; st) [ ct&] P t [Pc,t+12'1+1]P. (1_5)

Pc,tafr - UCt (CS,hNS,t?HS,l>

R; 1
34——9 Peii1Ait1 ——
Ct ct [ c,t+ + ] 1-1-7'[;+1 PCJ
Wst Tst Bstfl Rtfls Qfl Bst
0=N, =4+ —=——— —Co;——(Hg;, — (1—0)Hs; 1) — —=
S’tPc,t Py Pep1+m o Pc,t( o = ( MHsi-1) Py
Forx,:%:

Ry s

Pc,tﬁf = G[Pc7t+1)/t+1] 1+7.
1+

Rt—l,s

1+ - st_CI?(Hs,t_(l_S)Hs,t—l)_b&f

0= Ns,tws,t + 15+ bs,t—l

the corresponding optimal conditions for savers For x; = [)f—’t:
C1
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Ry
1+

Pc,t;\f =0 [Pc,t—i-lz't—i-l]

R
0= Ns,th,t + 1ty + bs,z—l 1Z = st (]zh (Hs,t - (1 - 6)Hs,t—1> - bs,z
+ T

A.3.4 Firms

Final Housing goods Side of the Production Economy

1

._o-forming the Lagrangian equation with the above equation gives

The final good firms will chose { yfl(l)}

us:

1
I 1 ~1
anf B e—1 .
h, € = e—1
= el | el S0 | ot
t
0
1
1 e_1 ~1
e—1
€ N E=L e—1
=S| [ra e E N0 |~
0
1 —1

Divide by Q" gives




—1

-1

yif,f) _ (Qé g)) .

This equation gives us the demand for each intermediate input as follows:

() = (%"))_8&’1

substituting the demanded intermediate goods from the above y/'(i) back into the profit function of final

goods producer:

gives us

1 1
hos /s € —
Q?Yth / (( t Ef))le) di /( t Ell)>178 1
0 ! 0 !
substituting the demanded intermediate goods /(i)

i) = (Qég,”)_g ¥
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back into the production function of the final good producer :

[
|
—

1

el

= | oo a
0

gives us

y) = O/]<<Qf’£(li)>gyth> el

&

which implies

1 b 1-¢ e—1
[Cor) o) =
0 t

Final Consumption Goods Side of the Production Economy

The final good firms will chose {yf(i)}}zo,forming the Lagrangian equation with the above equation gives

us:
1 =1
e—1 .
wl=r| [0 al - [roxoa
0 0
1
1 —1
oL/, £ I o -
e e | [ el S | R
0
1
1 —1
e—1
E = e—1 L
o= | S| [0 a0 |-G
0
1 —1
0="PY, € y5(i) € — P (i)
Divide by P/ gives
0=, €01(0) € — 5
t
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O(m)?lm

Y Ff
—1
¥\ & _ )
Y o7

50 _(FD)

This equation gives us the demand for each intermediate input as follows:

e PE(i)\ C .
ytl):([PT> Y,

substituting the demanded intermediate goods from the above y¢ (i) back into the profit function of final

goods producer:

gives us
1 pe (1) e pe (1)
() ) ] o) e
g g
0 0
1 e e—1 € 1 e
Ptc / ( tPEl>)1£'th € di e—1 _/Ptc ( IPEO)IE'YtC'di
0 ! 0 !
1

substituting the demanded intermediate goods y¢ (i)

o= (50 "y
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back into the production function of the final good producer :

1

ve=| [y ai

r = vy (i) l
0

gives us

o™
—

which implies

A.3.5 Intermediate Housing firms

Write down the Lagrangian:

L= WiNE, (1) + WPND, () + N (1) = Pt (Za (1) Np (0N () =57 (1)

oL _ yr_p NvZuNt, () NI, () NE, ()Y =W — Pym y 20 g
aNllle (l) t ct'!|t t Dt b,l st t ct'|t N]};’t (l)

JL - e Y, (i)

——— = WP —PumuZy N, (i) N, )N ()T =W — Pamu= =0
aNl[;t (l) t Ci Dt R st t C Nll;lJ (l)

JL - v (i)
R WS_P 1—M—VZNh lVNh -uNh N l—u—v l:Ws_P 1—u— t —0
aNfl,t @ t et e ( )ZnNy, (i)" Ny, ()" Ny, (i) t etMe (1 —u—v) Nsh,t @)

from where

WINp (i) = Pamevyy (i)
WP Ny, (i) = Panuuyt (i)
WENG (i) = Pame (1—u—v)y7 (i)

WiNy, (i) = Myt (i)
Wthlil,t(i) = nruyf(i)
wiN (i) = n(1—u—v)y] (i)
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Substitute the production function into the above equations, from which we get :

Wg) = ntVthNg, (’) Nlilt() Nfz (i)liuiv
wl = muZuNt, (i) Nb,<> )
wp = nt(l—u—V)th oM sz(l) Nsht(')_“_v

-1 u
W (N @O (NG
NeVZp Nsh,t (i) Nsh,t (i)
. . u—1
Wf _ N[})l,t(l) ' Nlﬁit(l)
NeuZp Nsh,z (i) Nfit ()
W O (NENT (N D"
(1 —u—v)Zpy N (i) N, (i)
1— u
Wl (NEDY T\ (NG
MeVZy \ Ny, (i) sh,t(l)

, o
NeuZp: \ NeVZp NI (i)
1

L —
Wf = th W? ( th ) u (1—-u) (I*V)%(ufl)ﬂ
nl (1 —Uu— V) th nl VZ]’ZI n[uth n[ VZI’ll‘

to yield the solution for the Lagrange multiplier:

_L L (lfufv) W_ll? u W_{? 1%
TIz—th l—u—v u v

Substitute back the Lagrange multiplier back yields us the labour demand equations for all the three
1 Ws (lfu V
Nty = — ("t
o - z(=s) G

o)
- ) ) e
- 4 () () (e

Now that we have all the labour demanded from intermediate goods . Aggregating the labour demand

household sectors and are as follows:

equations through the intermediate firms will give us the aggregate labour for all the three sectors of house-
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holds using the aggregation rule .

yields us

1 wS L AT A
h NPT t t t h h
pu— p—— —— —_— —_— Y
T G
1 5 (—u=v) /o b\" /1 P\"Y
= froa () () (v
> ’ Zp \1—u—v u v >
Substituting back the aggregate labour demands into the aggregate Production function gives us:
1 s (1—u—v) b\ U pN v—1 v
Yie = ZuNpy NEENG T = 2, ( (—W’ ) <ﬁ) (W—’> v/
Ziy \1—u—v u v
1w O
Ziyy \1—u—v u v !
1—u—
LR S AN A ANA R
Ziy \1—u—v u % !
Prices Substituting the labour demand from the above profit function. We have:
1—u— u -1
pi Ziy \1—u—v u v !
1 ws (=) b\ Th 7P\ Y
N () = i wr Wi\ kg
b (D) th<1—u—v) (u) (v yi (i)
—u— u
N (l) — L W—f B W_? W_{) Vyh(l')
s Ziy \1—u—v u v !

s (000~ WEN (0~ WENE ()~ WEN 0)

W (1_W—f_v>(lm (W—b)l () o
_szlm ()7 () (%) o
e () () (=) )

= 30 (20 - ntPct) = (1 ()@ () ~yu ()MG)



As From , we have the Lagrange multiplier as:

IR S AN ATAY
nt_Zh, l—u—v u %

Substitute demand of input goods and choosing the values of the prices by the Intermediate good producers

gives us:
hoaN 1—€ hraN\ —€
& e Em (@ (%) () )
FOCs w.r.t O/ (i)

O:;%m%p_wg<%y) “{%;O%AM%

ori\or e MG
( Q? )_—_(1_8) Py

By Aggregating the prices of intermediate goods, we have:

Q' (i)
o

=1

substitute MC; = NPy,

o _ e ne——t L (_m SR ATANATAN
P (l—e)t (1—&)Zpu \1—u—v u v

A.3.6 Intermediate Consumption goods Firms

Write down the Lagrangian:

L= WENE (1) + WPNg, () + WP Ng (1) = Pl (ZaNg (1) Ny (1) NE () = 56 (1))
oL _ B v—1 ¢ (nl—u—v _yup _ yi (i)
NG, () W = PuGvZuyN,, (i) b () Ny, (i) Wy ctCtV c (0 =0
0 i
@é@:=Mumm%m<wmo“w<ﬂ“>w—awb%>o
aL _ s C \V arC C u—v— s ytc(l) _
8Nsc,t(i> = W —PC,C,(I—u—v)ZC;NP,, (4) NbJ() Nst( )1 f= 4 _Pctgt(l_”_V)Nsct(l-) =0

)
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From where

WING, () = Palovyt (i)
‘/thNlit (i) = PuGuy; (i)
WtsN;t (i) = PaG(1—u—v)y;(i)

wiN, (i) = Gvyi (i)
wiNg, (i) = Gyt (i)
wiNg, (i) = G(1—u—v)y (i)

Substitute the production function into the above equations, from which we get :

wl o= GVZaNy, (i) 7 NG, (i) Ng, ()

W? = CtuzctNlcy, (’) th(’)u (l)l_u_v
wi = G(l—u—v)ZuN,, (i) th(l) Ng, ()~

1
wl (NC (i))l_" “ NE, (i)
GivZe \ NS, (i) Nsc,z(i)
Wl < ! )““W afeter (N;,,o')
GuZes \NiVZet Ny, (i)
1

wy ow wh ( w? >i(1—u) =) L)1
G (1 —u=v)Za GVZe GuZey \ GVZa

to yield the solution for the Lagrange multiplier:

Ay e AN A
! Zee \1—u—v u %

Substitute back the Lagrange multiplier back yields us the labour demand equations for all the three house-
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hold sectors and are as follows:

M) = Pctc,vyfa):vyf(i)i( ] )“”V) w_b)(w_)
’ u

p P
W, Wy th

o () ey (o)
R Zee \1—u—v u V
(i

c (i s (I—u—v) b\ U PN\ VY
Nlc)‘J (l) — ctCt”yz ) — uyl‘ (Z)L ( Wi ) ﬁ) (WTZ‘)

wp wh Zy \1—u—v

u
()T ey oy
i Zae \1—u—v u
C
3

() = Pabl—uyi@) _(1—u-v)y (i)ig Wi )“>(w_b>(w_)

NC

st

Aggregating the labour demand equations through the intermediate firms will give us the aggregate

labour for all the three sectors of households using the aggregation rule . Aggregation yields (we denote

A= (f’fT(t")ygdi

ekl
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e (T ey
pt— 7z \1—u—v u
[P N AT D AR T AR
b Zee \1—u—v u % !
[P I G e A N AR
St Zii \1—u—v u v !
Substituting back the aggregate labour demands into the aggregate Production function gives us:
(I—u—v) b\ U py v—1 v
Voascangel—u—v 1 w} w; wy
sy - () () () )
L T e T ey
Zet \1—u—v u v “
1—u—
1w T ey oy, )
Zee \1—u—v u % “

Price setting First let’s see whether the Lagrange multiplier will be equal to the Lagrange multiplier in

nominal terms.

¢ e 1 wi o N Sk
Ny, () = ¥ (l)Z_c,;(l——ut—V) f)
c [ C(: 1 w; (1—u=v) Wb “
Nb,t(l) = M (l)Z_,;(l——I/lt—V) <—t)

u
¢ N wi T N WP\
N (@) = <l>z—,<1——u’—v) (—) (—)

C (= N SATC N b c N Pare .
{pg‘r(lgf?':t (yt (i) Pet (i) = W, Ns,t (i) =W, N},J (i) — W, NpJ (l))

_ C (- . s 1 W? (Fu=v) W;’ ! th ’ C
= ¥ () P (i) = W, Zot <1——u—v) <7 ARG (i)
) - w :

p .
. u
Y U U7 L A R/ £ Ry (T
DR o\l e PCl PCt u PCI 1—u—v
C — . )
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The problem for the optimal prices setting at time ¢ can, equivalently, be written as
. —& . 2 . —£
: Per (i) Pai (i)
—E es < C[()_ )Yc(pq(l)) _9( ct : _1) Yc(
t Z [ P CI : Pt 2 \ P-1 (l) ! Pt
Let Pj.ﬁ—c(ti) = ID;

vo-eEom. (B0 (R) - § (F0 1) v (m)

Pctfl

where 7;1s the Gross inflation in the aggregate price level of the consumption goods side.

—~ 2
~ N e~ P (1+m L [~—\ "¢
max EtZe) my g (Pc,_ Cz) YS <Pct> _g (M _ 1) Y (PC[)

{Pct} — s=t PCl‘—l
FOC w.r.t i’;:
0 d o (P.(1+m) ’
— € A —£
0 = 2 [EY 6'm (P— )YC(P) A 1 YC<P>
aPct t ; 1,5 vt — G ) Y P ) P + |\ Let

- a0 (m) wee(m) o

» (" (L5 1> Utx) <pc,)8§(%1)ze<ﬁ;)“ %

ctl

P, 1+m . N (P, 1+
+0,0m; 4 Ct+1(~ )y Yo (Pct+1> CtH(Nz 1)
PCI Pct

We can safely say that all the firms will chose the same optimal price which is the relative price in our
case due to the Rotemberg scenario assumption that all firms are identical in changing prices and also the

same marginal cost which is firm independent MCy; = § P,;which implies the relative price Pais equal to 1.

0= (1= +67; ~0 (B (14m) ~ 3 (m)7€) 7+ 00man [(7) B 1 (1 470

Cc

Y, 1
;/_t‘l(l +”f+1>} = (ﬂr(l + 1) — 5(7@)28> YS

t

(-¢)

5 +— Ct+9,m,+1 [(7%1)

A.3.7 Private Sector Equilibrium

pil: (Np)fb <(C") (Htr)lfa> fca(Ctp)a—l(Htr)lfawf

241



pi2:0=((C)*(H)' =) o |~ (/)" (H) g + (1 - @) () (H]) 7]
p:3: Cf :N,pwf’—Hp,t —H/q;

b:4: (Ny,)® =wp [Pes&]

b:5:0=(1-0a) (Hy —Hr) " (Cos)" <(vat)a (Hp.s — Hys) 1_a> -

— [Py &) g+ [P ¥ g + B [Pes 1&gl (1 - 8)

-

—b:6:0= (1= a) (Hy —Het) " (Co)* ((Cor)* (Hos = Hri) ™) = P&l g}

b:7: ((CbJ)a (Hb,t - Hr,t) 170‘) - (04 (Cb,t)ail (Hb,t _Hr,t) o= Pc,tgt

1
b:8:0= [Pc,tét] - [Pc,t\Pt]Rt,d —-B [PC,I+1§I+1]Rl,d
I+ 741

1

b:9:0=H/q,+Nywps+dr g+t —Cohs—q) (Hpy — (1= 8)Hps—1) —Ri_1ads—1.4 7
1

b:10:0=uq'Hy; —R; qdi g




5:12:0=(1—a)(Hs;) " “(Cop)* ((Cop)* (Hey) ™)~

s:14: Py = 0 [Peyi1 Ay

(o

—[Peshd) gl + 0 [Py A1) g (1= 8)

Ry s
1+m

Q
$:15:Y =Cp; +Cs i +Cpy + STLYS

fc:20:N,,
fe:21: Ny,

fe:22:Ng,

2
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rei3 U5 S ol ) S m)| | = (w0 m - mte)

. . : Q .
241, = (1-x-—y) <th — Wy Ny, — Wb,tNgJ - Wp,tN;,t - Enth,‘ + YthCI? - Ws,thh,t - Wb,tNlil,t - Wp,zNZ,z)

Q
2ve | vhoh h h h
5% Yo +Y q; —wWsiNg; —Wp N —Wp Ny,

25:ty = x (th — wsNg, — WbJng.,z - WPJN;J -

Q
2y h _h h h h
Y, +Y q — Ws,th,t - Wb,[NbJ - Wp,th,z

26t =y (Y,C — Wy Ny, —Wp Ny —wp N, — 5

27: Y] = (Hpy — (1= 8)Hp—1) + (Hsy — (1= 8)Hy1)

mc:28:N/ = N} +N5,
mc:29:N} = Np, +Nj,
mc:30:N; = NshJ+NSCJ

mc: 31 :BS,Z‘ :Dt70

mc:32: Rt,o = Rt,S
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A.4 Buy to Let Markets with CES Utility and Policy Analysis
A.4.1 Hand-to-mouth workers

The Hand-to-Mouth household problem is to choose N/, H] by maximizing the utility subject to the budget

constraint. Forming the Lagrangian L, with A, being the Lagrange multiplier. we have:

1-o
- 1 -1 I\ T 1 14+¢
L=E —(C” b4 (1—a)H' p)‘p (NP
Ot;)/}} l—o al; +( a)t 1_|_¢(f)
CP:MPVVIP—FTPJ_H[Q;
! P,
L=E) Y
t=0
| 1 (1-0)

! Ly a(NPWP + T, —HI QD)7+ (1—a)H!'~» o L vy
J— —_— JR— _a —
-0 P, pit ! 1+ V"
oL _1-0
ON' — 1-0

1 1= % 1-1 1—1 q -
(E a(NPWP + Ty —H{Qf) "7 +(1—a)Hf ">
1
177 L p—1
( a(NPWP +T,, — Her) +(1—a)H[ p)
1 _1 1 1_% ¢
) W T ) ()W ()
P Py

JL 1—-0 | 1" é -
aH’ = ﬁ ( Npr‘i‘Tpl—HrQ[) (1—(1)Hr1 P

l _

1 1_7 -1 - &
. a(NFWP +T,, —H[Q]) P +(1—a)H] 7
p

(1—5) (N'WP +T,, —H/ Q) * (i)l_l( 0N+ (1—a)(1—%)H;—}>]

0 = NW’+T,,—P.,Cl —H/ Q]
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f—NLtp = (a(C{’)l‘f’+<1—a><H:)1‘5)1-é]_6
e (a(C{’)“é+<1—a><H;>1‘f'))"1"]
o(1-2) @) Ry

S = 0- (a<cf>lé+<1—a><H:>lé)¢]G
5o (a(cf>15+<1—a><H,’>15)"1‘]

—o(1-2) @ gra-a (1-3) an ]

Pe,Cf = NfW/+T,,—H/Q]

0= |(a ()77 + (1 —a) () '—é)lll‘a] S

—(1-2) @ ga-a (1-1) o )]

Ctp = N,pwf +t,, —H/lq;

A.4.2 Borrowers

The Borrowers households problem is to choose C?, N”, H” H!, D?, D by maximizing utility subject to the
budget constraint and the collateral constraint. Forming the Lagrangian L, with &P, being the Lagrange
multipliers we have:

Lagrangian
U (Ctb7Ntb>th _Htr)
H] Q] +NYW? + D! + Ty, )

L=Ep Z ﬁt ( _PC,lCtb - Qii(sz - (1 - S)th—l) _Rt—LbD?—l
=0
' +W,; (LOFH] — R DY)
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l-o
- 1 -1 b -1\ -T 1 AN
CP.Np HD H D¢ g ,_26 l-o |\ (=a)(H 4, T+ \'7

The optimal conditions are as follows:

FOCs:
oL RN R b »\? b
aNIb = Usz (CZ7NZ7HZ —Ht)—l—gt‘/‘/t :_<Nt> +§IW/1‘
JIL b nb b pr h h
o = F (Une (CoNE P~ 1) — & (0F) + im0l
B (0F(1-9))
p1—1 b )12\ T -
= (aCt P+(1—a)<Ht—H,) P) P
1 1
P pl—1 _ b_ gr\1-%\°PT _ 1 b_gr\ P\ _ h
2 (ot () ) (0 (1) () ) -5 (@)
XL+ G (1 (1-8))
aL r r
= Un (crNE P~ ) + &0 = -
<a, +( _a)(t_ t) ) p—1 aty a t t
1 b r _% r
((l—a) (1_5) (Hz _Ht> )—i-ngt
JL b nb b pr
a_C;) - UCtb(CmNt?Ht _Ht>_§tpc,t:
1 —0
1 1 J
(aCfl‘ﬁ +(1—a) (H}’—H[) l_ﬁ) ',5]
1 1
_p bl—5 _ b gr 1-1\p-1T _l b\ P
o () ) ](1 D) e,
JL
Db = & —WiRp—BS&+1Rp
aL rr
3_€t - PCJCtb_FQ;Z(th_(1_5>Hfb*1)+Rf*1,bD?fl_Ht Qt_Nthtb_Df_Tb,z
oL
Sy = HOMH —RDf
Simplify to yield
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(Nb,t)q) =Wpt [Pqtét]

o= (ot mao—m) )T o [ ) )
(00 (1-2) (- 10) ) - it () + ¥t
+BPern&n] (!4(1-9))
0=|(act' "7 +(1—a) (H 1) ") 115] -
P (et p 1) (7 7 15)"1‘] ((1—a) (1—%) (th—H[)’l’) Pl

[(acf’l—é +(1—a) (H ) l—lé] GI%

(aCf’l_% +(1—a) <th _H[r) 1—;);)11]
a (1 _ ll)) (Clb)_ﬁ
= c,tét

1
“1 + 41

0= [Pc,zét] - [Pc.,zlpt] Rt,o - ﬁ [PCJ—HéH—l] Rz

1

0=H/q, +Ny,wp, +dsa+1tp,—Cohs — g (Hp, — (1 —8)Hp,—1) — Ri—1.adi—1.4 —
t

0= uq!Hp, — R ad; 4

A.4.3 Savers

The Savers households problem is to choose Cs s, N ;, Hy ¢, B ; by maximizing the utility function subject to
their budget constraint . Forming the Lagrangian L, we have:

Lagrangian

L=EyY 0'U*(Css,Nys,Hss) + A [NssWys +Ri—1 5By + Ty — PeyCyy — O (Hyy — (1— 8)Hyy—1) — By ]
t=0
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FOCs:

dL
W = UNt (CS,hNS,IaHS,Z) + 2'l‘VVs,t
t
oL
o = 0 (U (CanNoa Hy) =20 (1))
t
6 21 (0 (1- )
dL
9C’ - UCt (Cs,t:Ns,taHs,t) - A4,‘Pc,t
t
dL
o = —OAHOTIAR,
t
aL n
m = Ns,th,t +Rz—l,sBs,z—l + TsJ - Pc,tCsJ - Q; (Hs,t - (1 - S)Hs,t—l) - Bs,t
the corresponding optimal conditions for Savers For x; = %:
(NS‘,Z‘)¢ _ S
1-1 1-1 111 - 1-1 1_1\ 5T 1 -1 o
(acs P+ —ap' 0 ) By (o e (1—a) ()2 ) T a (1= 1) ()
(187)

0=

1 —0
s1—1 s1=3\ 1=T P
(aCt P+ (l—a)H,; p)lp] o1

=) (1= ) () = 2 ()

+0[Pidei] (a1 (1-9)

1

1 117° 1 I\ 57 1 1
Peiho= | (a7 4 (1= )" ) ‘-é] ;% (acs™ 7+ (1 —ay () )" a(l—E) e

Ry s

P. =06|P :

,t/ﬂLt [ c,t—i—lzft—i-l] 1+7rt+1
R
O:Ns,tws,t+tst+bs,t—lll = — s,t_QZh(Hs,t_(l_S)Hs,t—1>_bs,t
+ 7

A.4.4 Final Housing goods Side of the Production Economy

We model the production of the final good of Housing via a single stand in aggregate firm that produces

according to the production technology:
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3
e—1

1
v | [0 a
0

Where Y/ denotes the final goods of Housing sector, y"(i) denotes the ith intermediate input, € is the
elasticity of substitution between the intermediate goods. Notice that as € — oo, the intermediate input
goods become perfectly substitutable and to avoid this we assume it to be finite.

The final good firms acquires the intermediate goods from the intermediate produces and make it into a
single final product and sells it to the households in the economy. Also the final producers doesn’t have any
control over the prices, and they take the prices Qﬁ’, Qﬁ’ (i)as given. Hence, the decision problem for the final
good producer in the housing goods side is to choose the demand for theY/” and intermediate goodsy” (i) to

maximize the profit which is given by :

1
oLyl — / 0" (i)y!(i).di
0

where Q/ is the price of the final Housing good and
Q" (i) is the price of the ith intermediate good

taking both the prices as given from the final goods firm perspective,

1
oLyl — / 0" (i)y!(i).di
0

subject to the

£

e—1

1

er

= | oo a
0

which gives us:

1 = 1
@./ﬁme 7/@@%@&
0 0

The final good firms will chose {yfl(i)};:(),forming the Lagrangian equation with the above equation

gives us:

This equation gives us the demand for each intermediate input as follows:
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h/a\ —€
hye o/ (i) h
Ho=(%2)
substituting the demanded intermediate goods from the above y/'(i) back into the profit function of final

goods gives us
E

1 hooaN 1—€ ;
/ (Qt ,Sl)) di =1
J O;

The above Equation has two implications

1) by substituting the value of above equation in the profits equation gives us the profits as zero. i.e., the
profits of the final goods are equal to zero.

/(

E

1-¢ e—1
) di =1

0! (i)
or

implies

1
()| [ty -eail 1
0

€
e—1

1
(&) "= | [ @tn'ea
0
1
) P
0i = | [ (i ~ai
/

Which says that the prices of the final good follow the same aggregation rule and is a function of the

intermediate good prices.

A.4.5 Final Consumption Goods Side of the Production Economy

Final Consumption goods side follow the same as Final Housing side .

A.4.6 Intermediate Consumption firms

Employment Firm i minimizes nominal cost:

min WENE, (i) +WPNE (i) + WPNE (i)
Ny (8) N (1) N (1) t s,z(l) ' b,t(l) ! p,t(l)
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subject to the production constraint
¥ (i) = ZetNg (i)Y Ny (i) Ny (1)
Write down the Lagrangian:
L=WN, (i) + WPNj, (i) + WINp , (D) = Py <ZczN,§,t (i) Nj, () Ny, ()" = (i)>
Write down the Lagrangian:

L= WENE, (1) + WP Ng, )+ WP Np (1) = P (ZeaNj ()Y Ny (0 NE (0! =56 (1))

oL B
INy . (i)
WP — CICIVZCIN;J (i)v_] Ng,t (i)uNsC,t (i)]_u_v
yi ()
=WF - PGV =0
t ct Cl’ NIC;J (i)
JL
8Ng,t (i)
= W/ —PyluZaNG, (i)' Ny, (i) N ()
yi (i)
=W)—P.Gu="" =0
COTTNG, ()
oL
INg, (i)

= W' =Pul(1-u—v) thN;.,z (i)ng,t (i) Ny

N —u—v—1
s,t(l) e

C (i
:W/l‘s_PCtCt(l_u_v)Z\);i‘((z> =0
5.t

From where

WIN, (i) = PuGvyi (i)
WING, (i) = PaGuyy (i)
W/Ng, (i) = Pul(1—u—v)y;(i)

wiN, (i) = Gvyi (i)
weNg, (i) = Gy (i)
wiNg, (i) = G(1—u—v)y (i)

Substitute the production function into the above equations, from which we get the solution for the
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Lagrange multiplier:

Price setting Firms choose prices to maximize expected profit and let’s assume the firms follow the

Rotemberg price setting where there incurs a quadratic costs in changing prices.

R AR L AN A
' Ziy \1—u—v u v

where MC = {; P,, Note that wages here do not depend on index i, as labour of each type is assumed to be

perfectly mobile and so wages of particular type are equalized across all firms. So we come to familiar for-

Per—1 (l)
The firm discounts future profits by the gross real interest rate between today and future dates(stochastic

. 2
mulation of setting prices in Rotemberg setting where the quadratic cost is taken as % (P"—(’) — 1) ¥s (i).

discount factor),

RS A {Pc7t+lﬁ¢+1]
Ry Pt

This yields us :

oo . 2
V@) =E Y 0'm, [(ﬁ(f)m -3 0me) -5 (0 -1) y;‘<i>]

subject to Intermediate goods demand equation :

io=r (20) "

Fer

The problem for the optimal prices setting at time ¢ can, equivalently, be written as

Let P;’)(i) = i’;

ct

- e~ 2

Pctfl

where 7;is the Gross inflation in the aggregate price level of the consumption goods side.

— 2
s . Nt Q[P -
max E Y 0%m,, <Pc, . g) ye (Pc,> - (M _ 1) ye (Pc,>

{f’;}:; s=t Pty
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FOC w.r.t P

0 = 2 (EY 6'm, (ﬁ;g)v(ﬁ;)89<M1>zﬁ<ﬁ;)e

aPct s=t 2 PC;,1

= (1-e)(Ra) veve () oy

o) (g(}iﬂt) _1> (1:*\‘/71}) <}’5C’t>_e_% (M_1>23<ﬁ;>81 Ye

Pct—l Pct—l Pct—l

P (1 —\ ¢ [ Pyia(l
+96m,+1[< t+1(N+7Tt+1)_1) o (Pct+l> ( r+1(~4;7fr+1)>]

PCZ PCt

We can safely say that all the firms will chose the same optimal price which is the relative price in our
case due to the Rotemberg scenario assumption that all firms are identical in changing prices and also the

same marginal cost which is firm independent MCy = {; P.;which implies the relative price Pis equal to 1.

X ) 1 ) )
0= (1 €)¥; +eLr . ((R)(14.m) — ()€ ) 1+ 0O (R 5 (14 7o)

(1-¢) :

€ Y 1
T+§CI+9tmt+l [(ﬂt—kl)%cl(l‘f—ﬂt—kl)] = (7[,(1+7t,)—§(7t,)28)

FOC w.r.t P;: We can safely say that all the firms will chose the same optimal price which is the relative
price in our case due to the Rotemberg scenario assumption that all firms are identical in changing prices

and also the same marginal cost which is firm independent MC; = {; P.;which implies the relative price ﬁ;is

equal to 1.
l—¢) ¢ Peiv1hii Ye !
% + 5@ +E; [et[?gTﬂ [(7'5:+1) %Ll(l +m)| | = (m(l4+m) — ) (nt)zg
where
M1 =06 {P—C’IHA’[H}
’ P
B 0 [Pc,t+17‘4+1]
Rt,s Pc,t)n‘

A.4.7 Intermediate Housing firms

Employment Housing good prices follow a Sticky prices like consumption prices and hence, we assume
housing service prices follow a Rotemberg model of prices. These Housing good intermediate firms will
pay wages to the labour provided by the three sector of households and the employment equation is as

follows:
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Firm / minimizes nominal cost:

i i N () WENG, () NG, ().
st \L) N ()N p (1

The firm tries to minimize their production costs of intermediate goods equation (27) by choosing the
values for the hire of labour provided by the households, Ns}i (i), Ng‘t( ), Nh ;(i)subject to the production
constraint (28)

. . 1—u—
y? (i) :thNl}al,t (l)le};,z( )" Nsht( ) '

Where Z;is the firm’s sector specific technology shock, note that this shock is aggregate shock to the
sector rather than firm specific and forming the Lagrangian L, with 7, being the Lagrange multiplier we
have:

Write down the Lagrangian and solve to get the solution for the Lagrange multiplier:

IR S AN ATAY
nt_Zh, l—u—v u %

Price setting The problem for the optimal prices setting at time ¢ can, equivalently, be written as

2
. = of (i) n,Pa) h(Qﬁm)‘s Q[ o) (Q?(i)>_€ h
V(i)=EY 6m || =5~ — Y, - -1 ¥
(1) = £ ), 6. (Q? a )" g 2 (o) o ) "

Let Qt h Ql‘

2

l):Ezgesmt,s (/QVZ_Z> Yh (Qt) _% %1 Yth (@)8

where 7, is the Gross inflation of housing in the aggregate price level of the Housing goods side.

2

S h Qy /th(l—f—ﬂm) —~\ —€
e [l (25 v
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FOC w.r.t 5,7’:

—~ 2
J - Qy (1 ~\ —€
0 = < |EY6m, (@——)Y’“(Q,) I RA)
00" s=t qr Q?fl
—e—1
U
= (1-¢)(Q!) Y'+e(Q ey,
(@) “wre(@)
—~ —~ 2
o (Bma ) orma gy 1 (@m ) gy
o4 o4 P\
o 1+ e [ Oh 147
+Q,0m; 4 Drie1 ~ he+1) —1 t+] (Qt—‘,—]) Qt+1(N2 hit1)
< o

We can safely say that all the firms will chose the same optimal price which is the relative price in our
case due to the Rotemberg scenario assumption that all firms are identical in changing prices and also the

same marginal cost which is firm independent MC, = 1, P,;which implies the relative price Q" is equal to 1.

1 2
0=(1—¢)Y+ 8%1//’ —Q, ((”h,t) (14 70) = 5 (%) 8) Y +Q,0m; [(ﬂhm) Y, (1+ ﬂh7z+1)]

t

(=g &m i ( 1 ) )
+—— +6m I, 2 14r (. 0+7m,)— (% e
Q, Q, Qt tH+1 ( h,t+1) Yth ( h,t-H) h,;( h,t) 2( h,t)
(1_8) € M [ ct—i—l)LH-]] Yt}—lq—l 1 )
g TE Y Rl i = (g1t 7g) — > (mas) € ) (188
Q +Qh %+ t [Pei ] (ﬂh,z+1) Y/’( +7Th,t+1) 717h,t( + T) 2(71:;,7,) (188)
where
- [Pc,z+1)\¢+1]
t —_— —
" Peih

o 0 |:Pc,t+1k1+1:|
R; s Py

)

A.4.8 Profits of firms and Government Transfers

Aggregate inter-period nominal profit is
7 c c c c Q c h h h h 'Q‘ h
I =Y P — Wy Ny, — Wy Ny, — W iNp, , — 2 Y P +Y, Qt — WsiNgy —Wp Ny, —Wp N, — > 7rh e

We assume that the profit is 100 percent taxed by the government and redistributed according to the
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following rule:

I
fy=(1—x—y)—
= ( y)Pct
1 I,
= X—
st Pct
t I,
" Py
A.4.9 Private Sector Equilibrium
1 _6
.1.NP¢_ Pl_% 1 rl—fq
pP: ( t) = a(Ct) +(1—a)(H/)
1 T 1 1
S| (alen™ v a—ayEn )’ ‘]a(l—g) ()7 wf

p:3:Cl=N'wl+1,,—H/q]

b:4: (Nb,,)¢ =W [Pes&i]

— [Pei&) (af) + [P
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b:6:0=

b:7:

= c,t&t
1
b:8:0=[P;&]—[Pes ViR a— B [Pest1&+1]Reg
1+
1
b:9:0=H/q, +Nb7sz7z+dz,d+lb7z—CbJ—qﬁ(Hb,t_(l_5)Hb71—1)_R"l’ddt_l’lern
t
b:10:0 = uq!Hy; — R qd; 4
)
s:11: . (Bs)
1 1 %1 1
bt ) 5] o
:W[S

s:12:0=

_1.1°
<ac;1—%+(1—a)H§1—%) 1-;,] —pp 1

(=) (1) )~ e (o)

+ 0 [Pesr1Ai41] (Qf+1(1 - 5))

(ac' P (1-a) <Hi>1‘5)””]
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1. 1°°
S 13:PC,l11: (acflié_*_(l_a)H[Sl*%) lll)]

)”11] a (1 —%> (c)»

1

(a7 4 (1 —a) ()

o=

P
p—1

Ry s

s:14: Peydy = 0 [Peyi1 411 .
141

. . Q
51151 = Cpo o+ Co +-Cpa - 5 TGS

(I—u—v
fhil6:NE, = L(L b (wh
Zhl‘ l—u—v u

S 1—u—v
fh:17:N£‘7t — L(L)( )

fhi18: N = L(L AN AN
’ Ziy \1—u—v U v t

h
def 19 9 — 1T
qll 1+7L',
fhio0: =€)y €M pg Peridin] Y
Qp thfl t | Yt [Pc,t%] (h,t+l)W(1+7th,z+1) :(nh7t(1+ﬂh7t)__(ﬂh7t)28>
1 s (I—u=v) /. b\ U v—1
fei2l NS, = _(L AN AN
’ ZC[ 1—u—v u v t
fei22:Ng, = ( AR S S ARNCTAN
0N = Wi wh .
! Zet l—u—v u (_;_) )?
fei23:NS, — L<W_f A AN
) th 1—u—v u 7 Yt
feroa: U8 Ep g [ Ferih] Yo 0
a e TRy () e () =<m<1+m>—§<m>28)
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25:t = (1—x—y)II
26:1; = xlI

27 : tpt :yﬁ

Q
2 h _h h h h
II= (ch - Ws,thC,z - Wb-,tNIS,z - WPJN;J —SmY +Y g — WstNg s = Wp N —Wp N,

2

28 : Y = (Hp, — (1—8)Hyp, 1)+ (Hy, — (1—8)Hyy 1)

Q
o

mc:29:N/ = N} +N5,
mc:30:N} = Nj, +Nj,
mc:31:N; = N!'+N,

mc:32:Bg; =Dy,

mc:33: Rt,o = Rt,s
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A.5 News Shocks
A.5.1 Effect of Expectation shock on Rental returns:

The Expectation shock on the rental returns follow an AR process in the rental sector:
In(s5) = psIn(ss_1) +eg
In(sq) =1In(ss_1)
In(s3) =1In(s4_1)
In(sy) =1In(s3-1)
In(s;) =1In(sp—1)
In(s) =1In(s;_1)
where e is an i.i.d processes with variances of oy which is calibrated to 0.002032. The shock persistence
ps 1s assumed to take high value as 0.9. The shock is augmented to the rental sector of the hand to mouth

agents to mimic a news effect of decrease in rental returns for the borrowers sector. The shock on rental

returns ’s’ enters the model in the following equations of the Hand to mouth agents:

p:2:0=

<a (Cf)l_% +(1—a)(H/) 1‘%)“1;1)] : L

P
p—1
(1)@ aesa-a(1- 2 ) @ )

1
P
p:3:Cl =N'wl+t,,—H/q, s

A.5.2 Effect of Expectation technology shock on Consumption good Firms

The Expectation shock on the technology shock on Consumption good Firms follow an AR process in the

Consumption goods sector:
In(Z§) = psIn (Z5_) +ex

In(2§) =In (Z_,)
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In(2§) =In (25 )
In(Z3) =1n (ngl)
In(Z{) =1n (ngl)
In(Z°) =In(Z_))
where ez is an i.i.d processes with variances of 6z which is calibrated to 0.002032. The shock persis-

tence pze is assumed to take high value as 0.9. The shock *Z¢” enters the model in the following equations

of the consumption goods sector:

1 WS (I—u—v) Wb
:21:N¢, = — | —~F—— L
fe pt Zc,(l—u—v) (u
1 WS (I—u—v) Wb

(22 NS = ———— -
Je N Zet (l—u—v) ( u

1 ws (—u=v) wo\" /WP
:23:N¢, = — | —~F— —+ — ) X
Je St ZC,(I—M—V) (u> (v !

A.5.3 Effect of Expectation technology shock on Housing good Firms

The Expectation shock on the technology shock on Housing good Firms follow an AR process in the

Housing goods sector:

In (Zg’
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In (z{’) —In <Z§,1>
In (z’“) —In (Z{L1>

where e, is an i.i.d processes with variances of 6, which is calibrated to 0.002032. The shock persis-
tence P 1s assumed to take high value as 0.9. The shock "z enters the model in the following equations

of the housing goods sector:

1 ws (Imu=v) b\ “
h:16:N', = — [ "L —L
f 6: Ny Zh,(l—u—v) (u>
1 ws (Imu=v) 7 b\ #
h:17:N!' = —(—*1t —L
f bt Zh,(l—u—v) (u>

1 w; A AN A
hi18:N!, = —(—"1— L) (=)
f s Zh,(l—u—v> (u) (v !

A.5.4 Effect of Expectation shock on Monetary Policy:

The Expectation shock on the Monetary follow an AR process :
In (mss) = psIn (mss_1) + ems

In(msyq) = In (mss_p)

In(ms3) = In (mss—1)

In(msy) = In (ms3_1)

In(ms;) = In(msp—1)

In (ms) = In(ms;_1)
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where e, is an i.i.d processes with variances of o;,; which is calibrated to 0.002032. The shock persis-
tence py,s 1s assumed to take high value as 0.9. The shock on monetary policy 'ms’ enters the model in the

following equations of the Monetary policy:

R ] i o Y, 9r
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0
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A.6 An Empirical Bayesian Estimation of BTL Markets

A.6.1 Private Sector Equilibrium of Theoretical Model with Internal Habit Persistence
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A.6.2 Baseline Model with no Housing:

] Observable Variables \Deﬁnition

Output (¥;) Real Gross Domestic Product, Percent Change from
Preceding Period, Quarterly, Seasonally Adjusted
Annual Rate

Consumption Inflation (7;) | The Inflation in consumption sector is calculated
from the change in the implicit price deflator Gross
Domestic Product: Implicit Price Deflator, Index
2012=100, Quarterly, Seasonally Adjusted

Nominal interest rate (r,) | Interest Rates and Price Indexes; Effective Federal
Funds Rate (Percent), Level, Percent, Quarterly, Not
Seasonally Adjusted (Seasonally adjusted manually)

Table 13: Observable Variables without Housing Market

| Observable Variables | Data Source
Output (¥;) https://fred.stlouisfed.org/series/A191RL1Q225SBEA, February 12, 2021.
Consumption Inflation () https://fred.stlouisfed.org/series/ GDPDEF, November 24, 2021.
Nominal interest rate (r;) | https://fred.stlouisfed.org/series/BOGZ1FL072052006Q, November 24, 2021.

Table 14: Observable Variables without Housing Market Data Source
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A.6.3 Baseline Model with Housing:

|

Observable Variables \ Definition ‘

Output (;) Real Gross Domestic Product, Percent Change from
Preceding Period, Quarterly, Seasonally Adjusted
Annual Rate

Consumption Inflation (7;) | The Inflation in consumption sector is calculated
from the change in the implicit price deflator Gross
Domestic Product: Implicit Price Deflator, Index
2012=100, Quarterly, Seasonally Adjusted

Nominal interest rate (r;) | Interest Rates and Price Indexes; Effective Federal
Funds Rate (Percent), Level, Percent, Quarterly, Not
Seasonally Adjusted (Seasonally adjusted manually)

Housing Inflation (ﬂ,h) The Inflation in housing sector is calculated from the
change in the All-Transactions House Price Index for
the United States, Index 1980:Q1=100, Quarterly,
Seasonally Adjusted

Table 15: Observable Variables with Housing market

| Observable Variables | Data Source
Output (Y;) https://fred.stlouisfed.org/series/A191RL1Q225SBEA, February 12, 2021.
Consumption Inflation () https://fred.stlouisfed.org/series/GDPDEF, February 24, 2021.
Nominal interest rate (r;) | https://fred.stlouisfed.org/series/BOGZ1FL072052006Q, November 24, 2021.
Housing Inflation (7r,h) https://fred.stlouisfed.org/series/lUSSTHPI, February 11, 2021.

Table 16: Observable Variables with Housing market Data Source
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