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The rotational mechanism forms the basis of various cosmic and geophysical
transports. In medical science, rotational blood flows have been related to
healthy cardiac function. This study consists of a mathematical model
representing magnetohydrodynamic effects on the two-phase pumping flow of a
Ree–Eyring–Powell stress model in a rotating frame. The model is controlled by
switching the system into a wave frame of reference for better analysis of the wave
phenomenon. Moreover, a lubrication theory is applied to the resulting set of
relations in order to get a more comprehensive form of the reduced
mathematical model. In the end, an exact solution is found to discuss the
substantial contents of the study. The data on velocity and stream function are
presented diagrammatically to examine the theoretical behavior of various quantities
under the variation of considerable physical factors. It is concluded from the graphs
that axial and secondary velocities are decreasing against rotation, magnetic field,
and fluid’s factor, but the same rise in the case of wall stiffness and particle
concentration. In both industrial and biomedical applications, this type of flow
measurement gives tomographic information on the multiphase flow process,
which entails acquiring signal changes at the edges of objects like fluid pipes or
blood vessels to determine how the objects are distributed within. This work is
extendable by considering nanoparticles of various types to enhance the thermal
conductivity of the flow.
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1 Introduction

Peristalsis is a type of flow where a fluid is moved as a series of waves produced through the
evolution and contraction of a conduit’s walls. Many human organs exhibit this behavior,
including the esophagus where food is moved, the arteries where blood is pumped by the heart,
and the bladder where urine is transported from the kidney. Leeches possess the ability to suck
blood and propel it through the body by pumping in wavy patterns and are frequently used in
the curing of tumors, cerebral disease, and skin problems by extracting affected blood cells from
the infected portion of the body. Transfer of sanitary liquids, toxic fluid streams in nuclear
assembling, and movement of corrosive substances are only a few industrial instances where
peristaltic flow processes are useful. The majority of medical devices, including heart–lung
machines and blood pumps, employ this strategy. The fundamental concepts and the
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significance of the many physical features of the flow phenomena were
discussed by Shapiro et al. [1]. On the basis of the presumptions of
broad wavelengths and low Reynolds numbers, surveys of
interpretative research and theories on the peristaltic movements of
various flow structures have been thoroughly discussed and described
in open letters. Due to its widespread employment in numerous
industrial sectors and also clinical problems, this topic is the focus
of a large number of scientific researchers and biologists. Numerous
geometries, including two- and three-dimensional channels, pipes,
annulus, curved conduits, and ducts, have been used in the research.
The recent studies on the subject are the primary focus of this paper.
Rao and Mishra [2] considered the pumping effects on the flow of
Newtonian fluids assumed in an asymmetric channel and
incorporated curvature properties. They produced a result based on
their findings that asymmetry executes a vital contribution in
performing mixing. Munawar et al. [3] discussed the viscous fluid
pumping characteristics in a symmetric enclosure by taking various
viscosity models and declared that such models of viscosity can be
useful in reducing the system entropy. Pandey and Tripathi [4]
presented analytical results for the viscous fluid taken in a
cylindrical conduit along with the properties of the magnetic field.
The authors have suggested through their graphical aspects that the
integral number of peristaltic waves keeps the pressure unchanged,
while the non-integral number of such waves produces different
pressure curve heights. Sadaf and Nadeem [5] analyzed convective
dissipation and viscous effects for the pumping stream of a non-linear
fluid model by considering wall properties. The study revealed that the
parameter controlling viscous dissipation works by increasing the
system temperature and compliant nature of the walls enlarges the
flow speed for shear-thinning rheological properties of the fluid. Some
similar studies can be reported in [6–10].

The magnetohydrodynamic (MHD) transport of a liquid in an elastic
channel with systematically contracting boundaries is of great attraction in
relation to some issues with the movement of conductive physiological
fluids, for example, the blood, and with the requirement for theoretical
research on the operation of the peristaltic MHD compressor.
Additionally, the magnetic field’s influence could be used as a blood
pump during cardiac procedures to improve blood flow in arteries affected
by arterial diseases such as arterial stenosis or arteriosclerosis. Khan et al.
[11] discussed the peristaltic flow of nanofluids with magnetic field
induction through an asymmetric enclosure. In this study, three
various shapes of nanoparticles are assumed. Authors have gained
numerical data from the study and found that cylindrical particles
have low thermal conductivity as compared to other shapes.
Sucharitha et al. [12] considered heating and wall effects for the
peristaltic stream of the nanofluid along with MHD and proved that
the fluid travels with high speed in a diverging channel as contrasted with
the uniform one, but this is not the case for temperature and concentration
profiles. Srinivas and Kothandapani [13] produced the results for heat and
mass analysis in a peristaltic transport along a porous conduit including
the magnetic field and walls’ compliance. This study is conducted under
the constraints of the low Reynolds number and small wave number. The
results are found numerically and explained graphically. The results
declare that the Schmidt number expresses an inverse relationship with
the concentration. Some more works on the field can be cited in [14–18].

The rotational phenomenon forms the basis of many cosmic and
geophysical flows. Studying and comprehending the behavior of ocean
circulation and galaxy formation is made easier by rotation. Hayat
et al. [19] presented entropy generation effects in the wavy flow of

nanofluids in the rotating frame of reference by imposing an external
magnetic field. The study reveals that temperature is reduced for the
high rate of radiation effects, but the entropy rate is increased. Hasen
and Abdulhadi [20] published rotating inclined channel effects on
pumping characteristics of a non-Newtonian fluid through heat
exchange effects and declared that axial and secondary velocities
and temperature are directly dependent on the rotational factor.
Haider et al. [21] executed the rotational and MHD effects on the
dual-phase flow in a rotating enclosure with peristaltic movements. It
is observed from the readings that the fluid’s velocity decreases with
the rotation factor and magnetic field, but the particle volume fraction
exerts a direct impact on the said profile. Mabood et al. [22] considered
the nanofluid for peristaltic pumping of the Newtonian model in a
rotating channel. In this study, data are evaluated numerically through
the Keller box difference scheme and analyzed that thermophoresis
parameters exerted a dominant impact in the rotating frame, as
equated to the non-rotating frame. More studies on the rotating
channel flow can be found in [23–28]. Rotational transport is
linked with healthy heart performance [29]. Affected heart patients
having swirling structures inside the left atrium suffer lesser organic
cardiac diseases and high flow speeds contrasted to those whose flow
entry collided, but this is not the case in rotational transport. The
potential for blood stagnation is one issue with colliding flows, a major
characteristic of the numerous cardiac diseases that are linked to
thrombus formation [30–41]. As a result, it can be assumed that the
rotational flow and the interplay of the SVC and IVC in the RA may
also play a role. Once more, it is proposed that the vortex created in the
LA might be related to increased effectiveness as blood is transferred
from the pulmonary veins to the left ventricle (LV).

From the aforementioned literature survey, it is conveyed that
researchers working on the topic of peristaltic pumping are highly
committed to the study on the rotating frame, and also, the
multiphase flows are a point of keen interest due to their immense
applications in many industrial and medical field sectors. It is quite
notable that none of the scientists and researchers has discussed the study
of the multiphase flow in a rotating conduit by considering magnetic field
effects for a Ree–Eyring–Powell fluid model. In the current work, authors
are interested to work on the MHD flow of a Ree–Eyring–Powell fluid
model in the rotating frame under the additional effects of solid particles.
This sort of flow measurement provides tomographic information on the
multiphase flow process in both industrial and biomedical applications. It
does this by collecting signal changes at the borders of objects like fluid
pipes or blood arteries to ascertain how the items are dispersed inside. The
equations are maintained under the limitations to the long wavelength
and the low Reynolds number. A wave frame is also introduced for
transforming into another system with a simplified structure. An exact
solution is derived by solving the system of differential equations. The
results are drawn graphically to enable a reader to examine the variation
effects of some pertinent factors on measurable quantities.

2 Model descriptions

The rotating channel phenomena of an incompressible and evenly
distributed particle suspension in a Ree–Eyring stable and irrotational
fluid moving at a velocity c are taken into consideration in this work. It
is presumed that the substance is a reliable conductor of electricity.
Perpendicular to the X-axis, a consent field caused by permanent
magnetism is applied externally. As seen in Figure 1, the flow problem
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is illustrated in the Cartesian coordinate system with the X-axis,
reflecting parallel with the flow, and the others admitted normal to it.

Mathematically, the wall function of Figure 1 is demonstrated as
follows [21]:

h x, t( ) � a + b Sin
2π
λ

~X − ct( )[ ]. (1)

We define the velocity vector as

�V � 〈 ~Uf,p
~X, ~Z,~t( ), ~Vf,p

~X, ~Z, ~t( ), ~Wf,p
~X, ~Z, ~t( )〉, (2)

where the subscripts f andp stand for the fluid and particulate,
respectively. The stress tensor of the Ree–Eyring fluid model is
defined as [16, 21, 25]

Rij � μs
z ~Vi

z~xj
+ 1
�B
Sin h−1

1
�C

z ~Vi

z~xj
( ). (3)

Since

Sinh−1x ≈ x of x| |≤ 1,

Rij � μs
z ~Vi

z~xj
+ 1
�B

1
�C

z ~Vi

z~xj
( ), (4)

z ~Uf

z ~X
+ z ~Vf

z~Y
+ z ~Wf

z ~Z
� 0, (5)

z ~Uf

z~t
+ ~Uf

z ~Uf

z ~X
+ ~Wf

z ~Uf

z ~Z
( ) − 2k ~Vf

1 − C( )

� −z~P
z ~X

+ zR ~XX̃

z ~X
+ zR ~XỸ

z~Y
+ zR ~XZ̃

z ~Z
+ 1
1 − C

~Up − ~Uf( ) − σB2
0
~Uf

1 − C( ),
(6)

z ~Vf

z~t
+ ~Uf

z ~Vf

z ~X
+ ~Wf

z ~Vf

z ~Z
( ) + 2k ~Vf

1 − C( )

� −z~P
z~Y

+ zR ~YX̃

z ~X
+ zR ~YỸ

z~Y
+ zR ~YZ̃

z ~Z
+ 1
1 − C

~Vp − ~Vf( ), (7)
z ~Wf

z~t
+ ~Uf

z ~Wf

z ~X
+ ~Wf

z ~Wf

z ~Z
( ) � −z~P

z ~Z
+ zR ~ZX̃

z ~X
+ zR ~ZỸ

z~Y
+ zR ~ZZ̃

z ~Z

+ 1
1 − C

~Wp − ~Wf( ), (8)

z ~Up

z ~X
+ z ~Vp

z~Y
+ z ~Wp

z~Z
� 0, (9)

z ~Up

z~t
+ ~Up

z ~Up

z ~X
+ ~Wp

z ~Up

z ~Z
( ) � −z~P

z ~X
+ 1
1 − C

~Up − ~Uf( ), (10)

z ~Vf

z~t
+ ~Uf

z ~Vf

z ~X
+ ~Wf

z ~Vf

z ~Z
( ) � −z~P

z~Y
+ 1
1 − C

~Vp − ~Vf( ), (11)

z ~Wf

z~t
+ ~Uf

z ~Wf

z ~X
+ ~Wf

z ~Wf

z ~Z
( ) � −z~P

z~Z
+ 1
1 − C

~Wp − ~Wf( ) (12)
.

Let us describe the linear transformations based on the shift from
the fixed system to the moving wave frame:

~x � ~X − c~t, ~y � ~Y, ~z � Z̃,
~uf,p � ~Uf,p − c, ~vf,p � ~Vf,p,
~wf,p � ~Wf,p, ~p x, y, z( ) � ~P X, Y, Z( ).

(13)

Defining the non-dimensional quantities

x � ~xλ−1, y � ~yd−1, z � ~za−1, uf,p � ~uf,pc
−1, wf,p � ~wf,p cδ( )−1,

t � c~tλ−1, ~h,� Ha−1,φ � ba−1, p � a2 ~p ucλ( )−1, δ � aλ−1,

β � ad−1,Re � ρacδμ−1,M1 � S′a2μs−1 1 − C( )−1,
M �

����
σμ−1

√
aβ0, α′ � μsBC( )−1, �k � ka−2,Rxx � ~Rx̃xa uc( )−1,

Rxz � ~Rx̃za uc( )−1,Rxy � ~Rx̃yd uc( )−1, Ryz � ~Rỹzd uc( )−1,
Ryy � ~Rỹyλ uc( )−1,Rzz � ~Rz̃zλ uc( )−1. (14)

Now, Eqs 5–12 after making use of Eqs 13, 14 become

zuf

zx
+ zwf

zz
� 0, (15)

Re uf
zuf

zx
+ wf

zuf

zz
( ) − 2κ′vf

1 − C( ) � −zp
zx

+ δ2
zRxx

zx
+ zRxy

zy
+ zRxz

zz

+M1C up − uf( ) − M2 uf + 1( )
1 − C( ) ,

(16)
Re uf

zvf
zx

+ wf
zvf
zz

( ) + 2κ′vf
1 − C( ) � −zp

zy
+ δ2

zRyx

zx
+ zRyy

zy
+ zRyz

zz

+M1C vp − vf( ),
(17)

Reδ2 uf
zwf

zx
+ wf

zwf

zz
( ) � −zp

zz

+δ2 δ2
zRzx

zx
+ zRzy

zy
+ zRzz

zz
+M1C wp − wf( )( ), (18)

zup

zx
+ zwp

zz
� 0, (19)

Re up
zup

zx
+ wp

zup

zz
( ) � zp

zx
+M1 1 − C( ) uf − up( ), (20)

Reδ up
zvp
zx

+ wp
zvp
zz

( ) � zp

zy
+M1δ 1 − C( ) vf − vp( ), (21)

Reδ up
zwp

zx
+ wp

zwp

zz
( ) � zp

zz
+M1δ 1 − C( ) wf − wp( ), (22)

where S′ represents the drag coefficient and μs is used for the empirical
representation of liquid’s viscosity and is defined as [25]

FIGURE 1
Geometry of the problem.
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S′ � 9μ0
2a2

λ C( ),

λ C( ) � 4 + 3
��������
8C − 3C2

√ + 3C

2 − 3C( )2 ,

μs �
μ0

1 − χC
,

χ � 0.07 exp 2.49C + 1107
T

e−1.69C( ).

⎫⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎬⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎭

(23)

Using Eqs 13 and 14 from Eqs (3) to (12) and imposing the large
wavelength assumption along with the minimum Reynold number,
the system showing the fluid phase becomes

dp

dx
� 2γ′vf + 1 + α′( )−1z2uf

zz2
−M2 uf + 1( ) + CM1 up − uf( ), (24)

z2vf
zz2

� 2γ′ zuf

zz
( ) 1 + α′( ), (25)

with the non-dimensional boundary conditions being defined
as [21]

duf

dz
0( ) � 0, vf 0( ) � 0,

uf h( ) � −1
vf h( ) � 0

}, (26)

where γ � RΩa/c is the Taylor number, and the particulate phase
equation converts to

dp

dx
� 1 − C( )M1 uf − up( ). (27)

The boundary condition physically describes that the axial velocity
uf remains constant at the central line, where z � 0 and the flow
remains static at the boundary walls due to no slip. On the other hand,
the lateral velocity component vf vanishes at the central axis because
of no lateral flow here, and the same is at the walls due to lubricated
walls. A compliant wall is described as a wall that has the capacity to
contain the liquid and is deformable, stretchy, flexible, and elastic in
nature. This wall is flexible and elastic, so when a deforming force is
applied to it, it returns to its original shape. A body’s ability to self-
regulate once external forces that caused deformation, such as those
from a sponge, spring, or rubber, are removed is known as elasticity.
Contrarily, a material’s plasticity refers to its ability to maintain its
shape after a deforming force has been withdrawn, as in the case of
glass and wood. When applied, a deforming force changes the volume,
length, or contour of the wall. The force exerted on the body
immediately affects the quantity of change. The word “elastic limit”
refers to the maximum amount of force that a wall can withstand
before it stops being elastic. If this limit is exceeded, the deformation of
the wall will become permanent. All of these elements are monitored
in the compliant wall. The compliant wall plays a significant role in
fluid movement because it controls the shape of sinusoidal waves
during the peristaltic flow. A compliant wall channel’s peristaltic non-
Newtonian fluid flow was described by [25]

2γ′vf + 1 + α′( )−1z2uf

zz2
+ CM1 up − uf( ) �

E1
z2η

zt2zx
+ E2

z2η

ztzx
+ E3

z5η

zx5
− E4

z3η

zx3
+ E5

zη

zx
+M2 uf + 1( ) (28)

F1 � ∫h
0

zvf
zz

dz. (29)

Eq. (30) suggests that we can choose the remaining two boundary
conditions as

v 0( ) � 0, v h( ) � F1. (30)
The dimensionless flow rate F2, due to secondary velocity is

defined, respectively, as

F2 � ∫h
0

vdz. (31)

Exact solutions of Eqs (15–19) can be written as

uf � 1
8γ′T6

−8γ′T6 + 4γ′ T1M
2 − 4T3γ′ + T6T1( )Cosh T7z�

2
√ �����

1 + α′
√[ ]

+4γ′ −T1M
2 + 4T3γ′ + T6T1( )Cosh zT8�

2
√

T5
[ ]+

�
2

√
T4M

2 − 4T2γ′ + T4γ′( )T5Sinh
zT8�
2

√
T5

[ ]+
−T4M

2 + 4T2γ′ + T4γ′( )T9Sinh
zT9�
2

√
T5

[ ]
⎛⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎝

⎞⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎠

⎛⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎝

⎞⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎠

,

(32)

up � 1
M1 1 − C( )

+4γ′ −T1M2+4T3γ′+T6T1( )Cosh zT8�
2

√
T5

[ ]
−8γ′T6 + 4γ′ T1M

2 − 4T3γ′ + T6T1( )Cosh T7z�
2

√ �����
1 + α′

√[ ]
+

+ �
2

√
T4M

2 − 4T2γ′ + T4γ′( )T5Sinh
zT8�
2

√
T5

[ ]+
−T4M

2 + 4T2γ′ + T4γ′( )T9Sinh
zT9�
2

√
T5

[ ]
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(34)

where constants T1 − T10 are defined as follows
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FIGURE 2
(A) represents the various values of α′ on uf whenM,C, γ′ � 0.1 . (B) represents the various values of γ′ on uf whenM,C,� 0.1, α′ � 1.0 . (C) represents the
various values of C on uf whenM, γ′ � 0.1, α′ � 1.0 . (D) represents the various values of M on uf whenC, γ′ � 0.1, α′ � 1.0. (E) represents the various values of the
compliant wall on uf when M,C, γ′ � 0.1, α′ � 1.0 .

FIGURE 3
(A) represents the various values of α′ on F1 when M,C, γ′ � 0.1. (B) represents the various values of γ′ on F1 when M,C,� 0.1, α′ � 1.0.
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FIGURE 4
(A) represents the various values of α′ on F2 when M,C, γ′ � 0.1. (B) represents the various values of γ′ on F2 when M,C,� 0.1, α′ � 1.0.

FIGURE 5
(A, B). Stream lines of uf for various values of M = 1.0 and 2.0.

FIGURE 6
(A, B). Stream lines of uf for various values of γ′ = .2 and .4.

Frontiers in Physics frontiersin.org06

Fatima et al. 10.3389/fphy.2023.1111163

R
ET

R
A

C
T

ED

https://www.frontiersin.org/journals/physics
https://www.frontiersin.org
https://doi.org/10.3389/fphy.2023.1111163


T1 � 1
−1 + C( )T6

dp

dx
Cos h

hT7�
2

√ �����
1 + α′

√[ ] − Cos h
hT10�
2

√
T5

[ ]( )Sech hT7�
2

√ �����
1 + α′

√[ ],
T2 � 0,

T3 � 1
4 −1 + C( )γ′T6

dp

dx

M2 Cos h
hT7�

2
√ �����

1 + α′
√[ ]+

T6 Cos h
hT7�

2
√ �����

1 + α′
√[ ]

−M2 Cos h
hT10�
2

√
T5

[ ]
+T6 Cos h

hT10�
2

√
T5

[ ]

⎛⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎝

⎞⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎠

Sech
hT7�

2
√ �����

1 + α′
√[ ]Sech hT10�

2
√

T5
[ ],

T4 � 0, T5 �
�����
1 − α′

√
, T6 �

����������
M4 − 16γ′2

√
, T7 �

�������
M2 + T6

√
, T8 �

�������������
− −M2 + T6( )T5

√
,

T9 �
�����������
M2 + T6( )T5

√
, T10 �

�����������
M2 − T6( )T5

√
.

3 Results

To establish a geometrical discussion on the achieved results from the
aforementioned problem, a graphical section is added which provides a
variation scenario of various physical quantities against some contributing
parameters of the study. The simplified governing equations for the
peristaltic movement of the rotating solid particle fluid having compliant
walls being tackled in the presence of applied magnetohydrodynamics.
The analytical solutions have been attained for both fluid and particulate
phase velocity mechanisms. In addition, the expressions for flow rates are
measured for both velocity profiles. Figures 2A–E consist of the fluid
phase velocity Uf against the Taylor number α′, fluid parameter γ′, solid
particle concentration C, Hartman number M, and the compliant walls’
parameter. The flow rate F1 can be reported in Figures 3A, B and F2 in
Figure 4A, B. Streamlines have been presented through closed contours in
Figures 5, 6.

Figure 2A shows that the velocity of the fluid goes on decreasing with
large values of the rotational parameter, and the maximum velocity is
observed at the center, which suggests physically that the rotational effects
will control the flow speed and the fluid molecules collide with each other
and also with the channel walls to maintain the flow speed. It is also
noticed that themaximumvelocity is reported in the case when there is no
rotation, i.e., α′ � 0. The graph of the fluid parameter for the velocity of
the fluid phase is shown in Figure 2B, which suggests that velocity is a

decreasing function of the fluid parameter γ′. It is also to be noted here
that for the range 0< γ′< 1, the variation is very minor, but it becomes
significant for higher values. The viscosity measures for the non-
Newtonian fluid (Ree–Eyring-Powell) are variable and mostly non-
linear, as compared to the viscous fluid, which is why the fluid gets
thicker with time, and its increasing concentration will create slower flow.
It is evident from Figure 2C that velocity flourishes with the increasing
impact of solid particle concentrationC, and a forward flow can occur by a
larger concentration of the particles. It is mostly seen in the physical
phenomena of multiphase flows that the presence of solid particles
increases the flow intensity by creating extra pressure on the fluid
molecules; Figure 2D shows an inverse relationship between velocity
and the magnetic field factor M because magnetic field acts as a body
force on the fluid’s particle to keep the flow relatively slower. It can be seen
from Figure 2E that compliant walls are producing fast flow by varying
their considerable parameters like E1, E2, E3, E4, and E5. It is found
convenient with the physical aspect that elastic properties help in making
the flow fast.

The flow rate F1 of the fluid phase against the axial coordinate x has
been sketched in Figure 3A for the factor α′. It is received from this
diagram that in region R1, i.e., x ∈ [0, 0.5], the flow rate is an increasing
function of Taylor’s number and in the region R2, i.e., x ∈ [0.5, 1], the
situation is quite the opposite. With the increasing impact of the fluid
factor γ, the flow rate becomes large in regionR1 but declines in regionR2,
as seen in Figure 3B. It is also depicted that the curves are changing their
concavity at the point of inflection x � 0.5. Figure 4A reveals the flow rate
F2 of the particulate phase near the vibrational impact of the Taylor
number α′. It is concluded from here that the flow rate is varying inversely
in regionR1, but direct variation is reported in regionR2. From Figure 4B,
opposite readings are collected for the factor of fluid γ′. It is summarized
that the maximum flow rate is picked at x � 0.3, while the minimum is
calculated at x � 0.8.

Figures 5A, B show streamlines of the fluid phase for various values of
themagnetic fieldM. It can be seen that the change of bolus shapes can be
found in four quadrants of the plane. If we see in the first quadrant,
circulating boluses are expanding in size; in the second quadrant, a rise in
the shape is observed and the number of boluses is calculated. In the third
quadrant, the size of the bolus decreases, but the number of boluses is
increasing, while in the fourth sector, the size and number vary randomly.
Figures 6A, B define the streamlines for the fluid parameter γ′, and it can
be noticed that there is no conclusive change in the shape and number of
closed contours in the first quadrant, but in the second quadrant, the size
of the bolus increases with a larger impact of γ′. In the third quadrant of
the plane, it is computed that the size and number of trapping bolus are
reduced accordingly; however, no proper variation is appealing in the
fourth portion as well. A comparison of the current study with the
previous literature [21] can be found in Figure 7.

4 Conclusion

In the current work, we have analyzed the magnetic field effects on
the multiphase wavy flow of the Ree–Eyring–Powell fluid in a three-
dimensional rotating channel under the constraints of a long
wavelength. The flow is assumed to be steady and incompressible.
A mechanism of compliant walls is taken into consideration. After
using suitable transformations, the governing non-linear equations
have been made linear and then solved explicitly by an exact method.
Graphical aspect is presented for velocities, flow rates, and trapping

FIGURE 7
Comparison of current results with the existing literature.
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phenomenon. From graphical results and discussion, the summary of
the study is described as follows:

• Fluid phase velocity is decreasing the function of rotation, fluid’s
non-Newtonian property, and the externally applied magnetic
field, but a direct relation is reported for the solid particle
concentration and compliant wall factors.

• It is declared that the fluid phase flow rate depends inversely on
the rotational parameter, the fluid’s factor, and the magnetic
factor on the left side but increases on the right side.

• It is concluded that solid particles and the fluid phase flow rate
are varying directly in the left portion of the axial domain, while
the right side reflects the opposite behavior.

• It is availed that the particulate phase flow rate is inversely
varying with rotational effects and magnetic effects on the left
portion, but the fluid parameter and solid particle concentration
are imposing a direct effect on the said profile.

• It is further framed that opposite readings are gathered in the
right half of the flow domain.

• It is found that streamline boluses are expanded in the left
portion by increasing the magnetic parameter randomly, while
the expanded nature remains constant for the fluid parameter.
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Nomenclature

Symbols

~U, ~V, ~W velocity components

~X, ~Y, ~Z Cartesian coordinate

C volume fraction

uf fluid phase velocity

up particulate phase velocity

b wave amplitude

S’ drag coefficient

c wave velocity

Re Reynold number

�B, �C material constants

a width of the duct

S drag force

B0 magnetic field

P pressure in the fixed frame

R stress tensor

M Hartmann number

E1 tension wall

E2 mass wall

E3 damping nature

E4 rigidity

E5 elasticity

Greek symbols

μs viscosity of the fluid

σ electrical conductivity of the fluid

λ wavelength

α’ Ree–Eyring parameter

ρ fluid density

γ9 rotation parameter

Subscripts

f fluid phase

p particulate phase
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