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PAPER
Adaptive Resource Allocation Based on Factor Graphs in
Non-Orthogonal Multiple Access

Taichi YAMAGAMI†, Nonmember, Satoshi DENNO†a), Senior Member, and Yafei HOU†, Member

SUMMARY In this paper, we propose a non-orthogonal multiple access
with adaptive resource allocation. The proposed non-orthogonal multiple
access assigns multiple frequency resources for each device to send pack-
ets. Even if the number of devices is more than that of the available
frequency resources, the proposed non-orthogonal access allows all the de-
vices to transmit their packets simultaneously for high capacity massive
machine-type communications (mMTC). Furthermore, this paper proposes
adaptive resource allocation algorithms based on factor graphs that adap-
tively allocate the frequency resources to the devices for improvement of the
transmission performances. This paper proposes two allocation algorithms
for the proposed non-orthogonal multiple access. This paper shows that
the proposed non-orthogonal multiple access achieves superior transmis-
sion performance when the number of the devices is 50% greater than the
amount of the resource, i.e., the overloading ratio of 1.5, even without the
adaptive resource allocation. The adaptive resource allocation enables the
proposed non-orthogonal access to attain a gain of about 5 dB at the BER
of 10−4.
key words: non-orthogonal multiple access, message passing algorithm,
factor graphs, log-likelihood ratio

1. Introduction

Machine-type communications (MTC) have been identified
as a part of the fifth generation mobile communication sys-
tem and the beyond 5th generation system for the society
with Internet of things (IoT). The society with the IoT needs
a lot of sensor devices with wireless communication func-
tionality, which are going to be scattered around us. Massive
connectivity is demanded to provide connection with those
devices when the number of those devices grows extremely
high. In a word, network capacity has to be increased for
such massive MTC (mMTC), though amount of data sent
by a device might not be huge. Many techniques have been
proposed for enhancing the wireless network capacity. For
instance, multi-user multiple input multiple output (MU-
MIMO) [1] and orthogonal frequency division multiple ac-
cess (OFDMA) [2], that are classified into orthogonal multi-
ple access, have been investigated. Non-orthogonal multiple
access also has been considered, because non-orthogonal
multiple access potentially achieves higher capacity than or-
thogonal multiple access. Non-orthogonal multiple access
(NOMA) [3]–[9], low-density signature (LDS) [10], [11],
and sparse codemultiple access (SCMA) [14], [15] have been
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proposed as non-orthogonal multiple access techniques. The
power-domain NOMAs achieve superior performance with
taking advantage of the terminal locations where the one ter-
minal is far from the other terminal near by the base station,
even though the complexity of the system is fairly small.
While the power-domain NOMAs degrade in the situation
where the terminals are located at similar distance from the
base station, resource allocation techniques have been in-
vestigated [12], [13]. SCMAs and LDSs achieve superior
performance even in the situation.

In this paper, we propose a non-orthogonal multiple
access with adaptive resource allocation based on factor
graphs. In the proposed non-orthogonal multiple access,
multiple subcarriers in a resource block for a user are allo-
cated to every device. Even if the number of the devices
of the user is more than that of the subcarriers, the pro-
posed non-orthogonal multiple access allows all the devices
to transmit their packets simultaneously for high capacity
mMTC. The message passing algorithm (MPA) [16], [17] is
employed at the receiver side to detect the signal of all the de-
vices. Furthermore, the proposed non-orthogonal multiple
access applies adaptive resource allocation based on fac-
tor graphs that adaptively allocates the frequency resources
to the devices for improvement of the transmission perfor-
mances. This paper proposes two allocation algorithms for
the proposed non-orthogonal multiple access.

2. System Model

2.1 Non-Orthogonal Multiple Access in Frequency Do-
main

We assume that one user has L devices to collect some
information such as sensing data, by means of a wireless
communication for IoT applications. The transmitter on the
device sends the packets to the receiver on the base station.
Only one antenna is installed on every device and the base
station. Since only one resource block (RB) is allocated
to a user, the devices communicates the base station with
the limited number of the subcarriers in the RB. Figure 1
illustrates the RB allocation in a frequency band. Different
frequency resources such as subcarriers are allocated to each
device, and the devices transmit their packets on the allocated
subcarriers. Ns subcarriers are allocated in an RB, while NF
subcarriers are available for the wireless communication.
This means that NF/Ns RBs are available in the frequency
band. We assume that the number of the devices owned by a
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Fig. 1 Resource allocation in frequency domain.

Fig. 2 Non-orthogonal multiple access.

user is more than that of the subcarriers allocated to the user,
i.e., L ≥ Ns. When the user has all own devices transmit
their packets simultaneously, the non-orthogonal access is
used for the communication between the base station and the
devices via one RB allocated to the user. We assume that
the base station has a functionality to select the subcarriers
within the given RB for a user. Figure 2 draws a non-
orthogonal multiple access where the devices owned by the
user transmit their packets to the base station via the allocated
subcarriers in the RB. In the figure, fk represents a frequency
of a subcarrier in the RB allocated to a user.

Let B = {b(0), b(1), · · · , b(Ns − 1)} denote a set of sub-
carrier numbers in an RB assigned to a user, and its element
b(m) ∈ R indicates anmth subcarrier number allocated to the
user. Let Sl ∈ C

NF denote a transmission signal vector for
an lth device, the transmission signal vector can be defined
with the inverse discrete Fourier transform (IDFT).

Sl = ÛF
H
X l (1)

In (1), superscript H, X l ∈ C
Ns , and ÛF ∈ CNs×NF represent

Hermitian transpose of a vector, a modulation signal vector
sent from the lth device, and a partial discrete Fourier trans-
form matrix. Let j and Fn,m ∈ C represent the imaginary
unit and an (n,m) element of the DFT matrix defined as,

Fn,m =
1
√

NF
e
−j

2πnm
NF , (2)

the partial discrete Fourier transform matrix is defined as

follows.

ÛF =

©«
Fb(0),0 Fb(0),1 · · · Fb(0),NF−1

Fb(1),0 Fb(1),1 · · ·
...

... · · ·
. . .

...
Fb(Ns−1),0 · · · · · · Fb(Ns−1),NF−1

ª®®®®®¬
(3)

All the devices simultaneously send their packets for the base
station after the cyclic prefixes are added to those signals.
The base station receives those transmission signals that have
passed through multipath fading channels. If the channel
length in the multipath fading channels is less than the cyclic
prefix length, the channel matrix becomes circular. LetH l ∈

CNF×NF denote a circular channel matrix between the lth
device and the base station, a received signal vectorY ∈ CNF

in the time domain can be written as,

Y =
L∑
l=1

H lSl + N . (4)

In (4), L ∈ N and N ∈ CNF represent the number of the
devices owned by the user and an additive white Gaussian
noise (AWGN) vector. If the received signal vector in the
time domain is transformed into the frequency domain with
the DFT, the vector in the frequency domain ÛY ∈ CNs can be
written as follows.

ÛY = ÛFY =
L∑
l=1

ÛFH lSl + ÛFN

=

L∑
l=1

ÛFH l
ÛF

H
X l + ÛFN

=

L∑
l=1
ΓlX l + ÛFN (5)

In (5), Γl ∈ CNs×Ns denotes a diagonal channel matrix with
the frequency responses between the lth device and the base
station in the diagonal positions, which is expressed as fol-
lows.

Γl =

©«
γl(0) 0

γl(1)
. . .

0 γl(Ns − 1)

ª®®®®¬
(6)

In (6), γl(m) represents a frequency response in the mth
subcarrier between the lth device and the base station, which
is defined as,

γl(m) =
Lp−1∑
p=0

hl(p)exp

(
−j2π

mp
NF

)
, (7)

where Lp ∈ N and hl(p) ∈ C denote the number of the paths
in the multipath fading channel and an impulse response of
the pth path.

As is shown in (5), the received signal is superposi-
tion of the transmission signals from the L devices. If the
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number of the superposed signals L increases, the trans-
mission performance will be degraded, which might reduce
the throughput in the non-orthogonal access. The follow-
ing section proposes a technique to solve the problem of
the throughput reduction caused by the transmission perfor-
mance degradation.

3. Adaptive Resource Allocation in Non-Orthogonal
Multiple Access

3.1 Non-Orthogonal Multiple Access with MPA

As is described before, the L devices transmit their packet
via the subcarriers in the RB. While the RB consists of
Ns subcarriers, M subcarriers are allocated to every device
in the proposed non-orthogonal access where M is set as
Ns/L < M ≤ Ns. If all the devices simultaneously start the
communication with the base station, the communication
channel will get overloaded. Figure 3 illustrates an example
of the subcarrier allocation to the devices when M = 2 and
Ns = 4, where every device transmits their packets via two
subcarriers.

The information bit sequence is encoded and its out-
put bits are provided to a modulator via an interleaver. The
signals from the modulator are transmitted to the base sta-
tion via the allocated subcarriers. Let X0,l ∈ C

Ns denote a
modulation signal vector for the lth device, the vector can be
expressed as follows.

X0,l = C0,l x(l) (8)

In (8), x(l) ∈ C and C0,l ∈ R
Ns represent a modulation

signal sent from the lth device and a subcarrier allocation
vector defined as C0,l = [c0,l(0) · · · c0,l(Ns − 1)]T, where
superscript T and c0,l(m) ∈ R indicate transpose of a vector
and the mth element of the vector C0,l , which is defined as,

c0,l(m) =

{
1 (m th subcarrier is available)
0 (m th subcarrier is not available)

(9)

As is shown in (8) and (9), the device actually only transmits
the same packet in the M subcarriers. Let C0 ∈ C

Ns×L

denote a subcarrier allocation matrix, the matrix is defined
as C0 = [C0,1 · · · C0,L]. For example, when Ns = 4 and

Fig. 3 Subcarrier allocation for devices.

M = 2, the subcarrier allocation matrix C0 can be given as
follows [14].

C0 = [C0,1 · · · C0,6]

=

©«
1 1 1 0 0 0
1 0 0 1 1 0
0 1 0 1 0 1
0 0 1 0 1 1

ª®®®¬ (10)

Figure 3 draws the non-orthogonal access with the subcarrier
allocation matrix C0.

When the transmission signal vector is defined in (8),
the receive signal vector ÛY 0 can be rewritten as follows.

ÛY 0 =

L∑
l=1
ΓlX l + ÛFN

=

L∑
l=1
ΓlC0,l x(l) + ÛFN

= Γ0 ÛX + ÛFN (11)

In (11), ÛX ∈ CL and Γ0 ∈ C
Ns×L denote a combined trans-

mission vector defined as ÛX = [x(1) · · · · · · x(L)]T and an
equivalent channel matrix, which is defined as,

Γ0 = [Γ1C0,1 · · · · · · ΓLC0,L]. (12)

When Ns = 4 and M = 2, Γ0 is expressed with frequency
response γl(m) in the following.

Γ0 = [Γ1C0,1 · · · · · · Γ6C0,6]

=


©«
γ1(0) 0

. . .

0 γ1(3)

ª®®¬
©«

1
1
0
0

ª®®®¬ · · ·
· · ·

©«
γ6(0) 0

. . .

0 γ6(3)

ª®®¬
©«

0
0
1
1

ª®®®¬


=

©«
γ1(0) γ2(0) γ3(0) 0 0 0
γ1(1) 0 0 γ4(1) γ5(1) 0

0 γ2(2) 0 γ4(2) 0 γ6(2)
0 0 γ3(3) 0 γ5(3) γ6(3)

ª®®®¬ (13)

The system model of the proposed non-orthogonal access
defined in (11) can be described by a bipartite graph, which
is regarded as a factor graph. Figure 4 illustrates a factor
graph when the equivalent channel matrix Γ0 is used, i.e.,
M = 2, Ns = 4. As is shown in the figure, the upper nodes
and the lower nodes are called variable nodes and observation
nodes, respectively. Each variable node is connected to two
observation nodes, and each observation node is connected
to three variable nodes. This implies that three signals are
received at one subcarrier. Figure 4 shows that the factor
graph has the smallest cycle of 6 edges. If the smallest cycle
is long enough, the message passing algorithm (MPA) can
improve the detection performance. Since the MPA output
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Fig. 4 Factor graph representation of non-orthogonal access.

signals contain all the signals, the MPA output signals are
divided for the respective decoders dedicated to the devices.

Whereas the subcarrier allocation based on C0 is used
in Fig. 4, another subcarrier allocation can be considered
instead of C0. We propose a technique that adaptively se-
lects the best subcarriers allocation among all the possible
subcarrier allocations for enhancing the transmission perfor-
mance. The detail of the proposed technique is described in
the following sections.

3.2 Adaptive Resource Allocation

As is described previously, there are some possible subcar-
rier allocations other than C0. Because the system model of
the proposed non-orthogonal multiple access defined in (11)
is dependent on not only the channel matrices H l l = 1 ∼ L
but also the subcarrier allocation, even if the channel ma-
trices do not change, the transmission performance of the
proposed system might be improved by changing the subcar-
rier allocations. Because the subcarrier allocation is speci-
fied by the subcarrier allocation matrix, another subcarrier
allocation can be formed with another subcarrier allocation
matrix. Another subcarrier allocation can be given by per-
muting the columns in the subcarrier allocations matrix C0.
If the pth column is permuted with the qth column, this
permutation can be described by the one-to-one mapping
(1 2 · · · p · · · q · · · L) → (1 2 · · · q · · · p · · · L). Let this per-
mutation be indexed by α, the one-to-one mapping is ex-
pressed with (1 2 · · · p · · · q · · · L) α−→ (1 2 · · · q · · · p · · · L) in
this paper. If other subcarrier allocations can be given by
the permutation, the number of the possible subcarrier allo-

cations is L! =
(

L
1

)
. Another subcarrier allocation can

be obtained by other technique. Therefore, the subcarrier
allocation matrix generation based on the permutation might
not be sufficient to get the optimum subcarrier allocation.
In other words, the best subcarrier allocation might not be
obtained by means of the permutation. However, we start
with the permutation, because the permutation is easy to im-
plement, which is suitable for the first step of our challenge.
In addition, the permutation can keep the characteristics that
an observation node is connected to three variable nodes

and an variable node is connected to two variable nodes.
Let dl ∈ RNs denote the lth column vector of subcarrier
allocation matrix C0, the matrix C0 can be rewritten as,

C0 = [ d1 d2 · · · dL ]. (14)

If the one-to-one mapping (1 2 · · · L)
α
−→ (i1 i2 · · · iL) is ap-

plied to the subcarrier allocation matrix C0, the subcarrier
allocation matrix Cα ∈ R

Ns×L can be obtained as,

Cα = [di1 di2 · · · diL ]

= [Cα,1 Cα,2 · · · Cα,L] (15)

In (15), Cα,l ∈ RNsdenotes an lth column of the subcarrier
allocation matrix Cα. When the subcarrier allocation matrix
Cα is used, the equivalent channel matrix is changed to,

Γα = [Γ0Cα,0 Γ1Cα,1 · · · · · · ΓL−1Cα,L−1]. (16)

Γα ∈ C
Ns×L in (16) represents an equivalent channel matrix

with the subcarrier allocation based on the mapping α. If
the equivalent channel matrix is transformed from Γ0 to Γα,
the system model defined in (11) is also rewritten as,

ÛYα = Γα ÛX + ÛFN . (17)

In (17), ÛYα ∈ CNs represents a received signal vec-
tor when the subcarrier allocation with the matrix Cα
is applied to the system. Let ÛYα be defined as ÛYα =
[ Ûyα(1), Ûyα(2), · · · Ûyα(Ns)]

T where Ûyα(i) ∈ C represents an
ith received signal in the system, the received signal at the
mth subcarrier Ûyα(m) can be written as,

Ûyα(m) =
∑

l∈Dα,m

γl(m)x(l) + n(m). (18)

In (18), Dα,m indicates a set that contains column numbers
of non-zero elements in the mth row of the subcarrier allo-
cation matrix Cα. For example, D0,1 = {1,2,3}, because
elements of “1” exist at 1st, 2nd, and 3rd columns in the 1st
row of the matrix C0 defined in (10). Because we assume
that the proposed non-orthogonal multiple access is applied
to the uplink, the devices send their packets via the subcarrier
determined by the proposed subcarrier allocation. To imple-
ment the system, the base station carries out the channel
estimation and selects the subcarrier allocation matrix with
the estimated channel matrices. After that, the base station
informs all the devices the subcarrier allocation in the down
link prior to the uplink signal transmission. The devices
do not need any channel state information in the proposed
non-orthogonal access.

Next section proposes algorithms to select an appropri-
ate subcarrier allocation matrix to achieve better transmis-
sion performance.

3.3 Algorithms for Adaptive Subcarrier Allocation

Because the MPA is utilized at the base station to detect
all the transmission signals, the transmission performance is
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characterized by the log-likelihood ratio (LLR). If the LLR
can be estimated exactly at the base station, the transmission
performance can be predicted. Since the transmission per-
formance is dependent on the signal power to interference
power ratio (SIR) in non-orthogonal multiple access sys-
tems, the LLR performance can be approximately estimated
in the noise-free channel. This means that the transmis-
sion performance can be estimated at the base station even
without the received signals, if the channel matrices are ac-
curately estimated. Let X (β) ∈ CL denote a βth candidate of
the transmission signal vector, a received signal in the non-
orthogonal noise-free channel with the subcarrier allocation
matrix Cα is written as,

y
(β)
α (m) =

∑
l∈Dα,m

γl(m)x(β)(l). (19)

In (19), x(β)(l) ∈ C represents an lth element of the vector
X (β), i.e., X (β) = [x(β)(0) · · · x(β)(Ns − 1)]T. The symbol
LLR of the signal x(β)(l) can be obtained as follows.

Λ
(β)
α,m(x(l)=c) = log

P(x(l) = c | y(β)α (m))

P(x(l) = c | y(β)α (m))

≈max
x(l)=c

−
1
2
|y
(β)
α (m) − Γα(m)X |

2+
∑

k∈Bα,m\l

P(x(k))
P(x(k)=c)


−max
x(l)=c

−
1
2
|y
(β)
α (m) − Γα(m)X |

2+
∑

k∈Bα,m\l

P(x(k))
P(x(k)=c)


+ log

P(x(l) = c)
P(x(l) = c)

(20)

In (20), Λ(β)α,m(x(l)= c) ∈ R, P(a), P(A | B), X ∈ CL and c,
represent a symbol LLR of the modulation signal x(l) = c,
probability that an event a happens, conditional probability
of an event A when an event B occurred, a tentative trans-
mission signal vector, and a reference modulation signal,
respectively. The same reference signal is used through the
detection based on the MPA in spite of the signals x(β)(l).
The MPA updates the LLRs based on (20) to improve the
transmission performance. Actually, the MPA exchanges the
extrinsic information on the factor graph. We can evaluate
how accurately the MPA demodulates the signal vector by
comparing the candidate vector X (β) and the MPA output
vector. To evaluate the accuracy of the MPA output vec-
tor, we introduce a metric called “reliability”. For example,
the reliability of the lthe modulation signal is denoted as
∆Λ
(β)
α,m(x(l)) ∈ R. Let cmax denote a modulation signal that

maximizes the LLR among all the modulation signal candi-
dates except for the transmission signal x(β)(l), the reliability
of the lth modulation signal can be defined with the LLR as,

∆Λ
(β)
α,m(x(l)) = −Λ

(β)
α,m(x(l)=cmax)+Λ

(β)
α,m(x(l)= x(β)(l))

= − log
P(x(l) = cmax)

P(x(l) = c)
+ log

P(x(l) = x(β)(l))
P(x(l) = c)

= log
P(x(l) = x(β)(l))
P(x(l) = cmax)

. (21)

We propose to select the best subcarrier allocation matrix,
i.e., the mapping, that maximizes the reliability ∆Λ(β)α,m(x(l))
for the optimum transmission performance in the non-
orthogonal multiple access.

The following section propose two actual algorithms to
maximize the reliability.

3.3.1 Maximization of Least Reliability (MLR)

Because the L devices transmit their packets simultaneously,
the transmission performance is strongly affected by the other
devices’ performance. We have to evaluate the transmission
performance on the assumption that any superpositions of
the packets can be received at the base station. The average
BERperformance of all the devices is dominated by theworst
device. The average BER performance is improved as the
BER of the worst device gets better. We select the subcarrier
allocation that maximizes the reliability of the worst device.
In a word, we take the min-max approach. The reliability for
the lth device Ψ(β)α (l) ∈ R is calculated as,

Ψ
(β)
α (l) =

〈 ∑
l∈Dα,m

∆Λ
(β)
α,m(x(l))

〉
, (22)

where 〈ξ〉 indicates the average of a variable ξ during a
packet. The reliability for the lth device can be verified
when all the possible candidates of the transmission signal
vectors X (β) are generated with equal probability.

Ψα(l) =
1

QL

QL−1∑
β=0
Ψ
(β)
α (l) (23)

In (23), Ψα(l) ∈ R represents the reliability of the lth device
when the mapping α is used for the subcarrier allocation,
where Q denotes cardinally of a modulation scheme. For
example, Q = 4, when the QPSK is used. We search the
worst device that has the worst reliability in all the devices
as,

lmin = arg min
l

Ψα(l). (24)

where lmin represents an index of the worst device. The
proposed algorithm finds the subcarrier allocation that max-
imizes the reliability of the worst device Ψα(lmin) as follows.

αMLR = arg max
α

Ψα(lmin) (25)

αMLR denotes an index of the subcarrier allocation selected
by the proposed algorithm. The proposed algorithm is called
“maximizing of least reliability (MLR)” in this paper.

3.3.2 Maximization of Averaged Reliability (MAR)

While the worst device in terms of the reliability is searched
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by the MLR algorithm, the average BER performance of all
the devices is desired to improve in wireless communication
systems. We propose an algorithm that improves the average
transmission performance. The proposed algorithm is called
“maximizing of average reliability (MAR)” in this paper.
The proposed MAR applies a reliability which is the average
of all the devices’ reliability Ψ(β)α (l), which is named as the
average reliability. The reliability is defined in the following.

Ψα =
1
L

L−1∑
l=0
Ψα(l) (26)

While the MLR takes the min-max approach, the MAR al-
gorithm takes an average maximization approach as,

αMAR = arg max
α

Ψα . (27)

αMAR represents an index selected by the MAR.

4. Computer Simulation

The BER performance of the proposed non-orthogonal mul-
tiple access is evaluated by computer simulation. The modu-
lation scheme is quaternary phase shift keying (QPSK), and
the half rate convolutional code with a constraint length of
3 is used. Multipath Rayleigh fading based on the Jakes’
model is applied to the channels between the base station
and the devices. All the channel gains between the antennas
on the device and that on the base station are independent
and identically distributed (i.i.d.). This means that the de-
vices are located at the same distance from the base station.
The performance of the proposed non-orthogonal access is
evaluated in the situation where the power-domain NOMAs
degrade severely. The number of the subcarriers NF and
that of the subcarriers in an RB Ns are 128 and 4, respec-
tively. In addition, the number of devices L and that of the
subcarrier allocated to a device M are set to 6 and 2, re-
spectively. Table 1 summarizes the simulation parameters†.
The performance of the fixed subcarrier allocation (FSA) is
also evaluated as a reference, which is referred as the FSA in
this paper††. The transmission power of the devices is kept
constant in spite of access schemes.
†Since the system model is described in a low pass equivalent

system as is defined in (4), all the channel gains are normalized by
the transmission power in the low pass equivalent system. While the
performance depends on the Eb/N0, We do not explicitly define the
transmission power and the channel gains in the low pass equivalent
system when evaluating the transmission performance. When we
design the system, we will have to set the transmission power taking
account of the channel gains in the system. Such a system design
including the definition of the transmission power is definitely one
of our future works.
††When the FSA is applied to the proposed access, the same

subcarriers are allocated to the devices despite of the channel gains.
In a word, the FSA is a technique described only up to Sect. 3.1.
Since the matrix defined in (10) is borrowed from literature where
the SCMA is proposed [14], the proposed non-orthogonal access
with the FSA is regarded as can be regarded as one configuration of
the SCMA. Therefore, the performance comparison with the FSA
is regarded as the performance comparison with one of the SCMAs.

Table 1 Simulation parameters.
Modulation scheme QPSK / multicarrier

Channel code Convolutional code
Coding rate & Constraint length 1/2&3

Decoding Viterbi algorithm
Number of transmit antennas 1
Number of receive antennas 1

Number of devices 6
Number of FFT points 128

Number of subcarriers in a resource block 4
Channel model Multipath fading

Number of MPA iterations 3

4.1 Reliability

The cumulative distribution function (CDF) of the reliabil-
ity of the worst device Ψα(lmin) is shown in Fig. 5. In the
figure, the CDF of the reliability ΨαMLR (lmin) with the sub-
carrier allocation based on the MLR is compared with that
based on the FSA. 4 path-Rayleigh fading is used in the per-
formance evaluation. The set of the RB B = {1,2,3,4} is
applied in the figure. This figure shows that the MLR can
increase the reliability, since the FSA has no functionality
to increase the reliability. Figure 6 shows the CDF perfor-
mance of the reliability Ψα for the MAR. In the figure, the
CDF of the average reliability with the adaptive subcarrier
allocation based on the MAR is compared with that with
the FSA. The channel model and the RB set are the same
to those in Fig. 5. The figure shows that the MAR can in-
crease the reliability. However, the reliability of the MAR
can not be directly compared with that of the MLR, because
the definition of the reliability of the MLR is different from
that of the MAR†††. Instead of the reliability, we use the
soft input signal fed to the decoder at the receiver for the
performance measure of the two algorithms, the MLR and
MAR. Figure 7 shows the CDF of the absolute value of the
soft input signals fed to the decoder for the worst device. The
channel model and the RB set are the same to those of Fig. 5
and Fig. 6. The Eb/N0 = 20 dB. The performances of the
MLR, the MAR, and the FSA are compared in the figure. In
addition, the performance of the OFDMA, a representative
of orthogonal multiple access, is added as a reference. As is
expected from the previous performance evaluation, the pro-
posed adaptive resource allocation increases the absolute of
the soft input signals, which infers that the proposed adaptive
resource allocation achieves better transmission performance
in the proposed non-orthogonal multiple access. Although
the OFDMA produces the soft signals with the higher am-
plitude among all the access schemes, the OFDMA cannot
suppress the probability that the small soft signals are fed
to the channel decoder. The probability seems to be a little
bit worse then that of the other schemes. The diversity gain
can not be obtained in the OFDMA, because one subcarrier
†††Whenwe consider that the proposed algorithm is implemented

with fixed point digital signal processors, we should take account of
the dynamic range in designing the hardware configuration. Such
implementation issue is one of our future works.
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Fig. 5 CDF of reliability of worst device Ψα(lmin).

Fig. 6 CDF of average reliability Ψα .

Fig. 7 CDF of absolute value of soft signals.

is allocated to every device. The lack of the diversity gain
cause the small soft signals to appear with that probability.
The MLR successfully reduces the probability to less than
that of the other schemes, while the average absolute of the
soft signal of the MLR is comparable to that of the OFDMA.

4.2 BER Performance

The BER performance of the proposed non-orthogonal mul-

Fig. 8 BER performance of non-orthogonal multiple access.

tiple access is shown in Fig. 8, where the performances of
the MLR is compared with the MAR. The performance of
the FSA and the OFDMA are added as references in the
figure. The channel model and the RB set are the same to
those in the previous figures. As is expected from Fig. 7,
the proposed non-orthogonal multiple access with the FSA
achieves similar transmission performance as the OFDMA.
Although the MAR attains better transmission performance
than the FSA, the performance gap between them is only less
than 1 dB at the BER of 10−4. Although the MAR finds a
subcarrier allocation index α that maximizes the average of
the reliability as defined in (27), the MAR can only improve
the reliability of the worst device a little bit. Since the BER
performance is dominated by the worst device performance,
the BER performance gap between the MAR and the FSA is
only about 1 dB. On the other hand, the MLR achieves about
3 dB better transmission performance than the MAR at the
BER of 10−4. In a word, the MLR attains a gain of about
5 dB at the BER of 10−4 compared with the OFDMA.

4.3 Performance Analysis of MLR

Because it is revealed that the MLR is better than the MAR,
the performance of the MLR is analyzed in the following.
Figure 9 shows the reliability of the worst device Ψα(lmin)
with the respect to the number of the paths in the channel.
The performance of the FSA is added in the figure. The RB
set is the same to that in the previous performance evaluation.
The ordinate is the reliability of the worst device Ψα(lmin)
at the CDF of 10−2, and the abscissa is the number of the
paths. The reliability is increased as the number of the paths
increases. The gap between the two algorithm gets greater as
the number of the paths increases. Figure 10 shows the reli-
ability with respect to the RB set parameter. In this section,
the RB set is defined as Bk = {1,1+ k,1+2k,1+3k}. Since
the entries in the set can not exceed the highest frequency
index, the subscript k ranges as 1 ≤ k ≤ d NF−1

3 e where dαe
is the maximum integer less than α. Since NF is 128 in the
simulation, the range can be written as 1 ≤ k ≤ 42. The
RBs can be indexed by the subscript k. While the ordinate
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Fig. 9 Reliability Ψα(lmin) with respect to the number of paths.

Fig. 10 Reliability Ψα(lmin) with respect to the RB set parameter.

of the figure is the reliability of the worst device Ψα(lmin) at
the CDF of 10−2, the abscissa is the index k. The number
of paths is 2. As is well known, the transmission perfor-
mance is improved as the diversity gain becomes higher in
multicarrier systems with forward error correction such as
OFDM. On the other hand, the relationship between Fig. 5,
Fig. 6, and Fig. 8 proves that the reliability is regarded as
a measure of the transmission performance in the proposed
non-orthogonal access. This infers that the diversity gain
is in proportion to the reliability in the proposed access.
As the index k increases, the received signals become less
correlated with each other. In other words, the increase in
the index k makes the channels highly frequency selective,
which is expected to give higher diversity gain to the pro-
posed non-orthogonal access. As the number of the paths
increases, also, the frequency selectivity becomes higher,
which makes the proposed access achieve higher diversity
gain. This leads that the increase in the index k or the num-
ber of the paths raises the reliability, because the diversity
gain is proportional to the reliability as is described above.
The reliability is increased as the index k gets bigger. The
MLR increases the reliability much greater than the FSA as
the index k become bigger.

The BER performance of the MLR v.s. the Eb/N0 is
shown in Fig. 11. When the RB set B = {1,2,3,4} is used,
i.e., k = 1, as is expected, the BER performance is more

Fig. 11 BER performance with respect to number of paths.

Fig. 12 BER performance with respect to the RB set.

improved as the number of the paths increases. Figure 12
shows the BER performance of the MLR with respect to the
Eb/N0, where 2-path Rayleigh fading is applied. In the fig-
ure, the performances with the RB set indexes of from 5 to
15 are drawn. Higher index enables the proposed adaptive
subcarrier allocation to achieve better transmission perfor-
mance. The adaptive subcarrier allocation based on theMLR
with the index of 30 attains about 15 dB better transmission
performance than that with the index of 1 at the BER of 10−5.

5. Conclusions

This paper has proposed a non-orthogonal multiple access
with adaptive subcarrier allocation. The proposed non-
orthogonal multiple access assigns multiple frequency re-
sources for each device to send their packets, even if the num-
ber of the devices exceeds that of the frequency resources.
Furthermore, this paper has proposed adaptive subcarrier al-
location based on factor graphs that adaptively allocates the
frequency resources to the devices for improvement of the
transmission performances. This paper has proposed two
allocation algorithms for the proposed adaptive allocation.
One of the two algorithm allocates the resources to the de-
vices to maximize the reliability of the signals sent to the
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device in the worst environment, which is named “MLR” in
this paper. The other algorithm allocates the resource to the
devices to maximize the average reliability of all the signals
sent to the devices, which is named “MAR” in this paper.

Computer simulation confirms the performance of the
proposed non-orthogonal multiple access. While the trans-
mission performance of the proposed non-orthogonal ac-
cess with the fixed subcarrier allocation is similar as that
of the conventional OFDMA in 4-path fading channel, the
proposed adaptive subcarrier allocation makes the proposed
non-orthogonal access achieves better transmission perfor-
mance than the OFDMA even though the transmission rate
of the proposed non-orthogonal access is 1.5 times as high
as the OFDMA, i.e., the overloading ratio of 1.5. While the
MAR achieves a little bit better BER performance than the
fixed subcarrier allocation, the MLR attains about 3 dB bet-
ter BER performance than the MAR. Eventually, the MLR
achieves a gain of about 5 dB at the BER of 10−4 compared
the fixed allocation in the 4-path Rayleigh fading channel.
Because the MLR achieves better transmission performance
than the MAR, the characteristics of the MLR are analyzed.
The MLR enables the proposed non-orthogonal multiple ac-
cess to achieve a greater diversity gain as the number of
the paths increases. The performance of the proposed non-
orthogonal multiple access depends on the RB set parame-
ters. The transmission performance is more improved as the
frequency indexes in the set are widely distributed.
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