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A B S T R A C T

Proton exchange membrane fuel cells are devices with huge potential for renewable and clean industries due
to their high efficiency and low emissions. Since the proton exchange membrane fuel cell employed in this
research supplied a low output voltage, it was encouraged to use a boost converter with a designed non-linear
controller to provide a suitable end-user voltage. In this paper, we proposed a novel control framework based
on sliding mode control, which is a global integral sliding mode control linked with a quick reaching law
that has been implemented in a commercial fuel cell system Heliocentris FC50 through a dSpace 1102 control
board. We compared the strategy with a conventional sliding mode controller and an integral terminal sliding
mode controller where we addressed a Lyapunov stability proof has for each structure. We contrasted the
experimental outcomes where we proved the superiority of the proposed novel design in terms of robustness,
convergence speed. Additionally, as the sliding mode controllers are well known by the energy consumption
caused by the chattering effect, we analysed every framework in these terms. Finally, it was found that the
proposed structure offered an enhancement in the energy consumption issues. Moreover, the applicability of
the proposed control scheme has been demonstrated through the real time implementation over a commercial

fuel cell.
1. Introduction

In recent years, hydrogen power generation captured the interest
of the research community since the H2 can reach an energy density
value of 120 MJ/kg which is almost 5 times higher compared to the

∗ Corresponding author.
E-mail address: cristianmario.napole@ehu.eus (C. Napole).

coal [1]. Regarding production costs, the target had been reduced from
4.2USD in 2015 and aimed to be 1.7USD in 2020 [2]. The electro-
chemical conversion of hydrogen as a gas into useful electricity can be
achieved through fuel cells, devices that drew the attention since they
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were discovered by William Grove in 1839 [3]. Thenceforth, the attrac-
tiveness of fuel cells represents a trend in research as it is expected that
this technology could reach its maturity near 2030 [4]. Additionally,
because of the groundbreaking innovation of fuel cell electric vehicles
(FCEV) and large capacity stationary fuel cells (LCSFC), the interest has
been growing exponentially since 2007 [5]. This is principally due to
their emissions level that could reach 0% (depending on the type of
fuel) [6]; besides, the efficiency can yield up to 60% [7]. Despite that
an assorted variety of fuel cells had been developed, proton exchange
membrane fuel cells (PEMFC) had a significant enhancement in recent
years [8]. The production costs not only provided a downsizing feature
but also a performance improvement which covers high energy density
and robustness [9]; thus, it has been a matter of research for several
applications like transport vehicles [10]. PEMFC performance can be
increased through the control of diverse variables such as air–fuel flow
to obtain an appropriate temperature and output voltage [11]. Never-
theless, drawbacks of this strategy are related to risks (manipulation of
hydrogen), external factors and maintenance [12]. Additionally, if the
output voltage is unsuitable for end-user purposes, a power electronic
converter with an integrated designed controller is required to be
link to the PEMFC [13]; in this manner, an increment of the system
performance is also achieved.

Linear controllers can be a suitable initial option to control a
DC–DC converter. Hence, a typical first and classic approach like a
proportional–integral–derivative (PID) has been implemented several
times in a DC–DC boost converters. A striking aspect has been ac-
complished in the research conducted by the authors of [14] where
they compared controller tuning strategies in simulation environments.
Procedures like Ziegler–Nichols, Chien–Hrones–Reswick and online op-
timization achieved respectively, 11.8%, 17.1% and 2.16% of over-
shoot reduction. Diversely, an advance linear structure used in boost
converters control is 𝜇-synthesis approach as it was developed in the
investigation of [15]. In that work, simulations were performed with
the robust strategy and compared with a PI controller where further
reduction of overshoot was observed along a step function. On the
other hand, a classic linear quadratic regulator (LQR) strategy has been
proposed for a PEMFC in [16] where the maximum overshoot reached
96.21%. However, a main drawback of these analysed studies is that
simulation results were provided. Actually, boost converters are mainly
nonlinear due to the switching states and device perturbations which
limits the implementation of linear controllers [17].

A nonlinear strategy design can improve the effectiveness, especially
when a real-time controller is embedded [18]. Fuzzy-logic controller
(FLC) represents a non-linear strategy which its construction is based on
the designer expertise within the system and traduced through if-then
causal rules in fuzzy sets. FLC is known for its simplicity and robustness
which are the main advantages when it is employed in complex mod-
els [19]. For instance, the authors of [20] used an adaptive FLC strategy
for a boost converter linked to a PEMFC where simulations were carried
and a final experiment was performed: results showed the chatter-
ing amplitude reached 2.4 V in the real device outcomes. However,
the implementation of FLC has a significant drawback when complex
strategies are required; the fuzzy-set growth implies that the computa-
tional requirements need to increment as well [21]. Another nonlinear
controller is back-stepping (BSTP) which is a Lyapunov-based design
that intents to split the whole feedback-system into sub-systems with
the aim of developing a controller that considers the sub-parts [22].
Therefore, the mechanics of this approach through a Lyapunov-design
can ensure the stability of the entire close-loop system. In [23], the
researchers implemented a BSTP to control a boost converter where the
aim was to track the maximum power point (MPP) and an improvement
of 12% was shown. Recently, an advance implementation included
a neural adaptive BSTP controller, and it was embedded in a boost
converter for voltage regulation where an overshoot of 11.6% with
low settling time was achieved [24]. Nevertheless, BSTP drawbacks are
2

associated to its complex design since an advance Lyapunov analysis
is involved to reach a suitable control law [25]; in addition, the
robustness is limited because of its sensibility to uncertainties and
disturbances [26]. These issues can be counteracted with globally
linearizing control (GLC) combined with adaptive state observer (ASO),
which was presented in 2018 [27]; however, results showed several
discrepancy in the obtained model. Model predictive control (MPC)
is another non-linear approach that explicitly uses a plant model to
calculate an optimal control action subject to constraints on actuation
and states [28]. The study made by the authors of [29] showed the
design and implementation of an MPC in a hardware in the loop (HIL)
where a boost converter was emulated for voltage tracking. Despite that
the error was enough reduced, the computational resources were one
of the main highlights because a leading disadvantage of MPC are the
requirements over low cost processors [30].

Sliding mode control (SMC) is a nonlinear controller which main
advantage over previously described tools is that it provides a prompt
response, robustness, stability in undetermined environments and low
computation is required [31]. This technique gathers a control law
that changes the dynamics of a system based on a sliding surface
that ensures the convergence [32]. Nevertheless, a severe deficiency
of this strategy is the infinite time in which the states can achieve
the equilibrium [33]. Consequently, in 1988, the terminal sliding mode
control (TSMC) was introduced like a terminal attractor [34], and then
as a control strategy in 1993 by Gulati and Venkataraman [35] where
they aimed to achieve a finite time response. Despite this mentioned
advantage, the TSMC is still slow when the system states are distant
from the origin and singularities were found which could yield to an
unbounded control signal [36]. An option proposed to counter the
singularity problem is using high order sliding mode control (HOSMC);
traditionally, it is also used to reduce the chattering, which represents
an ordinary feature of SMC because it generates an increment in
the energy consumption. Regardless the advantages of the HOSMC,
the main issues are related to: complex stability proof [37] and it
requires high order derivatives which can increase the noise in a
feedback loop [38]. Integral terminal sliding mode control (ITSMC)
is a composed approach that not only improves the time convergence
but also enhances the chattering avoidance properties and the system
dynamics [39]. For instance, authors of [40] used an ITSMC for a
hybrid AC/DC grid where the comparison against SMC showed an
enhancement in terms of performance and robustness. In regards to
the implementation in converters, it was uncovered that a fractional
ITSMC was designed and embedded in a buck converter type where
the outcomes showed an improvement of time convergence even with
unknown uncertainties [41]. Another recent developed scheme is the
usage of global terminal sliding mode control (GTSMC) with quick
reaching law (QRL) [42]; this combines the benefits of TSMC with the
global strategy that includes a linear design and pretends the system to
reach an equilibrium in a limited time [43]. The QRL is entrenched to
reduce the chattering at a cost of shrinking the reaching speed [42].

As ITSMC was tested in converters where the performance was
enhanced, the energy consumption of the chattering and rate response
can still be improved [44]. Therefore, the innovation of this research
paper is the usage of a global integral terminal sliding mode control
(GITSMC) combined with a QRL in a boost converter for a commercial
PEMFC. As it was analysed, a fair comparison is against SMC but also
the use of ITSMC is advantageous to achieve intriguing progressive
results. This is an innovative contrast and implementation since as we
had investigated, the employment of GITSMC with QRL in a real boost-
converter with PEMFC has never been analysed. Moreover, derived
on the proposed combination, we expected a reduction in energy
consumption as an approach based on ITSMC was implemented and as
previously mentioned, it is known for its chattering lessening features.

We arranged the structure of this paper as follows. A description of
the hardware used is detailed in Section 2. The design of the controllers
is analysed in details within their stability proofs in Section 3. The
experimental outcomes of the controllers implementation are presented
in Section 4 and a summarize of the work produced is provided

in Section 5.
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Table 1
PEMFC technical data.
Fuel cell features Electrical features

Type Heliocentris FC-50W w/10 cells Operating Voltage 2.5–9 VDC
Cooling Cooling fan Operating Current 0–10 A
Fuel H2 Rated power output 40 W
Dimensions 12 × 10.3 × 13.5 cm Max. output power 50 W
Weight 1150 g Open-circuit voltage 9 VDC

H2 Flowmeter 1.5 MPa Kit

Precision 0.8% of the quantified value Inlet pressure 0.1–1.5 MPa
Measuring range 10–1000 sml/min Outlet pressure 0.06 MPa

Thermal H2 20 MPa kit

Operating temperature 15–50 ◦C Inlet pressure 20 MPa
Max. start temperature 45 ◦C Outlet pressure 0.1–1.5 MPa

Fuel H2 Detector

Recommended H2 purity 5.0 (99.999%) Type of sensor H2 4%
H2 input pressure 0.04–0.8 MPa Measuring principle 3 electrode sensor
H2 consumption Max. 700 sml/min (at 0 ◦C, 101.3 MPa) Range 0–4%
a
n
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Table 2
TEP-192.
Parameter Value

Inductance 6 μH
Input capacitor 1500 μF
Output capacitor 3000 μF
Max. switching frequency 20 kHz
Max. input voltage 60 V
Max. input current 30 A
Max. output voltage 250 V
Max. output current 30 A

2. Hardware description

Experiments were based on a real-time platform with the aim to
tuning the controllers so as to achieve the best performance. We used a
Heliocentris PEMFC PEM FC50 stack with 10 cells connected in series
where each one has an effective membrane of 25 cm2 and a thickness
of 175 μm while the electrodes have 0.3 mg.Pt∕cm2 of platinum. The
cells bundle can generate up to 5 VCC with a current rate of 8–10 A and
produce more than 40 W. We fed the PEMFC with high purity hydrogen
which can reach up to 99.999 vol% from a compressed cylinder at
1 MPa. Because the device is commercial and to provide enough
security to the system, the fuel supply is controlled by an integrated
control board which also manages two fans that are responsible for
the oxygen, membrane humidity and temperature. In this sense, this
embedded controller not only helps in the chemical transformation and
refrigeration but also prevents over-loads and short circuits. Further
technical details of the PEMFC are enlisted in Table 1.

The boost converter is a TEP-192, which technical information is
summarized in Table 2. As operators, we could control the metal–
oxide–semiconductor-field-effect transistor (MOSFET) with a switching
input (that can reach up to 20 kHz) originated from a PWM device
generator.

We used a dSpace MicroLabBox DS1202 as a PWM generator since
this device is a flexible and reliable hardware frequently involved
in mechatronics research as it is also robust with high performance.
It consists of 100 channels for input/output signals which can be
configured as analogue, digital or PWM. Inside this instrument, there is
a programmable FPGA with a dual-core processor which clock is able to
reach up to 2 GHz. Furthermore, it supports Real-Time-Interface (RTI)
which is a platform that allows a C-code generation into the DS1202 in
a fast and automatic way so that the designer could concentrate only
in the development of the Simulink interface. The DS1102 is managed
through ControlDesk, a software by dSpace which not only shows the
acquired and records the data in real-time but also grants the possibility
3

to tune parameters previously settled in Simulink. Additionally, the
experiments that we conducted for the current research showed that
the DC/DC boost converter delivers excessive noise in the signals at the
analogue–digital channel (ADC). Therefore, we implemented low-pass
filters during the data acquisition with the aim of achieving suitable
and legible signals.

Finally, we closed the circuit through the usage of a programmable
load BK Precision 8500. This is a single output resistance for DC loads
which grants a shift between 0.1 up to 1000 Ω. Regarding to the power
llowed, it can endure up to 120 W at which the input voltage should
ot be higher than 115 V at 47 Hz. The described hardware system is
hown in Fig. 1.

. Control design

The prime objective is to follow a specific current reference named
s 𝐼𝑟𝑒𝑓 through a comparison of three types of controllers: SMC, ITSMC
nd GITSMC combined with QRL. Certainly, the robustness and a
uitable control signal needed to be accomplished to achieve an ac-
eptable performance of the proposed strategies. Therefore, for further
alculations, we define the error as 𝑒 such that the 𝐼𝑟𝑒𝑓 is the reference

current.

𝑒 = 𝐼𝐿 − 𝐼𝑟𝑒𝑓 (1)

Fig. 1 shows the equivalent electric circuit which consists of an
inductor (L), a diode (D), switching device (𝑆1), a capacitor (C) and
a load (R). The device 𝑆1 generates a pulse width modulation (PWM)
ignal that switches between ON and OFF so as to adjust the voltage.
he relation between the stack voltage (𝑉𝑠) and the output voltage
𝑉𝑜) is expressed through the duty cycle d. This implies that when the
uty cycle increases, the output voltage follows a consistent trend. The
echanics that involves d within the boost converter is governed by a

ontroller which sends a PWM signal to the switching element and the
tates of the circuit shift in two different configurations which aim to
he following state space representation.
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The general control law expression, according to the design proce-
dure of a sliding controller [45], is composed by an equivalent term
(𝑢𝑒𝑞) which intention is to bring the system to the sliding surface and a
switching term (𝑢𝑠𝑤) that preserves the system in the surface. The latter

described also takes into account that the preservation implies to quell
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Fig. 1. System and implementation description for the hardware and control design between the PEMFC, boost converter, DS1202 and BK Precision 8500.
disturbances, unknown dynamics, etc. These two can be translated
mathematically as:

𝑢 = 𝑢𝑒𝑞 + 𝑢𝑠𝑤 (3)

Since all the involved controllers have parameters to be tuned, we
used the same strategy for each. Hence, we employed as a performance
index the integral of the absolute error (IAE) which had to be minimum.
This is expressed through Eq. (4) which was implemented and where
𝑒𝑖 is the error at the 𝑖th sample, 𝛥𝑡 is the sampling time and N is
the number of samples used. Simultaneously, the control signal was
inspected in the pursuit of a suitable performance.

𝐼𝐴𝐸 =
𝑁
∑

𝑖=1
|𝑒𝑖|𝛥𝑡 (4)

3.1. Conventional sliding mode control

A first step in the design of a SMC is to choose an adequate surface;
in our case, we followed the suggestions that the authors of [46] who
defined a suitable expression related on the dynamics of the system and
yields the variables to be control at a reference value.

𝑆1 =
( 𝑑
𝑑𝑡

+ 𝜆
)𝑟−1

𝑒 (5)

The former expression has the constants r and 𝜆 which are, re-
spectively, the relative degree of the system and a positive constant
associated with the bandwidth of the control to be designed [47].
Previously, we showed that the system is a second order type and thus,
𝑟 = 2. Hence, the surface can be expressed by (6).

𝑆1 = �̇� + 𝜆𝑒 (6)

Using (2), (1) and (3), the surface derivative can be expressed as
the following (7).

�̇�1 =
𝑉𝑜
𝐿
𝑢 −

𝑉𝑜
𝐿

+
𝑉𝑠
𝐿

+ 𝜆 ⋅ 𝑒 (7)

As we previously enacted, (3) refers to two terms that are related to
each controller. In order to provide a differentiation in both designs, we
define (8) which establishes the control signal 𝑢𝑐 for the conventional
SMC.

𝑢𝑐 = 𝑢𝑒𝑞_𝑐 + 𝑢𝑠𝑤_𝑐 (8)

According to authors of [48], the equivalent control term can be
deduced from the statement �̇� = 0. The usage of (7) allows us to obtain
4
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the following expression.

𝑢𝑒𝑞_𝑐 = 1 −
𝑉𝑠
𝑉𝑜

− 𝜆 ⋅ 𝑒 ⋅ 𝐿
𝑉𝑜

(9)

On the other hand, the switching term for this case is defined by
(10), based on the Ref. [49].

𝑢𝑠𝑤_𝑐 = −𝑘0 ⋅ 𝑠𝑖𝑔𝑛(𝑆1) (10)

Such that 𝑘0 > 0 and its choice is significant because a small
value can increase the response time; oppositely, strong oscillations
can occur. These effects can excite neglected dynamics (chattering
phenomenon), or even deteriorate the hardware [50].

3.2. Integral terminal sliding mode control

An integral terminal sliding surface 𝑆2 is proposed as the following
mathematical expression [51].

𝑆2 = 𝑒 + 𝜆
(

∫ 𝑒 𝑑𝑡
)𝑝∕𝑞

(11)

Where the terms p and q are odd numbers which should satisfy the
relation 1 < 𝑝∕𝑞 < 2 and 𝜆 > 0. The derivation of (11) leads to the
following Eq. (12).

�̇�2 = �̇� + 𝜆
(

𝑝
𝑞

)

⋅ 𝑒 ⋅
(

∫ 𝑒 𝑑𝑡
)𝑝∕𝑞−1

(12)

Since the current reference is constant, therefore we define the
derivative of the error as �̇� = �̇�𝐿, which is expressed in (2). Thus, �̇�2 is
declared as:

�̇�2 =
𝑉𝑜
𝐿
𝑢 −

𝑉𝑜
𝐿

+
𝑉𝑠
𝐿

+ 𝜆
(

𝑝
𝑞

)

⋅ 𝑒 ⋅
(

∫ 𝑒 𝑑𝑡
)𝑝∕𝑞−1

(13)

The embodiment of the control law through means of an ITSMC
yields to the following expression:

𝑢𝑖𝑛𝑡 = 𝑢𝑒𝑞_𝑖𝑛𝑡 + 𝑢𝑠𝑤_𝑖𝑛𝑡 (14)

Where the equivalent term 𝑢𝑒𝑞_𝑖𝑡 is gathered by �̇�2 = 0 and it is
gleaned as follows:

𝑢𝑒𝑞_𝑖𝑛𝑡 = 1 −
𝑉𝑠
𝑉𝑜

− 𝜆 𝑒𝐿
𝑉𝑜

(

𝑝
𝑞

)

⋅
(

∫ 𝑒 𝑑𝑡
)𝑝∕𝑞−1

(15)

The switching term is analogue to (10) where the proportional
constant is distinguishable by 𝑘1 which belongs to the ITSMC approach.

𝑢𝑠𝑤_𝑖𝑛𝑡 = −𝑘1 ⋅ 𝑠𝑖𝑔𝑛(𝑆2) (16)
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𝑆
L

Q

3.3. Global integral terminal sliding mode control

Similarly as previous presented, in this case we define the surface
as 𝑆3 which is a global terminal integral approach.

𝑆3 = 𝑒 + 𝛼 ∫

𝑡

0
𝑒.𝑑𝑡 + 𝜆

(

∫

𝑡

0
𝑒.𝑑𝑡

)𝑝∕𝑞

(17)

Therefore, we derive (17) and we obtained the following (18) with
the subsequent replacement of (2) in the derivative of 𝑆3.

̇ 3 = �̇� + 𝛼 ⋅ 𝑒 + 𝜆
(

𝑝
𝑞

)

⋅ 𝑒 ⋅
(

∫

𝑡

0
𝑒.𝑑𝑡

)

𝑝−𝑞
𝑞

(18)

�̇�3 =
𝑢𝑐
𝐿
.𝑉𝑜 −

1
𝐿
.𝑉𝑜 + 𝛼 ⋅ 𝑒 +

1
𝐿
.𝑉𝑠 + 𝜆

(

𝑝
𝑞

)

⋅ 𝑒 ⋅
(

∫

𝑡

0
𝑒.𝑑𝑡

)

𝑝−𝑞
𝑞

(19)

Like in the preceding sections, the control composition is obtained
and differentiated within the following expression with its sub-indexes
that corresponds to the GITSMC.

𝑢
𝑔𝑖𝑡

= 𝑢𝑒𝑞_𝑔𝑖𝑡 + 𝑢𝑠𝑤_𝑔𝑖𝑡 (20)

We retrieved the equivalent term 𝑢𝑒𝑞_𝑔𝑖𝑡 through �̇�3 = 0 and it is
reached as follows:

𝑢𝑒𝑞_𝑔𝑖𝑡 = 1 −
𝑉𝑠
𝑉𝑜

− 𝛼 ⋅ 𝑒 ⋅ 𝐿
𝑉𝑜

− 𝜆.𝑒.𝐿
𝑉𝑜

(

𝑝
𝑞

)

⋅
(

∫

𝑡

0
𝑒.𝑑𝑡

)

𝑝−𝑞
𝑞

(21)

In regards to the switching term 𝑢𝑠𝑤_𝑔𝑖𝑡, the expression is similar to
the mentioned sliding controllers but, the proportional constant is now
replaced with a variable which is also known as QRL.

𝑢𝑠𝑤_𝑔𝑖𝑡 = −𝜓 ⋅ 𝑠𝑖𝑔𝑛(𝑆3) (22)

𝜓 = −
[

𝑘2
(

𝑏|𝑆3| − 1
)

+ 𝑘3|𝑆3|
𝑎 + (𝐷 + 𝜂)

]

(23)

The aim of the QRL is to improve the performance of the designed
control; this comprises a similarity within the fast and double power
reaching law which behaviour takes into account that the approach
speed is reduced when the states are near the sliding surface so that
not only enhance the rate convergence but also the chattering is mod-
erated [52]. The parameters should adhere to the following conditions:
𝑏 > 1, 𝜂 > 0, |𝑆1|

𝑎 > 1, 𝑘2,3 > 0. The parameter 𝐷 is the disturbance
boundary such that |𝑑| ≤ 𝐷 where 𝑑 is the uncertainty.

3.4. Lyapunov stability proof of CSMC, ITSMC and GITSMC

The Lyapunov stability theorem declares that a dynamical system
can be asymptotically stable provided that a function (also called
as Lyapunov Function) V(S) is positive definite and accomplishes the
following conditions: 𝑉 (∞) = ∞, 𝑉 (0) = 0 and �̇� (𝑆) < 0. For all control
strategies, the Lyapunov function chosen is a quadratic like (24) shows.

𝑉 (𝑆) = 1
2
𝑆2 (24)

�̇� (𝑆) = 𝑆 ⋅ �̇� (25)

Therefore, for the first case where we used a conventional SMC and
by replacing S by �̇�1 from (7), we obtained the following stability proof
. The mathematical conclusion states that for the controller chosen, the
system will be asymptotically stable.

�̇� (𝑆1) = 𝑆1�̇�1

= 𝑆1

[

𝑉𝑜
𝐿
𝑢 −

𝑉𝑜
𝐿

+
𝑉𝑠
𝐿

+ 𝜆 ⋅ 𝑒
]

= 𝑆1

[

𝑉𝑜
𝐿
(𝑢𝑒𝑞_𝑐 + 𝑢𝑠𝑤_𝑐 ) −

𝑉𝑜
𝐿

+
𝑉𝑠
𝐿

+ 𝜆 ⋅ 𝑒
]

= 𝑆1

[

𝑉𝑜 𝑢𝑒𝑞_𝑐 +
𝑉𝑜 𝑢𝑠𝑤_𝑐 −

𝑉𝑜 +
𝑉𝑠 + 𝜆 ⋅ 𝑒

]
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𝐿 𝐿 𝐿 𝐿
= 𝑆1

[

𝑉𝑜
𝐿

(

1 −
𝑉𝑠
𝑉𝑜

− 𝜆 ⋅ 𝑒 ⋅ 𝐿
𝑉𝑜

)

+
𝑉𝑜
𝐿

(

−𝑘0 ⋅ 𝑠𝑖𝑔𝑛(𝑆1)
)

−
𝑉𝑜
𝐿

+
𝑉𝑠
𝐿

+ 𝜆 ⋅ 𝑒
]

= −𝑘0 ⋅
𝑉𝑜
𝐿

⋅ 𝑆1 ⋅ 𝑠𝑖𝑔𝑛(𝑆1)

= −𝑘0 ⋅
𝑉𝑜
𝐿

⋅ |𝑆1|

≤ 0 (26)

On the other hand, based on the ITSMC, we replaced the S in the
yapunov function is 𝑆2 and its derivative. On the same manner, we

obtained the following stability calculation where it can also be seen
that the controlled system is asymptotically stable.

�̇� (𝑆2) = 𝑆2�̇�2

= 𝑆2

[

�̇� + 𝜆
(

𝑝
𝑞

)

⋅ 𝑒 ⋅
(

∫

𝑡

0
𝑒 𝑑𝑡

)𝑝∕𝑞−1]

= 𝑆2

[

𝑢
𝑉𝑜
𝐿

−
𝑉𝑜
𝐿

+
𝑉𝑠
𝐿

+ 𝜆
(

𝑝
𝑞

)

⋅ 𝑒 ⋅
(

∫

𝑡

0
𝑒 𝑑𝑡

)𝑝∕𝑞−1]

= 𝑆2

[

(𝑢𝑒𝑞_𝑟𝑙 + 𝑢𝑠𝑤_𝑟𝑙)
𝑉𝑜
𝐿

−
𝑉𝑜
𝐿

+
𝑉𝑠
𝐿

+ 𝜆
(

𝑝
𝑞

)

⋅ 𝑒 ⋅
(

∫

𝑡

0
𝑒 𝑑𝑡

)𝑝∕𝑞−1]

= 𝑆2

[

𝑉𝑜
𝐿

(

1 −
𝑉𝑠
𝑉𝑜

− 𝜆 𝑒𝐿
𝑉𝑜

(

𝑝
𝑞

)

⋅
(

∫

𝑡

0
𝑒 𝑑𝑡

)𝑝∕𝑞−1

+
𝑉𝑜
𝐿

(

−𝑘1 ⋅ 𝑠𝑖𝑔𝑛(𝑆2)
)

)]

+𝑆2

[

−
𝑉𝑜
𝐿

+
𝑉𝑠
𝐿

+ 𝜆 𝑒
(

𝑝
𝑞

)

⋅
(

∫

𝑡

0
𝑒 𝑑𝑡

)𝑝∕𝑞−1]

= −𝑘1 ⋅
𝑉𝑜
𝐿

⋅ 𝑆2 ⋅ 𝑠𝑖𝑔𝑛(𝑆2)

= −𝑘1 ⋅
𝑉𝑜
𝐿

⋅ |𝑆2|

≤ 0 (27)

Lastly, we also retrieved the stability proof of the GITSMC with the
RL in the same way through a replacement of 𝑆3 as follows.

�̇� (𝑆3) = 𝑆3�̇�3

= 𝑆3

(

𝑢𝑐
𝐿
.𝑉𝑜 −

1
𝐿
.𝑉𝑜 +

1
𝐿
.𝑉𝑠 + 𝛼 ⋅ 𝑒

+ 𝜆
(

𝑝
𝑞

)

⋅ 𝑒 ⋅
(

∫

𝑡

0
𝑒.𝑑𝑡

)𝑝∕𝑞−1)

= 𝑆3

( (𝑢𝑒𝑞_𝑔𝑖𝑡 + 𝑢𝑠𝑤_𝑔𝑖𝑡)
𝐿

.𝑉𝑜 −
1
𝐿
.𝑉𝑜 +

1
𝐿
.𝑉𝑠 + 𝛼 ⋅ 𝑒

+ 𝜆
(

𝑝
𝑞

)

⋅ 𝑒 ⋅
(

∫

𝑡

0
𝑒.𝑑𝑡

)𝑝∕𝑞−1)

= 𝑆3

(

𝑉𝑜
𝐿

[

1 −
𝑉𝑠
𝑉𝑜

− 𝛼 ⋅ 𝑒 ⋅ 𝐿
𝑉𝑜

− 𝜆.𝑒.𝐿
𝑉𝑜𝑢𝑡

(

𝑝
𝑞

)

⋅
(

∫

𝑡

0
𝑒.𝑑𝑡

)𝑝∕𝑞−1

− 𝑘.𝑠𝑖𝑔𝑛(𝑆3)

])

+𝑆3

(

− 1
𝐿
.𝑉𝑜 +

1
𝐿
.𝑉𝑠 + 𝛼 ⋅ 𝑒 + 𝜆

(

𝑝
𝑞

)

⋅ 𝑒 ⋅
(

∫

𝑡

0
𝑒.𝑑𝑡

)𝑝∕𝑞−1)

= −𝑘 ⋅
𝑉𝑜
𝐿

⋅ 𝑆3 ⋅ 𝑠𝑖𝑔𝑛(𝑆3)

= −𝑘 ⋅
𝑉𝑜
𝐿

⋅ |𝑆3|

≤ 0 (28)
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Fig. 2. Effect of increasing the load resistance. a–d: PEMFC stack current; e–h: PEMFC stack voltage; i–l: PEMFC stack power.
4. Results

In the following descriptions, we performed an in-depth analysis
of the results gathered in terms of constant references and dynamical
changes in the load. The tuned control parameters that we obtained
through the minimization of the IAE are the following: 𝑎 = 0.2, 𝑏 = 1.35,
𝑘0 = 0.05, 𝑘1 = 0.02, 𝑘2 = 0.2, 𝑘3 = 0.07, 𝐷 = 1, 𝜂 = 0.5, 𝑝 = 1, 𝑞 = 3,
𝛼 = 0.1, 𝜆 = 0.1. The enquiry of the controllers was performed through
load variations which were established as a squared according to the
following specifications:

4.1. Resistance increment from 20 Ω to 50 Ω at 25 s

The electrical stack measures like 𝐼𝑠𝑡𝑎𝑐𝑘, 𝑉𝑠𝑡𝑎𝑐𝑘 and 𝑃𝑠𝑡𝑎𝑐𝑘 are exposed
in Fig. 2 where several features deserve to be highlighted. Fig. 2(b)
shows the PEMFC generated current where the robustness can be re-
flected in the undershoot measured in the first load rise. In comparison
to the ITSMC (which performance was the lowest one in this step),
the SMC undershoot current was 1.81 A which entails a difference of
9.4% but the GITSMC boosted this change since the peak was 1.73 A,
which is 14.5% in respect to the ITSMC. A similar trend was observed
in Figs. 2(f) and (j) where 𝑉𝑠𝑡𝑎𝑐𝑘 and 𝑃𝑠𝑡𝑎𝑐𝑘 were measured and the
SMC still had a better demeanour than the ITSMC since it showed
the same improved features as the voltage overshoot decreased from
1.13 V to 1.02 V (near 10.8%) and the power undershoot climbed
from 9.53 W to 8.45 W (around 12.8%). Nevertheless, the progress was
higher with the GITSMC because of the overshoot in the voltage which
difference in terms of the ITSMC dropped to 0.98 V (near 15.3%); the
power exhibits the same enhancement since the overshoot declined to
7.69 W, this implies 24%. Regarding the response time for each stack
analysed variable, certainly the SMC is faster than the ITSMC as the
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integral reduces the speed; however, the advanced GITSMC with the
inclusion of the QRL could improve this feature and allowed a more
active response in comparison to the other structures.

Before the first load change (at 25 s), the role of the controller
was to follow a constant reference where it was possible to evaluate
the chattering that each configuration developed. At the first level-off,
the 𝐼𝑠𝑡𝑎𝑐𝑘 from Fig. 2(c) shows that the ITSMC increased its effective-
ness with the inclusion of the integral term which was reflected in
the amplitude reduction where in comparison with the SMC, it out-
came an average of 33%. However, this difference increased drastically
with the GITSMC as the value was augmented to 6 times. The stack
voltage behaved similarly since in Fig. 2(g), the ITSMC provided an
improvement of 71.8% of difference in chattering in terms of the SMC;
but furthermore, the GITSMC generated a variation of 4 times higher in
this feature. The stack power from Fig. 2(k) is akin to previous analysis
as the SMC manages the chattering in the same low performance and
thus, the ITSMC had a discrepancy of 31% whereas the GITSMC still
lead this trend with 3.22 times lower amplitude.

Nevertheless between 25 and 45 s, a steady resistance of 50 Ω was
settled as a constant reference following scenario where the role of
each variable had considerable disparity. For instance, the SMC had
the weaker performance as it provided nearly the same chattering
manner where the stack current of the ITSMC developed an amplitude
which was 2 times lower than the SMC but even at this point, the
GITSMC had a 3 times lower amplitude. The voltage persisted with a
meager performance response with the SMC and in terms of chattering,
the amplitude for the ITSMC reached 72% of difference; again, the
GITSMC was near 4 times. Despite that the SMC retained the equivalent
behaviour as previously, the discrepancy within the ITSMC was higher
since it reached 2.23 times lower amplitude; the GITSMC also achieved
a superior difference with 4.6 times.
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Fig. 3. Effect of increasing the load resistance. a–d: Duty cycle signal; e–h: DC–DC output voltage; i–l: DC–DC output power.
Fig. 3 exposes the performance of the duty cycle and output mea-
sures like voltage (𝑉𝑜𝑢𝑡) and power (𝑃𝑜𝑢𝑡) in the first load change.
The proposed controllers indicated a smooth and gradual rise to the
desired operating point as it can be seen through the Figs. 3(a, b,
e and f). As previously in the stack variables analysis, the response
time of the ITSMC is still the lowest one whereas the GITSMC displays
a brisk reaction in the duty cycle as in the output voltage. Despite
that the undershoot analysis of the output power in Fig. 3(j) presents
a slight dissimilarity within each structure, the SMC accomplished
11.2 W and the GITSMC got a further difference with 10.74 W; referred
to the 11.2 W that the ITSMC provided, the SMC and the GITSMC
attained respectively, 1.8% and 4.2%. Additionally, the duty cycle from
Figs. 3(c–d) show several chattering behaviour in the steady reference
following. Since the duty cycle is the control action, certainly it will
reflect this phenomenon in the output voltage and power as it can be
seen in Figs. 3(g–h, k–l).

Experiments revealed that the performance of the PEMFC was lower
than the one declared by the manufacturer. A key reason of this
deterioration is the usage since the device was involved in several
projects in the last 3 years. Therefore, the declared maximum output
power of 50 W it was found to be 30 W. Another significant factor that
was evident in the practice it is an only visible temperature effect in
uncontrolled variables since the current was the main one to be tracked.
For example, in Figs. 2(g–h, k–l) a slight gap is distinguished between
the signals. The nature of this is caused by the temperature change
inside the fuel cell which influence in the generated voltage and output
power.

4.2. Resistance reduction from 50 Ω to 20 Ω at 45 s

Last description takes into account Fig. 4 which represents the
analysis of the stack variables and the duty cycle when the load shifts
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back to 20 Ω at 45 s. The lead performance of the GITSMC, which
was formerly appreciated in the first load variation, now provided the
lower overshoot value with 2.8 A. Additionally, the SMC managed in
like manner as it reached a peak of 3.5 A, and thus, in comparison
with the ITSMC that achieved 4.25 A: the SMC improved 21.4% and
the GITSMC reached 52%. This implies the performance climbs when
the load is reduced and moreover, the robustness of the GITSMC is still
superior. In addition, the tendency was the equally with the voltage
since the SMC settled an undershoot of 1.75 V and the GITSMC even
lower at 1.2 V and in terms of the 2.07 V from the ITSMC, respectively,
the difference is 18.3% and 72.5%. In regards to the power, the ITSMC
produced the higher value with 8.9 W whereas the SMC acquired 7.9 W
and but the GITSMC increased this difference to 4.6 W; as regards to the
SMC, the ITSMC enhanced the response by 12.7% and the GITSMC up
to 93.5%. The stack variables established that the GITSMC developed
a better performance, and besides, along Figs. 4(b, d, f) it can be seen
that this advanced structure also carries with the best time response.

The control action in Fig. 4(h) indicates the response time of each
controller with a modest discrepancy to the analysed trend where the
SMC drove with the advantage of 1.7 s over the 3.3 s that corresponds
to the ITSMC, which is a difference of 94.4%; in this case, the GITSMC
reduced its performance because the response time is 1.9 s, which
implies 73% less than the ITSMC. Nevertheless, the GITSMC rebounded
to previous trend in the output voltage where an undershoot of 2.8 V
represented 78.5% lower than the 5 V of the ITSMC; in the same way,
the SMC had a small variance with 3.8 V, which is 31.5% in terms of the
ITSMC. The output power, similarly to the first rise at 25 s, displayed
again a modest difference where the ITSMC had the highest overshoot
value with 17.5 W followed by the SMC that declined to 17.4 W (around
0.5%) and finally the GITSMC performed better with 17 W (near 3%).
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Fig. 4. Effect of decreasing the load resistance. a–b: PEMFC stack current; c–d: PEMFC stack voltage; e–f: PEMFC stack power; g–h: Duty cycle signal; i–j: DC–DC output voltage;
k–l: DC–DC output power.
5. Conclusions

In this research, an innovative structure for current reference fol-
lowing was defined and embedded in a proton exchange membrane fuel
cell. Advance controllers like sliding mode control and integral terminal
sliding mode control were also implemented and contrasted with the
novel design to highlight the features that could define the effectiveness
of each in different scenarios such as constant and dynamic change
following.

An assembled test rig with a commercial Heliocentris fuel cell
linked to a boost converter were used to evaluate each structure in
a dSpace DS1102. The device can be controlled through a pulse-
width-modulation signal generator that belongs to the converter, and
this was managed by a proper designed controller. The reference was
established as two load changes at 25 s and 45 s where in the first
one, the resistance shifted from 20 Ω to 50 Ω and in the second step
regressed to 20 Ω.

Experimental results showed that during the dynamic changes, the
global integral terminal sliding mode controller had the superior per-
formance as in terms of robustness since the overshoot and undershoot
values are better than the compared controllers. Followed by this in
terms of effectiveness, the sliding mode control also demonstrated
that it could gather a remarkable behaviour contrasted with the in-
tegral terminal sliding mode control. However, results changed when
a constant reference had to be followed since the integral terminal
sliding mode controller had less chattering than the conventional slid-
ing mode controller. Nevertheless, the global integral terminal sliding
mode controller maintained the outstanding trend even in this case
which proved to be a suitable controller yet in terms of reduction of
8

energy consumption. Finally, the application of this control scheme
has been corroborated in a real time experimental validation over a
commercial proton exchange membrane fuel cell.
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