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ABSTRACT We investigated the outage performance of non-orthogonal multiple access (NOMA) in
satellite-terrestrial systems which contain hardware impairments. An unmanned aerial vehicle (UAV) was
implemented to forward signals from a satellite to users on the ground. A two-user model was applied to
achieve spectral efficiency. In practical, real-life scenarios, the UAV and ground users encounter issues with
imperfect hardware. We examined the performance gap between two users experiencing practical problems
such as hardware impairment and imperfect successive interference cancellation (SIC). To implement a
practical scenario, Shadow-Rician fading was adopted in the satellite links, and Rician fading was employed
in the terrestrial links for ground users. In the main results, we derived the closed-form expression of the
outage probability, and to evaluate the system performance of two NOMA users, we obtained the approx-
imate expressions for high signal-to-noise ratios (SNR). Finally, we produced Monte-Carlo simulations to
verify the analytical expressions and demonstrate the effect of the main system parameters, such as the
number of transmit antennas on the satellite, transmit SNR, and level of hardware impairment on the system
performance metric.

INDEX TERMS Non-orthogonal multiple access, satellite-terrestrial systems, outage probability, hardware
impairments, UAV.

I. INTRODUCTION
With the development of the fifth generation (5G) network,
satellite communications has emerged as a promising tech-
nology for application in the 5G ecosystem. Satellite systems
may be deployed for reliable connectivity in areas where
infrastructure is challenging to establish. To improve spec-
trum use and serve multiple users in the same time and fre-
quency domains, non-orthogonal multiple access (NOMA) is
regarded as one of the technologies which can be applied to
address this problem [1]. To minimize masking effects and
improve reliability, hybrid satellite-terrestrial relay networks
have been implemented as solutions which apply various
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advances [2]. In [3] and [4], the authors studied outage
probability and ergodic capacity and demonstrated the per-
formance of hybrid satellite-terrestrial networks which rely
on the amplify-and-forward (AF) relay protocol. To solve
the problem of spectrum scarcity, a NOMA system was
proposed. NOMA serves multiple users on the same time
and frequency resource blocks, improves system capacity,
and meets the technical requirements for massive connec-
tivity [5], [6]. In [7]–[9], the authors introduced a NOMA-
based satellite system. In [7], NOMA in a downlink mobile
satellite network was explored and applied to terrestrial users.
They also derived the closed-form expressions for outage
probability and ergodic and energy efficiency to validate the
effectiveness of proposed system model. In [8], the authors
proposed a NOMA cooperative scheme with satellite
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communications over a Shadow-Rician fading channel
model. One of the main findings was the effect of imper-
fect successive interference cancellation (ipSIC). The authors
of [9] proposed cooperative spectrum sharing in hybrid
satellite-terrestrial networks to improve fairness and spec-
trum use. In that study, the secondary terrestrial network
acted as a relay to communicate the primary satellite network.
Jain’s fairness index was also applied to examine fairness.
In [10], the authors presented a cooperative satellite com-
munications system which applies NOMA and introduces a
particle swarm optimization algorithm to optimize the sys-
tem’s power allocation factors. A joint iteration algorithmwas
also proposed to maximize the interference temperature for
the satellite in an integrated terrestrial-satellite network-based
NOMA [11]. In [12], the authors demonstrated the exact and
asymptotic outage probability in a satellite-terrestrial system
which relies on cooperative NOMA. In [13], the authors
derived the exact analytical expression for the ergodic capac-
ity and outage probability of a satellite-terrestrial system
which applies NOMA. In [14], the authors considered the
ergodic capacity in a satellite-terrestrial system which uses
NOMA.

In [15], the authors introduced cognitive radio (CR) tech-
nology as a new technique in satellite communications to
enhance spectrum efficiency, referring to the concept as a
cognitive satellite-terrestrial network. In [16], the authors
defined the interweave, underlay and overlay paradigms as
three models of CR. In a CR network, the secondary user
(SU) is authorized to share resources with the primary user
(PU) provided that the interference caused by the SU is less
than a given threshold [17]. Known as a cognitive satellite-
terrestrial network, a satellite network which incorporates
CR technology is a promising architecture which allows the
coexistence of satellite and terrestrial networks in the same
frequency band [18]. K. An et al. analyzed the exact and
asymptotic expressions of the outage probability of a sec-
ondary terrestrial mobile network which formed part of a cog-
nitive hybrid satellite-terrestrial network [19]. The authors in
[20] and [21] attempted to improve the efficiency of spectral
use in CR-based NOMA scenarios in terrestrial networks.
In [20], the authors proposed the integration of NOMA with
CR into the 5G system, constituting a cognitive NOMA
network, for more intelligent spectrum sharing. The authors
in [21] introduced a small-cell network based on cognitive
hybrid satellite-terrestrial NOMA.

The above-mentioned studies only consider ideal circum-
stances at the receiver and transmitter, but it is hard to
reach such a situation, and in practice, components suffer
various types of hardware impairments [22]. Some works
have studied the effect of residual hardware impairments
(RHIs) on system performance [23], [24]. In [23], a linear
channel estimator in the presence of RHIs was proposed. The
authors in [24] examined the effect of RHIs on a cooperative
full duplex (FD) with NOMA over Rician fading channels.
In [25], the effect of RHIs was analyzed on a cognitive
network with the presence of interference. In [26], the authors

studied the expressions for the outage probability and ergodic
capacity for the effect of RHIs on non-cooperative and coop-
erative NOMA networks. The authors in [27] investigated the
effect of hardware impairments (HIs) on two-way multiple
relay NOMA-based networks. In [28], a satellite-terrestrial
system with single-relay selection and multi-relay selection
with RHIs were studied and the expression for outage proba-
bility was derived. Unfortunately, the authors did not consider
NOMA to improve the spectrum.

The deployment of unmanned aerial vehicles (UAVs) in
wireless communications has recently been receiving much
attention from researchers and industry in promising appli-
cations which cover many areas, for example, civil engi-
neering or military operations [29], [30]. Possessing more
advances than current conventional terrestrial infrastructure,
UAVs have many advantages over satellite systems, being
easier to deploy and having low cost and high mobility.

The authors in [31] developed the application of a UAV in
a hybrid satellite-terrestrial network in which a multi-antenna
satellite communicates with the ground user equipment (UE).
More importantly, this type of system requires the assistance
of multiple amplify-and-forward (AF) three-dimensional
(3D) mobile UAV relays. The work in [32] replaced AF with
decode-and-forward (DF) to evaluate a secure 3D mobile
UAV which acts as a relay for a hybrid satellite-terrestrial
network. Secure performance must be considered in this case
since an aerial eavesdropper would be situated near a serving
UAV relay on a circular plane. The study in [33] also explored
secure transmission against eavesdroppers by applying a
cache-enabled UAV-relaying network assisted with device-
to-device (D2D) communications. To prestore the content
associated with serving users collaboratively, both the UAVs
and D2D users were equipped with cache memory. By simul-
taneously optimizing transmission power, UAV scheduling
and user association, and UAV trajectory, the authors inves-
tigated the problem of optimizing the minimum secrecy rate
between users to address user fairness. The authors in [34]
attained the maximum achievable rate for terrestrial users by
simultaneously optimizing transmit power allocation for the
base station and UAV trajectory. This system has degraded
performance because of the interference temperature thresh-
old imposed by the UAV mobility constraint and satellite
network.

The authors in [35] explored 3D channel tracking for
a Ka-band UAV-satellite communications system. By con-
sidering the probabilistic insight relationship of both the
hidden value vector and joint hidden support vector,
the authors presented a statistical dynamic channel model
which they describe as a 3D two-dimensional Markov model
(3D-2D-MM) for a UAV-satellite communications system.
Thework in [36] proposed enhancing the coverage of a hybrid
satellite-terrestrial maritime communications network by
employing UAVs. Composite channel models such as large-
scale and small-scale fading were adopted. The authors also
simultaneously optimized the UAV trajectory and in-flight
transmit power subject to the constraints in backhaul, UAV
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TABLE 1. Comparison of the proposed system in related works.

kinematics, tolerable interference and the total energy of the
UAV for transmission. The authors in [37] studied a hybrid
satellite-terrestrial network which contained imperfect hard-
ware by examining the system’s outage probability and corre-
sponding asymptotic outage behavior under an opportunistic
relay selection method. This system employs popular channel
models, i.e., shadowed Rician channels for the satellite links
and Nakagami-m and Rician channels for the terrestrial links.
Hence, it is important to design a UAV-based satellite system
around improvements to the transmissions from the satellite
to the users on the ground.

Motivated by the aforementioned studies, we have focused
on improving the spectrum efficiency in aUAV-based satellite
system network through the application of a NOMA scheme.
Specifically, a satellite in geosynchronous orbit (GEO) sends
signals to a group of ground users via a UAV. We limited
the study to the downlink while the geosynchronous satellite
collects and forwards the data generated by ground users.
To achieve optimal fairness in the user group, we considered
the system performance of a user pair affected by interference
from conventional user equipment (CUE). We anticipated
that our proposed joint design scheme would exhibit sev-
eral advantages over the recent studies listed in Table 1.
We state two interesting benefits from our considered sys-
tem: (i) by using the trajectory design, the UAV can be
adjusted to fly near each ground user and thereby improve
the channel quality and simultaneously move away from the
CUE to relieve the effect of interference; (ii) by allocat-
ing the different power factors determined by the satellite,
the user pair and the different performance at each user can
adjusted.

In the present study, we consider the effect of RHI when a
mobile UAV assists multi-antenna satellite communications
with ground users in the presence of a CUE. Our main con-
tributions in the paper are summarized below:
• We analyze the outage probability as the main system
metric in a UAV-assisted satellite system with an oppor-
tunistic UAV relay. In contrast to other works on satellite
relaying systems, we consider a practical scenario in
which the system possesses imperfect hardware.We also
consider a realistic deployment case for NOMA users,
i.e., CUE is located at a certain fixed distance around
NOMA users which have degraded performance due to
interference.

• To deploy NOMA, different power allocation factors
are assigned to each user, and a corresponding SIC
is adopted. It is more meaningful to examine practical
circumstances when imperfect SIC (ipSIC) occurs at the
UAV and ground users. Together with ipSIC, we aim to
evaluate the effects of RHI in the analytical results by
determining specific system parameters.

• We also simplify the outage probability expressions to
indicate diversity order at asymptotically high SNR to
gain insight on the derived system performance metric.

The remainder of the paper is organized as follows:
Section II describes the system model and characteristics of
the UAV; Section III presents an analysis of the outage prob-
ability and performance of different users among a dedicated
group of users; Section IV verifies the theoretical results with
various numerical simulations; finally, Section V presents
conclusions.

FIGURE 1. Model of an UAV-based satellite-terrestrial system.

II. SYSTEM MODEL
Figure 1 illustrates a UAV-based satellite system which
includes a satellite (S), a UAV (R), and two NOMA users
Ui, i ∈ {1, 2}. In the coverage of the two NOMA users,
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TABLE 2. Main notations of the system model.

we examine only the worst case of interference from CUE.
To improve the strength of the signal transmission, S is
assumed to be equipped with N antennas while the remaining
nodes R,Ui and CUE are given a simple design and equipped
with a single antenna. Due to large separation and heavy
shadowing, the direct link from S to the ground users Ui is
also assumed unavailable [42]. The main system parameters
are presented in Table 2.

Regarding the existence of the UAV, let us consider the
three-dimensional Cartesian coordinates (x, y, z) depicted
in Figure 1. The UAV relay is located at R(0, 0, h) with alti-
tude h. The locations of ground users U1 and U2 are given by
the coordinates U1(−d1, 0, 0) and U2(d2, 0, 0), respectively.
From analysis, we can obtain the Euclidean distance from R
to Ui according to

dRUi =
√
d2i +h

2, (1)

In the first phase, S sends a signal
√
PS
(√

Q1x1+
√
Q2x2

)
to the UAV (node R) and Ui. The signals received at the UAV
and Ui are respectively given as

yR =
√
LSRϑSϑ (φR)h

†
SRhSR

×

(√
PS
(√

Q1x1+
√
Q2x2

)
+ηR

)
+nR, (2)

ySUi =
√
LSUiϑSϑ

(
φUi

)
h†SUihSUi

×

(√
PS
(√

Q1x1+
√
Q2x2

)
+ηSUi

)
+PCUEhCUi+nUi , (3)

where ϑS is the satellite antenna gain, ηR and ηSUi are the
distortion noises caused by RHI where ηR ∼ CN

(
0, κ2R PS

)
and ηSUi ∼ CN

(
0, κ2SUi PS

)
and κR and κSUi are the lev-

els of hardware impairment associated with the link from
S to R and S to Ui, respectively [25]. We denote wi as
the weight vector and apply the maximum ratio transmis-
sion [46], wSj =

hSR
‖hSj‖F

for j ∈ {R,U1,U2}. In addition,

LSR = 1
KBTW

(
c

4π fcdSR

)2
and LSUi =

1
KBTW

(
c

4π fcdSUi

)2
denote the instantaneous free space loss [39], where KB =
1.38×10−23J/K is the Boltzman constant, W and T are the
carrier bandwidth and receiver noise temperature, respec-
tively, c represents the speed of light, and fc is the carrier
frequency.

To characterize the link from S to R and S to Ui, ϑ
(
φj
)

represents the beam gain and is expressed by

ϑ
(
φj
)
= ϑj

(
I1
(
ρ̄j
)

2ρj
+36

I3
(
ρ̄j
)

ρ3j

)
, (4)

where ϑR and ϑUi are the antenna gains at the UAV
and Ui, respectively, φj is the angular separation, ρ̄j =
2.07123 sinφj

sinφR3dB
, and φR3dB represents 3dB beamwidth [39].

In the first phase, the signals for the link from S to R and
R to Di are processed, and to detect the signals as expected,
the signal to interference plus noise ratio (SINR) is deter-
mined.

The SINR atU2 to detect x2 is given by (5), which is shown
at the bottom of the page.

Then, the SINR at U1 to detect x2 is given by

γ
x2
SU1
=

βSU1Q2

βSU1Q1+βSU1κ
2
SU1
+ρCU

∣∣hCU1

∣∣2+1 , (6)

where ρS =
PS
N0
, ρCU =

PCUE
N0

, ρSj = ρSLSjϑSϑ
(
φj
)
and

βSj = ρSj
∥∥hSj∥∥2F . Then, by performing SIC to eliminate x2,

treating signal x2 as a noise term, x1 is detected at the UAV.
To do this, we compute the SINR from

γ
x1
SU1
=

βSU1Q1

ρSU1 |g|
2
+βSU1κ

2
SU1
+ρCU

∣∣hCU1

∣∣2+1 . (7)

Due to the effect of ipSIC, g is an interference chan-
nel modeled as a Rayleigh fading channel where g ∼
CN (0, λg) [8].

γ
x2
SU2
=

PSLSU2ϑ
(
φU2

)
Q2
∥∥hSU2

∥∥2
F

PSLSU2ϑ
(
φU2

)
Q1
∥∥hSU2

∥∥2
F+PSLSU2ϑ

(
φU2

)
‖hSR‖2F κ

2
SU2
+PCUE

∥∥hCU2

∣∣2+N0

=
βSU2Q2

βSU2Q1+βSU2κ
2
SU2
+ρCU

∣∣hCU2

∣∣2+1 . (5)
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Similarly, the SINR at the UAV to detect x2 is given as

γ
x2
SR =

βSRQ2

βSRQ1+βSRκ
2
R+1

. (8)

Applying SIC to detect signal x1, the SINR is given as

γ
x1
SR =

βSRQ1

ρSR |g|2+βSRκ2R+1
. (9)

In the second phase, the UAV sends the signal to two
NOMA users. The signal received at Ui is given as

yRUi =

√
PS
dχRUi

hRUi
((√

Q1x1+
√
Q2x2

)
+ηUi

)
+PCUEhCUi+nRUi , (10)

where ηUi is the distortion noise caused by RHIs for
ηUi ∼ CN

(
0, κ2i PR

)
, κi is the level of hardware impairments

from R to Ui, hCUi is the channel from CUE following a
Rayleigh fading channel with E{hCUi} = 1
The SINR at U2 to detect the signal x2 is given as

γ
x2
RU2
=

PRQ2
∣∣hRU2

∣∣2
PRQ1

∣∣hRU2

∣∣2+PR ∣∣hRU2

∣∣2 κ22+PCUE ∣∣hCU2

∣∣2+N0

=
βRU2Q2

βRU2Q1+βRU2κ
2
2+ρCU

∣∣hCU2

∣∣2+1 , (11)

where ρR =
PR
N0
, ρCU =

PCUE
N0

, ρRUi =
ρR
dχRUi

and βRUi =

ρRUi

∣∣hRUi ∣∣2. Then, the SINR at U1 to detect signal x2 is
given as

γ
x2
RU1
=

βRU1Q2

βRU1Q1+βRU1κ
2
1+ρCU

∣∣hCU1

∣∣2+1 . (12)

The SINR at U1 to detect it’s the own signal x1 is given as

γ
x1
RU1
=

βRU1Q1

ρRU1 |g|
2
+βRU1κ

2
1+ρCU

∣∣hCU1

∣∣2+1 . (13)

Remark 1: These SINR expressions are crucial in evaluat-
ing other main system metrics and provide a guide to imple-
menting a UAV-based satellite system in practical scenarios.
We can observe in the SINR equations, for example (11),
(12), and (13), the corresponding SINRs are determined by
the channel gains, the power allocation factors Q1 and Q2,
and the levels of RHI. In addition, the transmit power at
the satellite and the UAV play other roles in improving sys-
tem performance. We consider these effects in the following
section.

III. OUTAGE PROBABILITY ANALYSIS
A. CHANNEL CHARACTERIZATION
To further compute the system performance metric, let us
assume that the channel coefficients are independent and
identically distributed (i.i.d.). Then, the probability density
function (PDF) of the channel coefficient h(j)Sj from the satel-
lite’s q-th antenna to the UAV is expressed as [44]

f∣∣∣h(q)Sj ∣∣∣2 (γ ) = e−εSRγ αSj1F1 (mSR; 1; δSRγ ) , (14)

where εSj = 1
2bSj

, αSR = 1
2bSj

(
2bSjmSj

2bSjmSj+�Sj

)mSj
, δSj =

�Sj

2bSj(2bSjmSj+�Sj)
, and where �Sj, 2bSj and mSj are the average

powers of LOS, the multipath components and the fading
severity parameter, respectively. 1F1 (.; .; .) denotes a conflu-
ent hypergeometric function of the first kind [47, eq. 9.210].
Then, we assume the integer values of the Shadowed-Rician
fading severity parameter throughout this paper. We can
rewrite (14) as

f∣∣∣h(q)Sj ∣∣∣2 (γ ) = e−1SRγ αSR

mSj−1∑
b=0

ζSj (b)γ b, (15)

where 1Sj = εSj−δSj, ζSj (z) =
(−1)z(1−mSj)z(δSj)

z

(z!)2
, and (.)x

is the Pochhammer symbol [47, p.xliii]. Applying the result
from [3], the PDF of

∥∥hSj∥∥2F under i.i.d. Shadowed-Rician
fading can be formulated as

f
‖hSj‖

2
F
(x) =

mSj−1∑
b1=0

. . .

mSj−1∑
bN=0

4(Sj) γ3−1e−1Sjγ , (16)

where

4(Sj) = αNSj

N∏
u=1

ζSj (bu)
N−1∏
v=1

B

(
v∑
l=1

bl+v, bv+1+1

)
, (17)

3 =

N∑
u=1

bu+N . (18)

and B(., .) is the Beta function [47, eq. 8.384.1]. From the
above analysis, the PDF of βSj is expressed as

fβSj (γ ) =
mSj−1∑
b1=0

. . .

mSj−1∑
bN=0

4(Sj)(
ρSj
)3 γ3−1e−1SjρSj

γ
. (19)

Using [47, eq. 3.351.1], we obtain the CDF of βSj as

FβSj (γ ) =
mSj−1∑
b1=0

. . .

mSj−1∑
bN=0

4(Sj)(
1Sj

)3 γ (3, 1Sj

ρSj
γ

)
. (20)

Then, the PDF of the links from R to Ui can be expressed
as [40]

f∣∣hRUi ∣∣2 (γ ) = $ie−Kie−$iγ I0
(
2
√
$iKiγ

)
, (21)

where $i =
(1+Ki)
�i

, and Ki and �i are the Rician factor and
average fading power, respectively. Then, the PDF of βRUi
can be expressed as

fβRUi (γ ) =
$ie−Ki

ρRUi
e−

$i
�i
γ I0

(
2

√
Ki$i

ρRUi
γ

)
. (22)

Based on [47, eq. 8447.1], we can then rewrite

fβRUi (γ ) =
∞∑
b=0

(Ki)b e−Ki

(b!)2

(
$i

ρRUi

)b+1
γ be
−

$i
ρRUi

γ
. (23)
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Similarly, the CDF of βRUi can be expressed as

FβRUi (γ ) =
∞∑
b=0

(Ki)b e−Ki

(b!)2
γ

(
b+1,

$i

ρRUi
γ

)
. (24)

B. OUTAGE PROBABILITY OF U1
The outage probability defines that the probability of the
instantaneous SINR γk falls below a predefined threshold
ϕth, i.e.,

Pout = Pr (γk < ϕth) , (25)

where Pr(.) is the probability function.
Based on the selection combining technique, the outage

probability ofU1 can be determined by maximizing the SINR
of the link from S to Ui and the link from S to R. The outage
probability of U1 can then be expressed as [41]

Pout,1 = 91×92, (26)

where

91 = 1−Pr
(
γ
x2
SU1

> ϕ2, γ
x1
SU1

> ϕ1

)
, (27)

92 = 1−Pr
(
γ
x2
SR > ϕ2, γ

x1
SR > ϕ1

)
×Pr

(
γ
x2
SR > ϕ2, γ

x1
SR > ϕ1

)
, (28)

and where ϕi = 2Ri−1, Ri are the target rates.
Lemma 1: The term 91 is given as

91 = 1−I1+I2, (29)

where I1 and I2 are expressed by

I1 =

mSU1−1∑
b1=0

. . .

mSU1−1∑
bN=0

3−1∑
a=0

4(SU1) 0 (3) e
−
1SU1

υmax
ρSU1

a!λCU1

(
1SU1

)3−a
×

(
υmax

ρCUρSU1

)a ( 1
λCU1

+
1SU1υmaxρCU

ρSU1

)−a−1
×e

1
λCU1

ρCU
+
1SU1

υmax
ρSU1 0

(
a+1,

1
λCU1ρCU

+
1SU1υmax

ρSU1

)
,

(30)

and

I2

=

mSU1−1∑
b1=0

. . .

mSU1−1∑
bN=0

4(SU1)

3−1∑
a=0

(3−1)! (υmax)
a e−22

λCU1a! (21)
a+1

×

(
1SU1+

1
υ1λg

)−3+a (
ρCU

ρSU1

)a
e
21
ρCU 0

(
a+1,

21

ρCU

)
.

(31)

Proof: See Appendix A.
Lemma 2: The closed-form expression to compute 92 can

be expressed as

92 = 1−A1×A2. (32)

Because the computations of A1 and A2 are complicated,
we present these details in the appendix.

Proof: See Appendix B

C. OUTAGE PROBABILITY OF U2
Similarly, the outage probability of U2 is given as [41]

Pout,2 = 9̄1×9̄2, (33)

where

9̄1 = 1−Pr
(
γ
x2
SU2

> ϕ2

)
(34)

and

9̄2 = 1−Pr
(
γ
x2
SR > ϕ2, γ

x1
SR > ϕ1

)
Pr
(
γ
x2
RU2

> ϕ2

)
. (35)

Lemma 3: The closed-form expression of the outage prob-
ability, denoted by 9̄1, is given as

9̄1 = 1−

mSU2−1∑
b1=0

. . .

mSU2−1∑
bN=0

4(SU2) (ρCUυ2)
a e
−
1SU2

υ2
ρSU2(

ρSU2

)a
λCU2

(
1SU2

)3−a
×

3−1∑
a=0

(3−1)!
a!

0

(
a+1,

1
λCU2ρCU

+
1SU2ρCUυ2

ρSU2ρCU

)

×

(
1

λCU2

+
1SU2ρCUυ2

ρSU2

)−a−1
e

1
λCU2

ρCU
+
1SU2

ρCU υ2
ρSU2

ρCU .

(36)

Proof: From the result from (5), we can rewrite (36) as

9̄1 = 1−Pr
(
βSU2 > υ2

(
ρCU

∣∣hCU2

∣∣2+1))
= 1−

∞∫
0

f∣∣hCU2 ∣∣2 (y)
∞∫

υ2(ρCU y+1)

fβSU2 (x)dxdy. (37)

Then, we calculate

9̄1 = 1−

mSU2−1∑
b1=0

. . .

mSU2−1∑
bN=0

4(SU2)(
ρSU2

)3
λCU2

×

∞∫
0

e
−

y
λCU2

∞∫
υ2(ρCU y+1)

x3−1e
−
1SU2
ρSU2

x
.dxdy. (38)

Next, 9̄1 can then be expressed as

9̄1 = 1−

mSU2−1∑
b1=0

. . .

mSU2−1∑
bN=0

4(SU2) e
−
1SU2

υ2
ρSU2(

ρSU2

)a
λCU2

×

3−1∑
a=0

(3−1)! (ρCUυ2)a

a!
(
1SU2

)3−a
×

∞∫
0

(
y+

1
ρCU

)a
e
−

(
1

λCU2
+
1SU2

ρCU υ2
ρSU2

)
y
dy. (39)

We thus similarly obtain 9̄1. This ends the proof.
Lemma 4: The term A3 = Pr

(
γ
x2
RU2

> ϕ2

)
can be

expressed as

A3 =
∞∑
b=0

b∑
c=0

(K2)
b ρRU2e

−K2
(
θ̃2$2ρCUλCU2

)c
b!c!

(
θ̃2$2λCU2ρCU+ρRU2

)c+1
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×e
−
θ̃2$2
ρRU2
+
θ̃2$2λCU2

ρCU+ρRU2
λCU2

ρCU ρRU2

×0

(
c+1,

θ̃2$2λCU2ρCU+ρRU2

λCU2ρCUρRU2

)
. (40)

Proof: Applying (11), A3 can be expressed as

A3 = Pr
(
βRU2 > θ̃2

(
ρCU

∣∣hCU2

∣∣2+1))
=

∞∫
0

∞∫
θ̃2(ρCU x+1)

f∣∣hCU2 ∣∣2 (x) fβRU2 (y)dydx. (41)

Similarly, (41) can be expressed as

A3 =
∞∑
b=0

b∑
c=0

(K2)
b e−K2

b!c!λCU2

e
−
$1 θ̃2
ρRU1

(
θ̃2ρCU$2

ρRU2

)c

×

∞∫
0

(
x+

1
ρCU

)c
e
−
$2 θ̃2ρCU
ρRU2

x− x
λCU2 dydx. (42)

We thus obtain (14) similarly to (60). This ends the proof.
Finally, by combining (29) and (40), the closed-form

expression of the outage probability, i.e., 9̄2, is expressed by

9̄2 = 1−A1×A3. (43)

Remark 2: The expressions for outage probability depend
on various system parameters determined from the con-
straints encountered in practical scenarios. We can observe
in the relevant outage probability equations, for example (27)
and (33), the effects due to the number of transmit antennas
at the satellite, the satellite link configuration, the satellite
transmit power, the power allocation factors Q1 and Q2, and
the levels of RHI. Applying numerical simulations, we verify
these effects in the system performance metrics.

D. DIVERSITY ORDER
To provide more insight, we need to derive an asymptotic
expression of the outage probability at a high SNR ρ = ρS =
ρR → ∞. The diversity order of the terrestrial user can be
given by [43]

d = − lim
ρ→∞

log
(
P∞out (ρ)

)
log ρ

, (44)

where P∞out denotes the asymptotic outage probability.
Then, by applying a Maclaurin series, we have

e−x ' (1−x). We can also write (26) in the case of a high
SNR as

P∞out,1 = 9
∞

1 ×9
∞

2 , (45)

where 9∞1 is expressed as

9∞1 = 1−

mSU1−1∑
b1=0

. . .

mSU1−1∑
bN=0

3−1∑
a=0

a∑
b=0

4(SU1) 0 (3)

b!λCU1

(
1SU1

)3−a
×

(
1−
1SU1θmax

ρSU1

)(
1

λCU1

+
1SU1θmaxρCU

ρSU1

)−a−1

×

(
θmax

ρCUρSU1

)a ( 1
λCU1ρCU

+
1SU1θmax

ρSU1

)b
+

mSU1−1∑
b1=0

. . .

mSU1−1∑
bN=0

3−1∑
a=0

a∑
b=0

4(SU1) 0 (3) (1−22)

λCU1b! (21)
a+1

×

(
υmaxρCU

ρSU1

)a (
21

ρCU

)b (
1SU1+

1
υ1λg

)−3+a
.

(46)

Then, 9∞1 is given by

9∞1 = 1−A∞1 ×A
∞

2 , (47)

where

A∞1 =
mSR−1∑
b1=0

. . .

mSR−1∑
bN=0

4(SR)
3−1∑
n=0

(3−1)!

n! (1SR)
3

×

(
1−
1SRθmax

ρSR

)(
1SRθmax

ρSR

)n
−

mSR−1∑
b1=0

. . .

mSR−1∑
bN=0

4(SR)
3−1∑
n=0

(3−1)!
n!

×

(
θ1λg

1SRλgθ1+1

)3−n (
θmax

ρSR

)n
×

(
1−

(
1SRλgθ1+1

)
θmax

θ1ρSRλg
+

1
ρSRλg

)
, (48)

and

A∞2 =
∞∑
b=0

b∑
c=0

c∑
d=0

(K1)
b e−K1ρRU1

d !b!λCU1

×

(
$1θ̃maxρCUλCU1

)c
(
$1θ̃maxρCUλCU1+ρRU1

)c+1
×

(
$1θ̃maxρCUλCU1+ρRU1

ρRU1ρCUλCU1

)d (
1−
$1θ̃max

ρRU1

)

−

∞∑
b=0

b∑
c=0

c∑
d=0

(K1)
b ($1)

b+1 e−K1

d !c!λCU1ξ
c+1

×

(
λgθ̃1

$1λgθ̃1+1

)b−c+1 (
ρCU θ̃max

ρRU1

)c (
ξ

ρCU

)d

×

1−

(
$1λgθ̃1+1

)
θ̃max

λgθ̃1ρRU1

+
1

λgρRU1

 . (49)

The asymptotic outage probability for U2 is thus similarly
obtained as

P∞out,2 = 9̄1×9̄2, (50)

where 9̄1 is given by

9̄∞1 = 1−

mSU2−1∑
b1=0

. . .

mSU2−1∑
bN=0

4(SU2) (ρCUυ2)
a(

ρSU2

)a (
1SU2

)3−a
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TABLE 3. Table of satellite channel parameters [45].

TABLE 4. Table of main simulated parameters.

×

3−1∑
a=0

a∑
b=0

(3−1)!
b!λCU2

(
1

λCU2

+
1SU2ρCUυ2

ρSU2

)−a−1
×

(
1

λCU2ρCU
+
1SU2ρCUυ2

ρSU2ρCU

)a
×

(
1+

1
λCU2ρCU

+
1SU2ρCUυ2

ρSU2ρCU

)
×

(
1−

1
λCU2ρCU

−
1SU2ρCUυ2

ρSU2ρCU
−
1SU2υ2

ρSU2

)
. (51)

Then, 9̄2 is given by

9̄2 = 1−A∞1 ×A
∞

3 , (52)

where

A∞3 =
∞∑
b=0

b∑
c=0

c∑
d=0

(K2)
b ρRU2e

−K2
(
θ̃2$2ρCUλCU2

)c
b!d !

(
θ̃2$2λCU2ρCU+ρRU2

)c+1
×

(
1−
θ̃2$2

ρRU2

)(
θ̃2$2λCU2ρCU+ρRU2

λCU2ρCUρRU2

)d
. (53)

We may straightforwardly conclude that the diversity
orders of users U1 and U2 both equal zero.

IV. NUMERICAL RESULTS
In this section, we present numerical simulations to verify the
derived expressions. The Shadowed-Rician fading parame-
ters are listed in Table 3, and the parameters for the numerical

FIGURE 2. Outage probability versus ρ for different values of the satellite
link, where N = 1, ρCU = 15dB, and λg = 0.01.

results are summarized in Table 4, where BPCU refers to bit
per channel use. We also set ρ = ρS = ρR, with the exception
of the specific case mentioned later.

Figure 2 depicts the outage performance of the UAV-based
satellite system against the transmit SNR at the satellite ρ.
From the illustration, we can see that the outage probability
decreases for two users as the value of ρ increases. A clear
observation is that the performance gap between two users
is just as large at the middle range of the SNR, i.e., ρ varies
from 40 to 50 (dB). This is significant because we can see
that the Monte-Carlo and analytical simulations match very
closely, confirming the corrections in the related expressions
for outage probability. The asymptotic curves match with
exact curves in the high SNR region, verifying the validity
of the corresponding expressions. The advantage of the pro-
posed system is clear in a comparison of its performance with
an OMA-assisted satellite-terrestrial system. By adjusting the
power allocation factors (Q1, and Q2), the system can also
produce different performance for two users, however, in the
high SNR region, the system performance does not depend
on Q1 and Q2. The configuration of AS mode is superior to
that of HS, and outage performance for both users therefore
improves when the satellite links are subject to AS rather
than HS.

Figure 3 shows the improvement of outage performance
at high SNR. When we increase ρ, the corresponding outage
performance of two users improves significantly, especially
if we raise the number of transmit antennas at the satellite
from N = 1 to N = 2 or N = 3. For N = 3, we obtained
better results. A greater number of antennas equipped at the
satellite improves the channel gain, which results in better
performance, especially in the performance gap between two
users, similar to the results shown in Figure 2. However,
examining the entire range of ρ in the cases N = 1 and
N = 2, saturation is attained much more quickly than with
N = 3, the reason being that a greater number of antennas
significantly improves the outage performance.
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FIGURE 3. Outage probability versus ρ for different values of N , where
ρCU = 15dB, λg = 0.01, and the satellite link is set to HS.

FIGURE 4. Outage probability versus ρ for different values of λg, where
N = 1, ρCU = 15dB, and the satellite link is set to HS.

Figure 4 reveals similar results to the simulations in
Figures 2 and 3 and indicates the trends of outage behavior
for two users under perfect SIC and ipSIC schemes.When we
raise ρ from 40 to 60 dB, the outage performance for perfect
SIC is superior to ipSIC, the main reason being that inter-
ference from ipSIC limits the SINR, and the corresponding
system performance of secondary users is thus reduced. Two
levels of the ipSIC case confirm that λg = 0.01 is superior to
λg = 0.1.

As with the effect caused by ipSIC, the interference chan-
nel of the CUE has an effect on the outage performance of two
users (Fig. 5). Here, ρCU = 1 dB produces the corresponding
outage probability as the best result of the three considered
cases.

Figure 6 shows that when the UAV flies at a greater height,
it leads to worse quality in the ground links and consequently
worse outage probability for the two users. This can be
explained by the distances between the UAV and ground
users computed from (1), which depends on the height h.
This demonstrates the advantage of the UAV in determining
expected system performance. We can achieve the desired
performance simply by controlling the height of the UAV.

FIGURE 5. Outage probability versus ρ for different values of ρCU , where
N = 2, λg = 0.01, and the satellite link is set to HS.

FIGURE 6. Outage probability versus h for different values of ρ, where
N = 2, ρCU = 15dB, λg = 0.01, and the satellite link is set to HS.

FIGURE 7. Outage probability versus ρ for different values of K1 = K2,
where N = 2, ρCU = 15dB, λg = 0.01, and the satellite link is set to HS.

Figure 7 shows that the outage performance can be
enhanced significantly under Rician channel conditions. The
configuration K1 = K2 = 10 indicates the best case
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FIGURE 8. Outage probability versus ρ for different values of κ2, where
N = 2, ρCU = 15dB, λg = 0.01, and the satellite link is set to HS.

associated with the considered values of the links from the
UAV to the ground users, the reason being that the outage
probability in (41), (43) contains values of K1 = K2. The
quality of the ground channels plays an important role in
altering the outage probability values.

Figure 8 shows the effect of hardware impairment level
κ2 with respect to the outage probability for two users. It is
easy to conclude that the lower level of hardware impairment
exhibits the best outage performance for two users in the con-
sidered system.We note that κ2 = 0.5 is a serious degradation
in terms of outage for two users. Therefore, a high require-
ment in perfect hardware design is crucial for maintaining
system performance at a desired acceptable quality.

V. CONCLUSION
We investigated the outage probability performance of a
UAV-based satellite-terrestrial system with a multi-antenna
satellite and NOMA scheme containing hardware impair-
ments and imperfect SIC. To demonstrate the main sys-
tem performance metric, we derived novel and closed-form
expressions of the outage probability. The results showed that
the detrimental effects of interference from a non-NOMA
user and the deterioration of the outage probability due to
imperfect SIC could be mitigated by increasing the number
of antennas at the satellite and thus improve system perfor-
mance. The numerical simulations demonstrated the effect of

various key system/channel parameters on the outage prob-
ability and provided a guide for the joint deployment of a
UAV and multi-antenna satellite in such systems. In future
work, it would be interesting to consider multiple antennas at
the UAV or even the ground users, providing a more general
scenario for study.

APPENDIX A
Using (9) and (10), we write the term 91, which is shown
at the top of the next page, where υ1 =

ϕ1
Q1+ϕ1κ

2
SU1

, υ2 =
ϕ2

Q2−ϕ2

(
Q1+κ

2
SUi

) and υmax = max (υ1, υ2).

Based on (19), the term I1 in (54), as shown at the bottom
of the page, can be expressed as

I1 =

mSU1−1∑
b1=0

. . .

mSU1−1∑
bN=0

4(SU1)(
ρSU1

)3
λCU1

×

∞∫
0

e
−

x
λCU1

∞∫
υmax(ρCU x+1)

y3−1e
−
1SU1
ρSU1

y
dydx. (55)

Using [47, eq. 3.351.2], we can express I1 as

I1 =

mSU1−1∑
b1=0

. . .

mSU1−1∑
bN=0

4(SU1) e
−
1SU1

υmax
ρSU1

λCU1

(
1SU1

)3−a
×

3−1∑
a=0

(3−1)!
a!

(
υmaxρCU

ρSU1

)a

×

∞∫
0

(
x+

1
ρCU

)a
e
−

(
1

λCU1
+
1SU1

υmaxρCU
ρSU1

)
x
dx. (56)

Then, using [47, eq. 3.382. 4] we rewrite I1, as expected.
The term I2 is thus expressed as

I2 =

mSU1−1∑
b1=0

. . .

mSU1−1∑
bN=0

4(SU1) e
1

ρSU1
λg(

ρSU1

)3
λCU1

∞∫
0

e
−

x
λCU1

+
ρCU

ρSU1
λg
x

×

∞∫
υmax(ρCU x+1)

y3−1e
−
1SU1
ρSU1

y
e
−

y
υ1ρSU1

λg dydx

91 = 1−Pr

 βSU1Q2

βSU1Q1+βSU1κ
2
SU1
+ρCU

∣∣hCU1

∣∣2+1 > ϕ2,
βSU1Q2

βSU1Q1+βSU1κ
2
SU1
+ρCU

∣∣hCU1

∣∣2+1 > ϕ1


= 1−Pr

(
βSU1 > θmax

(
ρCU

∣∣hCU1

∣∣2+1) , |g|2 < βSU1

θ1ρSU1

−
ρCU

∣∣hCU1

∣∣2+1
ρSU1

)

= 1−

∞∫
0

f∣∣hCU1 ∣∣2 (x)
∞∫

θmax(ρCU x+1)

fβSU1 (y)dydx︸ ︷︷ ︸
I1

+

∞∫
0

f∣∣hCU1 ∣∣2 (x)
∞∫

υmax(ρCU x+1)

fβSU1 (y)

∞∫
y

υ1ρSU1
−
ρCU x+1
ρSU1

f
|g|2 (z)dzdydx

︸ ︷︷ ︸
I2

. (54)
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=

mSU1−1∑
b1=0

. . .

mSU1−1∑
bN=0

4(SU1)

3−1∑
a=0

(3−1)! (υmax)
a e−22

λCU1a!
(
ρSU1

)a
×

(
1SU1+

1
υ1λg

)−3+a ∞∫
0

(ρCUx+1)a e−21xdx, (57)

where21 =
1

λCU1
−

ρCU
ρSU1λg

+
1SU1υmaxρCU

ρSU1
+
υmaxρCU
υ1ρSU1λg

and22 =

1SU1υmax
ρSU1

+
υmax

υ1ρSU1λg
−

1
ρSU1λg

.

Based on [47, eq. 3.382.4], we obtain I2 as (31).
Substituting (55) and (31) into (54), we obtain the final

result.
This ends the proof.

APPENDIX B
First, we denote A1 = Pr

(
γ
x2
SR > ϕ2, γ

x1
SR > ϕ1

)
and A2 =

Pr
(
γ
x2
SR > ϕ2, γ

x1
SR > ϕ1

)
. Substituting (8) and (9) into A1,

we have (58), as shown at the bottom of the page, where
θ1 =

ϕ1
Q1−ϕ1κ

2
R
, θ2 =

ϕ2
Q2−ϕ2

(
Q1+κ

2
R

) , θmax = max (θ1, θ2).

Based on (19) and [47, eq. 3.351.2], we obtain the term
A1,1 from

A1,1 =
mSR−1∑
b1=0

. . .

mSR−1∑
bN=0

4(SR)

(1SR)
3
0

(
3,

1SRθmax

ρSR

)
. (59)

Applying (19), we can express A1,2 as

A1,2 =
mSR−1∑
b1=0

. . .

mSR−1∑
bN=0

4(SR)

(ρSR)
3
e

1
ρSRλg

×

∞∫
θmax

x3−1e
−

(
1SR
ρSR
+

1
θ1ρSRλg

)
x
dx. (60)

Similarly, we obtain A1,2 from

A1,2 =
mSR−1∑
b1=0

. . .

mSR−1∑
bN=0

4(SR)
(

θ1λg

1SRλgθ1+1

)3

×e
1

ρSRλg 0

(
3,

(
1SRλgθ1+1

)
θmax

θ1ρSRλg

)
. (61)

Applying (12) and (13), A2 can be calculated as (62),
shown at the bottom of the page.

Based on (23), A2,1 is rewritten as

A2,1 =
∞∑
b=0

b∑
c=0

(K1)
b e−K1

b!c!λCU1

(
θ̃maxρCU$1

ρRU1

)c
e
−
$1 θ̃max
ρRU1

×

∞∫
0

(
x+

1
ρCU

)c
e
−
$1 θ̃maxρCU λCU1

+ρRU1
ρRU1

λCU1
x
dx. (63)

Based on [47, Eq. 3.382.4], we obtain A2,1 from

A2,1 =
∞∑
b=0

b∑
c=0

(K1)
b e−K1ρRU1

(
$1θ̃maxρCUλCU1

)c
c!b!λCU1

×
e
−
$1 θ̃max
ρRU1

+
$1 θ̃maxρCU λCU1

+ρRU1
ρRU1

ρCU λCU1(
$1θ̃maxρCUλCU1+ρRU1

)c+1
×0

(
c+1,

$1θ̃maxρCUλCU1+ρRU1

ρRU1ρCUλCU1

)
. (64)

A1 = Pr

(
βSRQ2

βSRQ1+βSRκ
2
R+1

> ϕ2,
βSRQ1

ρSR |g|2+βSRκ2R+1
> ϕ1

)

= Pr
(
βSR > θmax, |g|2 <

βSR−θ1

θ1ρSR

)

=

∞∫
θmax

fβSR (x)dx

︸ ︷︷ ︸
A1,1

−
1
λg

∞∫
θmax

fβSR (x)e
−

x−θ1
θ1ρSR

︸ ︷︷ ︸
A1,2

dx, (58)

A2 = Pr

βRU1 > θ̃max

(
ρCU

∣∣hCU1

∣∣2+1) , |g|2 < βRU1

θ̃1ρRU1

−

(
ρCU

∣∣hCU1

∣∣2+1)
ρRU1


=

∞∫
0

f∣∣hCU1 ∣∣2 (x)
∞∫

θ̃max(ρCU x+1)

fβRU1 (y)dydx

︸ ︷︷ ︸
A2,1

−

∞∫
0

f∣∣hCU1 ∣∣2 (x)
∞∫

θ̃max(ρCU x+1)

fβRU1 (y)

∞∫
y

θ̃1ρRU1
−
(ρCU x+1)
ρRU1

fg (z)dzdydx

︸ ︷︷ ︸
A2,2

. (62)
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We then obtain A2,2 from

A2,2 =
∞∑
b=0

(K1)
b e−K1

(b!)2 λCU1

(
$1

ρRU1

)b+1
e

1
λgρRU1

×

∞∫
0

e
−

(
1

λCU1
−

ρCU
λg θ̃1ρRU1

)
x

×

∞∫
θ̃max(ρCU x+1)

ybe
−

(
$1
ρRU1
+

1
λg θ̃1ρRU1

)
y
dydx. (65)

We apply a computation similar to (64) and express A2,2 as

A2,2 =
∞∑
b=0

b∑
c=0

(K1)
b ($1)

b+1 e−K1

b!c!λCU1ξ
c+1

×

(
ρCU θ̃max

ρRU1

)c (
λgθ̃1

$1λgθ̃1+1

)b−c+1

×e
ξ

ρCU
+

1
λgρRU1

−
($1λg θ̃1+1)θ̃max

λg θ̃1ρRU1 0

(
c+1,

ξ

ρCU

)
. (66)

Based on (59), (61), (64) and (66), we obtain 92.
This ends the proof.
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