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Abstract Seafloor topography affects a wide range of physical and biological processes; therefore,
collapsing the three‐dimensional structure of the bottom to roughness metrics is a common challenge in
studies of marine systems. Here we assessed the properties captured by metrics previously proposed for the
seafloor, as well as metrics developed to characterize other types of rough surfaces. We considered three
classes of metrics: properties of the bottom elevation distribution (e.g., standard deviation), length scale
ratios (e.g., rugosity), and metrics that describe how topography varies with spatial scale (e.g., Hölder
exponents). The metrics were assessed using idealized topography and natural seafloor topography data
from airborne lidar measurements of a coral reef. We illustrate that common roughness metrics (e.g.,
rugosity) can have the same value for topographies that are geometrically very different, limiting their
utility. Application of the wavelet leaders technique to the reef data set demonstrates that the topography has
a power law scaling behavior, but it is multifractal so a distribution of Hölder exponents is needed to
describe its scaling behavior. Using principal component analysis, we identify three dominant modes of
topographic variability, or ways metrics covary, among and within reef zones. Collectively, the results
presented here show that coral reef topography is both multiscale and multifractal. While individual metrics
that capture specific topography properties relevant to a given process may be suitable for some studies,
many applications will require a set of metrics that includes statistics that capture how topography varies
with spatial scale.

1. Introduction

The structural complexity of benthic topography has important effects on ecological processes and hydrody-
namics in coastal and marine systems. The physical structure of the substrate determines habitat availability
(Harborne et al., 2012; Sale et al., 1984), species abundance and biodiversity (Friedlander & Parrish, 1998),
and surface area for material fluxes (e.g., Falter et al., 2004). Benthic topography also has a first‐order effect
on hydrodynamics by imposing forces (Asher et al., 2016) on moving water and increasing momentum and
scalar dispersion (Jones et al., 2008). In turn, this can influence rates of nutrient uptake (Atkinson & Bilger,
1992), photosynthesis (Dennison & Barnes, 1988; Patterson et al., 1991), and calcification (Comeau et al.,
2014; Dennison & Barnes, 1988) of benthic organisms. Despite its importance, quantifying the physical
structure of bottom topography remains a challenge, as reef topography is often patchy and discontinuous
and varies over orders of magnitude in spatial scale, from millimeters to kilometers.

A variety of statistical metrics have been used to quantify topography, and these metrics capture and
describe different properties of a curve or surface. Previous studies have utilizedmetrics that describe bottom
structure in terms of roughness, which is defined as the departure from a flat geometric profile or surface
(Hearn, 2011). Two common roughness metrics are standard deviation and rugosity. Standard deviation
(σ) is a second‐moment order description of the distribution of surface elevation and is a measure of the total
amount of vertical variability in the topography. Rugosity (R) is a ratio of the contour length along the
surface of the substrate to the corresponding projected horizontal length and is a measure of how much
vertical variation increases the path length of substrate relative to a flat line. Ecological studies on reefs have
primarily used rugosity as a measure of bottom roughness (Dahl, 1973; Luckhurst & Luckhurst, 1978;
McCormick, 1994; Risk, 1972), and previous hydrodynamic studies have used standard deviation (Lowe
et al., 2005) and root mean square (rms) slope (Rogers et al., 2018), which is closely related to rugosity.

While these metrics can be useful, they do not alone uniquely define or differentiate surfaces. For example,
consider an idealized one‐dimensional topography represented by b(x) = Acos (kx), where b(x) is bottom
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elevation, A is amplitude, and k is wave number. Standard deviation,
σ(A,k), and rugosity, R(A, k) can be computed analytically for b(x) for
any combination of amplitude and wave number. Low wave number,
high‐amplitude topographic spatial series can have the same rugosity as
high‐wave number, low‐amplitude series (Figure 1). For this example
the standard deviation only depends on the amplitude of the spatial series,
while rugosity depends on both amplitude and wave number (Figure 1c).
Thus, both standard deviation and rugosity can yield the same values for
geometrically dissimilar topographies, raising questions about whether
additional parameters could improve characterizations of bottom rough-
ness in ecological and hydrodynamic studies on reefs.

Commonly applied roughness metrics that describe the distribution of ele-
vation (e.g., standard deviation) or ratios of physical length scales (e.g., rug-
osity and rootmean square (rms) bottom slope), donot describe topographic
variationwith spatial scale formultiscale topography. Recognizing the need
for this third type of roughness metric, previous studies have examined the
power law relationship between a given measure of topographic variability
andhorizontal spatial scale.Methods that have been applied to bottom topo-
graphy include the variation method, which quantifies the scaling behavior
from variations in elevation extremes as a function of spatial scale (Zawada
et al., 2010; Zawada& Brock, 2009), and the box countingmethod, based on
the number of boxes of progressively smaller sizes needed to cover a curve or
surface (Martin‐Garin et al., 2007; Purkis et al., 2005; Purkis et al., 2007).
Other approaches include the change in spectral density (Jaramillo &
Pawlak, 2011; Nunes & Pawlak, 2008) or rugosity (Knudby & LeDrew,
2007) across a range of spatial scales. A limitation of the aforementioned
techniques is that only a single global scaling exponent, known as the
Hurst exponent, can be computed for a given curve or surface. These meth-
ods are only appropriate for monofractal mathematical processes (e.g., frac-

tional Brownian motion) for which a single Hurst exponent defines the change in topographic variation with
scale everywhere along the spatial series or surface (Lavallée et al., 1993; Muzy et al., 1994).

Monofractal methods cannot be used to determine the presence or absence of multiple scaling behaviors
within a signal (Gagnon et al., 2006). It has been shown that multifractality is ubiquitous across many
geographical and geophysical systems (Lavallée et al., 1993; Lovejoy & Schertzer, 1990; Tchiguirinskaia
et al., 2000; Weissel et al., 1994; Wendt et al., 2009), meaning that different spatial locations can exhibit
different scaling behaviors, and therefore the change in topographic variation with scale is defined by a
statistical distribution of exponents rather than a single exponent. These local exponents, known as
Hölder exponents (h), are found using the power law scaling behavior of a range of moment orders of
elevation increments along a topographic transect. For natural topography, the scaling behavior and frac-
tal dimension derived from each of these approaches depends on the choice of method and scale
range considered.

Although monofractal and multifractal methods account for topographic variability across multiple scales,
like standard deviation and rugosity, individual parameters derived from these methods (e.g., Hölder expo-
nent) are also incomplete descriptors of roughness for multiscale topography. It has been shown in terres-
trial systems that topographic surfaces with the same scaling behavior can possess different variances of
surface elevation (Weissel et al., 1994). Thus, scaling exponents alone may not capture differences between
dissimilar surfaces. This underscores the need for a conceptual framework to better understand the proper-
ties of the topography captured by different roughness metrics.

Roughness metrics may be classified as (1) metrics that describe the distribution of bottom elevation,
(2) metrics that describe ratios of physical length scales, and (3) metrics that describe topographic variation
with spatial scale. Metrics that describe the elevation distribution, such as the statistical moment orders,
describe the probability density function of the spatial series without regard to the sequence or ordering of

Figure 1. Comparison of idealized one‐dimensional topographies derived
from cosine functions. The high‐amplitude and low‐wave number topogra-
phy (a) has the same rugosity value as the low‐amplitude and high‐wave
number topography (b). Permutations of different amplitudes and wave
numbers (c) yield the same rugosity (colors) and standard deviation of
topography (white lines).
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the data. On the other hand, metrics that describe ratios of physical length scales, such as the rugosity, aspect
ratio, or slope, describe topographic variation by relating vertical and horizontal length scales that are
determined by the ordering of elevation data along the series or surface. The third category of metrics associ-
ates topographic variation with each horizontal length scale in order to determine the dominant scales of
variability or the change in topographic variability across a range of scales.

Metrics chosen to quantify the properties of topography should have a physical interpretation, permit
reliable comparisons between topography at multiple sites or at a single site over time, and be relevant to
ecological and hydrodynamic applications. The aim of this study is to analyze the statistical properties of
coral reef topography and assess the extent to which important topography properties are captured by
different metrics. Metrics from the three aforementioned categories are applied to spatial series from
idealized synthetic surfaces as well as natural coral reef bathymetry. We evaluate the capacity for different
metrics to discern geometrically dissimilar topography occurring across and within zones of a coral reef,
as well as how they capture different topographic properties. We also examine how different metrics covary
with each other and the implications for determining what descriptors are needed to adequately describe
multiscale reef topography.

2. Methods

Here we define the methods used to compute the following metrics from each of the three aforementioned
categories: (1) mean, standard deviation, skewness, and kurtosis; (2) rugosity; and (3) Hurst and Hölder
exponents. We then describe two data sets, topography measurements from a coral reef, and idealized frac-
tional Brownian motion (fBm) spatial series with known geometric properties that we use as a reference
for comparison.

2.1. Metrics That Describe the Distribution of Elevation

We computed the first four statistical moments of the distribution of bottom elevation. Mean (b), standard
deviation (σ), skewness (S), and kurtosis (K) were computed directly from spatial series of bottom
elevation, b(xi):

b ¼ 1
N

∑
N

i¼1
b xið Þ; (1)

σ ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1
N

∑
N

i¼1
b xið Þ−b�� ��2s

; (2)

S ¼
1
N ∑

N

i¼1
b xið Þ−b� �3

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1
N b xið Þ−b� �2q� �3 ; (3)

K ¼
1
N ∑

N

i¼1
b xið Þ−b� �4

1
N ∑

N

i¼1
b xið Þ−b� �2� �2 ; (4)

where N is the number of elevation points in the series.

2.2. Metrics That Describe a Ratio of Physical Length Scales

We computed the rugosity (i.e., ratio of length along the surface of the substrate to corresponding projected
horizontal length) of each spatial series using the expression:
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R ¼
∑
N−1

i¼1

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Δb2i þ Δx2

q
N−1ð ÞΔx ¼ 1

N−1ð Þ ∑
N−1

i¼1

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1þ Δbi

Δx

� �2
s

; (5)

where Δx = xi+1 − xi is the horizontal resolution of the spatial series, assumed here to be uniform and
Δbi = b(xi+1) − b(xi) is the local bathymetric gradient. A related set of metrics have been proposed that
quantify frontal area per unit plan area or concentration of roughness elements area, such as the rms bottom
slope (e.g., Rogers et al., 2018; Wooding et al., 1973)

db
dx

� �
rms

¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1

N−1
∑
N−1

i¼1

Δbi
Δx

� �2
s

: (6)

Note that R and (db/dx)rms are both functions of the local bottom slope and hence are closely related. We
therefore considered only rugosity in our analyses.

2.3. Metrics That Describe Topographic Variation With Scale
2.3.1. Monofractal Metrics
To quantify the global scaling behavior, we computed the power spectral density, which has been previously
used in the coral reef literature to quantify how topography varies as a function of spatial scale (Jaramillo &
Pawlak, 2011; Nunes & Pawlak, 2008). The power spectrum was computed followingWelch's (1967) method

P kð Þ ¼ 1
nNU

∑
N−1

i¼0
∑
n−1

m¼0
wmbmþive

−2πkmj

���� ����2; (7)

where N is the number of segments for which the Fourier transform is computed, n is the number of points
in a given segment, w is a window function (Hann used here), j ¼ ffiffiffiffiffiffi

−1
p

, and v is the number of points a
successive segment is offset; for example, for a 50% window overlap v = n/2. U is given by

U ¼ 1
n
∑
n−1

m¼0
wmj j2: (8)

Linear trends were removed prior to computing P(k).

The Hurst exponent, H (Hurst, 1951), was computed from the spectral density, a second‐moment order
descriptor of the global scaling behavior (Gagnon et al., 2006; Seuront, 2010). The spectral density, P, decays
with wave number, k, according to the power law

P ¼ Ak−β: (9)

The scaling exponent β was computed from a linear fit to the power spectrum over the spatial scale range
4 ≤ 1/k ≤ 256 (fBm: unitless; natural bathymetry: meters) as the relationship between P and k was approxi-
mately linear over this range (Meakin, 1998). For fBm series, β computed from a spectral density function is
related to H by the expressionH ¼ 1

2 β−1ð Þ. For the natural reef bathymetry, β was computed over the same

wave number range using the same approach. However, it is known that the estimator of Hurst exponents
from the slope of the power spectrum is biased if a signal is multifractal because of small shifts in the spectral
density due to the resolution dependence of the multifractal process (Gagnon et al., 2006). We therefore
applied a correction, derived from our multifractal analyses, to our Hurst exponent estimates for the natural
bathymetry. The corrected Hurst exponent was computed as H = (β − τ(2))/2 where similar to β, τ(2) is a
second‐moment order description of the change in topographic variability as a function of spatial scale (see
section 2.3.2 below; Gagnon et al., 2006; Lovejoy et al., 2008; Watson et al., 2009; Yu et al., 2011).
2.3.2. Multifractal Metrics
We calculated the distribution of Hölder exponents (h) that define the local scaling behavior of the signal,
using a multifractal wavelet leaders technique. Wavelets act as “generalized oscillating boxes” that
preserve the self‐similarity of nonstationary series; therefore, they are effective tools for examining scaling
behavior (Arneodo et al., 2002; Daubechies, 1990; Mallat, 2009; Torrence & Compo, 1998). We chose the
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wavelet leaders technique because it allows for a complete characterization of the distribution of Hölder
exponents within the spatial series (i.e., both positive and negative moment orders are numerically stable;
Muzy et al., 1993; Wendt et al., 2009).

The power law scaling behavior is determined from the partition functions, Z(s, q), which are computed as
spatial averages of the wavelet leaders, lx, at a given scale s and qth order.

Z s; qð Þ ¼ 1
ns

∑
ns

x¼1
lx s; xð Þj jq; (10)

where lx (s, x) are the wavelet leaders defined as the largest wavelet coefficients obtained from the discrete
wavelet transform within a narrow spatial neighborhood, x, at any finer scale s ′≤s, and ns is the number
of wavelet leaders at a given scale (Wendt et al., 2007, 2009). To compute Z(s, q), an orthonormal
Daubechies wavelet with two vanishing moments (Nψ = 2) was applied at scales 4 ≤ s ≤ 32 m (scales larger
than 32 m were not included due to boundary effects) and moment orders −2 ≤ q ≤ 2. The relationship
between the partition function, Z(s,q), and spatial scale, s, is expressed in terms of a power law with scaling
exponent τ(q) defined as (Wendt et al., 2009)

Z s; qð Þ eAsτ qð Þ; (11)

where A is a constant. The exponent τ(q) was calculated as the slope of the relationship between the loga-
rithm of Z(s,q) and the logarithm of s. To compute the multifractal spectrum, D(h), where D is the
Hausdorff dimension that describes the amount of space explained by a set of points associated with a given
h value (Wendt et al., 2009), we used a Legendre transform for the set of all q values that are real numbers,
which gives the greatest upper bound for D(h) ensuring the spectrum is concave

D hð Þ ¼ inf
q∈R

dþ qh−τ qð Þ½ �; (12)

where d is the dimension of the data (e.g., d = 1 for transects) and h = dτ/dq. Although wavelet‐based
multifractal analysis can be built directly on the wavelet coefficients, using the wavelet leaders gives more
accurate multifractal spectra for both monofractal (e.g., fBm) and multifractal (e.g., multiplicative cascades)
processes (Jaffard et al., 2006; Lashermes et al., 2008).

The multifractal spectrum, D(h), can be described by the h value at which D(h) is a maximum, together with
the width and asymmetry of the distribution D(h). These parameters correspond to the first, second, and
third log cumulants cp (c1, c2, and c3) of the polynomial expansion of the multifractal spectrum (Wendt
et al., 2009)

D hð Þ ¼ dþ c2
2!

h−c1
c2

� �2

þ −c3
3!

h−c1
c2

� �3

þ −c4 þ 3c23=c2
4!

h−c1
c2

� �4

þ …: (13)

The estimation of the log cumulants did not significantly change when a wavelet function with a larger
number of vanishing moments (Nψ) was used (cf. Wendt et al., 2009). We also found that the symmetry of
the wavelet basis function (e.g., right asymmetry, left asymmetry, and symmetric) had little influence on
the resulting multifractal spectrum. For a detailed introduction to the wavelet leaders approach and an
implementation in MATLAB, we refer the reader to Wendt et al. (2009).

2.4. Data
2.4.1. Idealized Reef Topography: Fractional Brownian Motion
Fractional Brownian motion (fBm) is an example of a monofractal process that has been used as a model
for reef bathymetry (Purkis & Kohler, 2008), as well as other natural topography (Goodchild, 1980;
Mandelbrot, 1975). While fBm does not capture nonlinear or spatially varying scaling behaviors that
often occur in natural topography, it is used here to demonstrate the difference between monofractal
and multifractal processes. An fBm series, BH(x), is a Gaussian process whose increments have a
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covariance function that is described by a single prescribed Hurst exponent H (Mandelbrot & van Ness,
1968). When 0 < H < 0.5, the increments of BH are negatively correlated, qualitatively representing rougher
topography. When 0.5 < H < 1, the increments of BH are positively correlated, representing smoother
topography. When H = 0.5, the increments of BH are independent or uncorrelated, representing ordinary
Brownian motion (Mandelbrot & van Ness, 1968). Herein, we used the wavelet‐based synthesis of fBm
described in Abry and Sellan (1996).

All fBm spatial series were 256 data points in length and were generated forH values between 0 and 1. Global
(H) and local (h) scaling exponents were then estimated empirically from each spatial series using the
methods described in sections 2.3.1 and 2.3.2 and were compared with the known theoretical value ofH used
to generate the spatial series. The fBm model was used as a monofractal example with known scaling to
verify the accuracy of each method for estimating H from spatial series, the appropriateness of user‐defined
parameters (e.g., wavelet choice and scale range), and the uncertainties associated with applying the
methods to relatively short spatial series. This was necessary before computing scaling exponents using
the same methods for spatial series from natural reef topography with unknown scaling.
2.4.2. Natural Reef Topography
Metrics were computed for spatial series extracted from bathymetric data for a natural reef surrounding
Moorea, French Polynesia. The bathymetric data were collected in June 2015 using a high‐resolution
airborne topohydrographic lidar system (RIEGL VQ‐820‐G) with a data acquisition rate of 251 kHz. For this
survey, horizontal accuracy was 1 m and vertical accuracy was 0.23 m for depths less than 5 m at a 95%
confidence level (Fugro LADS Corporation, 2015). A 1‐m gridded bathymetric data product was generated
by computing the mean of bottom elevation values measured within 1‐m by 1‐m squares. From this data
set, 1,000 alongshore transects, each 256 m in length, were extracted from a 256‐m by 1,000‐m swath on
the southeast side of Moorea. The swath included the backreef, reef crest, and shallow forereef zones
(Figure 2). The length of the alongshore transects was limited to 256 m due the lack of well‐formed spur
and groove features over long distances, the curved reef crest, and a desire for all transects to be oriented
approximately parallel to shore. We chose not to compute two‐dimensional spatial metrics of the entire
swath because one of the main objectives of this study was to compare roughness metrics among the three
reef zones. Themorphology of the reef (e.g., the narrow reef crest zone), as well as data constraints (e.g., lidar
bathymetry data were limited to depths shallower than ~12 m), prohibited us from extracting swaths of
sufficient size from each reef zone to perform analysis in two dimensions.

The three areas of the reef consist of geometrically dissimilar coral formations. The backreef topography is
comprised of coral aggregations less than one to several meters in size that are separated by areas of sand,
rubble, and reef pavement (Leichter et al., 2013). The reef crest topography consists of relatively flat pave-
ment and coral rubble that is intersected by narrow channels running perpendicular to the shoreline. The
forereef is characterized by low‐wave number spur and groove formations running approximately perpendi-
cular to the reef crest from 2‐ to ≥60‐m depth (Leichter et al., 2013). Roughness metrics were computed for
781 backreef, 17 reef crests, and 69 forereef transects, as some of the alongshore transects were omitted from
analysis due to insufficient data coverage.

Figure 2. Lidar bottom elevation data for natural reef study site on the southeast side of Moorea, French Polynesia.
Along‐shore transects 256 m in length were extracted every meter from a 256‐m by 1,000‐m swath. Horizontal
colored lines indicate spatial extent of backreef (gray), reef crest (blue), and forereef (red) transects included in analysis.
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3. Results
3.1. Moments of the Distribution of Elevation

Histograms of elevation were computed for fBm transects defined by various values of H (Figure 3). The
values for each transect were normalized to vary between 0 and 1 while still preserving the scaling behavior.
Because fBm is a Gaussian process, it has a normal, bell‐shaped distribution that can be completely
described by its second‐order statistics. As H increases, the mean remains roughly the same while the

Figure 3. Histograms displaying the average fraction of observations within a given elevation interval for 100 fBm trans-
ects defined by a given H value.

Figure 4. Histograms displaying the average fraction of observations within a given elevation interval for all along‐shore
transects within the backreef, reef crest, or forereef zone. The first four moment orders of the distribution of elevation
values were computed for all transects. For each reef zone, the mean and 2 × standard error are reported for each
moment order.
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standard deviation increases. For low H values, the fact that displace-
ments from adjacent elevation points are negatively correlated constrains
the fBm series from drifting far away from the mean, thereby also con-
straining the standard deviation and creating a qualitatively rough spatial
series. For highH values, consecutive displacements are correlated, allow-
ing a fBm series to diverge from the mean, resulting in a high standard
deviation driven by large, smooth undulations in the series.

For the natural reef topography, statistical moments of the distributions of
elevation were computed for backreef, reef crest, and forereef bathymetric
transects. Mean distributions were computed for each reef zone
(Figure 4), and the second, third, and fourth moment orders are shown
as a function of cross‐shore distance (Figures 5a–5c). The mean elevation

is similar for the backreef and reef crest (bbr ¼ −1:39 m; brc ¼ −1:36 m),
where the water depths are similar, and much more negative for the fore-

reef (bfr ¼ −5:35 m; Figure 4). Standard deviation, which quantifies the
size of vertical variations in the topography, increases with distance from
shore, such that it is the lowest in the backreef (σbr = 0.22 m), intermedi-
ate on the reef crest driven by narrow channels intersecting the reefscape
(σrc = 0.55 m), and highest on the forereef due to the presence of high‐
amplitude spur and groove features (σfr = 0.99 m; Figures 4 and 5a).
Unlike fBm, higher‐order statistical moments (e.g., skewness and
kurtosis) are needed to describe the distributions of natural bathymetry.
Mean skewness decreases with distance from shore, such that the back-
reef bathymetry exhibits positive skewness (i.e., skewed to the right; Sbr
= 0.54) corresponding to a relatively flat reef substrate with superimposed
coral bommies that deviate positively away from the mean (Figures 4 and
5b). Generally, the bathymetry in the reef crest and forereef zones exhibits
negative skewness (Src = –0.75 and Sfr = –1.06) due to the presence of
small channels intersecting the relatively flat rubble bathymetry on the
reef crest and large grooves on the forereef adjacent to spur features.
Kurtosis does not follow a cross‐shore trend, as the highest mean kurtosis
is on the reef crest (Krc = 4.51), lowest on the forereef (Kfr = 3.78), and
intermediate in the backreef (Kbr = 4.08; Figures 4 and 5c). Higher kurto-
sis on the reef crest reflects infrequent yet relatively large deviations away
from the flat bathymetry due to narrow, deep channels. Lower kurtosis on
the forereef reflects frequent, relatively modest‐sized deviations consistent
with the low‐wave number, sinusoidal spur and grooves. Only standard
deviation and skewness are significantly different for the three reef zones
at the 95% confidence level (p < 0.05).

3.2. Rugosity

Rugosity was computed for each backreef, reef crest, and forereef bathy-
metric transect, (Figure 5d). Generally, the lowest rugosity was found in
the nearshore backreef (R = 1 indicates a flat seafloor with no slope or
roughness), while the highest rugosity was found on the forereef zone
adjacent to the reef crest. On the forereef, the decrease in rugosity with
distance from shore can be partially attributed to a decrease in the ampli-
tude of spur and groove features on the outer forereef, which also causes
the standard deviation to decrease with distance from shore (Figure 5a).
However, on the inner forereef rugosity rapidly decreases with distance

from shore, while standard deviation remains near constant. This pattern could indicate little change in
the amplitude of large spur and groove features that dominate the standard deviation but a decrease in
the size of smaller‐scale variations in topography that affect rugosity.

Figure 5. (a) Standard deviation (m), (b) skewness, (c) kurtosis, (d) rugosity,
(e) spectral peak, (f) spectral width, and (g) spectral asymmetry of D(h) as a
function of cross‐shore distance for the backreef, reef crest, and forereef
areas of the reef.
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3.3. Power Spectrum

The Hurst exponent, H, was computed from the slope of the power spectra in an identical manner for both
idealized fBm series and reef bathymetric transects (Figure 6). Examples of power spectra for an fBm series
(H = 0.75) as well as transects from the three reef zones are shown in Figure 6a. Although the decay in spec-
tral density is approximately linear across most of the wave number range for the reef transects, significant
scale breaks do occur near the high‐wave number end of the spectrum, such as the break in the fr 947 spec-
trum around 0.26 m−1. As Gagnon et al. (2006) show, breaks can occur for individual transects (realizations)
that have been extracted from a process with perfect scale invariance, due to statistical variability. Therefore,
to estimate the scaling for an entire reef zone, it is important to ensemble average power spectra of many
transects (Figure 6b; Gagnon et al., 2006). Average H estimated from the slope of the spectral density across
the scale range 4 ≤ 1/k ≤ 256 is 0.73 for 1,000 fBm transects (close to the theoretical value of H = 0.75 that
defines the covariance structure).

Although there is some scatter in H between adjacent transects due to statistical variability in the power
spectra, there is evidence of cross‐shore trends in global scaling (Figure 6c). There is a wide distribution of
H values across the three zones. The exponent H decreases with increasing distance from shore in the back-
reef is relatively low on the reef crest and increases linearly with distance from shore on the forereef. The
highest values of H are associated with forereef topography and the lowest H values are associated with reef
crest topography. For some backreef and reef crest transects, the value ofH is negative. Negative values ofH
signify larger fluctuations at high wave numbers than at low wave numbers (Lovejoy & Schertzer, 2012).
This is consistent with the size of the fluctuations observed in spatial series. Overall, the mean Hurst
exponents (computed without the multifractal correction) are 0.06, −0.12, and 0.51 for the backreef, reef
crest, and forereef transects (Figure 6c).

3.4. Multifractal Spectrum

We can determine a statistical distribution of local scaling exponents (h) from the wavelet leaders, lx (s, x;
equation (10)). Wavelet leaders are a function of spatial scale, as shown for example transects from the back-
reef, reef crest, and forereef, as well as for an fBm spatial series (Figure 7). For fBm and bathymetric example
transects, the relationship between Z(s, q) and swas approximately linear for all values of q. Figure 7e shows
the variance versus spatial scale and is analogous to the power spectrum. For monofractal processes, such as
fBm, the change in the slope of the regression between Z(s, q) and s (i.e., τ(q)) as a function of q is
approximately linear (Figure 8a). Therefore, h = dτ(q)/dq is constant and the multifractal spectrum, D(h)
(equation (12)), which is analogous to a probability distribution of Hölder exponents, clusters around the
point (H, D(H)). For the fBm series (see Figure 8b), D(h) clusters around the point (0.75, 1). For monofractal
processes the theoretical spectra have no width or asymmetry (c2 = 0 and c3 = 0).

For the reef bathymetry, τ(q) changes nonlinearly as a function of q (Figure 8a), indicating that the bathy-
metry is multifractal. This means that the scaling of the topography varies across the spatial signal so that

Figure 6. (a) Power spectra, for example, transects from the backreef (Br 52, Br 400, and Br 747), reef crest (Rc 882), and
forereef (Fr 947), as well as an fBm signal (H= 0.75). Dashed line indicates location of scale break near 0.26 m−1. (b) Mean
power spectra for the three zones as well as 1,000 fBm transects defined by H = 0.75. (c) Hurst exponents (without
multifractal correction), averaged over every five transects, computed from the slope of the power spectra, β, as a function
of cross‐shore distance.

10.1029/2018JC014859Journal of Geophysical Research: Oceans

DUVALL ET AL. 5029



a distribution of Hölder exponents (h) is needed to characterize the local scaling behaviors. In addition to the
statistically dominant h(c1), which corresponds to the location of the maximum of D(h), the width (c2) and
the asymmetry (c3) of the multifractal spectrum provide additional information about local scaling behaviors
not captured by monofractal techniques. For example, while different backreef transects (Br 51, Br 400, and
Br 747) exhibit similar dominant scaling behavior (c1 = 0.35, 0.52, and 0.40, respectively), Br 51 and Br 747
have opposite asymmetry (c3 = −0.38 and 0.33, respectively; Figure 8b). For transect Br 51, the negative
asymmetry indicates local scaling exponents greater than the spectral peak (c1 = 0.35) are more prevalent
in the spatial series than scaling exponents less than c1 = 0.35, as indicated by greater D(h) values at these
points. For transect Br 400, the spectrum is approximately symmetric (c3 = 0.03). The three transects also
display variable widths, as Br 51 is the narrowest (c2 = −0.23), followed by Br 400 (c2 = −0.28) and Br 747

Figure 7. (a–e) Linear fits to the partition function, Z(s, q), for selected values of q for the same example transects shown
in Figure 5.

Figure 8. Estimates of (a) τ(q) and (b)D(h) for the example transects shown in Figures 5 and 6 computed using the wavelet
leaders method.
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(c2 =−0.30). A wider spectrum indicates that a series possesses a wider range of Hölder exponents. Note that
by definition, c2 is negative because D(h) is concave.

Generally, the lowest dominant Hölder exponent (c1) values (c1 < 0.5) correspond to sections of the backreef
(x < 0.25 km and x < 0.65 km) and reef crest (Figure 5e). In the backreef, 55% of all transects had c1 values
less than 0.5 compared to 88% on the reef crest. This implies highly irregular, anticorrelated topography that
is consistent with our qualitative knowledge of the irregular coral topography in these zones. Themiddle sec-
tion of the backreef (0.25 < x< 0.65 km) coincides with an area of lower bottom elevation and lower standard
deviation (Figures 2 and 5a), and 76% of transects in this section had values in the range 0.4 < c1 < 0.7,
indicating slightly more autocorrelated topography. On the forereef, c1 linearly increases with cross‐shore
distance and has values in the range 0.6 < c1 < 1. In this zone, 97% of the transects had c1 values greater than
0.6, suggesting highly autocorrelated topography over long distances, which is consistent with the spur and
groove structures found in this zone.

Spectral width (c2) is weakly negatively correlated with c1 (r = −0.48), such that bathymetric transects with
low c1 values have narrower spectra and transects with high c1 values have wider spectra (Figures 5e and 5f),
indicating greater multifractality and a wider range of scaling behaviors in the topography. The sign of the
spectral asymmetry parameter (c3) changes from negative for the backreef section closest to shore to positive
for the backreef section furthest from shore (Figure 5g). This suggests that for backreef transects closer to
shore, Hölder exponents greater than the value at the peak of the multifractal spectrum are more prevalent
than Hölder exponents less than the value at the peak. For backreef transects with similar c1 values, this sug-
gests that transects close to shore have more autocorrelated topography than transects further from shore
despite the statistically dominant Hölder exponent being the same. Furthermore, spectral asymmetry
changes from weakly positive on the reef crest to weakly negative on the outer forereef. These less dominant
scaling behaviors further suggest that the topography on the outer forereef is more autocorrelated than the
topography on the reef crest and inner forereef.

One would expect that the scaling exponents computed using spectral density and wavelet leaders methods
would not agree given evidence that the bathymetry is multifractal, and therefore, global and local scaling
behaviors may differ (Lovejoy & Schertzer, 2007). This means that the assumption τ(2) = 1 is valid for
quasi‐Gaussian fBm but not for natural topography, as demonstrated by Gagnon et al. (2006).H values com-
puted with the multifractal correction were higher than those without the correction on the backreef and
reef crest and lower than without the correction for much of the forereef (Figure 9a). We also compared
the statistically dominant local scaling exponent from the wavelet leader method (c1) to H computed using
the spectral density method with the multifractal correction (Figure 9b); c1 was consistently greater than H

Figure 9. (a) Hurst exponent, H, with and without second‐order multifractal correction, τ(2), for each transect in the
three reef zones. (b) Relationship between the statistically dominant local Hölder exponent, c1, and the global Hurst
exponent. Black solid lines indicate perfect agreement between the two values in (a) and (b), as would be expected for
monofractal signals defined everywhere by a single scaling exponent, such as fBm.
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for reef crest and forereef transects. For the backreef, there was a very large range ofH among transects but a
much smaller range of c1, and H values varied from much larger than to much smaller than c1 for the same
transects (Figure 9b).

4. Discussion
4.1. Roughness Metrics
4.1.1. Moments of the Distribution
The first four moments of the distribution of bottom elevation capture unordered spatial information at a
single horizontal resolution contained in bathymetric series. These metrics provide a limited description
of bathymetric complexity because they do not preserve the spatial arrangement of the data points.
However, the moments of the distribution do describe the bathymetry in terms that have a physical interpre-
tation, and as such can be directly related to some ecological (e.g., body size) and hydrodynamic (e.g., wave
excursion amplitude) parameters. For example, in the past the physical height of bathymetric features has
been inferred from the standard deviation and used to represent hydrodynamic roughness lengths along
the reef (Lowe et al., 2005). The straightforward computation of these metrics permits reliable comparison
between bathymetry at different sites or over time, as long as the horizontal resolution of the measurements
is preserved. Both standard deviation, which increases with distance from shore as the amplitude of bathy-
metric features (e.g., channels, spur, and grooves) increases, and skewness, which decreases with distance
from shore as the amplitude of channels and grooves increases relative to the amplitude of coral bommies
and spurs, can be used to differentiate the three reef zones because they are significantly different at the
95% confidence level (p < 0.05). While the standard deviation is positively correlated with H for the fBm
series (Figure 3), fBm has a Gaussian distribution with zero skewness and therefore is limited as a model
for natural reef bathymetry.
4.1.2. Rugosity
The greatest range in rugosity values was associated with forereef topography, which included the entire
range of values found on the reef crest and part of the backreef. This implies that rugosity alone cannot dif-
ferentiate between forereef topography (dominated by low‐wave number spur and groove features) and reef
crest topography (characterized by coral rubble intersected by narrow channels). The rms slope (db/dx)rms

for the same transects exhibited very similar spatial patterns due to the similar functional form (cf. equa-
tions (5) and (6)) and high correlation with rugosity.
4.1.3. Hurst and Hölder Exponents
Global and local scaling behaviors, which represent the change in bathymetric variability across a range of
spatial scales, were quantified using Hurst,H, and Hölder, h, exponents. While the values ofH and dominant
Hölder exponent (c1) were generally not equal for a given bathymetric transect, cross‐shore trends in these
two quantities were consistent. For example, on the forereef H and c1 both linearly increase with distance
from shore because most of the transects intersect the same spur and groove features, which become wider
and more regular further offshore. On the reef crest, H and h also increase with distance from shore due to
small, narrow channels incising adjacent transects. In the backreef, weaker spatial autocorrelation of the
scaling behaviors in the cross‐shore direction is due to the presence of randomly distributed coral bommies
less than or similar in size to the horizontal resolution of the data. While cross‐shore trends may be similar,
the values of H and h depend on the choice of method as well as associated user‐defined parameters (e.g.,
window or wavelet choice).

Our results reveal the multifractal behavior of coral reef bathymetry, evident by the nonlinear relationship
between τ(q) and q, which is consistent with nonhomogeneous functions with multifractal properties
(Arneodo et al., 2002). For these functions, h is a fluctuating quantity that varies with position along the spa-
tial series (Arneodo et al., 2002). We found that the spectral peak and the spectral width and asymmetry vary
widely across a relatively short spatial extent of the reef (~1 km). This was expected given the heterogeneity
of physical structures present across the three reef zones but represents a departure from some terrestrial
topographic studies that have identified a narrow, characteristic range of scaling behaviors (Weissel et al.,
1994). In general, c1 was less than 0.5 on the backreef and reef crest indicating rough, anticorrelated topogra-
phy and greater than 0.5 on the forereef, indicating smooth, correlated topography (Figure 5e). The width
(c2) and asymmetry (c3) of the multifractal spectrum provide additional information about the existence
and prevalence of other scaling behaviors in the bathymetry. The high autocorrelation in c1, c2, and c3 in
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the cross‐shore direction suggests that adjacent transects have similar spectral properties (Figures 5f and 5g).
The multifractality of the natural reef bathymetry calls into question the suitability of fBm as a model for
reefs and highlights the need to evaluate multifractal models for reef bathymetry.

A major limitation of using the scaling behavior to characterize bathymetric roughness is that it does not
provide information about the physical size of bathymetric features. This could potentially be estimated
using the y intercept of the power law relationship (Weissel et al., 1994). However, the value of the y intercept
depends on the choice of monofractal method (e.g., power spectral density (PSD)). Additionally, for the
wavelet leaders technique, the y intercept of Z (s, 0) does not represent the amplitude of bottom elevation
variations but rather the number of leaders at the smallest scale.

4.2. Multifractality of Natural Topography

In this study, coral reef topography was found to be multifractal. Multifractals are commonly found in geo-
physical studies, particularly across natural textures and topography formed by nonlinear processes operat-
ing across a wide range of spatial scales (Gangodagamage et al., 2007; Lashermes & Foufoula‐Georgiou,
2007; Lavallée et al., 1993; Niedermeier et al., 2000; Ródenas & Garello, 1998). For example, studies have
demonstrated the multifractality of forest canopies using both the wavelet leaders (Wendt et al., 2009) and
other (Drake & Weishampel, 2000; Widlowski et al., 2001) techniques. The evidence of multifractal scaling
in both forest and coral canopies is important because forest canopies offer potentially useful terrestrial
analogs for understanding boundary layer flow over certain reef morphologies.

Multifractality has also been demonstrated using the wavelet leaders technique in mountain ranges where
heterogeneous tectonic processes form complex topography characterized by a range of scaling exponents
over a narrow spatial extent (Kolahi‐Azar & Golriz, 2018). Our results similarly show heterogeneous scaling
for one‐dimensional transects extracted from a relatively narrow bathymetric swath in part due to different
hydrodynamic processes operating on the backreef (Hench & Rosman, 2013), reef crest (Hench et al., 2008),
and forereef (Monismith et al., 2013; Rogers et al., 2013).

Other studies have found that the change in topographic variation with spatial scale may vary depending on
the scale range considered. Topography may be well characterized by a single global exponent (monofractal)
at small scales but may be best described bymany local exponents at larger scales (multifractal; Deliège et al.,
2016, 2017) due to different geophysical processes operating at different spatial scales. Our results did not
show the presence of both monofractal and multifractal scaling regimes, possibly due to the limited spatial
resolution and extent of our data, which spanned 2 orders of magnitude.

We caution against cross‐study comparisons of scaling exponents for different topographic data sets even
if the same multifractal technique is utilized due to differences in horizontal spatial resolution, scale
range over which exponents are computed, data dimensionality (one‐dimensional spatial series vs. two‐
dimensional spatial field), as well as averaging and subsampling techniques used during data processing that
affect the autocorrelation of the spatial series or field (Lavallée et al., 1993).

4.3. Collapsing Complexity

The number and type of metrics used to characterize roughness determine the degree to which bathymetric
complexity is collapsed and which topographic properties are represented. The most appropriate set of
metrics to describe multiscale topographic variation will depend on the application. For our reef data set,
descriptors of the elevation distribution such as the standard deviation and skewness are sufficient to differ-
entiate between the three reef zones (Figure 5). However, considering metrics that describe how topography
varies with spatial scale (e.g., Hölder exponent), together with properties of the elevation distribution and
ratios of physical length scales, provides a more complete understanding of how the topography varies
between and within reef zones.

A principal component analysis (PCA) was performed to investigate the degree to which different metrics
covary across the reef and to identify the combination of metrics that best distinguished dissimilar bathyme-
try among and within reef zones. The metrics included in the PCA were the standard deviation (σ) and
skewness (S) of the bottom elevation, rugosity (R), and the dominant Hölder exponent value (c1) and the
width (c2) of the multifractal spectrum.
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The first, second, and third principal components explain 89.8% of the total variability in these metrics
among alongshore transects (47.2%, 28.2%, and 14.4%, respectively; Figure 10). The first principal compo-
nent (PC1) describes the primary mode of topographic variability in the data set and captures the way the
metric values vary among the three main reef zones. The standard deviation (loading L = 0.63), rugosity
(L = 0.51), and dominant Hölder exponent (L = 0.40) are positively correlated along PC1, and skewness
(L = –0.41) is negatively correlated (Figure 10). PC1 scores are negative for the backreef, weakly positive
for the reef crest, and strongly positive on the forereef. Negative scores for backreef transects correspond
to topography with low standard deviation and rugosity, and Hölder exponents less than 0.5, indicating
low‐amplitude, spatially incoherent topography (see also Figure 5). Positive scores for forereef transects
correspond to topography with high standard deviation and rugosity, and Hölder exponents greater than
0.5, indicating high‐amplitude, autocorrelated topography (Figures 5 and 10).

Along PC2, the spectral width (L = 0.74) varies negatively with the Hölder exponent (L = −0.51) and
skewness (L = −0.39). PC2 generally captures the way these parameters covary across the backreef.
Along PC3, the rugosity (L = 0.68) and skewness (L = 0.63) are positively correlated, and the Hölder
exponent (L = –0.35) is negatively correlated. The contribution of standard deviation to PC3 is very small
(L = 0.08). PC3 therefore represents topographic variability in which rugosity varies but standard deviation
does not, such as on the inner forereef where small‐scale features reduce in amplitude with distance from
shore but large‐scale large amplitude spur and groove features remain.

Although fivemetrics were used in the PCA, the first three principal components captured themain patterns
in metrics within and among the reef zones. PC1 is sufficient to distinguish between the backreef, reef crest,
and forereef topography. For this reef, PC1 explains much of the variance in rugosity and standard deviation
across the three zones, and these twometrics are positively correlated. PC2 and PC3 provide additional infor-
mation about within‐zone variability. PC3 explains much of the variability in rugosity across transects
within a particular zone that is not associated with variation in standard deviation. Examples drawn from
both natural and idealized topographies illustrate that while topography with higher‐amplitude features is
generally more rugose, standard deviation and rugosity are not necessarily correlated if the horizontal length
scale (e.g., wavelength in Figure 1) or scaling behavior changes.

4.4. Implications for Reef Processes

Many studies have investigated relationships between the structural complexity of the seafloor and reef pro-
cesses. In these studies, seafloor complexity is most often quantified using rugosity (Graham & Nash, 2013).
Since rugosity represents a ratio of surface area to plan area, it may be an appropriate metric to use for ques-
tions in which the key seafloor property is surface area, such as fluxes of gases and nutrients (Falter et al.,
2005; Thomas & Atkinson, 1997). However, our work illustrates that rugosity alone is not suitable as a

Figure 10. Principal component (PC) 1, 2, and 3 scores for backreef (gray), reef crest (blue), and forereef (red) transects,
respectively. Vectors show the orthonormal PC coefficients multiplied by a factor of 10 for each variable indicating the
contribution of a given variable to the PCs.

10.1029/2018JC014859Journal of Geophysical Research: Oceans

DUVALL ET AL. 5034



general measure of seafloor roughness or complexity, because the same rugosity value can be obtained
for very different topographies, if horizontal length scales vary or multiple length scales are present
(Figures 1 and 5). Some previous studies have noted inconsistent correlations between roughness, quantified
by rugosity, and the abundance, size distribution, and diversity of reef biota (e.g., Harborne et al., 2012).
Further work is needed to determine whether relationships between patterns in reef biota and topographic
properties could be more clearly seen usingmultiple metrics of topographic complexity that capture both the
amplitude of topographic variations and the way in which vertical variations change with horizontal spatial
scale. Increased resilience and recovery of reefs from disturbances have also been positively correlated with
topographic complexity (e.g., Guzman & Cortés, 2007). Therefore, to better manage and predict future reef
states, it is important to understand and quantify the attributes of reef structure that contribute to these reef
state changes.

Another application for which characterizing topographic roughness is important is parameterizing the
effect of the seafloor on water motion. Drag exerted on the flow by topography is typically represented using
a roughness length scale (e.g., kb and z0). In previous work on coral reefs, hydrodynamic roughness has been
related to the standard deviation of topographic elevation (Lowe et al., 2005) and the rms bottom slope
(Rogers et al., 2018). Prior studies on atmospheric boundary layers have shown that for topography with a
constant scaling, z0 is proportional to the standard deviation of topographic elevation (Wan & Porte‐Agel,
2011). However, the constant of proportionality varies over several orders of magnitude depending on the
power law scaling behavior (Anderson &Meneveau, 2011), which is related to the Hurst exponent. This pre-
vious work suggests that if topography can be described with a single power law scaling exponent, then the
effects of the topography on flow can be represented with just the standard deviation and scaling exponent.
Other work, however, has found that heterogeneity (patchiness) of surface roughness properties can
increase drag and results in an effective roughness length scale that is larger than the roughness length scale
characterizing any given patch of topography (Albertson & Parlange, 1999; Bou‐Zeid et al., 2004, 2007). The
more frequently surface properties change, the larger the effective roughness felt by the flow. This suggests
the need for multifractal metrics such as those that can be obtained from the multifractal spectrum (spectral
peak, width, and asymmetry) that capture not only the total variance and average scaling of topography but
also the spatial variability of those properties. For this study, the spatial scale range included in the multi-
fractal analysis is large compared to the depth of the water and thus better describes the bathymetry rather
than roughness felt by the flow. Additional analysis of multifractal properties at submeter scales is needed to
characterize the hydrodynamically relevant roughness.

5. Conclusion

Because seafloor topography affects a wide range of physical and biological processes, collapsing the com-
plex three‐dimensional structure of the bottom to statistical metrics that quantify its important properties
is a common challenge in studies of marine systems. Here we investigated this issue by calculating a variety
of metrics for idealized single‐scale andmultiscale topographies and real reef topography.We illustrated that
the most commonly used metrics, standard deviation and rugosity, are not sufficient to quantify bottom
roughness and give ambiguous results when horizontal length scales vary or when multiple length scales
are present. For multiscale topography, it is important to also quantify scaling behavior, the rate at which
the variance in the bottom elevation decays with decreasing spatial scale.

We computed a global Hurst exponent from the spectral density, as well as the distribution of local Hölder
exponents from the wavelet leader method to characterize the scaling behavior of both idealizedmonofractal
and real multifractal reef topography. For the real reef topography, cross‐shore trends in Hurst and Hölder
exponents derived from monofractal and multifractal methods were consistent, but the actual values
differed, as is often the case for multifractal signals. A distribution of Hölder exponents was needed to
describe the scaling behavior of the multifractal reef topography.

Our results demonstrate that coral reef topography, similar to other natural topography, is both multiscale
and multifractal. While quantifying roughness with a single metric that captures a moment of the elevation
distribution, dimensionless ratio of physical length scales, or how elevation varies with spatial scale may suf-
fice for some applications, it is useful to consider metrics from all three categories (e.g., standard deviation,
rugosity, and dominant Hölder exponent). A PCA allowed us to collapse the complete set of metrics to a
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smaller number of dominant modes and investigate the degree to which the metrics covaried or varied inde-
pendently across the three zones on the Moorea reef. Collectively, the results show that individual metrics
can capture specific attributes of topography, but a greater proportion of topographic variability is explained
by considering different types of metrics together as a set.
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