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Abstract: A parametric wave spectrum resembling procedure is applied to detect the sea state
parameters, namely the wave peak period and significant wave height, based on the measurement
and analysis of the heave and pitch motions of a vessel in a seaway, recorded by a smartphone located
onboard the ship. The measurement system makes it possible to determine the heave and pitch
acceleration spectra of the reference ship in the encounter frequency domain and, subsequently, the
absolute sea spectra once the ship motion transfer functions are provided. The measurements have
been carried out onboard the research ship “Laura Bassi”, during the oceanographic campaign in the
Antarctic Ocean carried out in January and February 2020. The resembled sea spectra are compared
with the weather forecast data, provided by the global-WAM (GWAM) model, in order to validate
the sea spectrum resembling procedure.

Keywords: wave spectrum resembling procedure; onboard measurements of heave and pitch mo-
tions; spectral analysis of ship motions; comparative analysis with weather forecast data

1. Introduction
The real-time knowledge of sea state conditions, encountered by the ship in a seaway, is

useful for different reasons, ranging from the safety of navigation to onboard comfort level.
In fact, it provides a decision support system for the master, useful to avoid potentially
dangerous phenomena the ship may experience in following and quartering seas, such as
surf-riding, broaching, and parametric rolling [1]. It makes it possible to monitor the main
seakeeping parameters, connected with the safety of crew [2] and the onboard comfort
level experienced by passengers [3]. Finally, it is also useful when the ship voyage is
optimized by adaptive weather routing methods, constrained by seakeeping or minimum
consumption criteria [4].

The first pioneering works on the assessment of wave spectra, by ship motion mea-
surement and analysis, were carried out in the mid-1970s, with reference to ships without
forward speed [5]. In the subsequent years, several attempts were performed to include the
Doppler shift, experienced when the ship advances in a seaway [6–8]. Starting from these
pioneering works, in the last two decades, special attention was paid to ships advancing in
quartering and following seas, as in this case a non-bijective relationship arises between the
encounter and absolute frequency domains [9–12]. Additional research activities were car-
ried out to detect the wave spectra by solving a set of equations, involving heave, pitch and
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roll motion measurements [13], and to investigate the reliability of resembled sea spectra
by means of a comparative analysis with reference hindcast data [14]. Really, most of past
research activities were performed in the frequency-domain [15], while only a few studies,
mainly based on Kalman filtering, were carried out in the time domain, due to the high
numerical effort required to resemble the unknown sea state parameters [16,17]. Finally,
Piscopo et al. [18] recently developed a two-step wave spectrum resembling procedure,
based on the analysis of heave and pitch motions, which is embodied in current research.

In particular, the wave spectrum procedure is applied to a data set collected onboard
the research ship “Laura Bassi” during the oceanographic campaign in the Antarctic Ocean
carried out in January and February 2020. In this respect, the main aim of current research
is to apply the wave spectrum procedure outlined in Section 2 in a real environment, and
validate it against a set of weather forecast data, provided by the global-WAM model.

2. Sea State Monitoring
2.1. Ship Motion Measurements

Ship motions can be efficiently evaluated by low-cost measurement systems, located
onboard the vessel and generally placed on the ship symmetry plane, such as common
smartphones. In fact, these devices are generally equipped with several built-in sensors,
providing raw data with high sample-rate, and belonging to the following main categories,
namely: (i) motion sensors, including accelerometers and gyroscopes; (ii) environmen-
tal sensors, such as barometers and thermometers; and (iii) position sensors, including
magnetometers. All these measurements are generally referred to the local coordinate
system depicted in Figure 1a, with their origin at the centre of the touch screen. In addition,
apart from these set of built-in sensors, common smartphones are also equipped with a
GNSS receiver, which provides the device’s position and velocity in a global framework.
The reliability of the smartphone’s embedded sensors has been preliminary verified and
checked through laboratory tests.
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Figure 1. Coordinates and location of the device: (a) system coordinates of the device [19];
(b) installation of the device.

In current research, the onboard measurements were performed by the smartphone
“Xiaomi Mi 8”, located in the wheelhouse on the vertical line passing through the ship
centre of mass. The selected location makes it possible to measure the heave acceleration
amplitude, with no contribution due to the pitch motion that, in turn, increases among with
the longitudinal distance from the vertical line passing though the ship centre of mass. The
smartphone was equipped with the module MATLAB® Mobile™, which makes it possible
to acquire the data provided by the built-in sensors in the absence of a network connection,
with no additional external acquisition systems. In current analysis, orientation and position
sensors were embodied, to collect: (i) the ship speed and course; (ii) the device altitude (U);
and (iii) the angle between two planes parallel to the touch screen and the ground. Hence, the
ship vertical motions between consecutive epochs (k) are computed as in Equation (1):

DUk = Uk � Uk�1 (1)
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2.2. Assessment of Weather Forecasting Data
The weather forecast data, embodied in current research to make a comparative

analysis possible, with the sea state parameters detected by the ship motion measurements,
follow the standardization established by the World Meteorological Organization (WMO),
which delivers data in a self-descripting GRIB (Gridded Binary) format [20]. In the current
analysis, these data are obtained by the third-generation Global Wave Model (GWAM),
initially developed in the mid-1980s by an international group of wave modelers [21], which
explicitly solves the wave transport equation with no assumptions about the shape of wave
spectra. The model can be applied to both regional and global grids, with arbitrarily set
resolution in space and time, based on both latitudinal-longitudinal or Cartesian grids. The
model outputs, embodied in the comparative analysis with the resembled sea spectra, are:
(i) the significant wave height; (ii) the mean wave period; and (iii) the prevailing direction
of the wind wave and swell components.

2.3. Ship Motion Analysis and Wave Spectrum Resembling
The assessment of the sea spectrum in the absolute frequency-domain can be per-

formed once the heave and pitch motion transfer functions in the encounter-frequency
domain are provided for both wind wave and swell components. In current analysis, the
zero-speed added mass and radiation damping of the research ship “Laura Bassi” are
determined by the open-source code NEMOH [22], and subsequently resembled in the
encounter-frequency domain, to account for the forward speed [23]. The heading angle
between the vessel route and the prevailing wave direction is assumed to be known, thanks
to the weather forecast data obtained from the GRIB file, even if it can be in line with the
principle monitored by independent systems, such as deployable optic devices, among
others. The wave spectrum resembling procedure consists of two subsequent steps [18]. At
the first step the wave peak period and the spectrum shape parameter are iteratively varied
and detected by a best-fit parametric procedure, which maximizes the non-dimensional
parameter provided by Equation (2):
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where r is the Pearson correlation coefficient of heave/pitch motion spectra; Sxk and Hk are
the heave/pitch (k = 3,5) motion spectrum and transfer function in the encounter-frequency
domain and Ti

p and gj are the i-th and j-th tentative peak period and shape parameter. The
best-fit iterative procedure makes it possible to detect the two unknown parameters or,
alternatively, the wave peak period only, if the shape parameter is known, as it occurs for
fully developed seas (g = 1). The number of tentative peak periods and shape parameters
is selected to provide an accurate assessment of the unknown variables, paying attention to
not excessively increase the time effort amount required to perform the calculations. In this
respect, the wave peak period and the shape parameter of the resembled spectrum shall
maximize the correlation between heave/pitch theoretical and measured motion spectra,
based on the following Equation (3):
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Subsequently, the significant wave height is determined, based on heave, pitch or
combined heave/pitch motions, depending on the heave to pitch kinetic energy ratio e
assessed by Equation (4):
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The wave spectrum resembling procedure is tested against sea state conditions charac-
terized by a combination of swell and wind waves, by separating the two contributions and
considering them together by evaluating a total component of significant wave height and
peak period. The peak periods of swell and wind wave spectra are generally quite different,
so it is possible to separate the spectral components due to swell and wind waves, located
up to and beyond the so-called separation frequency, respectively, which, in turn, can be
efficiently detected based on the only heave motion encounter spectrum by Equation (5):

ws :
dSx3(we)

dwe

����
we=ws

= 0 (5)

In other words, ws almost coincides with the local minimum of the heave motion
encounter spectrum, which, in turn, is located between two local maxima, corresponding
to the peak frequencies of the swell and wind wave components.

3. Experiment Data
Three data collections, with a 1 Hz sampling rate and 1 h duration, are selected among

the data set collected during the voyage of the research ship “Laura Bassi”, as detailed
in Table 1, where the main data required to perform the analysis are reported. The heave
and pitch accelerations of the three data collections are reported in Figure 2a–f, while the
acceleration spectra in the encounter wave frequency domain are plotted in Figure 3a–f.

Table 1. Data collection.

Day Start Point End Point Distance
(nm)

Heading Angle—Wind
(deg)

Heading Angle—Swell
(deg)

7 January 2020
13:00–14:00 (local time)

46�19044.9000 S
173�1024.1300 E

46�3105.88” S
173�1050.7700 E 11.36 173.63 29.68

8 January 2020
04:00–05:00 (local time)

49�16014.1600 S
173�4025.03200 E

49�280 35.0800 S
173�3059.3300 E 12.36 167.35 32.04

14 February 2020
13:21–14:21 (local time)

60�9020.5600 S
167�4046.4900 E

59�57031.1400 S
167�11037.75” E 12.32 106.99 78.43

In additon, the main data of the research ship “Laura Bassi”, embodied for the scientific
activity and logistic support to the Italian Antarctic explorations, are listed in Table 2, while
the heave and pitch RAOs (Response Amplitude Operator) are plotted in Figure 4a–f.
Finally, the GRIB files have been downloaded on the basis of a 0.25� ⇥ 0.25� grid spacing
and 3 h forecast interval by means of the free software XyGrib. The distributions of the
equivalent significant wave height, defined as the geometric mean of the wind wave and
swell components, and the total wave peak period, are reported in Figure 5a–f.

Table 2. Main data of the research ship “Laura Bassi”.

Length overall 80.00 m
Length between perpendiculars 72.40 m
Beam on WL 17.00 m
Design draught 6.15 m
Displacement 4736 t
Waterplane area 1074 m2

Block coefficient 0.599
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Figure 2. Data collection: (a) heave—7 January 2020; (b) pitch—7 January 2020; (c) heave—8 January 2020; (d) pitch—8 
January 2020; (e) heave—14 February 2020; (f) pitch—14 February 2020. 
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Figure 3. Acceleration spectra in the encounter frequency-domain: (a) heave—7 January 2020; (b) pitch—7 January 2020; 
(c) heave—8 January 2020; (d) pitch—8 January 2020; (e) heave—14 February 2020; (f) pitch—14 February 2020. 
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Figure 3. Acceleration spectra in the encounter frequency-domain: (a) heave—7 January 2020; (b) pitch—7 January 2020;
(c) heave—8 January 2020; (d) pitch—8 January 2020; (e) heave—14 February 2020; (f) pitch—14 February 2020.
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Figure 4. Heave and pitch RAOs (Response Amplitude Operator) in the encounter frequency-domain: (a) heave—7
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4. Benchmark Study
4.1. First Data Set—7 January 2020

The wave spectrum resembling procedure, described in Section 2.3, is applied to
detect the sea state parameters of the three data collections reported in Table 1, based on
both heave/pitch motions and accelerations. The results of the first data set are reported
in Table 3 and Figure 6a,b, where a comparative analysis with the global wave model
Wavewatch III (WWIII) data is performed.

Table 3. Parameters of rebuilt spectrum for a combined sea spectrum—7 January 2020.

HS (m) TP (s)

Data from WWIII 3.243 12.803
Resembled sea

spectrum—motions
3.391

(+4.56%)
11.900

(�7.05%)
Resembled sea

spectrum—accelerations
4.360

(+34.44%)
12.900

(+0.75%)
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Figure 6. Sea spectrum—7 January 2020: (a) resembled combined sea spectrum using heave and pitch motions; (b) resembled
combined sea spectrum using heave and pitch accelerations.

Based on the current results, the detection of the separation frequency is not possible,
so as the wave spectrum reconstruction is performed based on the equivalent wave height
due to wind wave and swell components. The sea spectrum reconstruction, based on heave
and pitch motion, reveals to be much more effective as regards the other one, based on the
ship accelerations, as it can be gathered by the percentage errors as regards the reference
WWIII values.

4.2. Second Data Set—8 January 2020
The results concerning the sea spectrum reconstruction of the second data set are

reported in Table 4 and in Figure 7a,b. Additionally, in this case, the separation frequency
between the wind wave and swell components is not clearly detectable, which implies
that the equivalent wave height approach needs to be endorsed. Anyway, despite of the
previous reference condition, the sea spectrum reconstruction, based on ship motions and
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accelerations, provides almost the same results, with a percentage error which is generally
lower than 10%.

Table 4. Parameters of rebuilt spectrum for a combined sea spectrum—8 January 2020.

HS (m) TP (s)

Data from WWIII 2.576 10.225
Resembled sea

spectrum—motions
2.950

(+14.52%)
9.600

(�6.11%)
Resembled sea

spectrum—accelerations
2.812

(+9.16%)
11.000

(+7.57%)
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4.3. Third Data Set—14 February 2020
The results concerning the sea spectrum reconstruction of the last data set are reported

in Table 5 and in Figure 8a,b. Additionally, in this case, the separation frequency between
the wind wave and swell components is not clearly detectable, which implies that the
equivalent wave height approach needs to be endorsed. The sea spectrum reconstruction,
based on the ship motion analysis, reveals to be much more effective, as regards the other
one, based on the ship accelerations, with reference to the assessment of the significant
wave height. Instead, the resembled peak wave periods are almost comparable.

Table 5. Parameters of rebuilt spectrum for a combined sea spectrum—14 February 2020.

HS (m) TP (s)

Data from WWIII 4.441 9.001
Resembled sea

spectrum—motions
4.346

(�2.14%)
9.300

(+3.32%)
Resembled sea

spectrum—accelerations
5.167

(+16.34%)
9.400

(+4.43%)
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Figure 8. Sea spectrum—14 February 2020: (a) resembled combined sea spectrum using heave and pitch motions; (b) resem-
bled combined sea spectrum using heave and pitch accelerations.

5. Conclusions
The paper focused on the assessment of the sea state conditions, based on the measure-

ment and analysis of the ship motions and accelerations, recorded onboard the research
ship “Laura Bassi” during the oceanographic campaign in the Antarctic Ocean, carried out
in January and February 2020. Particularly, three data collections were analyzed by means
of the two-step procedure outlined in Section 2.3, and compared with the weather forecast
data, provided by the global-WAM model. Based on the results of the benchmark study
performed in Section 4, the following main outcomes have been achieved:
• The wave spectrum resembling procedure makes it possible to efficiently assess the

sea state parameters, in terms of significant wave height and wave peak period;
• The analysis of ship motions is more effective, as regards the other one based on ship

accelerations, to assess the main sea state parameters.
Current outcomes seem to be promising for further developments, mainly devoted to:

(i) investigating the possible employment of windowing functions in the Fourier analysis of
ship motions and accelerations; (ii) exploring the incidence of time duration on resembled
sea state parameters; (iii) comparing the procedure with other resembling procedures.
Furthermore, it stands to reason a further improvement in the results for sea states with a
more distinct separation between swell and wind waves. These studies will be the subject
of future works.
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