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Competition and cooperation among orders is at the heart of many-body physics in strongly correlated
materials and leads to their rich physical properties. It is crucial to investigate what impact many-body
physics has on extreme nonlinear optical phenomena, with the possibility of controlling material properties
by light. However, the effect of competing orders and electron-electron correlations on highly nonlinear
optical phenomena has not yet been experimentally clarified. Here, we investigated high-order harmonic
generation from the Mott-insulating phase of Ca2RuO4. Changing the gap energy in Ca2RuO4 as a function
of temperature, we observed a strong enhancement of high order harmonic generation at 50 K, increasing
up to several hundred times compared to room temperature. We discovered that this enhancement can be
well reproduced by an empirical scaling law that depends only on the material gap energy and photon
emission energy. Such a scaling law can hardly be explained by the electronic structure change in the
single particle model and has not been predicted by previous theoretical studies on HHG in the
simple Mott-Hubbard model. Our results suggest that the highly nonlinear optical response of strongly
correlated materials is influenced by competition among the multiple degrees of freedom and electron-
electron correlations.

DOI: 10.1103/PhysRevLett.128.127401

Strong coupling among multiple degrees of freedom
often results in a variety of electronic ground states,
especially in strongly correlated materials. A strong light
field may drive such systems far from equilibrium and
modify the balance among competing orders. After light
irradiation, the material can relax to a non-trivial meta-
stable state such as a transient superconducting state or a
ferroelectric state [1–4]. Under a strong light field, coherent
and highly nonlinear optical phenomena can also be
observed. High order harmonic generation (HHG) is the
most typical of such phenomena [5–15], where coherent
photons with integer multiples of the driving photon energy
are emitted. HHG has provided fundamental insights into
nonperturbative light-matter interactions in solids [13].
So far, HHG has mainly been studied in systems that
can be described with the single electron approximation,
giving information about the band structure [7,8], inter-
atomic bonding [9,14], Berry curvature [11], and transition
dipole moment [15]. HHG spectroscopy is applicable to
strongly correlated systems, where electron-electron cor-
relations play a dominant role, and has the potential to be a

new method to elucidate the dynamical aspects of many-
body physics. Several theoretical studies predict the char-
acteristics of HHG for strongly correlated materials
[16–20]. However, only a few HHG experiments have
been performed so far on strongly correlated materials
[21,22], and the unique properties related to their electronic
correlations has yet to be found.
In this Letter, we report HHG from the Mott-insulating

phase of Ca2RuO4 with a strong enhancement of HHG
yields upon lowering temperature. The strongly temper-
ature-dependent gap energy of Ca2RuO4 allows us to
investigate the relationship between HHG emission and
the gap energy in this strongly correlated system. We find
that the yields of the high harmonics scale with the gap
energy and the high harmonic emission energy. The
observed scaling law cannot be reproduced by the elec-
tronic structure change in single particle model or by
previous theoretical studies about HHG in strongly corre-
lated materials. This indicates that electron-electron corre-
lations and the interplay of multiple degrees of freedom in
Ca2RuO4 play a crucial role in its highly nonlinear optical
response.
Ca2RuO4 is a layered perovskite which shows a variety

of electronic properties owing to the competition between
multiple degrees of freedom [23,24]. The material is a
Mott insulator below the metal-insulator transition temper-
ature TMI ∼ 360 K and shows antiferromagnetic order
below TN ∼ 110 K [25]. The electronic properties can be
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controlled by varying external parameters such as chemical
substitution [26], pressure [27], electric field [28], and
temperature [25]. The gap energy of Ca2RuO4 changes
from 0.2 to 0.65 eV upon lowering temperature below
TMI [29].
We used an intense midinfrared (MIR) pulse (central

photon energy: ℏΩMIR ¼ 0.26 eV, repetition rate: 1 kHz,
and pulse duration: 100 fs) to measure HHG emissions
from samples of Ca2RuO4. Figure 1(a) shows a schematic
view of the experimental setup [30]. The sample was set in
an optical cryostat, and its temperature was varied between
290 and 50 K within Ca2RuO4 Mott insulating phase. MIR
pulses were focused onto the sample using a reflective-type
objective lens and passed through a 1-mm-thick CaF2
window. The typical MIR intensity at the focus point in
vacuum is 0.3 TW=cm2, corresponding to an electric field
strength of 15 MV=cm, and pulse energy of around 0.3 μJ
(spot diameter 27 μm). Since bulk Ca2RuO4 is not trans-
parent above the gap energy, we collected the HHG signal
in reflection geometry using the same objective lens. In this
configuration, we have the advantage of a negligible

nonlinear propagation effect that in other configurations
would strongly distort the spectral shape [34–36].
Figure 1(b) shows an optical image of a single crystal
Ca2RuO4 sample with an exposed ab plane. The transition
temperatures (TMI ¼ 360 and TN ¼ 110 K) were con-
firmed by magnetic susceptibility measurements [30].
The crystal orientation was determined by x-ray diffrac-
tion as well as by magnetic anisotropy measurements.
Throughout the experiment, we used a linearly polarized
MIR pulse with polarization lying in the ab plane, and
electric field direction (polarization) identified by the angle
θ with respect to the b axis [Fig. 1(b)].
Figure 1(c) shows typical HHG spectra obtained at 290 K

(black dotted line) and 50 K (light blue line and shaded
area) with an incident MIR intensity IMIR of 0.3 TW=cm2

and θ ¼ 45°. We observed only odd-order harmonics
because of the inversion symmetry of Ca2RuO4. While
the third-order harmonic yield is just slightly suppressed at
low temperature, we observe a strong enhancement of the
fifth and higher harmonics. The enhancement is stronger for
larger harmonic order, reaching several hundred times yield
for the ninth harmonic at 50 compared to 290 K.
Changes of Ca2RuO4 optical properties in the MIR

region can change the excitation conditions, possibly
accounting for part of this enhancement. However, we
estimated that the change of the MIR electric field inside
the sample due to its reflectivity change between 290
and 50 K is less than 7% [30]. As it will be shown in
Figs. 2(a)–2(c), this change can only explain an increase of
the HHG signal of just about 25%. This fact indicates that
the observed enhancement in HHG intensity has a different
origin, possibly intrinsic to the nonlinearity of the material.
We now study the dependence of the nth-order harmonic

intensity In on the incident MIR intensity IMIR. There are
strong deviations from the predictions of perturbative
nonlinear optics (In ∝ InMIR, dotted lines in Figs. 2(a)–2(c)),
because all HHG intensities are almost proportional to the
square of MIR intensity (In ∝ I2MIR). This indicates that
nonperturbative light-matter interactions take place under
our experimental conditions. Moreover, the dependences of
the normalized HHG intensities on the MIR intensity are
almost unchanged in the studied temperature range. These
results suggest that the microscopic HHG mechanism is
unaffected by changes in temperature.
Figures 2(d)–2(f) show the crystal-orientation depend-

ence of the third, fifth, and seventh harmonic intensities at
290 and 50 K. All the harmonics show maximum values for
θ ∼ 45°, for which the MIR electric field points along the
direction from Ru to nearest-neighbor Ru or O atoms
[Fig. 2(g)]. This suggests that interatomic transitions such
as intersite d-d transitions or charge transfer transitions
may be involved in the HHG process [9,22]. Since HHG
emission energies are in the region of the d-d transition
[29], the anisotropy of HHG yields may be attributed to d-d
transitions between nearest-neighbor Ru ions. By lowering
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FIG. 1. High harmonic generation in Ca2RuO4. (a) Schematic
diagram of the experimental setup for HHG measurement in
reflection geometry (extended details in Fig. S3 in the Supple-
mental Material [30]). (b) Optical image of the Ca2RuO4 sample.
The position of the MIR spot, that is focused on a region where
the sample surface roughness is small, is indicated by the red
cross mark (spot diameter 27 μm). The red arrow indicates the
direction of the MIR polarization which is identified by the angle
θ that it forms with the b axis. (c) Typical HHG spectra obtained
at 50 (light-blue curve and shaded area) and 290 K (black dotted
line) with MIR intensity of 0.3 TW=cm2 and polarization
θ ¼ 45°. The red curve and shaded area indicate the incident
MIR spectrum, measured using a monochromator equipped with
a HgCdTe detector, that is decreased by a factor of 10−6 in the
plot for clarity.
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the temperature, the HHG anisotropy becomes stronger.
However, this increased anisotropy is not salient in the fifth
and seventh harmonics, even though strong enhancements
in their HHG yields are observed. These results support the
fact that the HHG mechanism is not directly caused by
changes in temperature.
To investigate the temperature dependence in more

detail, we measured HHG intensities with θ ¼ 45° as a
function of temperature. Normalized intensities of nth-
order harmonics InðTÞ are shown in Figs. 3(a)–3(d) (solid
circles). HHG intensities in Ca2RuO4 do not show any
noticeable variation in proximity of the Néel transition
(TN ¼ 110 K), indicating that magnetic order does not
dominantly affect the HHG mechanism. The third harmon-
ics slightly decreases by lowering temperature. For the fifth
and higher harmonics, instead, HHG intensities exponen-
tially increase down to about 200 K and then show a
gradual saturation. The rate of increase of HHG signals is
larger for higher harmonics. For comparison, we also
measured HHG from the conventional narrow-gap semi-
conductor InAs (open squares in Figs. 3), which has a
room-temperature gap energy (∼0.3 eV) and carrier con-
centration (∼1016 cm−3) similar to those of Ca2RuO4 [37].
In contrast to Ca2RuO4, the HHG intensities that we
measured for InAs are almost independent of temperature.
Moreover, we confirmed that the effect of thermally
activated carriers on the temperature dependence of the
HHG yields is negligible by measuring HHG in La-doped
Ca2RuO4 (Ca2-xLaxRuO4, x ¼ 0.016) (see Figs. S4 and S5
in the Supplemental Material) [30,38]. These results imply
that HHG in the Mott-insulating Ca2RuO4 is qualitatively
different from those of conventional semiconductors.
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FIG. 2. Dependence of the HHG yields on MIR intensity and polarization. (a)–(c) Normalized (a) third, (b) fifth, and (c) seventh
harmonic intensity as a function of MIR intensity with MIR polarization angle θ ¼ 45°. Open circles measured at 50 K, solid circles
measured at 290 K. All the harmonic intensities are normalized by their peak value. Dashed lines are guides to the eye which are
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2
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harmonic order). (d)–(f) Polar plots of the (d) third, (e) fifth, and (f) seventh harmonic intensity as a function of MIR polarization angle θ.
The MIR intensity was fixed at the maximum value of 0.3 TW=cm2. (g) Schematic of the Ru-O plane in Ca2RuO4 respect to which the
polarization is changed. The gray shaded areas indicate the oxygen octahedra.
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We found that the observed enhancement in HHG yields
at low temperature has a direct correlation with the optical
gap energy 2Δ of Ca2RuO4. By using the temperature
dependence 2ΔðTÞ found in literature [29], we plot HHG
intensities as a function of gap energy in Fig. 4(a). For the
third-order harmonics, the intensity slightly decreases
with increasing gap energy. The fifth and higher harmonic
intensities, instead, increase with the gap energy. Moreover,
HHG yields can be well described as exponential functions
of 2ΔðTÞ. This clearly indicates a strong connection
between the gap energy and HHG enhancement in
Ca2RuO4. Surprisingly, our experimental results are con-
trary to what is expected from the carrier tunneling process,
according to which an increase in gap energy suppresses
carriers generated by the field tunneling process, diminish-
ing the resulting HHG signal [39–41]. This suggests that
increasing the gap energy enhances the nonlinearity of the

system to an extent that overcomes the attenuation of
tunneling carriers.
To obtain more information about the enhancement in

HHG yields, we measured HHG with different incident
MIR photon energies [30]. Figure 4(b) shows as a function
of HHG emission energy ℏωe the ratio of HHG intensity at
290 to that at 50 K, which we define as the enhancement
factor. We compare the results obtained with two different
incident MIR photon energies: ℏΩMIR ¼ 0.26 (brown
diamonds) and 0.19 eV (purple pentagons). Within the
same harmonic order, the enhancement factor decreases as
the incident photon energy decreases. Surprisingly, the
enhancement factor follows a single power law [∝ðℏωeÞl,
l ∼ 5.6] regardless of the incident photon energy. This
indicates that the enhancement in HHG yields is not
determined by the driving photon energy, but rather by
the emission photon energy.
We propose an empirical scaling law that satisfies the

characteristics of both the two experimental result in
Figs. 4(a) and 4(b), where the nth order harmonic yield
as a function of gap energy 2ΔðTÞ and emission energy
ℏωe (¼nℏΩMIR) can be expressed by

InðTÞ=InðT0Þ ≈
�
nΩMIR

Ωth

�ΔðTÞ−ΔðT0Þ
Δth : ð1Þ

Here, ℏΩth and 2Δth are threshold values of the HHG
emission energy and gap energy, respectively. We use
Eq. (1) to fit the data in both Figs. 4(a) and 4(b) (dashed
lines) and find good agreement with the experiment
by using only two fit parameters ℏΩth ∼ 0.8 eV and
2Δth ∼ 58 meV. This empirical equation allows us to
calculate the harmonic yields at temperature T when the
HHG yields at a fixed temperature T0 are known.
Remarkably, Eq. (1) describes both the slight suppression
of the third harmonic and the enhancement of the fifth and
higher harmonics. Also, the fact that it is not the harmonic
order but rather the HHG emission energy that determines
the enhancement factor implies that the observed enhance-
ments are regulated by the emission process. This simple,
but rather extraordinary scaling law of HHG yields has
never been reported in previous studies on HHG in solids.
In general, changes in electronic structures, such as band

structure and transition dipole moment, can alter HHG
yields [42–44]. When such changes occur, the optical
conductivity spectrum, which is directly related to the
material electronic structure, usually presents large mod-
ifications such as an increase in amplitude and the
emergence of new peaks. However, there are no salient
changes in Ca2RuO4 optical conductivity spectrum as a
function of temperature, apart from a continuous temper-
ature-driven gap opening [29,45]. In addition, possible
temperature-induced changes in the electronic structure
would result in strong changes of HHG yields as a function
of MIR intensity [7]. This is because by changing the MIR
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Orange circles, yellow squares, green triangles, and blue inverted
triangles indicate the third, fifth, seventh, and ninth harmonics,
respectively. Open (solid) symbols were measured with increas-
ing (lowering) sample temperature. The dashed lines indicate
the fitting curves by using Eq. (1) with ℏΩth ¼ 0.8 eV and
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the values at 290 K. (b) Enhancement factor defined as the ratio of
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intensity, it is possible to span different momentum
regions of the Brillouin zone, corresponding to about 2.4
to 6.0 × 10−9 m−1 for the intensities used in our experi-
ment. However, we observe no salient changes in Figs. 2 in
the studied range between 290 and 50 K. For these two
reasons, we conclude that no significant changes occur both
in Ca2RuO4 band structure and transition dipole moment,
and thus the observed enhancement of the HHG yields in
Ca2RuO4 must be attributed to a different cause.
A possible explanation within the single-electron

approximation is that the gap opening upon lowering
temperature directly enhances the HHG yields. To test
this hypothesis, we performed a numerical calculation to
understand whether changes in the band gap energy in a
simple single particle model can lead to enhancement of
HHG yields. The calculated HHG signals show nonmono-
tonic behavior as a function of the gap energy, and do not
reproduce the experimental exponential enhancement
(Figs. S8 and S9) [30]. This result suggests that the
observed enhancement of HHG yields in Ca2RuO4 may
be caused by other elements which are neglected in our
simulation, such as electron-electron correlations or the
dynamical modification of the electronic structure under
driving field.
Although HHG in Mott insulators have been theoreti-

cally investigated by using the one-band Mott Hubbard
model [16,17,46,47], previous calculations also do not
capture the characteristics of our experimental results. In
the calculations by Silva et al. and Orhtodoxou et al., the
emergence of broad emission spectrum above the gap
energy associated with dynamical Mott breakdown has
been predicted [16,46]. Although our experimental MIR
electric field of 15 MV=cm is comparable to the one used
in the calculations (10 MV=cm), we only observed peaks at
harmonic emission energies nℏΩMIR (where n is an odd
number), without broadening of spectrum as shown in
Fig. 1(c). Moreover, no scaling law of the HHG yields was
found in previous simulations [16,17,46,47].
The fact that calculations cannot predict the scaling law

in the HHG yields suggests that the simple one-band Mott
Hubbard model is insufficient to describe nonlinear optical
response in real Mott insulators. More refined theoretical
investigation involving models with multiple degrees of
freedom, which is neglected in the calculations, is needed
to understand actual HHG process in Ca2RuO4. We note
that in Ca2RuO4 degrees of freedom such as the on-site
Coulomb repulsion, Hund coupling, crystal field splitting,
and spin-orbit coupling are all in competition and contrib-
ute to determining the material ground state [48]. This
competition is probably the key for the system nonlinearity.
In addition, the dynamical modification of the electronic
structure is one of the most essential characteristics in
correlated electron systems under a driving field. In a
system with multiple degrees of freedom, such changes are
more pronounced and may lead to dramatic changes in the

light-matter interaction such as the observed scaling law in
the HHG yields.
In conclusion, we investigated the properties of HHG

emission fromMott-insulating Ca2RuO4. HHG efficiencies
whose orders are greater than the third show strong
enhancement as the temperature is lowered. We found that
the observed temperature dependence is strongly linked to
temperature-driven changes of Ca2RuO4 gap energy, with
an exponential enhancement in HHG yields as the gap
energy increases. This enhancement does not occur in
ordinary semiconductors, suggesting that electron-electron
correlations and the competing of multiple degrees of
freedom play an important role in the HHG mechanism
in Ca2RuO4. The HHG enhancements observed in this
work are well described by the empirical scaling law
expressed by Eq. (1) that depends only on the material
gap energy and HHG emission energy. This scaling law
suggests that the HHG process in Ca2RuO4 underlies a
physics peculiar to strongly correlated systems. Further
theoretical and experimental studies, focusing specifically
on the nonlinear optical response of strongly correlated
materials, may help to elucidate the possible universality of
the observed scaling law. In addition, further probing the
electronic structure change with MIR drive may allow
direct access to HHG processes in strongly correlated
materials, but it is beyond the scope of this Letter. These
undertakings will lead to a further understanding of
strongly correlated materials, possibly enabling us to
control many-body structures on an ultrafast timescale
and ultimately to design novel functional materials.
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