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Spin excitations of weakly coupled magnetic atoms
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A theoretical description of the measured differential conductance through magnetic atoms on a Cu2N/Cu(100)
substrate is presented [Otte et al., Phys. Rev. Lett. 103, 107203 (2009)]. In particular, we analyze the case of
a weakly coupled Co/ Fe dimer. The starting point of our model is an ionic Hamiltonian which describes the
inelastic electron tunneling excitations and the Kondo resonances as due to atomic spin fluctuations associated
with electron cotunneling processes in the tip-atom-surface system. The interaction terms of this Hamiltonian
are written in the basis set of the eigenstates of the atomic part, which in the present case includes the crystalline
and Zeeman fields and also, a Heisenberg exchange coupling between the two spins. The appropriate Green’s
functions that define the differential conductance spectra are calculated by means of the equation-of-motion
method. We obtain, in this form, a very satisfactory description of the overall experimental findings related to the
behavior of the spin state excitations and Kondo resonance structures in the presence of an applied magnetic field.
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I. INTRODUCTION

Kondo effects in individual atoms [1–4], molecular mag-
nets [5–7], or quantum dots [8–10] have been extensively
studied; apart from their basic interest, these systems are con-
templated as possible operational components of a quantum
computer [11]. Recently, systems with two units, like double
quantum dots [12] or two atoms [13], have attracted increasing
attention due to the interplay between the Kondo effect of each
unit and the possible antiferromagnetic coupling between the
spin of the two components [14].

The cases of one or two magnetic atoms deposited on
a metal surface have been recently analyzed by means of
inelastic tunneling spectroscopy [1,2,13]; in these exper-
iments, electrons injected with a scanning tunneling mi-
croscopy (STM) tip on single or double atoms create spin-flip
processes that reveal themselves in the tip-metal tunneling
conductance measured as a function of the bias voltage.
In particular, in Refs. [1] and [2] individual Fe or Co
atoms have been analyzed and shown to have conductance
steps associated with those spin-flip processes; for Co, an
additional Kondo resonance is also found at the Fermi
energy.

Several authors have analyzed this problem using different
techniques [14–20]; we have recently published a paper [21]
analyzing both the Fe and the Co atoms by introducing
an ionic Hamiltonian to describe the d electrons of the
magnetic atom and their coupling to the metal states. This
approach has allowed us to describe the conductance steps
seen experimentally, as well as the Kondo resonance observed
for the Co atom.

Otte et al. [13]. used inelastic spin excitation spectroscopy
with scanning tunneling microscopy for studying interactions
in a dimer formed by a Kondo-screened atomic spin (Co)
and a magnetic atom (Fe) that has no Kondo resonance.
This two-magnetic-impurity system presents an interesting
interplay between Kondo screening, exchange coupling, and
magnetocrystalline anisotropy. In particular, the inelastic
spectra indicated that there is an antiferromagnetic coupling
between the spins of both atoms, and that the Kondo resonance
of Co was strongly affected by that coupling and reconstituted

by the application of a magnetic field having the suitable
magnitude and direction.

In this work we discuss the Fe/Co dimer, extending our
previous approach to this case; basically, our interest is
addressed to understanding theoretically how the coupling
between the Fe and Co spins modifies the Kondo resonance
found for the individual Co atom, as well as the small structures
seen in the differential conductance around the Fermi energy.
In our model the atomic part of the multiorbital Ander-
son Hamiltonian, including Zeeman and magnetocrystalline
anisotropy terms and also a Heisenberg coupling between
atoms, is diagonalized in the basis set of spin configurations
of the noninteracting dimer. By assuming the possibility of
spin fluctuations in each atom, the interaction part of the
Hamiltonian projected over these eigenstates describes the
charge exchange between the atoms and the leads as the result
of a cotunneling process: in a first step, an electron tunnels
from the atom to one of the leads and, in a second step,
another electron jumps from the second lead to the atom.
This is the first time a theory is presented fully discussing
the inelastic tunneling spectroscopy for two coupled magnetic
atoms, including both low-energy processes associated with
the Kondo resonance and with the spin excitations.

The paper is organized as follows: Sec. II is devoted to
present our model and discuss how to obtain its solution, in
Sec. III we present our results and discussion, and in Sec. IV,
our conclusions.

II. THEORY AND MODEL

The interaction between the tip and two atoms deposited on
the surface (see Fig. 1) is well described by the multiorbital
Anderson Hamiltonian written below:

H =
∑
k,α,σ

εkαĉ+
kασ ĉkασ + HA

atom + HB
atom + HA−B

+
∑

k,α,l,σ

(
V A

kαlc
+
kασ clσ + c.c.

)

+
∑

k,α,L,σ

(
V B

kαLc+
kασ cLσ + c.c.

)
. (1)
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FIG. 1. (Color online) Schematic view of an Fe (black)/Co(gray)
dimer on an island of Cu2N/Cu(100). (Green circles are Cu atoms
and yellow circles are N atoms.)

The first term in Eq. (1) describes the electrons of the
leads, ĉ+

kασ (ĉkασ ) being the creation (annihilation) operator
associated with the state kασ (α = 1,2 refers to the tip
and the metal surface, respectively); H

A/B
atom describes the

valence electrons of the atoms; HA−B the interaction between
atoms; and the last two terms the interaction between the
leads and the atoms A(Co) and B(Fe). In these last terms,
V A

kαl and V B
kαL define the coupling between the conduction

states kασ and the localized states lσ in atom A and Lσ

in atom B, respectively, and ĉ+
lσ (ĉlσ ) denotes the creation

(annihilation) operator of the localized valence electrons in
the orbital l with spin σ . In the particular case of d electrons,
l (L) runs over five possibilities which, in the case of no
crystalline field effects, correspond to the degenerate orbitals
dz

2, dx
2
−y

2
, dxz, dyz, dxy . The interaction between the tip and

the leads is not included in Eq. (1) because the experimental
evidence shows that for Co on CuN the Fano line shape is
nearly Lorentzian, indicating that the tip-metal hybridization is
negligible [2].

The important difference between our model and other
works existing in the literature [14–20], resides in the proposal
for the atomic part of Hamiltonian (1). The Hamiltonian
describing atom A is written as (the case of atom B is
completely similar)

HA
atom = H

A(0)
atom + HA

p .

The first term,

H
A(0)
atom =

∑
l,σ

εl

�

nlσ +
∑

l

Udnl↑nl↓ + 1

2

∑
l �=l´,σ

Jdnlσ nl´−σ

+ 1

2

∑
l �=l´,σ

(
Jd − J x

d

)
nlσ nl´σ

− 1

2

∑
l �=l´,σ

J x
d c+

lσ cl−σ c+
l′−σ cl′σ , (2)

corresponds to the free atom and it includes the intra-atomic
Coulomb interactions Ud and Jd , as well as the intra-atomic
exchange interaction J x

d , all of them assumed to be constants
independent of the l-orbital index. In Eq. (2) n̂lσ = ĉ+

lσ ĉlσ and
the last term restores the invariance under rotation in spin
space.

The second term, HA
p (HB

p ), includes the magnetocrystalline
field and the Zeeman energy term resulting from the external
magnetic field B:

ĤA
p = μBB̂ · gAŝ + DAŝ2

x ,
(3)

Ĥ B
p = μBB̂ · gBŜ + DBŜ2

z + EB

(
Ŝ2

x − Ŝ2
y

)
.

The magnetocrystalline anisotropies experienced by the
spins are quantified by the uniaxial D and transversal E

anisotropy parameters. In Eq. (3), μB is the Bohr magneton
and gA (gB) the g factors of the A and B spins. We are
assuming that there is no transverse anisotropy in the case of
spin A(EA = 0), and that both spins are referred to a common
reference system (see Fig. 1).

The interaction between atoms is assumed to be given by
the following Heisenberg coupling [13]:

ĤA−B = J Ŝ · ŝ. (4)

In Eq. (4), positive values of the exchange parameter J

indicates antiferromagnetic coupling.
A crucial approximation to analyze the atoms and their

interaction with the leads is to assume the exchange inter-
action J x

d to be large enough to make the first Hund-rule
operative [22]. Then the atomic lower-energy configurations
correspond to the states of maximum electron spin, say S.
The effect of the atom-leads interactions is to make electrons
jump between the leads and the atom, changing the atom
spin state between S and S-1/2. Then we assume for atom
A that the most probable electronic configurations are, in
the Dirac notation, |s,m〉 and |s − 1/2,m′〉, and for atom
B,|S,M〉 and |S − 1/2,M ′〉. For instance, in the case of an
isolated Fe atom, the ground state S = 2 is described by means
of different kets associated with the degenerate d orbitals
|dx2−y2,dz2,dzy,dxy,dzx〉 in the following way (also including
spin variables):

|S = 2,M = 2〉 = |↑↓,↑0,↑0,↑0,↑0〉,

|S = 2,M = 1〉 = 1

2

[|↑↓,0↓,↑0,↑0,↑0〉 + |↑↓,↑0,0↓,↑0,↑0〉
+|↑↓,↑0,↑0,0↓,↑0〉 + |↑↓,↑0,↑0,↑0,0↓,〉

]
,

...........

|S = 2,M = −2〉 = |↑↓,0↓,0↓,0↓,0↓〉.
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We project the Hamiltonian (1) on the selected space of configurations defined by the direct product of the electronic
configurations of each atom, |A; B〉 = |A〉 ⊗ |B〉. The projection technique allows us to write the atomic part describing the two
noninteracting atoms as follows:

H
A(0)
atom + H

B(0)
atom =

∑
S,M,s,m

S ′,M ′,s ′,m′

|S,M; s,m〉〈S,M; s,m|HA(0)
atom + H

B(0)
atom |S ′,M ′; s ′,m′〉〈S ′,M ′; s ′,m′|

=
∑
M,m

|S,M; s,m〉[ε(A)
s + ε

(B)
S

]〈S,M; s,m| +
∑
M,m

|S,M; s − 1/2,m〉[ε(A)
s−1/2 + ε

(B)
S

]〈S,M; s − 1/2,m|

+
∑
M,m

|S − 1/2,M; s,m〉[ε(A)
s + ε

(B)
S−1/2

]〈S − 1/2,M; s,m|

+
∑
M,m

|S − 1/2,M; s − 1/2,m〉[ε(A)
s−1/2 + ε

(B)
S−1/2

]〈S − 1/2,M; s − 1/2,m|. (5)

In Eq. (5), εA
s and εB

S are the total energies of the atomic configurations |s,m〉 and |S,M〉, respectively.
The projection of the interaction part of Hamiltonian (1) leads to

Hint =
∑

k,α,σ
S,M,m

ĉ+
kασ |S,M; s − 1/2,m − σ 〉〈S,M; s − 1/2,m − σ |

∑
l

(
V A

kαl ĉlσ + H.c.
)|S,M; s,m〉〈S,M; s,m|

+
∑

k,α,σ
M,s,m

ĉ+
kασ |S − 1/2,M − σ ; s,m〉〈S − 1/2,M − σ ; s,m|

∑
L

(
V B

kαLĉLσ + H.c.
)|S,M; s,m〉〈S,M; s,m|,

which finally can be written as

H int = (−1)2S
∑

k,M,σ,m

[
V A

kα,m,σ c+
kσ |S,M; s − 1/2,m − σ 〉〈S,M; s,m| + H.c.

]

+
∑

k,M,σ,m

[
V B

kα,M,σ c+
kσ |S − 1/2,M − σ ; s,m〉〈S,M; s,m| + H.c.

]

+ (−1)2S−1
∑

k,M,σ,m

[
V A

kα,m,σ c+
kσ |S − 1/2,M; s − 1/2,m − σ 〉〈S − 1/2,M; s,m| + H.c.

]

+
∑

k,M,σ,m

[
V B

kα,M,σ c+
kσ |S − 1/2,M − σ ; s − 1/2,m〉〈S,M; s − 1/2,m| + H.c.

]
. (6)

The first term of Eq. (6) describes the spin fluctuation of
atom A while atom B is in its ground state |S,M〉; the second
one is similar but it represents the spin fluctuation taking
place in atom B while atom A is in its ground state |s,m〉.
The third and fourth terms correspond to spin fluctuations in
atoms A and B, respectively, but with the other atom, B or
A, having fluctuated to the spin configuration |S − 1/2,M ′〉 or
|s − 1/2,m′〉. In general, these last two terms are associated
with simultaneous virtual transitions in both atoms and can be
neglected, as done from now on. The antisymmetric nature of
many fermion wave functions has been taken into account in
Eq. (6) through the factors (−1)2S and (−1)2S−1.

The interaction terms, V A
kα,m,σ or V B

kα,M,σ , were calculated in
a previous work [23] for describing the low-energy excitations
of different impurity elements across the 3d row of the periodic
table, adsorbed on a metal surface. The following expression
was found for the coupling matrix elements Vkα,M,σ :

VkαMσ =
√

5(S + M∗sgn(σ ))

2S
Vkα, (7)

where Vkα defines the strength of the VkαM interaction.
In the following step we diagonalize the atomic Hamil-

tonian (HA
atom + HB

atom + HA−B) in the basis set provided

by the spin configurations |S,M; s,m〉, |S,M; s − 1/2,m〉,
and |S − 1/2,M; s,m〉. The eigenstates for each of the spin
configurations are written as

ψ
S,s
i =

∑
M,m

a
i(S,s)
M,m |S,M; s,m〉 ⇒ (2S + 1)(2s + 1) states,

ψ
S,s−1/2
j =

∑
M,m

a
j (S,s−1/2)
M,m |S,M; s − 1/2,m〉

⇒ (2S + 1)(2s) states, (8)

ψ
S−1/2,s

l =
∑
M,m

a
l(S−1/2,s)
M,m |S − 1/2,M; s,m〉

⇒ (2S)(2s + 1) states.

The interaction part of the Hamiltonian, Eq. (6), is now
projected on the basis set of the eigenstates of the atomic part
[Eq. (8)] and finally, the Hamiltonian takes the following form:

H =
∑
kα,σ

εkαnkασ +
∑

i

E
S,s
i

∣∣ψS,s
i

〉〈
ψ

S,s
i

∣∣

+
∑

j

E
S−1/2,s

j

∣∣ψS−1/2,s

j

〉〈
ψ

S−1/2,s

j

∣∣
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+
∑

l

E
S,s−1/2
l

∣∣ψS,s−1/2
l

〉〈
ψ

S,s−1/2
l

∣∣

+
∑

kα,σ,i,j

[
T

S,S−1/2,(s)
kα,σ,j,i c+

kσ

∣∣ψS−1/2,s

j

〉〈
ψ

S,s
i

∣∣

+ T
S,S−1/2∗
kα,σ,j,i

∣∣ψS,s
i

〉〈
ψ

S−1/2,s

j

∣∣ckσ

]
+ (−1)2S

∑
kα,σ,i,l

[
T

s,s−1/2,(S)
kα,σ,l,i c+

kσ

∣∣ψS,s−1/2
l

〉〈
ψ

S,s
i

∣∣

+ T
s,s−1/2∗
kα,σ,l,i

∣∣ψS,s
i

〉〈
ψ

S,s−1/2
l

∣∣ckσ

]
, (9)

where E
S,s
i , E

S,s−1/2
j , and E

S−1/2,s

l are the eigenvalues corre-
sponding to the following Hamiltonian:(

HA
atom + HB

atom + HA−B

)
ψ

S,s
i = E

S,s
i ψ

S,s
i .

The coupling terms introduced in Eq. (9) are given by

T
S,S−1/2,(s)
kα,σ,j,i =

∑
M,m

V B
kαMσa

j (S−1/2,s)
M−σ,m a

i(S,s)
M,m ,

(10)
T

s,s−1/2,(S)
kα,σ,l,i =

∑
M,m

V A
kαmσ a

l(S,s−1/2)
M,m−σ a

i(S,s)
M,m .

As it was previously mentioned, we identify atom A with Co
and atom B with Fe. The case of noninteracting atoms (J = 0)
has been treated and discussed in a previous work [21]. In that
paper we found a good description of the measured conduc-
tance spectra as a function of an applied magnetic field for Fe
or Co atoms adsorbed independently on a CuN surface [1,2].
The total spin values S = 2 and s = 3/2 for describing the
lower-energy states of Fe and Co atoms, respectively, and
their interaction with the metal, were extracted from the
experiments. The appropriate spin fluctuations S = 2 to S =
3/2 for Fe and s = 3/2 to s = 1 for Co, within a hole picture,
were deduced by comparing theory with experiments [21].
In this work, we include the antiferromagnetic coupling J

between Fe and Co atoms proposed by Otte et al. [13], for
explaining the features observed in the conductance spectra
measured with the tip positioned on either the Fe or the Co
atom of a dimer structure.

A. Green’s function technique and equation-of-motion method

The Keldysh Green’s functions [24] are appropriate for
treating out-of-equilibrium problems as the one posed by the
inelastic tunneling current effects through the magnetic atom.
For the sake of simplicity, we will only discuss the case of Fe

(extension to the Co case is immediate by changing S by s and
vice versa). A convenient solution of Hamiltonian (9) can be
obtained by using the following Green’s functions:

G
S,S−1/2,(s)
ij,lq (t,t ′) = i�(t ′ − t)

〈{∣∣ψS,s
i

〉〈
ψ

S−1/2,s

j

∣∣
t ′
;∣∣ψS−1/2,s

q

〉〈
ψ

S,s
l

∣∣
t

}〉
(11)

and

F
S,S−1/2,(s)
ij,lq (t,t ′) = i

〈[∣∣ψS,s
i

〉〈
ψ

S−1/2,s

j

∣∣
t ′
;
∣∣ψS−1/2,s

q

〉〈
ψ

S,s
l

∣∣
t

]〉
,

(12)

where {}/[] indicates the anticonmutator/conmutator of the
corresponding operators defined in t ′ and t , and the function
F is the specific Green’s function yielding the nonequilibrium
properties of the system. We should mention that, in the hole
picture we are using in this work, the operator |ψS−1/2,s

q 〉〈ψS,s
l |t

(or |ψS,s
i 〉〈ψS−1/2,s

j |t ′) is associated with the creation at time
t (annihilation at time t ′) of one electron in the atomic state
|ψS,s

i 〉 (〈ψS−1/2,s

j |), the atom jumping to |ψS−1/2,s
q 〉 (|ψS,s

i 〉).
This is reminiscent of the creation operators used to define
the conventional Green’s functions; Eqs. (11) and (12) can be
considered as a generalization of the usual Green’s functions to
the Hamiltonian we analyze in this paper. Notice, however, that
the new operators |ψS−1/2,s

q 〉〈ψS,s
l |t and |ψS,s

i 〉〈ψS−1/2,s

j |t ′ do
not satisfy the conmutation rules of the conventional fermionic
operators. The properties related to the orthonormality of
the electronic configurations have to be taken into account
when one is working with these projection operators. For a
full discussion of the properties associated with the operators
|χp〉〈χq |, see Ref. [25].

The Green’s functions (11) and (12) are calculated using the
equation of motion method up to second order in the interaction
T

S,S−1/2,(s)
kα,σ,j,i (T s,s−1/2,(S)

kα,σ,j,i ). In this approach (see Ref. [21]) the

equation of motion for, say G
S,S−1/2,(s)
ij,lq (t,t ′), yields new

Green’s functions of higher order; these Green’s functions are
calculated again using the corresponding equation of motion,
generating other Green’s functions that are closed up in a
consistent way up to second order in T

S,S−1/2,(s)
kα,σ,j,i (T s,s−1/2,(S)

kα,σ,j,i ).
We stress that the equation of motions associated with the
higher-order Green’s functions incorporate, in the consistent
solution for the initial, the two-particle interaction effects that
describe the inelastic electron tunneling excitations of the
coupled magnetic atoms. This approach yields the following
advanced diagonal Green’s function G

S,S−1/2,(s)
ij,ij (ω):

⎡
⎢⎢⎢⎢⎢⎣

ω̃ − E
S,s
i + E

S−1/2,s

j −
∑
kα,σ

∣∣T S,S−1/2,(s)∗
kα,σ,j,i

∣∣2

ω̃ − εkα

−
∑

kα,σ,p �=j

∣∣T S,S−1/2,(s)∗
kα,σ,p,i

∣∣2〈1 − nkασ 〉
ω̃ − εkα − E

S−1/2,s
p +E

S−1/2,s

j

−
∑

kα,σ,p �=i

∣∣T S,S−1/2,(s)∗
kα,σ,j,p

∣∣2〈nkασ 〉
ω̃ − εkα − E

S,s
i + E

S,s
p

−
∑
k,σ,p

∣∣T s,s−1/2,(S)∗
kα,σ,p,i

∣∣2〈1 − nkσ 〉
ω̃ − εk − E

S,s−1/2
p + E

S−1/2,s

j

⎤
⎥⎥⎥⎥⎥⎦

G
S,S−1/2,(s)
ij,ij

= 〈
n

S,s
i + n

S−1/2,s

j

〉 − ∑
kα,σ,p �=i

T
S,S−1/2,(s)
kα,σ,j,p

〈∣∣ψS,s
p

〉〈
ψ

S−1/2,s

j

∣∣ckασ

〉
ω̃ − εkα − E

S,s
i + E

S,s
p

+
∑

kα,σ,p �=j

T
S,S−1/2,(s)
kα,σ,p,i

〈∣∣ψS,s
i

〉〈
ψ

S−1/2,s
p

∣∣ckασ

〉
ω̃ − εkα − E

S−1/2,s
p + E

S−1/2,s

j

+
∑
k,σ,p

T
s,s−1/2,(S)
k,σ,p,i

〈∣∣ψS,s
i

〉〈
ψ

S,s−1/2
p

∣∣ckσ

〉
ω̃ − εk − E

S,s−1/2
p + E

S−1/2,s

j

. (13)
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In Eq. (13), 
 = ω − iη with η → 0 and 〈nkασ 〉 = fα<(ω)
is the Fermi distribution function for the kα states (α = 1 is
the tip and α = 2 the lead). The probabilities of occurrence of
the different spin configurations are n

S,s
i = 〈|ψS,s

i 〉〈ψS,s
i |〉 and

n
S−1/2,s

j = 〈|ψS−1/2,s

j 〉〈ψS−1/2,s

j |〉.
The crossed terms such as 〈|ψS,s

i 〉〈ψS−1/2,s
p |ckσ 〉 are calcu-

lated by their expressions, valid in the equilibrium and within
a second order in the interaction T

S,S−1/2(s)
kα,σ,p,i :

〈∣∣ψS,s
i

〉〈
ψS−1/2,s

p

∣∣ckσ

〉

= 1

π
T

∗S,S−1/2(s)
kα,σ,p,i

∫ ∞

−∞
dω′f≺(ω′)Im

G
S,S−1/2(s)
ip,ip (ω′)

ω̃′ − εk

. (14)

In Eq. (13), the self-energy terms
∑

kα,σ,p

|T S,S−1/2,(s)∗
kα,σ,j,p |2〈nkασ 〉

ω̃−εkα−E
S,s
i +E

S,s
p

account for the Kondo resonance in the case of a de-
generated ground state and also for the conductance steps
associated with transitions to excited configurations |ψS,s

p 〉
(only the ground-state occupation is significant at this very
low temperature equal to 0.5 K). The self-energy terms∑

kα,σ,p �=j

|T S,S−1/2,(s)∗
kα,σ,p,i |2〈1−nkασ 〉

ω̃−εkα−E
S−1/2,s
p +E

S−1/2,s

j

are associated with excitations

between the spin configurations to which the atom has
fluctuated, and these appear in the conductance spectrum
as depletions, because of the factor 〈1 − nkασ 〉, when the
transition occurs between degenerated states |ψS−1/2,s

p 〉 and
|ψS−1/2,s

j 〉.
The self-energy terms whose denominators have the energy

difference (ES,s−1/2
p − E

S−1/2,s

j ) represent an interaction with
the Co atom mediated by the substrate band. They are
practically negligible in the case of the Fe-Co dimer; however,
their contribution may be important for homogeneous dimers
such as Co-Co or Fe-Fe.

The Green’s function (13) will be used below to calculate
the tunneling current when the tip is positioned over the Fe
atom. The tip-Fe current I σ

Fe, given by

I σ
Fe = −2e

�
Im

∑
k,i,j

T ∗
k1ji

〈∣∣ψS,s
i

〉〈
ψ

S−1/2,s

j

∣∣ck1σ

〉
, (15)

takes into account the transfer processes between the kσ

electrons of the tip and the magnetic atom. This equation can
be written in terms of G and F as follows [21]:

I σ
Fe

2e/h
= 1

2

∑
i,j

∫ ∞

−∞
dε

S,S−1/2(s)
1σji (ε)Im

× [
F

S,S−1/2(s)
ij,ij (ε) − 2(2f1<(ε) − 1)GS,S−1/2(s)

ij,ij (ε)
]
,

(16)

where 
S,S−1/2(s)
1σji (ε) = π

∑
k |T S,S−1/2(s)

k1σji |2δ(ε − εk1) =
η

S,S−1/2(s)
σji 1(Fe).

In Eq. (16), I σ
Fe = ∑

i,j I σ
1ij , I σ

1ij representing a partial
current associated with the (i,j) channel. Current conservation
for each channel, I σ

1ij = −I σ
2ij , allows us to write Eq. (16) in

the following form:

I σ
Fe

2e/h
=

∑
i,j

∫ ∞

−∞
dε

S,S−1/2(s)
σji [f1<(ε) − f2<(ε − eV )]

× Im G
S,S−1/2(s)
ij,ij (ε), (17)

where 
S,S−1/2(s)
σji = 2

S,S−1/2(s)
1σji 

S,S−1/2(s)
2σji /(S,S−1/2(s)

1σji +


S,S−1/2(s)
2σji ) defines an effective broadening.

Then the conductance, in units of G0 (the conductance
quantum), measured with the tip over the Fe atom, and in the
limit of low temperatures and small bias voltages, is given by

GFe/G0 =
∑

σ,i=1−(2S+1)∗(2s+1),
j=1−(2S)∗(2s+1)


S,S−1/2,(s)
σji Im G

S,S−1/2,(s)
ij,ij (eV).

(18)

Finally, we can approximate 
S,S−1/2,(s)
σji =

2η
S,S−1/2,(s)
σji 1(Fe) by assuming 1 � 2. In the same

way, the final expression for the conductance measured with
the tip over the Co atom is

GCo/G0 =
∑

σ,i=1−(2S+1)∗(2s+1),
j=1−(2S+1)∗(2s)


s,s−1/2,(S)
σji Im G

s,s−1/2,(S)
ij,ij (eV).

(19)

III. RESULTS AND DISCUSSION

Our proposal, expressed through Hamiltonian (9), is that
inelastic excitations observed in the electronic transport
through magnetic atoms can be explained by a cotunneling
process in which an electron is transferred from the tip (lead) to
the atom and, in a second step, another electron is transferred
from the atom to the lead (tip) [18,21]. In this process the
total spin of the atom has fluctuated, first from S to S-1/2
(Fe case), and then from S-1/2 to S again, so that the final
state is different from the initial one if the M component is
changed (see the Appendix). For very low temperatures we
have an initial ground state and a final excited state; in such
a case, a conductance step appears at a bias voltage equal to
the excitation energy. A Kondo resonance will also appear
for a manifold degenerate ground state, when the fluctuations
among them involve a change in the spin projection equal to
1, which corresponds to a spin flip of a conduction electron.
All these features are captured in our model by the self-energy
terms appearing in Eq. (13).

In our calculations (see Ref. [21]), we use a flat-
band approximation for the metal with a half band-
width of � = 10 eV, and the values �′ = εS=2 − εS=3/2 =
2 eV, 2(Fe) = 32 meV, � = εS=3/2 − εS=1 = 1 eV, 2(Co) =
40 meV. The parameters of Hamiltonian (3) are extracted from
Ref. [13], DFe = −1.53 meV, EFe = 0.31 meV, DCo =
2.7 meV, ECo = 0.0 meV, gFe = 2.11, and gCo = 2.16. The
value of the exchange interaction, J = 0.13 meV, is also taken
from the work of Otte et al. [13], although another value, 0.19
meV, will be explored below.

It is convenient to start considering the simplest case:
J = 0 and DFe = EFe = DCo = 0, corresponding to having
neither anisotropy terms (H Fe

atom + H Co
atom = H

Fe(0)
atom + H

Co(0)
atom )
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FIG. 2. Differential conductance as a function of the applied
bias voltage for isolated atoms: Co (black curve) and Fe (gray
curve, augmented by a factor of 6). In this case, the noninteracting
atoms are not perturbed by crystalline and external magnetic
fields.

nor exchange interaction between atoms. In this situa-
tion, ψ

S=2,s=3/2
i = |S,M; s,m〉, there is a fivefold degenerate

ground state for Fe and a fourfold degenerate ground state
for Co. Kondo resonances appear in Fe or Co, as can be seen
in Fig. 2, because in both atoms, we find fluctuations among
the many-fold degenerate ground state that involve changes in
the spin projection equal to 1. On the other hand, we cannot
expect in this case to have conductance steps, because the
cotunneling processes do not imply energy changes in the atom
states. As we shall discuss below, introducing the anisotropy
terms and the exchange interaction changes these Kondo
resonances, in such a way that these peaks evolve into other
resonances and /or conduction steps associated with changes
in the atomic state energies. We see below that the practically
constant values of the conductance around V = ±10 mV in
both atoms, Co and Fe, are the same when the anisotropy
terms and the exchange interaction between atoms are
introduced.

Going a step further, we introduce the anisotropy terms
but taking J = 0. There are now anisotropy terms in both
atoms but the exchange interaction between them is zero. From
the diagonalization of H Fe

atom + H Co
atom, the following doublet

ground state, expanded in the basis set of states |S,M; s,m〉, is
obtained:

ψ
S=2,s=3/2
1 = 0.60|2,−2; 3/2,−3/2〉−0.35|2,−2; 3/2,1/2〉

− 0.14|2,0; 3/2,−3/2〉+0.08|2,0; 3/2,1/2〉
+ 0.60|2,2; 3/2,−3/2〉−0.35|2,2; 3/2,1/2〉,

(20a)

ψ
S=2,s=3/2
2 = 0.35|2,−2; 3/2,−1/2〉−0.60|2,−2; 3/2,3/2〉

− 0.08|2,0; 3/2,−1/2〉+0.14|2,0; 3/2,3/2〉
+ 0.35|2,2; 3/2,−1/2〉−0.60|2,2; 3/2,3/2〉,

(21a)

FIG. 3. Differential conductance as a function of the applied bias
voltage for isolated atoms, including the crystalline field terms [see
Eq. (3) in the text]: (a) Co and (b) Fe. The total energy eigenvalues
corresponding to N and (N+1) electrons in the atoms are indicated
in the insets.

as well as the following doublet first excited states, having an
excitation energy of 0.18 meV:

ψ
S=2,s=3/2
3 = −0.61|2,−2; 3/2,−3/2〉+ 0.35|2,−2; 3/2,1/2〉

+ 0.61|2,2; 3/2,−3/2〉−0.35|2,2; 3/2,1/2〉,
(20b)

ψ
S=2,s=3/2
4 = 0.35|2,−2; 3/2,−1/2〉 − 0.61|2,−2; 3/2,3/2〉

− 0.35|2,2; 3/2,−1/2〉 + 0.61|2,2; 3/2,3/2〉.
(21b)

Eigenfunctions (20a) and (21a) are associated with a Kondo
resonance in the Co atom, since changes �m = ±1 in the
spin projection occur. This is so because for J = 0, the dimer
behaves as two independent atoms, so that the differential
conductance for the tip on top of Fe (Co) is the same as the one
obtained for the isolated Fe (Co) atom. Consequently, we find
the differential conductance shown in Fig. 3, in agreement with
our previous results of Ref. [21]. In particular, for Co there is
only one possible inelastic conductance channel corresponding
to an excitation energy of 5.39 meV [see Fig. 3(a) and its inset].
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In the case of Fe, the three inelastic channels indicated in the
inset of Fig. 3(b) appear in the conductance spectrum at the
following energies: 0.18, 3.84, and 5.57 meV [see Fig. 3(b)].
The inelastic channel closest to the Fermi level, of 0.18 meV,
is associated with the excitations to the eigenstates (20b)
and (21b).

Consider now the case with the JS · s interaction included
(J = 0.13 meV). Then, due to the J coupling, the doublet
ground states result in practically a combination of the
states (20a) and (20b) or of the states (21a) and (21b):

ψ
S=2,s=3/2
1 = 0.14|2,−2; 3/2,−3/2〉 − 0.09|2, − 2; 3/2,1/2〉

+ 0.01|2,−1; 3/2,−1/2〉−0.01|2,−1; 3/2,3/2〉
− 0.12|2,0; 3/2,−3/2〉 + 0.07|2,0; 3/2,1/2〉
− 0.03|2,1; 3/2,−1/2〉 + 0.03|2,1; 3/2,3/2〉
+ 0.86|2,2; 3/2,−3/2〉−0.45|2,2; 3/2,1/2〉,

(22a)

ψ
S=2,s=3/2
2 = −0.45|2,−2; 3/2,−1/2〉+0.86|2,−2; 3/2,3/2〉

+ 0.03|2,−1; 3/2,−3/2〉−0.03|2,−1; 3/2,1/2〉
+ 0.07|2,0; 3/2, − 1/2〉 − 0.12|2,0; 3/2,3/2〉
− 0.01|2,1; 3/2, − 3/2〉 + 0.01|2,1; 3/2,1/2〉
− 0.09|2,2; 3/2, − 1/2〉 − 0.14|2,2; 3/2,3/2〉.

(23a)

Similarly, the doublet first excited states are also practically
a combination of the states (20a) and (20b) or (21a) and (21b):

ψ
S=2,s=3/2
3 = 0.08|2,−2; 3/2,−1/2〉−0.16|2,−2; 3/2,3/2〉

+ 0.05|2,0; 3/2,−1/2〉 − 0.09|2,0; 3/2,3/2〉
− 0.01|2,1; 3/2,−3/2〉 + 0.02|2,1; 3/2,1/2〉
− 0.53|2,2; 3/2,−1/2〉 + 0.82|2,2; 3/2,3/2〉,

(22b)

ψ
S=2,s=3/2
4 = 0.82|2,−2; 3/2,−3/2〉−0.53|2,−2; 3/2,1/2〉

+ 0.02|2,−1; 3/2,−1/2〉−0.01|2,−1; 3/2,3/2〉
− 0.09|2,0; 3/2,−3/2〉+0.05|2,0; 3/2,1/2〉
− 0.16|2,2; 3/2,−3/2〉+0.08|2,2; 3/2,1/2〉.

(23b)

The ground state is a doublet where the z component of the
Co spin is mostly antiparallel to the Fe spin. The possibility
of having �m = ±1 fluctuations in the Co atom anticipates
a Kondo peak for the tip on this atom. But we also have
fluctuations �M = ±1 in Fe, with smaller weights than in
the case of Co; then, it is possible to have a rather small but
non-negligible Kondo resonance when the tip is over the Fe
atom. These Kondo resonances can be seen in the conductance
spectra shown in Fig. 4.

A very good agreement with the experimental trends [13] is
obtained in this case (B = 0 T). The most important changes in
the differential conductance introduced by the antiferromag-

FIG. 4. (Color online) Differential conductance as a function of
the applied bias voltage, for the tip on (a) the Co atom or (b) the Fe
atom for a Fe-Co dimer (J = 0.13 meV). The gray curves correspond
to the reduced configurational space (see the text).

netic interaction between Fe and Co appear around the Fermi
level. In Co the Kondo peak is drastically reduced and a new
two-step structure appears around the zero energy, reminiscent
of the one found for the isolated Fe, due to the mixing of the
Fe and Co states. In the case of Fe, apart from the small Kondo
peak, the intensity of the lowest-energy conductance steps is
notably diminished. All these effects can be traced back to the
changes in the wave functions (22) and (23). The very small
Kondo resonance calculated with the tip on the Fe atom is
not seen experimentally, which might be due to the energy
resolution of the experiments.

The conductance steps appearing at larger energies are
similar to the ones found for the isolated atoms and are
associated with the different inelastic channels. For Co, one
conductance step appears at 5.6 meV (5.4 meV in the isolated
atom), while for Fe, we find steps at 4.0 and 5.6 meV (3.8 and
5.5 meV in the isolated atom). See the insets of Fig. 4.

In view of these results, we have explored the possibility
of using a reduced configurational space to analyze the dimer
properties around the Fermi energy. In this approximation we
have included only the ground [Eqs. (22a) and (23a)] and first
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excited doublet states [Eqs. (22b) and (23b)], and the four
lowest-energy states with one electron more corresponding to
either the spin configuration S = 3/2, s = 3/2 (tip on Fe) or
S = 2, s = 1 (tip on Co). Figure 4 also shows the differential
conductance with this reduced basis set; the good description
found around the Fermi level is encouraging for future
treatments of larger-size clusters of similar atoms [26,27].

The conductance behavior for the interacting dimer in the
presence of an applied magnetic field in the z direction is shown
in Fig. 5. We find as in the experiment [13], that the magnetic
field initially reduces the splitting of the Kondo peak and at a
field of approximately 2 T, the two peaks merge into a Kondo
peak similar to the one for an isolated Co atom. For a magnetic
field Bz = 2 T the ground state again becomes a doublet with
very appreciable weights of fluctuations �m = ±1 in the Co

FIG. 5. (Color online) Conductance spectra dependence with the
applied magnetic field in the z direction (see Fig. 1) for Co (a) and
Fe (b). The exchange interaction is 0.13 meV.

atom. The two degenerated lowest-energy eigenstates with
S = 2 and s = 3/2 are in this case

ψ
S=2,s=3/2
1 ≈ −0.49|2,−2; 3/2,−1/2〉

+ 0.86|2,−2; 3/2,3/2〉, (24)

ψ
S=2,s=3/2
2 ≈ −0.84|2,−2; 3/2,−3/2〉

+ 0.49|2,−2; 3/2,1/2〉. (25)

The first one (24) corresponds to the Co spin being mostly
antiparallel to the Fe spin, while the second one (25), to the Co
spin mostly parallel to the Fe spin. It is found that the ground
state changes from a predominantly antiferromagnetic (AF)
character for magnetic fields below 2 T to a predominantly
ferromagnetic (F) character for magnetic fields larger than this
value. Interestingly, at the Kondo resonance, the two behaviors,
(AF) and (F), coexist.

In Fig. 6 we show the behavior of the conductance through
Co close to the Fermi level when the magnetic field Bz is
varied around 2 T. The case of an isolated Co atom (J = 0)
for a field of 0.4 T applied in the easy magnetization plane
is also shown in Fig. 6. It is observed that the conductance
spectrum in this case practically coincides with the one for
the interacting dimer (J = 0.13 meV) in the presence of a
magnetic field equal to 2.5 T. The resemblance between
both curves supports the observation of Otte et al. [13], that
the exchange coupling to the Fe atom can be viewed as an
effective field of 2.1 T opposing the external magnetic field.
The observed agreement between the widths of the two peaks
around the Fermi energy in both cases indicates that the
strength of the Kondo screening interaction is not significantly
affected by the exchange coupling.

On the other hand, by varying the value of the exchange
interaction, we find that for J = 0.19 meV, the Kondo peak
in Co is recovered at Bz = 3 T, as it can be seen in Fig. 7(a).
We also find that the conductance spectrum for an applied
field Bz = 3.5 T in the case of J = 0.19 meV practically
reproduces the one for an isolated Co atom, and at Bz = 0.4 T,

FIG. 6. Behavior of the conductance through the Co atom with
the magnetic field applied in the z direction around the value Bz = 2 T
and for J = 0.13 meV. The dotted line corresponds to an isolated Co
atom and Bz = 0.4 T.
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FIG. 7. (a) Evolution of the conductance through a Co atom with
exchange interaction J in the presence of a magnetic field Bz =
3 T. (b) Behavior of the conductance through a Co atom with the
magnetic field applied in the z direction and for J = 0.19 meV: Bz =
3 T (black line), Bz = 3.5 T (gray line). The dotted line corresponds
to an isolated Co atom and Bz = 0.4 T.

reinforcing the idea of an effective field of 2.1 T opposing the
external magnetic field, originating by the interaction with the
Fe atom [Fig. 7(b)]. One might expect that taking this value of
the exchange interaction, J = 0.19 meV, would yield a better
agreement with the experiments; accordingly, we show in
Fig. 8 the conductance spectra for J = 0.19 meV and different
values of Bz. A comparison between Figs. 5 and 8 indicates,
however, that an overall agreement with the experiments [13]
is better achieved by taking J = 0.13 meV.

Finally, we show in Fig. 9 the differential conductance for
a magnetic field applied in the x direction (see Fig. 1), taking
J = 0.13 meV. We find in the case of Co that the Kondo
peak is not recovered when the magnetic field increases, in
agreement with the experimental results [13]. The lowest-
energy conductance step in the case of Fe is found to follow
the same evolution as in the experiments. The intensity of this
step increases up to a magnetic field of around 3 T, and then

FIG. 8. (Color online) The same as in Fig. 5 for J = 0.19 meV.

it decreases as Bx increases. For Co, our theoretical results
show a very small structure close to the Fermi level, either a
Kondo peak at zero field or a small depression for an applied
magnetic field; although these very small features are not seen
experimentally, these results are consistent with our calculated
first excitation energy (0.05, 0.11, 0.12, and 0.08 meV for
Bx = 1, 3, 5, and 7 T, respectively). Figure 10 shows a close-up
of the differential conductance for Co around the Fermi energy;
notice here the width of the narrow features just mentioned.

IV. CONCLUSIONS

In conclusion, we have analyzed the inelastic elec-
tron excitations in a Fe/Co dimer deposited on Cu2N, as
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FIG. 9. (Color online) The same as in Fig. 5 for a magnetic field
applied in the x direction (see Fig. 1).

characterized by the differential conductance measured with a
STM tip located on either Co or Fe [13]. In order to present a
comprehensive understanding of the physics of this problem,
we have also discussed initially the case of the independent
atoms of Fe or Co. In all these cases, the starting point
is an ionic Hamiltonian that takes into account the atomic
spin-flip fluctuations by means of a cotunneling process in
which electrons are transferred to/from the metal. For the
dimer case we introduce an appropriate basis set to take
into account the Fe/Co coupling. Then, in this basis set an
equation-of-motion method allows us to calculate the Green’s
functions of the problem and the differential conductance

FIG. 10. (Color online) As Fig. 9 (Co), in the range [−2.0, 2.0]
meV.

of the tip/Fe-Co/metal system. Our results show that the
antiferromagnetic coupling of the two atoms substantially
reduces the Kondo resonance that is found for the isolated Co
atom. We also show that with a magnetic field perpendicular
to the dimer direction, the antiferromagnetic coupling is
changed gradually into ferromagnetic coupling, and a Kondo
resonance is recovered for a magnetic field between 2 and
3 T. We show that in this new Kondo resonance the system
has a mixed antiferro- ferromagnetic character. Finally, we
mention that our results for the differential conductance of the
dimer system are in good agreement with the experimental
data of Otte et al. [13]. showing, in particular, around
the Fermi energy most of the characteristics found in the
experiments.

FIG. 11. The cotunneling process when the tip is over the Fe atom.
In the inset we show schematically the excitation process mediated
by the S-1/2 spin states of Fe.
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APPENDIX

In Fig. 11 we show schematically the electronic conduction
occurring when the tip is over the Fe atom of the dimer Fe-Co:

a spin-down electron from the tip is transferred to the atom,
changing the total atomic spin from S = 2 to S = 3/2; then a
spin-up electron is transferred from the atom to the surface and
the total atomic spin changes again from S = 3/2 to S = 2.
Along this process the dimer state has changed from the ground
state �

S,s
i with total energy E

S,s
i to the virtual state �

S−1/2,s

j

with total energy E
S−1/2,s

j and finally, to the excited state
�S,s

p with total energy ES,s
p (see the inset). Meanwhile, the Co

atom spin is fluctuating due to the interaction with the surface:
s = 3/2 � s = 1.
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