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Abstract

Systems with interacting agents are now being proposed to solve many problems grouped
together under the "distributed problem solving" umbrella. For such systems to work properly,
it is necessary that agents learn rrom their environment and adapt their behaviour accordingly.
We investigate such systems in the context of scientific computing. The physical world consists of
interacting system, and its overall behaviour emerges from the interacting local behaviours of its
constituents.In this paper we present a system which uses a combination of neuro-fuzzy learning
and static adaptation to coordinate the activity of multiple agents. An epistemic utility based
formulation is used to automatically generate the exemplars for learning, making the process
unsupervised. We illustrate how these techniques can be used to convert a standalone, single
agent system into a collaborative, multiagent one, and present some results from a preliminary
implementation. We also present the design and architecture of a multiagent system, narned
SciAgents, for cooperative and distributed scientific computing.

1 Introduction

We consider multi agent problem solving systems in scientific computation and, in particular, strate
gies that allow scientific computing systems to solve problems cooperatively. Scientific computation
involves numerical models of real world phenomenon, and these models are becoming increasingly
complex. Heretofore, scientific computing systems have been developed as standalone systems
targeted to a particular class of applications modeled in a somewhat homogeneous, generic way.
However, the real world consists of physical objects that interact with each other. The overall
behaviour of a physical system is a result of these interactions. Thus we are motivated to explore
modelling complex physical phenomenon by the activities of multiple, autonomous software agents.

We believe that this approach is natural and direct. It is facilitated by the existence of a
multitude of standalone scientific problem solving agents that can effectively model and solve for the
behaviour of fairly simple, homogeneous physical phenomenon. Some of these agents are no more
than subroutine libraries in the classical sense, others are very much larger and more sophisticated

·This lYork was supported in part by NSF awards ASC 9404859 and CCR 9202536, AFOSR award F49620-92-J
0069 and ARPA ARO award DAAH04-94-G-0010
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Problem Solving Environments [11]. We believe that thls approach will allow locally interacting
problem solving agents to decompose a complex computation into a distributed collection of self
contained computations. The interactions between the problem solving agents are handled by
mediator agents whose function is to enforce the interaction (or interface) conditions that are
familiar in scientific computing.

For such agent based systems to be developed, there is a need to study the modalities and
mechanisms used by individual agents in interacting with each other and in reacting to their en
vironment. Since the environment is affected by the activities of multiple autonomous agents, it
seems evident that an interaction strategy that adapts to the changing circumstances would be
better than a static, non adaptive one. It also seems intuitive that the adaptive behaviour would
occur as a product of learning. Intuition, however, is not always correct, and it is our thesis that
such is the case here. Specifically, we will argue that multiple strategies are needed for efficient
coordination. Some of these strategies use learning, others follow predetermined formats. We thus
propose a combination of nativist and empiricist approaches to the problem. We should perhaps
elaborate here on oUI use of the term agent, since it has been much (ab)used in literature. To
paraphrase what Shoham said in his seminal work[34J, "agenthood lies inthe mind of the program
mer". For us, agents are software (and hardware) systems that were designed to solve some task
in a standalone fashion. Thus they accept some input data, and produce specific results. The aim
of our research is to allow such disparate systems to collaborate to solve some large problem by
solving components of it. This should not be confused with a simple partioning of the tasks, for
the solution of the individual components in our case requires interactions amongst the solvers.

We begin thls paper by providing a brief summary of some of the related work done in the
area of multiagent coordination. We also provide some basic information about the specific scien~

tific computing environment that we are transforming from a standalone to a multiagent system.
We detail our overall coordination strategy, and its three components in section 3, and discuss
results from a preliminary implementation in section 4. In section 5 we introduce the design and
architecture of a Multidisciplinary Problem Solving Environment that we are currently developing.

2 Background and Related Work

Many agent-based systems have been developed[43, 34, 40, 33, 13], which demonstrate the advan
tages of the agent technology. One of their important aspects is their modularity and flexibility.
It is very easy to dynamically add or remove agents, to move agents around the computing net
work, and to organize the user interface. An agent based architecture provides a natural method
of decomposing large tasks into self-contained modules, or conversely, of building a system to solve
complex problems by a collection of agents, each of which is responsible for small part of the task.
Agent· based systems can minimize centralized control.

Hitherto, the agent-based paradigm has not been used widely in scientific computing. We believe
that using it in handJjng complex mathematical models is natural and direct. It allows distributed
problem solving [28] which is distinct from merely using distributed computing. The expected
behaviour of the simple model solvers, computing locally and interacting with the neighboring
solvers, effectively translates into a behaviour of a local problem solver agent. The task of mediating
interface conditions between adjacent subproblems is given to mediator agents. The ability of the
agents to autonomously pursue their goals can resolve the problems during the solution process
without user intervention. This allows seamless derivation of the global solution.
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Several researchers have addressed the issue of coordinating multiagent systems. For instance
Smith and Davis [37] propose two forms of multiagent cooperation, task sharing and result sharing.
Task sharing essentially Involves creating subtasks, and then farming them off to other agents.
In this sense, it is closer to pure distributed computation. Result sharing is more data directed.
Different agents are solving different tasks, and keep on exchanging partial results to cooperate.
They also proposed using "contract nets", to distribute tasks. Wesson et. al showed[42J how many
intelligent sensor devices could pool their knowledge to obtain an accurate overall assessment of
the situation. The specific task presented in their work involved detecting moving entities, even
though each "sensor agent" saw only a part of the environment. They reported results using
both an hierarchical organization, as well as an "anarchic committee" organisation, and found that
the latter was as good as, and sometimes better than the former. Cammarata and coauthors[IJ
espouse strategies for cooperation. They analyze the problems faced by the groups of agents
involved in distributed problem solving, and infer a set of requirements on information distribution
and organizational policies. They point out that in a DPS scenario, different agents may have
different capabilities, limlted knowledge and resources, and thus differing appropriateness in solving
the problem at hand. Lesser et. al [19] describes the FA/C (functionally accurate, cooperative)
architecture in which agents exchange partial and tentative results in order to converge to a solution.

Most of these coordination and cooperation techniques however, are static in nature. They
do not "learn" as their environment changes, which in our opinion is an important aspect of
coordination. We describe our coordination strategies in the context of two systems that we are
developing: SciAgents and PYTHIA.

2.1 SciAgents

The software systems for scientific computing reflect the underlying complexity of the intricate,
interacting mathematical models. The designers of the models and the consumers of the numerical
results are usually application scientists or engineers. With the increasing sophistication of high
performance computing (HPC) hardware and numerical software, it is becoming difficult for them
to develop these complex software systems. Recognizing this problem, teams of experts have devel
oped general problem solvers, each one applicable to one of a relatively large set of homogeneous,
relatively simple, and isolated models; these solvers encapsulate significant amount of knowledge
from mathematics, scientific computing, parallel computing, scientific visualization, etc .. A good
example for such solvers is / /ELLPACK [14, 31J which is designed to handle Partial Differential
Equations (PDE) models.

It is generally accepted, however, that universal solvers for the complex heterogeneous models
described earlier cannot be built. Different software for solving each individual problem or small
class of problems is necessary. Developing such software from scratch (even using libraries and
object-oriented technologies) is a very slow and costly process. However, if the model is broken
down to a collection of simple submodels, and if their interactions can be mathematically mod
eled, then a collection of simpler interacting problem solvers can solve the complex model. Such
an approach has several advantages, including the possibility of reusing well-built and tested soft
ware, modularity and flexibility, low cost inter alia. It requires the resolution of issues like the
management of the computations (processing the interactions between the submodels and deriving
the global solution), the complexity of problem definition and computation specifications. We are
developing an environment which addresses these issues and allows disparate pieces of scientific
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software to collaborate in solving a problem. We call this system SciAgents[4J. SciAgents will help
in the realization of Multidisciplinary Problem Solving Environments (MPSEs), where individual
solution software running on networked, heterogeneous software will interact to provide solutions
of complex mathematical models.

2.2 PYTHIA

In the PYTHIA[15] project, OUI aim is to develop a system that will accept a description of a prob·
lem from the user, and then automatically select the appropriate numerical solver and computing
platform, along with values for the various associated parameters. While the theoretical framework
underlying PYTHIA is being developed in the generic context of scientific computing, oUI specific
implementation deals with PDE based systems.

PYTHIA was originally conceived as a stand alone system, a single agent in this context. Its
input is a description of a PDE in a special format that we have developed!. In response, PYTHIA
produced a recommendation for the best solution method, and its confidence in ranking this method
as the best. This recommendation was based on the information contained in its knowledge base
regarding similar problems, and what methods had worked best for them. Clearly, in order to
recommend a good method for a given problem, PYTHIA must have seen a similar problem before.

Recently, we have begun to move towards making PYTHIA a collaborative multiagent system.
Tills is, as we shall illustrate, a more natural implementation. PDEs can be widely varying. Most
application scientists tend to solve only a limited kind, and hence any PYTHIA agent they are
running is likely to be able to answer questions effectively only about a limited range of problems. IT
there were mechanisms that allowed PYTHIA agents of various application scientists to collaborate,
then each agent could share knowledge and potentially answer a broader range of questions - they
could call upon the collective wisdom of all agents, as it were. In this paper, we refer to the
standalone PYTHIA system as I-PYTHIA and the collaborative, multiagent version as C-PYTHIA.

3 Learning and Adaptation

In this section, we present OUI scheme for cooperation amongst multiple agents. We argue for
a combination strategy that involves both learning from the changing environment, as well as
adaptation based on a priori knowledge where available. We describe the strategy in the context
of C-PYTHIA.

3.1 When to learn,

The question for C-PYTHIA is the following. Given a problem, and user imposed constraints on it
(like error bounds, max time allowable), which method should be used to solve the problem, and
on which hardware platform? Each individual I-PYTHIA agent is therefore learning a mapping
from (problem, constraints) to (method, plalform, parameters). The parameters term here refers
to things like how long computing the solution is expected to take, what error can be expected,
as well as the parameters of the methods chosen. Clearly, some parameters of the solutions reflect
the effort by the I·PYTHIA agent to conform to the user's constraints. Other parameters reflect
confidence measures of the agent in proposing the method and hardware. In recent work, we have

IThe format is a characteristic vector, whose elements denote various PDE properties.
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applied various learning techniques to this single agent problem. Specifically, we have used Bayesian
belief nets[41], neural networks[16] and fuzzy systems[29]. We now apply learning to the multi agent
scenario. Specifically, what happens if the I-PYTHIA agent, to which a query has been directed,
discovers that it does not have "enough" corrfidence in the prediction it is making? We propose
that the agent initially use some broker/agent name server to find out which other I-PYTHIA
agents are available to answer queries, and send them all the query. Presumably, it will get a set
of answers from the its peer I-PYTHIA agents, and will need to decide which one is "correct." It
is likely that one of the PYTHIA agents knows a great deal about a certain type of problem. Thus
from the answers received by an agent, it should be able to get an answer with high confidence and
"learn" a mapping from the (peer) I-PYTHIA agent which is most likely to have a correct answer
for this type of problem. In future, thus, it could also direct queries more effectively, rather than
using a broadcast technique to seek answers.

We are using a neuro-fuzzy method of learning to this end. The reason to use a fuzzy system
is that in the PYTHIA scenario, classification of problems is not crisp. For instance, the solution
of a given PDE could have a singularity, and also show some oscillatory behaviour on the bound
aries. Thus the given PDE would have membership (to different extent) in the classes representing
"solution-singular" and "solution-oscillatory". A conventional, binary membership function would
not model this situation accurately. We feel that such fuzziness will be inherent in the learning
task whenever agents model complex, real world problems.

The basic idea of the method we use was proposed by Simpson[35, 36J, and is a variation of
the leader cluster algorithm, enhanced with the notion of fuzziness. Similar methods have been
proposed by Newton[25] and Grossberg et. al.[2]. Simpson describes a supervised learning neural
network classifier that uses fuzzy sets to describe pattern classes. Each fuzzy set is the fuzzy union
of several n-dimensional hyperboxes. Such hyperboxes define a region in n-dimensional pattern
space that have patterns with full-class membership. A hyperbox is completely defined by its min
point and max-point and also has associated with it a fuzzy membership function with respect
to these min-max points. This membership function helps to view the hyperbox as a fuzzy set
and such Uhyperbox fuzzy sets" can be aggregated to form a single fuzzy set class. This provides
degree-of-membership information that can be used in decision making. Thus each pattern class in
the given space is represented by an aggregate of several fuzzy sets and the resulting structure fits
neatly into a neural network assembly. Learning in the fuzzy min-max network proceeds by placing
and adjusting the hyperboxes in pattern space. Recall in the network consists of calculating the
fuzzy union of the membership function values produced from each of the fuzzy set hyperboxes.
The fuzzy min-max network provides good accuracy, facilitates single pass learning(i.e., does not
require repeated presentation of the exemplars to learn), has few parameters to tune and, most
importantly, provides on-line adaptation.

However, the method as proposed by Simpson does not allow for classes that are mutually
non exclusive. It would thus fail to account for a situation where more than one agent might be
expected to provide a correct answer. We have enhanced the method to allow it operate under this
situation. Essentially, any example which belongs to multiple classes is presented to the learning
system multiple times - once for each class it belongs to, with an appropriate class label. This
forces the system to include this example with full membership in multiple classes. The mechanism
which adjusts the class hyperboxes is altered to allow for class overlaps where the data demands
it. Initial results from this approach have been very promising, both on I·PYTHIA data, as well as
classical test data such as the IRIS [9]. The details regarding this method, as well as these results
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can be found in [29]. We are also studying other improvements to tms method using techniques
from computational geometry. The method as it stands tries to form classes by using isothetic
hyperboxes. Clearly, this approach is extremely naive, since it would cover regions of space that
did not belong to a class. We are trying to study improvements that can be obtained by allowing
the boxes to have arbitrary orientation, as well as by using hyperspheresjhyperellipsoids as our
space covering primitives.

3.2 ..... what to do while learning,

Once an agent has learned a mapping from problem types to (other) agents wmch are likely to
know the answer, it can direct queries to other agents appropriately. However, learning in this
instance requires some known exemplars. Since the I-PYTHIA agent is assumed to be a tabula msa
at start, it does not have any such exemplars. The straightforward approach would be to provide
the system with a list of agents to query for each problem type. While tms would allow the system
to direct its queries, it would still not provide labeled exemplars of the type "agent a provides
the correct/best answer for problem type p." Another option would be to involve the user in the
process. PYTHIA could present all the answers obtained from peer agents, and the user could select
the best. Given tms kind of a scenario, Lashkari et. al.[17] have developed a trust function which
each agent uses to measure its belief that a peer agent has a correct answer. Obviously, involving
the user is self-defeating in our case since the aim of the system is to allow a non-expert (in HPC)
to use it. Expecting an application domain expert to chose amongst numerical solution techniques
and parallel hardware is, to say the least, naive. Clearly an unsupervised learning approach is
needed, which learns without any user intervention.

We propose an alternate approach formulated in terms of epistemic utility. We summarize
the ideas here following Lehrer's presentation [18] of internal coherence and personal justification
in humans. The basic idea here is that each agent has an acceptance system, wmch it uses to
accept certain hypothesis as true. This system is based on two principles, obtaining truth and
avoiding error. It informs an agent that it is more reasonable to accept some things than others. It
enables the agent to judge which sources of information to trust and which not. Adapting Lehrer's
definitions of acceptance and coherence to the agent scenario, we have

Definition 1 Agent A is justified in accepting proposition P at time t if and only if P coheres with
the acceptance system of.A at t.

Definition 2 P coheres with the acceptance system of.A if and only if it is more reasonable for A
to accept P than any other competing claim Q.

In effect, we are saying that of all the competing hypotheses, an agent should accept the one
which is more reasonable. Since we introduce time as a factor in the definitions, we leave open the
possibility that an agent's acceptance system, and hence its notion of what is reasonable, will evolve
over time. Note that reasonableness is not the same as the probability of being true. Consider, for
instance, the following statements:

It looks like there is snow on the ground.

There is snow on the ground.
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Now, it could appear that there is snow on the ground for many reasons (white confetti, TP·
ing by a fraternity party, hallucination, ... ) other than there actually being snow on the ground.
Accepting the first statement therefore is less likely to make us err. On the other hand, it does not
really tell us quite as much as the second statement, so we do not gain in the area of obtaining
truth. To obtain a quantitative measure of reasonable-ness, we need to combine two factors, one
which denotes the probability of a proposition q being true, and the other which denotes its utility.
Specifically, let Ut(q) denote the positive utility of accepting q ifit is true, UJ(q) denote the negative
utility of accepting q if it is false. Further, let p(q) be the probability that q is true. Then, the
reasonableness of accepting q can be defined[18] as:

r(q) = p(q)U,(q) +p(not(q))UJ(q).

Such formulations of reasonableness derive from the work of Issac Levi [21], and from the
work by Neyman & Pearson on rational decisionmaking [27,26]. The work of Neyman & Pearson
deals with decision making when prior probabilities of the truth of hypothesis are not available.
Consider a binary decision problem, with Ho and HI as the two competing hypotheses. They
suggested that in such a case, the objective of the decision making process should be to maximize
the power probability (the probability of deciding in favour of H 1 when it is active) , subject to
some constraint on the false alarm rate (the probability of deciding in favour of H1 when Ho is
active). The complement of power probability, and the false alarm rate are also refered to as errors
of type I and type II, respectively.

Levi's work[21, 20] is a philosophical treatise, delaing with the process ofhuman decision making
in general, and scientific enquiry in particular. He has developed a theory of epistemic utility which
deals with decisionmaking by a single rational agent. It provides ideas on how an agent interacts
with the environment to acquire "error free" knowledge, and how it revises its beliefs. His work
provides mechanisms which enable one to develop measures of reasonableness. Reasonableness
quantifies a combination of the two aims of an agent, to acquire new knowledge and to avoid error.
Like much of decision theory, it is based on the notion of maximizing utility, but differs in as much
as its formulation of what utility is. Based on his work, Stirling & Morrow have recently proposed
schemes that are used for coordinated intelligent control [38, 39].

In the case of C-PYTHIA, each I-PYTHIA agent produces a number denoting confidence in
its recommendation being correct, so p(q) is trivially defined, and p(not(q)) is simply 1 - p(q).
The utility is a more tricky measure. We have earlier posited that the more problems of a type
that an agent has seen, the more likely it is to recommend an appropriate method, etc., for a new
problem of the same type. Moreover, the reason for the epistemic module is to provide exemplars
for learning. Thus the utility of accepting an agent's recommendation (and using it as an exemplar
for learning) should reflect the number of problems of the present type that it has seen. In this
instance, we chose to make the positive and negative utilities the same in value, but opposite in
sign. This is done since the value of utility is measuring the amount of knowledge that an agent
appears to have. Thus Ut(q) = -UJ(q) = I(Ne), where I is some squashing function mapping the
domain of[O, 00) to a range of [0, 1), and Ne is the number of exemplars of a given type(that of the
problem being considered) that the agent has seen. We chose I(x) = 1+;-= -1. Note however that
this is just one possible formulation of the utility measure. In fact, such a formulation suffers from
a problem if it is asked to chose between two alternative hypotheses with low probabilities of being
correct. Specifically, assume that the probabilities of hypothesis hI a.nd h2 being true are both p,
and their utilities are Ul and U2, Ul ~ U2 respectively. When p ::; 0.5, the second hypothesis will be
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assigned a greater reasonableness measure, even though the first hypothesis has a greater utility.
An alternative which does not suffer from this problem is to use J(1el as the measure of utility of
accepting a recommendation in the formulation for r whenever the probability of being true is less
that half, and use f(Ne ) otherwise. This however tends to bias reasonableness towards truth, and
away from utility.

3.3 ..... and when not to learn

An important component of scientific computation is the optimal use of the available, heterogeneous
HPC hardware. We view each hardware platform as an agent, with bounded (computational)
capability. Part of this capability is inherent in the hardware. The other part is a function of the
amount of load on it. The platform configurations (for instance, the number of processors) can be
changed, so the mapping to be considered is from (problem, method, hardware, config) to time. It
would be naive, in our opinion, to throw a learning mechanism at this problem. We believe that
direct learning is not required in this case, and the system can be adaptable without it.

The adaptability can be achieved by a combination of learning and modeling. PYTHIA can
estimate the time required for a standard configuration of a serial hardware. It is straightforward
(but not trivial) to transform this estimate for other serial hardware but we need also to transform
it to parallel machines or heterogeneous clusters. Accurate analytic methods for this do not exist
and learning about how all PDE solvers run on all such configurations is impractical. However, a
few relatively simple models of parallel computations are useful jn predicting speedup. The logP[3]
and E(P)[22] models are the realistic of them. We briefly discuss how to use the E(P) model, which
uses the following parameters:

• w(1) : work to solve the problem on 1 processor (prOVided by PYTHIA)

• f: fraction of strictly sequential work (algorithm dependent) .

• P : number of processors (hardware dependent)

• E(P) : number of communication events as function of P (algorithm dependent)

• 8 : average work for a communication event (hardware dependent)

The work using P processors is then estimated to be

w(P) = w(l)(l+ P J) +0E(P)

If the processors are of unequal power, then somewhat messier formulas are required. The
two algorithm or code dependent quantities, f and E(P), can be estimated from general algorithm
properties or measured directly. Then, of course, they can be recorded as knowledge about the
solvers for use in estimating time on parallel or distributed hardware configurations. The logP
model has a more refined hardware model for 0.

Using such an approach, the PYTHIA agent can model the behaviour of hardware agents to
predict what number of processors would be optimal for a given problem on a given platform.

The speedup estimate is given in the context of a single program executing on a given platform.
However, it provides the requisite framework for extension to the case where each hardware agent
is actually a multiprocessing system. In such cases, the (computational) capability of the hardware
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Figure 1: The architecture of rnultiagent PYTHIA

agents will dynamically vary. Each agent will be aware of its load at any given time, and can query
other agents for their loads as well. OUf multiagent system will be responsive to this dynamic
behaviour, and will adapt by moving computations around. The overhead associated with migrating
processes can be substantial. However, there has been recent work [23] in tills area which shows
promise for providing an efficient migration paradigm by using threads of control. It has been
shown to be extremely effective in simulations [30J.

4 Architecture and Implementation of C-PYTHIA

We have developed a preliminary implementation of the ideas outlined in the preceding sections.
The overall sytem architecture is illustrated in Figure 1. We modified the original PYTHIA agent
to have a "memory" of agents it knows about, the problems each agent has seen, and statistical
information about the performance of each agent in regard to each type of problem the agent has
been queried about. An agent can be in either a "learning mode" (LM) or a "stable mode" (SM).
During the LM, an I-PYTHIA agent asks all other known agents for solutions about a particular
type of problem. It collects all the answers, including its own, and then chooses the best result as
the solution. In effect, each agent is using what has been described in [17] as "desperation based"
communication. While in this mode, each agent is also "learning" the mapping from problem class
to the agent which gave the best solution. The best solution in LM is computed by the episternic
utility formulation described earlier. After the "learning period", each agent has learned a mapping
describing which agent is best for a particular type of problem. From this point on, PYTHIA is
in the SM. It now switches to what we label as stable communication. In other words, it will only
ask itself and the best agent to answer a particular question. It evaluates the answers received
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FigtUe 2: System Layers of each PYTHIA agent

correctly classified Mean Median
pmblems(of 23) Error Error

22 0.061488 0.00001

Table 1: Results from learning the problem type to agent mapping

according to the reasonableness criterion defined earlier. If none is "reasonable" then we switch
to an "exploratory" communication mode [17]. Figure 2 illustrates the layered systems of each
I·PYTHIA agent that are involved in this process. If PYTHIA does not believe an agent has given
a plausible solution, it will ask the next best agent, until all agents are exhausted. This is facilitated
by our fuzzy learning algorithm. By varying an acceptance tlrreshold in the defuzzification step,
we can get an enumeration of "not so good" agents for a problem type. If PYTHIA determines no
plausible solution exists among its agents or itself, then PYTHIA will give the answer that "was
best". When giving such an answer, the user will be notified of PYTHIA's lack of corrfidence.

In Table 1, we illustrate the results obtained by our neuro-fuzzy learning scheme[29]. As men
tioned earlier, the task was to learn a mapping from a problem to the agent best able to solve it. To
this end, we chose some elliptic PDE problems from [32]. These were distributed amongst several
I-PYTHIA agents, so that each agent mostly had problems of the same type. This data was then
used as input to the learning scheme. As table 1 shows, we obtained extremely high classification
rates, and correspondingly low values for mean and median error.

An interesting question in thie scenario described above is one of switching modes. When should
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an agent switch from LM to SM? Currently, we do this after an a priori fixed number of problems
have been learned. The timing of the reverse switch is a more tricky matter which we do not
address in the current implementation. Clearly, as other agents are adding to their knowledge base
of "previously seen" problems, their ability to answer questions about a particular type of problem
changes. In essence, by learning a mapping, we are taking an instantaneous "snapshot" of the
abilities of the agents, and then using it as a "cache". We therefore need to evolve the equivalent
of "cache invalidation" strategies for OUI learning function. There are several potential candidates
which we describe next.

• Time based: The simplest approach is to use a time based invalidation scheme, where the
agent reverts to LM after a fixed time period in SM.

• Reactive: Another possibility is for each agent to send out a message whenever its confidence
for some class of problems has changed significantly. An agent can then chose to revert to
LM when it next receives a query about that type of problem.

• Time based Reactive: A combination of the two approaches outlined above would send
out a "has anyones abilities changed significantly" message at fixed time intervals, and switch
to LM if it received a positive response.

• Proactive: In this approach, the agent would use the fact that switching into the exploratory
mode meant that the agent it thought would best solve a problem could not. It would then
switch into a learning mode by itself, without waiting for any other agent to explicitly indicate
a change in its capabilities.

The backbone of any agent based system is the ability to communicate effectively among agents.
In recent years the Knowledge Query and Manipulation Language, (KQML) [10] has been proposed
as a medium of interagent communication. KQML was developed by the DARPA Knowledge
Sharing Initiative External Interfaces Working Group especially for agent based communication.
KQML based communications is based on a protocol defining performatives. Performatives are
universal, in the sense that they are understood by all KQML compliant agents. The content of the
performative can be in a special language that only some of the agents know. For the collaborative
PYTHIA case, we use a private language (PYTHIA-talk) that all PYTHIA agents understand.

5 Design and Architecture of SciAgents

In OUI discussion so far, we have confined ourselves to homogeneous agents. However, to develop
a complex scientific computing system, we need to develop strategies for coordination amongst
heterogeneous agents. These strategies have to operate under the "black box" constraint, i.e. make
no assumption of the internal mechanisms of other agents. In this section we present the design and
the architecture of SciAgents- an agent-based programmlng environment for scientific computing.
It illustrates the application of the ideas introduced above to solving complex and heterogeneous
mathematical models. Specifically, we present a scenario where the agents are divided into two
broad types - solvers and relaxers. Each solver agent is attuned to solve some particular problem,
and the relaxer agents try to "mediate" between the solvers to bring their solutions to conformity
at the interface regions. Internally, of course, each solver and relaxer agent can be different in how
it achieves these broad goals. We show in this section how, in a multiagent system, these agents
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Figure 3: A simple heat flow problem.

adapt to their changing environment and each others activities by exchanging messages (speech
acts). The syntax and semantics of these messages are given in appendix A. When we need to be
more specific, we use as examples PDE based models. Such models are among the more complex
that arise in scientific computing. The features of SciAgents make it a useful and powerful tool
to make scientific computing more accessible to application scientists. Various components of this
system have already been developed, we are now working on building a SciAgents prototype.

We first introduce the user's view of SciAgents and then concentrate on the communication and
the coordination between the agents in order to demonstrate their adaptive behavior.

5.1 Software Architecture and User's View of SciAgents

SciAgentsis suitable for solving complex mathematical models that can be broken down into simple
submode1s with mathematically modeled interactions between them. Multiple-domain models with
the following properties fall into this category.

• Physical phenomenon consisting of a collection of simple, connected parts.

• Each part obeys a single physical law (that can be modeled by a simple mathematical sub
model) locally in a simple subdomain.

• The different parts influence each other and work together by adjusting interface conditions
along the subdomain boundaries with neighbors.

Such features are common in models of physical events or processes. An example of such a problem
is given on Figure 3. It models the temperature distribution in a small system of 4 different
substances (with different laws for temperature distribution), a heater, and a sink.

In [4, 5, 6] we argue that "simple" model solvers (for a single PDE defined on a single domain,
for example) like / /ELLPACK [14] can be used to solve the submodels. Their expected behaviour,
computing locally and interacting with the neighboring solvers, effectively translates into a behavior
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of local problem solver agents. The task of "relaxingll the interface conditions between adjacent
snbdomains is given to mediator agents. The ability of the agents to autonomously pursue their
goals can resolve the problems during the solution process without user intervention, and this allows
seamless computation of the global solution. The overall behaviour of the agents is based on the
interface relaxation technique. For PDE based models it is described in detail in [6, 5, 24]. It uses
the physical relations between the parts of the system modeled by mathematical formulas involving
the solutions of the submodels in the individual neighboring subdomains and their derivatives.
Typically, for second order PDEs, there are two physical or mathematical conditions involving values
and normal derivatives of the solutions on the neighboring subdomains. Examples for common
interface conditions are given in [6,24]. The interface relaxation technique can be described briefly
as follows.

Step 1. Choose initial information as boundary conditions to determine the submodel solutions
in each subdomain.

Step 2. Solve the submodel in each subdomain and obtain a local solution.

Step 3. Use the solution values to evaluate how well the interface conditions are satisfied along
along the interfaces. Use a relaxation formula to compute new values of the boundary condi
tions.

Step 4. Iterate steps 2 and 3 until convergence.

This method is very convenient for the purpose of designing a mechanism that allows fast creation
or assembly of a software system for solving multiple-domain problems. It also allows the reuse of
existing;·trusted software for solving single-domain problems.

We now describe how the users build such a software system using SciAgents and their view of
the software architecture of the programming environment. Consider a problem like the one shown
on Figure 4. It contains several subdomains with a single submodel to solve in each of them. The
user needs to break down the geometry of the composite domain into simple subdomains with simple
models. Then the interface conditions have to be defined in terms of the subdomain solutions and
their derivatives. This preliminary work is primarily the responsibility of the user interfaces of the
individual solvers but the SciAgents system coordinates this process. Then, a network of computing
agents is created to solve the global problem by doing local computations and by exchanging data
with other agents and with the user.

There are two major types of agents· local problem solvers and mediators. In the PDE context,
these agents are called solvers and relaxers. The relaxers are responsible for relaxing the interface
conditions in a way that provides global convergence of the algorithm. A network for solving the
problem in Figure 4 is given in Figure 5. Each relaxer agent controls a single interface between two
subdomains, and ~ach solver agent is responsible for a single domain.

The agent framework provides a natural and convenient way to hide the details of the ac
tual algorithms and software involved in the problem solving. It allows one to use SciAgents to
solve complex problems without being proficient in computer science (numerical methods, parallel
computing, etc.).

The user constructs the proper network of computing agents by simply instantiating various
agents. Initially, SciAgents presents to the user only templates of agents - structures that contain
information about solver and relaxer agents and how to create (instantiate) them. These templates
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Execution Interface to monitor and control the solution of the problem. Direct interaction with
individual solvers and relaxers is also possible. The agents communicate with each other using the
software bus.

do not and can not compute. The user is provided with an agent instantiator - a process which
displays information about the templates and creates active agents of both kinds, capable of com
puting. Once the complex problem is broken down into subdomains, individual PDEs, interfaces,
and interface conditions, the network of agents that will solve the problem can be built.

Once an agent has been instantiated, it takes over the communication with the user and with
its environment (the other agents) and tries to acquire all necessary information for its task. The
agents actively exchange partial solutions and data with other agents without outside control and
management. In other words, each solver agent can request the necessary domain and PDE related
data from the user and decide what to do with it (for example, should it start the computations
or should it wait for other agents to contact it?). After each relaxer agent has been supplied with
the connectivity data by the user, its task is to contact the corresponding solver agents and to
request the information it needs - the geometry of the interface, the capabilities of the solvers
with'respect to approximating values and derivatives along its interface, visualization capabilities
(for example, should the relaxer display some data or can the solvers do it themselves?), etc. All
this can be and is done without user involvement. In a way, by instantiating the individual agents
(concentrating on the individual subdomains and interfaces from the global problem only) the
user builds the highly interconnected and interoperable network that will solve the problem, by
cooperation between individual agents.

The user's high-level view of the SciAgents' architecture is shown in Figure 6. There is a
global communication medium which is used by all entities called a SOftware bus[41]' The agent
instantiator communicates with the user through the user interface builder and uses the software
bus to communicate with the templates in order to instantiate various agents. Agents communicate
with each other through the software bus and have their own local user interfaces to interact with
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the user. The order of instantiating the agents is not important. IT a solver agent is instantiated
and it does not have all boundary values it needs to compute a local solution (i.e., a relaxer agent
is missing), then it suspends the computations and waits for some relaxer agent to contact it and
to provide the missing values (this is also a way to "naturally" control the consecutive iterations).
IT a relaxer agent is instantiated and a solver agent on either side of its interface is missing, then it
suspends its computations and waits for the solver agents with the necessary characteristics (the
right subdomain assigned) to appear. This built in synchronization is, we believe, an important
advantage of SciAgents. It results form each agent adapting to its environment. We go into more
detail of the inter agent communication during the solution process below.

Since agent instantiation happens one agent at a time, the data which the user has to provide
(domain, interface, PDE, etc.) is strictly local, and the agents collaborate in building the computing
network. The user actually does not even need to know the global model. We can easily imagine
a situation when the global problem is very large. Different specialists may model different. In
such a situation, a user may instantiate a few agents and leave the instantiating of the rest of the
cooperating agents to colleagues. A user may even request access to the user interface of agents
instantiated by others in order to observe the modeled process better. Naturally, some care has
to be taken in order to instantiate all necessary agents for the global solution and not to define
contradictory interface conditions or relaxation schemes along the "borders" between different users.

5.2 Inter-agent Cooperation and Coordination of the Solution Process

We next describe in greater detail certain aspects of the communication and the coordination
between agents during the solution process.

5.2.1 Setup of Computations

One of the goals of SciAgents is to allow the user, who has minimal expertise in computer science,
to construct the software system that will solve the mathematical model. This is achieved in part
by requiring the user to provide only the functional (mathematical) specification of the problem
(subdomains, PDEs, boundary and initial conditions, interfaces and interface conditions between
neighboring subdomains).

The agents, however, need lots of additional data, parameters, and configuration values in order
to proceed with the solution process. These include:

• computational parameters for the single-domain problem the local solvers have to solve at
each iteration - discretization methods for the domain and the equation, grid/mesh sizes and
configurations, linear solvers, etc.;

• set of algorithms related to the interface relaxation technique that are applied by the relaxers;

• parameters depending on the available hardware.

The last bullet needs additional explanation. It is possible that multiple computing units will be
available for this particular problem. The agent instantiator will try initially to distribute the
agents evenly among the computing units but it has very little information in on which to make
an intelligent decision - it knows only the pairs of agents that communicate with each other. The
relaxer agents are distributed in an obvious manner described in the next section, and the relaxer
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agent computations are a small fraction of the computations necessary to obtain the local subdomain
solution. The main issue is then the correct distribution of the solver agents to balance the load.
This can be done by the global execution interface in several ways. One is to reassign agents [30]
to appropriate computing units; another is to split some subdomains further and distribute them
to separate computing units. A third possibility is to allow the individual solvers to use more than
one computing unit and to do the decomposition of their subdomain internally, without affecting
the interactions with the corresponding relaxer agents. These actions require reliable estimates of
the computational loads caused by the solvers. At this point we do not handle dynamlc migrations
and decomposition of agents.

All the above parameters need to be deduced automatically by the corresponding solvers and
relaxers. Solver agents contact C-PYTHIA for this purpose. For example, they ask an available
C-PYTHIA agent for a recommendation for each of the required parameters given the equation,
the domain, and the desired accuracy. C-PYTHIA delivers back to the solvers values for the
parameters and some additional information like the time estimation of the solution process (for
one iteration). A similar scheme, mutatis mutandis, is used to obtain the other required parameters
and the estimates for the amount of the solver's computing load.

5.2.2 Interagent Communication and Agent Architecture

In SciAgents at the highest level communication is done using the Knowledge Query and Manip
ulation Language (KQML [7, 8]) from ARPA's knowledge sharing initiative. We adhere to the
declarative approach in the agent interaction due to the heterogeneous environment of SciAgents .
The contents of the messages is in the high-level language S-KIF for scientific computing. This is
based on a language we developed for PDE data called PDESpec [41]. Using KQML for the inter
agent communication in SciAgents ensures portability, compatibility, and better opportunities for
extensions and the inclusion of agents built by others.

The software architecture of the local problem solver agents reflects our desire to reuse existing
software for solving general single-domain PDE problems. Each solver consists of a core implement
ing the functionality of the PDE solving process and the local user interface and a wrapper which
gives the solver the behavior and the appearance of an agent. SciAgents is designed as an open
system ~ it is relatively easy to add new solver agent templates with different core solvers to the
set of templates in the agent instantiator's database. In one agent network the user may include
solver agents obtained from different simple·problem solvers.

The architecture of the relaxers facilitates the even distribution of the computations and leads
to an efficient implementation of the computational model. The interface conditions on the two
sides of the interface may differ, the relaxation scheme may require different handling of the data,
the approximation algorithms for the values and derivatives along the interface may be different
- all this suggests that the two sides of the interface should be handled somewhat separately.
This partitioned view of a relaxer agent is detailed in Figure 7. Each of two subrelaxers controls
and supplies data to and from one solver on one side of the interface. Each subrelaxer uses its
own relaxation and approximation algorithms and communicates relatively independently with the
solver agent on its side of the interface. These subrelaxers are the processes that do the actual
computation and initiate the consecutive iterations during the problem solving process. The two
subre1axers share the user interlace and the configuration module. The user interface module
presents the relaxer agent as a single entity to supply and request user information. It also handles
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Figure 7: Software architecture of a relaxer agent. The relaxer agent is divided internally into
two suhrelaxers - each subrelaxer controls and supplies data to and from one solver on one side
of the interface. Each subrelaxer uses its own relaxation and approximation algorithms and it
communicates relatively independently with the solver agent on its side of the interface. There are
two shared modules - the user interface module (responsible for the interaction with the user) and
the configuration module ( responsible for "orienting" the agent in its environment).

requests for dynamic changes of the parameters.
The configuration module is responsible for "orienting" the agent in its environment. After the

relaxer has been instantiated, the configuration module requests connectivity information (which
interface am I responsible for?) and then attempts to locate the corresponding solvers. H they have
been instantiated, the configuration module communicates with them in order to establish their
capabilities and other necessary parameters, otherwise it suspends its activity until the required
solver agents become available. It is responsible for determining the parameters of the relaxation
scheme necessary to complete the problem definition. The configuration module monitors the
subrelaxers in order to terminate the iterations (locally) if convergence has been reached.

The user interface and the configuration modules are combined into a single process that exer
cises dynamic control over the subrelaxers. Its interface with them follows the inter agent communi
cation protocol valid for the entire SciAgents. Effectively, the relaxer agent is in fact a "meta agent"
consisting of three actual agents with significantly overlapping goals and a somewhat centralized
control.

Figure 8 shows the information flow between a relaxer agent and its two solvers. After the
initial exchange between the solver agents and the configuration module, the information flow is
very simple. In the direction from the relaxer to the solvers it can be entirely separated between
the two subrelaxers and their solvers. In the opposite direction the data has to be delivered to both
subrelaxers. It it important to note that the pattern of the communication between the agents is
completely local - each relaxer agent communicates with two solver agents and each solver agent
communicates with the relaxers for the interfaces of its subdomain. This locality is an advantage
for SciAgents since it allows for good scalability.
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Figure 8: Relaxer agent's communication with the solvers. After the initial exchange between the
solver agents and the configuration module, the information flow is very simple. In the direction
from the relaxer to the solvers it can be entirely split between the two subrelaxers and their solvers.
In the opposite direction the data has to be delivered to both subrelaxers.

The architecture of the relaxer agents allows us to distribute N subdomain solvers and M
interface relaxers among N computational units (if available) in a natural and efficient way. When
the relaxers compute, the solvers are idle and vice versa due to the nature of the interface relaxation
technique. We use this to build the SciAgents software architecture as shown in Figure 9 where
each rectangle represents a computing unit. All computing units use the software bus as the
communication medium. Each computing unit has a message handler which may be considered a
part of the software bus. There is a single subdomain solver running on one computing unit and it
has all relevant parts of the relaxers for its interfaces "attached" to it.

Finally, the agent instantiator and the global execution interface are grouped together in a
single agent that provides the communication with the user concerning global data and requests
(composing the network of agents, defining the global constraints of the solution, etc.) and exercises
necessary global coordination among the agents during the solution process. The agent instantiator
is responsible for instantiating of all computing agents. The solver agent template contains a
database of the various ex1sting solvers available at the moment. The instantiator decides where
to start an agent, activates the necessary code and announces the existance of a new agent.

5.2.3 Coordination of the Solution Process

The format and the semantics of all interagent and some intraagent messages in SciAgents are
given in Appendix A. In this section we first discuss some important aspects of the cooperation
between the agents during the solution process and then we consider in detail an example of the
communication between the agents in a sample software system built using SciAgents.

There are well-defined global mathematical conditions for termlnating the computations, for
example, reaching a specified accuracy, or impossibility to achieve convergence. In most cases,
these global conditions can be "localized" either explicitly or implicitly. For instance, the user may
require dlfferent accuracy for different subdomains and the computations may be suspended locally
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Figure 9: Software architecture of SciAgents: desIgner's view. Each rectangle represents a comput
ing unit. There is a single subdomain solver running on one computing unit and it has all relevant
parts of the relaxers for Its interfaces "attached" to it. The two subrelaxers can be split between the
two solvers, with the configuration module and the user interface partly duplicated. The software
bus is the communication medium. Each computing unit has a message handler which may be
considered a part of the software bus.

if local convergence is achieved.
The local computations are governed by the relaxers (the solvers simply solve the mathematical

models). The relaxer agents collect the errors after each iteration and, when the desired accuracy
is obtained, locally suspend the computations and report the fact to the global execution interface.
The suspension is done by Issuing an instruction to the solvers on both sides of this Interface to use
the boundary conditions for the interface from the previous iteration in any successive iterations
they may perform (the other interfaces of the two subdomains might still not have converged).
The solvers continue to report the required data to the subrelaxers and the subrelaxers continue
to check whether the locallnterface conditIons are satisfied with the required accuracy. If a solver
receives instructions to use the old iteration boundary conditIons for all its interfaces, then it
stops the iterations. The iterations may be restarted if the interface condltions relaxed by a given
relaxer agent are no longer satisfied (even though they once were). In this case, the relaxer issues
instructions to the two solvers on both sides of its interface to resume solving with new boundary
conditions. If the maximum number of iterations is reached, the relaxer reports failure to the global
execution interface and suspends the computatIons. The only global control exercised by the global
execution interface is to terminate all agents in case all relaxers report local convergence or one of
them reports a failure.

The above scheme provides a robust mechanism for cooperatIon among the computing agents.
Using only local knowledge, they perform only local computations and communicate only with
"neighboring" agents. They coopemte in solving a global, complex problem, and none of them
exercises centralized control over the computations. The global solution "emerges" in a well-defined
mathematical way from the local computations as a result of intelligent decision making done
locally and independently by the mediator agents. The agents may change their goals dynamically
according to the local status of the solution process - switching between observing results and
computing new data.
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Other global control policies can be imposed by the user if desired - the system architecture
allows this to be done easily by distributing the control policy to all agents involved. Such global
policies include continuing the iterations until the all interface conditions are satisfied, and recom
puting the solutions for all subdomains if the user changes something (conditions, method, etc.)
for any domain.

Let us consider now as an example a part of the network shown in Figure 5. In the rest of this
section we follow the actions of the solvers 53, 54, and 55, and the mediators R 35 and R45 as well
as the messages issued by them and by the global execution interface (GEl). We abbreviate the
message formats here; their precise arguments and semantics can be found in Ap::{Jendix A. When
talking about the two subrelaxers of a relaxer agent Rij we denote them R}j and Rij . The messages
are given in term of the name performative and its content, which is an 5-IaF statement.

Initially, the user instantiates the agents using the agent instantiator. The solvers use their
user interface to obtain the problem specification from the user. If necessary, they send an
ask_one ( <solution parameters» query to the available PYTHIA agent which replies with the
requested data (after consultation with other PYTHIA agents). When the relaxers get instantiated
they inform their solvers about their existence. R35 sends tell(<relaxer...id» messages to 53
and 55 (which solvers a relaxer mediates is supplied by the user by building the network). Then
the mediators use the ask_one «get boundary» query to get from the solvers the pieces of the
subdomain boundaries the user has defined in each of them. The user instructs each mediator about
the particular interface it is responsible for. After the input from the user has been processed, the
mediators send tell «interface» messages to the solvers to inform them of the user's decisions.
They may also send tell«nev coordinate system» and tell«new boundary» messages if
the solver has to change its coordinate system and/or its data about the boundary.

The next message exchanged between the mediators and the solvers synchronizes the solution
process. The mediators send a query ask_one (<yhich interface points» to the solvers asking
for the coordinates of the interface points for which the solvers need boundary conditions in order
to start each iteration (these coordinates do not change during the solution process). They also
send a ask_one (<get approximation capabilities» query to obtain information about the
solver's capabilities of approximating the solution at the boundary. After they get a reply, the
mediators send a tell(<solution values requested» message to each solver informing it of
the coordinates of the points for which it has to supply the solution values after each iteration.

Now the agents are ready to start the solution process. Each of the solvers starts when it has
all necessary data. In particular, the solver 55 waits until it gets both messages tell( < next
iteration» from the subrelaxers R55 and R~5. They contain the new values of the boundary
conditions along the corresponding interface which the solver uses in solving the local submodel in
the next iteration. When the solver is ready with the solution, it sends to its mediators the messages
tell «done iteration» which supplies the solution values. Each mediator collects the data from
its solvers (for example, R35 waits for messages tell «done iteration» from both 53 and 55.
Then it checks the interface conditions for convergence. IT the required accuracy (communicated at
the beginning of the computations by the GEl through a tell«global parameters» message
to all mediators) is achieved (say, along the interface between 53 and 55), the mediator sends
two types of messages - a message tell«done computations» to the GEl to inform it about
the local convergence achieved, and two messages tell «next iteration» to the solvers with
arguments telling them not to wait next time for new boundary condltions along this interface but
to use these ones in consecutive iterations. If 85 gets such message from R35 but not from R~5'
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it continues calculating more iterations sending hack messages tell«done iteration» to both
mediators. R35 continues to check the interface conditions. If meanwhile all mediators report local
convergence to the GEl, then it issues a tell«stop job» message to every agent since global
convergence has occurred. If, however. R35 detects error greater than the required accuracy, it
issues to S3 and 55 a tell «resume waiting» message. It tells the solvers to resume waiting
for new boundary conditions from the mediator since the convergence is no longer observed. Also,
a message tell«resume computations» is sent to the GEl to inform it that there no longer a
local convergence along this interface.

In the preceeding example, we have skipped some message exchanges designed to better tune
the computations in the interestes of readability.

6 Conclusion

In this paper, we have presented a multiagent system operating in a complex, scientific computing
environment. We have shown how such systems are natural for the creation of systems that would
model the complexities of the physical world. That such multiagent systems have to be adaptable
and involve learning is, in our opinion, evident. We have argued that learning is not the panacea
that will make the difficulties of coordination in multiagent systems disappear. Specifically, we have
shown scenarios from our research where learning is used, and where the system adapts based on a
priori known models of other agents. We have also shown how epistemic utility theory can be used
to facilitate learning in an unsupervised manner. Of course, where supervised learning is available,
it can be (and is) trivially incorporated into the system. We have also outlined a framework, called
SciAgents, that is used for creation of such multiagent systems. We have briefly outlined the kind
of interagent coordination needed, and outlined a language (S-KIF) which will he used for such
coordination.
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A SciAgents Communication Format

This appendix defines the context and the semantics of messages to be used for inter-agent (and, in
some cases, intra-agent) communlcation within SciAgents. The messages are given in a somewhat
abreviated KQML [7, 8] format. Only the fields that contribute to understanding the message
semantics are given, - others, e.g., the :ontology field are skipped. The content of the messages
is given in S-IaF [12] - a knowledge exchange language for scientific computing being developed
at Purdue. The :language field is, therefore, the same for all messages and is not included in the
messages. The format of the parts in "< >" is not given in detail. While the desired functionality
of the programm1ng environment has been covered extensively, there may be a need for additional
messages for the error handling and user interaction. Such messages will be added to this list as
the situations are discovered, the user options are defined, and a mechanism for their handling
is developed. The messages directed to agents not dlrectly lnvolved in the solution process (like
PYTHIA agents) are not presented here.

The'messages are grouped according to the agent that services them (receives them). Within
the messages serviced by a given type of agent there is no particular order although messages with
common topic are likely to be found together.

The software bus [41] is a guaranteed delivery communication system, hence, the messages do
not require explicit acknowlegements. In a number of cases, however, the sender needs more than
just information whether its message has been delivered. For these cases, special reply messages
with specific formats have been designed and they are described in the section for their receiver.

A.I Messages Serviced by the Agent Instantiator

(tell :content(resume_computations «mediator id»»
Sent by the mediator's CIPs when they start the first iteration or when the computations resume

after a "local convergence" message has been sent. The mediator ids are assigned by the agent
instantiator when the agents are instantiated.

(tell :content (done_computations «mediator id>, <end code>, <error»))
Sent by the mediators' CIPs when they decide to stop the computations (at least temporarily).

The end code describes the reason for stopping - local convergence achieved, total number of
iterations exceeded, possible crash of some solver, etc. The error field shows the current value of
the norm of the error (e.g., the maximum absolute value of the error vectors). In case of requirement
for computing until global convergence, the message indicates simply local convergence.

(reply :content (jab_done «agent id>, <end code»))
Sent by solvers and mediator's CIPs when they have killed all the subprocesses after the global

execution lnterface has issued a "stop_job" message. The end code indicates error conditions, if
any.

(reply :content(get-solution«solver id>, <reply code>, <format>, <solution file»))
Sent by the solvers as a reply to a "get..solution" message issued by the global execution interface.

The solutions are then used to present a global view of the solution by the global execution interface.
The format is what the solv~r has been able to provide.
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(reply :content(save«agent id>. <reply code>, <data file»))
Sent by all primary processes of the agents as a reply to a "save" message. The filename is

saved in the central data file saved from the session. When the central file is loaded into the global
execution interface, it starts all other primary processes with the filenames recorded in the central
file.

A.2 Messages Serviced by the Solver Agent

(ask-all : content(get...solution(<format list»))
Sent by the global execution interface in order to obtain the values of the local solution. The

format list contains a list of formats ordered according to the preference of the global execution
interface. The solvers are supposed to send back in "get..solutionJ"eply" the first possible for them
format from that list.

(ask-all :content(stop_jobO))
Sent by the global execution interface when the agents are about to be terminated. The primary .

process kills all child processes and sends a "job_done" message back.

(tell :content(display...solution«display mode»))
Sent by the global execution interface when the latest solution is to be displayed locally. The

display mode determines the frequency of the display (say, after each iteration, or once), the viewing
parameters, etc.

(tell :content(mediator«mediator id»))
Sent by the mediators' eIPs to inform the solver about a new mediator assigned to relax one

of this subdomain interfaces.

(ask-one : content (get..approximation_capabilities «mediator id»))
Request from the mediators' CIPs to describe the capabilities of the solver to approximate the

solution values/derivatives along the interface.

(tell :content(solution_values«mediator id>, <format>, <list of point coordinates>,
<requested data»))

Gives the solver the values along the interface whose solution values/derivatives it has to supply
after each iteration. The actual data supplied by the solver will depend on its approximation
capabilities - e.g., if the solver can only supply the solution values for points "near" the interface
then it will send a set of points for each point of the interface (in this case, the requested data field
contains the minimal number of points the solver must supply).

(ask-one :content(getJboundary«mediator id>, <format list»))
Request from the mediators' CIPs to supply the pieces of the subdomain boundary. The list

of formats ordered by preference is specified in the format list. The solver may skip the already
assigned interface pieces as well as proper boundary pieces, if the user has the opportunity to define
them clearly in the solver's interface.

(tell : content (change_coordinate...system(<mediator id>, <transformation matrix»))
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Request from the mediators' CIPs to change the coordinate system of the solver. The transfor
mation matrix is the matrix to apply to all point coordlnates. The transformation is linear since
we assume cartesian systems initially in all solvers.

(tell :content(change~oundary«mediatorid»»)
Request from the mediators' CIPs to display the user interface so that the user may change

some of the boundary pieces in event of non-match between the interfaces of the two subdomains.

(tell :content(new-houndary«mediator id>. <format>, <old boundary>. <new boundary»»
Request from the mediators' CIPs to replace the old boundary piece with the new boundary.

The new boundary may contain a list of pieces; the format is given in the format field.

(tell :content(interface«mediator id>. <format>. <interface pieces>. <subrelaxer idl>.
<subrelaxer id2»»

Informs the solver that the (list of) boundary pieces will be the interface governed by this
mediator. The two subrelaxer ids are needed by the solver for the communication during the
solution process.

(ask-one : content (get..interface-points( <mediator id>, <format list»)
Request for the coordinates of the boundary points for which the solver will need boundary

condition values.

(tell :content(next..iteration«mediator id>, <boundary data>, <computation status»»
Sent by the subrelaxer for this solver. Supplies the new boundary data to be used in the next

iteration. The computation status field commands whether the solver will wait until the new data
for this interface arrives before starting the next iteration. Effectively, "no more data for this
interface" means "local convergence"; if the solver gets messages with "no more data" from the
mediators of all its interfaces, then the solver suspends the computations.

(tell :content(re8ume~aiting«mediatorid»))
Sent by the subrelaxer for this solver to indicate resuming of the iterations. The solver is

required to wait again for the "nexUteration" message from this subrelaxer after it sends the
solution data from the next iteration. This message is necessary to synchronize the subrelaxers and
the solver after temporary suspension of the computations.

(ask-one :content(more-points«mediator id>. <format list>. <interface point>, <requested
data»»

Sent by the mediators' CIP process and serves as a "local" "solution_values" message for the
case when the set of approximation points supplied by the solver do not guarantee the required
accuracy. The solver replies with two reply messages "more_points" to the two subrelaxers.

(ask-all :content(save()))
Sent by the global execution interface after a user's request to save the current state of the

session. The solver saves its current state and sends back a "save" reply message.
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A.3 Messages Serviced by the Mediator's CIP Process

Since the mediator is a complex agent, part of the messages serviced by the CIP process are intra
agent communication between the CIP process and the two subrelaxer processes.

A.3.1 Messages from Other Agents

(ask-all : content(stop_job()))
Sent by the global execution interface when the agents are about to be termlnated. The elP

kills all child processes and sends a "jobJione" message back.

(tell :content(assign..solver«solver id»))
Informs the mediator about a solver assigned to it. The message comes from the global execution

interface.

(tell :content(global-parameters«number of iterations>, <error>, <time limit>, <local
mode»))

Informs the mediator about some global parameters given by the user such as: the maximum
number of iterations to perform, desired norm of the error, time limit to find a solution, whether
to continue to perform iteration after the computations converge locally, etc.

(tell :content(global-stop«stop code»))
Requests termination of the computations and is sent by the global execution interface. The

stop code indicates the reason for that request - usually global convergence but may also be a user
request, etc. The purpose of the information in the stop code is to be displayed (if requested by
the user) on the mediator's local interface.

(tell :content(global~eset«resetcode»))
Requests resetting the computations and possibly starting over again. The reset code indicates

the reason for the reset and the parameters of the reset. This message is a result of the user's
intervention.

(reply :content(get~pproximation-capabilities«solverid>, <reply code>. <capabilities
description») )

Sent by the solver as a reply to a "get...approx_capabilities" message.

(reply :content(get-houndary«solver id>, <reply code>, <format>, <list of boundary
pieces») )

Sent by the solver as a reply to a "get-boundary" or a "change_boundary" message. The format
field indicates the actual data format used by the solver. In the reply code, the solver indicates
whether its coordinate system has been examined (and, maybe, changed) by another mediator.
This will help this mediator to decide which coordinate system to change in event of non-match.

(ask-all :content(save()))
Sent by the global execution interface after a user's request. The CIP process saves its current

state and issues a "save" message to the subrelaxer processes. After receiving their reply it includes
their filenames in its file and sends back a "save" reply message.
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(reply :content(save«agent id>. <reply code>. <data file»))
Sent by the subrelaxers as a reply to a "save" message by the CIP process. The CIP process

uses the files as command line arguments when starting the subrelaxers by loading its session file.

A.3.2 Messages from the Subrelaxer Processes

The messages between the CIP process and the subrelaxer processes are not the only one way these
processes may communicate. When the CIP starts the subrelaxers, it may supply them (through
files, if necessary) with many initial items. The message interface, therefore, is needed mainly for
the dynamic communication during the computations and for control.

(tell :contents(stop-point«subrelaxer id>, <stop code>, <error»))
Sent by the subrelaxers when a stop condition is satisfied. The condition is explained in the

stop code and may be satisfied interface conditions on this part of the interface, maximum number
of iterations reached, etc. Issuing this message does not indicate that the corresponding subrelaxer
has suspended the computations. Only the elP may initiate such a suspension (by issuing a
"stopJ.terations" message). Until the subrelaxers receive such a message, they continue to work if
possible.

(tell :content(new~teration~ecessary«subrelaxerid>, <error»))
Sent by the subrelaxers when the new solutions communicated by the solvers do not satisfy the

interface conditions. The CIP process may decide to issue a "resumeJ.terations" message.

(tell :content(iteration«subrelaxer id>, <# iteration>. <error»))
Sent by the subrelaxers after each iteration only if the user requests detailed information during

the solution process.

(ask-one :content(more-data-requested«subrelaxer id>. <request»))
Sent by the subrelaxers when more static data is requested from the solver - e.g., more approxi

mation points for a given interface point. The request has to go through the elP process since only
one such message must be sent to the solver. The solver then can send the reply message directly
to the subrelaxers.

A.4 Messages Serviced by the Subrelaxer Processes

A.4.1 Messages from Other Agents

(reply :content(solutioD_values«solver id>. <reply code>, <format>. <solution values
data») )

Sent by the solver as a reply to a "solution_values" message. The purpose of the reply is to
communicate static data which (probably) will not change during the iterations like formulas for
computing the values/derivatives of the solution along the interface, coordinates of points "near"
the interface points, etc. If such data changes during the computations, the solver sends another
message of this type, even though there hasn't been a "solution value" message before it. This
message also establishes the order in which the solver will communicate the values/derivatives of
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the solution after each iteration. It goes to the both subrelaxers (since both will receive the data
from the solver).

(reply :content(get...interface..points «solver id>. <reply code>, <format>, <list of interface
points»))

Sent by the solver as a reply to a "geUnterface_points" message. This is part of the static data
supplied by the solver before any iterations begin. The order of the interface points is the order
the subrelaxer should supply the values. This message is only to the proper subrelaxer.

(tell :content(done...iteration«solver id>, <end code>. <format>, <solution data»))
Sent by the solver to communicate the solution data after each iteration to both subrelaxers.

The end code may indicate problems and errors - e.g., non-convergence of the solver's iterative
method, user's intervention, etc. This message is sent every time an iteration is performed by the
solver, no matter whether the iterations have been suspended locally by the CIP (and, subsequently,
by the subrelaxers).

(reply :content (more..points «solver id>, <reply code>. <format>, <interface point>,
<list of point coordinates»))

Sent by the solver as a reply to a "more_points" message. Supplies the new points' coordinates.
They replace the old set of points for the interface point in question. Both subreIaxers receive the
message.

A.4.2 Messages from the elP Process

(tell :content(stop...iterations()))
Requests suspension of the computations (possibly a temporary one). The subrelaxers indicate

the request to the solvers in the "nextjteration" computation status field as "no waiting".

(tell :content (resume.iterations()))
Requests resuming the iterations (at the beginning and after a temporary suspension). The

subrelaxers issue "resume_waiting" messages.

(tell :content(parameter«parameter id>, <parameter value»))
Communicates changes in the solution parameters - acceptable error, maximum number of

iterations, time limits, interface conditions, relaxation formula, etc. Basically, this message reflects
the user input into the global execution interface and into the mediator's user interface (run by the
CIF process).

(tell :content (reset...iterations «reset code»))
Requests resetting of the computations (a consequence of the "globaLreset" message). Both

subrelaxers reset their parameters and send to the solvers initial boundary conditions (if the solution
process is to restart from the beginning). The solvers need not know that the computations have
started again - they simply compute iteration after iteration.

(ask-one :content(save()))
Requests saving of the current state into a file for later loading. After saving its state, the

subrelaxer sends back a "saveJeply" message.
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