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1

Introduction

Neutrinos as probes for particle physics and astronomy

In the last few decades we have witnessed many important discoveries at the interface
of particle physics and astronomy. The fruitful interplay between these fields is exem-
plified by the resolution to the solar neutrino problem, i.e. the discrepancy between pre-
dicted and observed fluxes of solar neutrinos: since the 1960s neutrino experiments have
measured the flux of solar neutrinos (elpavis et al.1968 and found fluxes that are
typically lower by a facto~3 compared to the flux predicted by solar mod®&alt{call

et al.2001, and references therein). In a truly visionary paper, Gribov and Pontecorvo
suggested as early as 1969 that this deficit could be the result of neutrino oscillations
(Gribov & Pontecorval969 see alsBahcall & Frautschil969and Pontecorval 958

1968: because the early neutrino experiments are exclusively sensitive to neutrinos of
the electron-type, and because solar neutrinos are predominantly of this type, any neu-
trino oscillations from one type to another will reduce the number of interactions in these
detectors. Nearly thirty years later, the Super-Kamiokande collaboration announced ev-
idence for flavor oscillations in atmospheric neutrinbaKuda et al1998, a result that

is widely regarded as the first compelling evidence for neutrino oscillations. Now that
these oscillations are well established, we may conclude that observations of the sun
have been instrumental in a better understanding of the nature of the neutrino and its
place among the other fundamental particles.

Before the 1998 Super-Kamiokande results the existence of neutrino oscillations was
supported by the solar neutrino problem, by observations of atmospheric neutrinos, and
by accelerator-based experiments (although there was also experimental evidence against
neutrino oscillations; selisher et al1999for a review). The importance of the results
obtained in 1998 is that they demonstrate, for the first time, that the fraction of neutrinos
that remains undetected depends on the neutrino path length. This excludes uncertainties
in the flux normalization and very strongly supports the oscillation hypothesis. A wealth
of experimental data from atmospheric, solar, reactor and accelerator experiments has
become available since (sktaltoni et al.2004for a recent review). These data corrob-
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orate the neutrino oscillation hypothesis and put increasingly stronger bounds on neu-
trino masses and mixing angles. In particular, the SNO experiment (which is sensitive to
neutrinos of all flavors) has found that the total neutrino flux is consistent with the solar
model while the electron-neutrino flux is in keeping with earlier findingsnfad et al.

2002.

The first neutrinos from sources further away than the sun were observed in 1987,
when the blue supergiant Sanduleak - 69202 exploded and became known as supernova
SN1987A (sedirnett et al.1989 Bethe1990for reviews). Eighteen hours before the
first optical observation, a neutrino signal was detected by the Kamiokan#raltd
et al.1987 and IMB (Bionta et al.1987 experiments (there are also claims of detection
by the Baksan and Mont Blanc laboratories but these are controversi8letes1990
and references therein). The neutrinos give important information on the physics of the
supernova, such as the energies and timescales involve8¢tee1990for a review).
Furthermore, properties of the neutrino itself have been inferred from the observations.
Bahcall & Glashow(1987 andGaemers et a(1989 have derived upper limits on neu-
trino masses from these observations, Batieri & Mohapatrg1988 andLattimer &
Coopersteir(1988 have found an upper limit on the neutrino magnetic moment. More
recently, it has been argued that neutrino observations from SN1987A can be used to
constrain the size of large extra dimensio@sil{en & Perelsteiri999.

Apart from the discovery of neutrino oscillations and the detection of cosmic neutri-
nos, there have been many other important discoveries at the interface of particle physics
and astronomy in recent years. Measurements of the cosmic microwave background by
COBE Bennett et al1996 and WMAP Hinshaw et al2006 Page et al2006 Spergel
et al.2006 have provided important information on the physics of the early universe. In
combination with other measurements of the large-scale structure in the unietse (
et al. 2005 Adelman-McCarthy et aR006 these results constrain many cosmological
parameters of the present universe and point toward what is known as the concordance
model — a universe that is spatially flat and whose energy content is dominated by ‘dark
energy’ and ‘dark matter’ (segpergel et al2006 Yao et al.2006for reviews). Results
from supernova survey®érimutter et al1999 Riess et al2004 Astier et al.2006 are
compatible with the existence of dark energy, while recent observations based on weak
gravitational lensingClowe et al.2006 lend support to the existence of dark matter.

It should however be stressed that the microphysical origin of these components is still
unclear, posing an important challenge for the future.

We have also learned a great deal about the once enigmatic gamma-ray bursts (GRBs)
since the first X-rayCosta et al1997) and optical Yan Paradijs et all997) afterglows
were observed a decade ago. There is now increasing evidence that long GRBs are
related to the death of massive stars (eWgosley & Bloom2006. Note however
that the situation for short GRBs is presently not so clear (&g, & Ramirez-Ruiz
2007. GRBs are of particular interest for astro-particle physics as they are believed to
be astrophysical proton acceleratovgetri (1995 andWaxman(1995 have found that



GRBs are able to accelerate protons up-16°° eV, which suggests that GRBs can be

the long-sought origin of ultra-high-energy cosmic rays. Whereas GRBs may provide

the answer as to the origin of cosmic rays, high-energy emission from GRBs may also
contribute to a better understanding of the bursts themselves. In particular, high-energy
neutrinos would demonstrate that the relativistic outflow associated with GRBs has a
hadronic component and could provide further indications regarding the nature of this

outflow. The observation of this emission is a very challenging goal for the future.

Given these recent developments, it may be expected that the intersection of particle
physics and astronomy will be a very interesting and productive field of research for the
coming years. With current and future neutrino experiments such as AMAMDAres
et al. 2000, ANTARES (Aslanides et al1999, KM3NeT (Katz 200§ and IceCube
(Ahrens et al2003 reaching unprecedented sensitivities, it may also be expected that
neutrinos will continue to play an important role in this field. Without doubt, these
experimental forts will be matched with theoretical work to understand the meaning of
neutrino observations and of non-observations, to provide continuous motivation for new
and improved experiments, and — if we are fortunate — to inspire people with visionary
ideas like Gribov and Pontecorvo did nearly four decades ago.

This dissertation concerns two subjects in which cosmic neutrinos may be useful
probes of (astro)physical processes. The first subject is pair creation of neutrinos by an
external source, a mechanism very similar to electron-positron pair creation in an elec-
tric field as studied byschwinger(1951). We study theoretical aspects of this process,
in particular the connection between perturbative and non-perturbative formalisms. Fur-
thermore we investigate whether neutrino emission from neutron stars by this mechanism
may be observable. Whereas this study is concerned with properties of the neutrino, and
its interaction with other particles, the second subject is based on the potential use of
neutrinos as probes for astrophysical systems: we consider the creation and emission of
neutrinos in various stages of a developing GRB. We investigate whether these neutri-
nos could be detected and how such observations can be used to constrain GRB models.
These subjects are discussed in more detail below.

Neutrino pair creation by an external source

The equivalence of mass and energy raises the possibility that massive particles can be
created, in vacuum, by a gauge field offatient strength. One way to view this process
is that, in the presence of a strong field, the vacuum can decay to a state containing
particles. To preserve quantum numbers, such as the electric charge, the particles are
created in pairs. This process is usually referred to as spontaneous pair creation, pair
creation by an external source, or pair creation by vacuum decay to discriminate it from
pair creation in particle scatterings.

Building on earlier work of some of the pioneers of modern quantum field theory
(Klein 1929 Sauter1931], Heisenberg & Euled936, Schwinger(1951) computed the
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pair creation ratev of electron-positron pairs in a constant electric fieldand found
that

2 & 3 =
_ aeE 1 exp( nrec ) — 10t o8 S—l(E) Z n_lz exp(_%) , (1.1)

TOE N~ exp|-
72h 4&4n leEn E.) &

wherem ande denote the electron mass and charge, respectiwdly/the fine-structure
constanti denotes the vacuum permittivity; aid = 7nfc®/(ef) = 4 x 10V ecm™?

is the electric field strength scale defined by the electron mass and other constants of
nature. As the creation of an electron-positron pair by this mechanism requires a very
large electric field strength, it isfiicult to realize in a laboratory. To date the mechanism
has not been directly observed, but experiments with high-intensity optical lasers (e.qg.,
Blaschke et al2006 or X-ray free electron lasers (e.@lkofer et al.2001) may be able

to do so in the near future.

Even in the absence of observations, pair creation by an external source is very in-
teresting from a theoretical point of view. It is closely related to Hawking radiation
(Hawking 1974 1975 and Unruh radiationynruh 1976 and provides a few explicit
examples to study the connection between non-perturbative quantum field theory and
perturbative expansions (see, el@unne & Hall1999. Furthermore spontaneous pair
creation plays an important role in the physics of the early universe, e.g. in reheating of
the universe after inflationT(urner 1983 and in the generation of perturbations during
inflation (Martin 2007).

Electric fields strong enough to create electron-positron pairs through vacuum de-
cay may exist in astrophysical systems such as magnéfas/ (1992 or black holes
(Damour & Rufini 1975 1976. In general it is however fficult to identify pair cre-
ation by vacuum decay in astrophysical systems due to the compé#egseof pair cre-
ation by photon — photon interactions and by photon decay in the presence of a magnetic
field (seeTreves et al2000for a discussion)Preparata et a(1998 have suggested that
charged black holes may be accompanied by a so-called dyadosphere, i.e. a macroscopic
region in space where the electric field is stronger than the critical value for vacuum de-
cay. The authors suggest that the energy that can be extracted from the black hole by this
mechanism may be fiicient to power a GRB (see alfamour & Rufini 1975. Itis
however questionable whether these strong electric fields can develop over astrophysical
distancesRage2006).

Because neutrinos carry weak nuclear charge, a macroscopic configuration of neu-
trons may create pairs of neutrinos in a very similar manner. The production of neutrinos
by this mechanism in a neutron star was considered earlieobl (1990, Kachelriess
(1998, andKusenko & Postm#2002, who treated the problem with a non-perturbative
formalism. In this dissertation we study this mechanism using perturbative quantum
field theory. An advantage of this method is that it is not limited to a specific source but
allows us to draw conclusions with a broad applicability. Furthermore, we gain further
insight into the mechanism by comparing our findings to the non-perturbative results



derived earlier Kusenko & Postm&002 and by comparing neutrino pair creation to
electron-positron pair creation.

Creation and emission of neutrinos in gamma-ray bursts

Whereas the interest in spontaneous pair creation is largely driven by theory, research on
GRBs is mostly driven by observations. In fact, theorists have for decades struggled to
explain the observed properties of GRBs, which were by many regarded as the biggest
mystery in astrophysics.

Since the cosmological origin of GRBs was firmly established by the first afterglow
observation in 1997Costa et al1997, Frail et al.1997, Van Paradijs et all997), there
has been a lot of progress in our understanding of this phenomenon. Observations have
shown that at least some GRBs are connected with supernovae, indicating that these
are ultimately caused by the core-collapse of massive stars Paradijs et al200Q
Woosley & Bloom2006. According to the leading ‘fireballblast wave’ paradigm (see,
e.g.,Mésaros2006 for a review), the energy that is liberated by such a catastrophic
event is initially contained in a very hot and dense plasma (the fireball) which devel-
ops into a highly relativistic collimated outflow. In this process, the available energy is
transferred to kinetic energy of the baryons that are contained in the outflow. Far away
from the GRB central engine, the kinetic energy in this blast wave is partly dissipated
by shock acceleration and emitted in the form of gamma rays. The remaining energy is
dissipated in the subsequent interaction with the external environment, which results in
the afterglow.

The blast wave model correctly describes the general features of both the prompt
gamma-ray emission and the afterglow emission, but important questions remain. For
example, how is the initial fireball formed and how is it collimated? Is the relativis-
tic outflow dominated by thermal energy or can electromagnetic fields be energetically
important? What is the nature of the central engine that powers the outflow? Recent
observations by the SWIFT satellite (e glésaros2006 have both provided new clues
to existing questions (e.g. evidence for extended central engine activity) and raised in-
triguing new ones (e.g. the possibility of a new population of low-luminosity bursts).

GRBs are well-known candidate sources of cosmic neutrinos: reasonably large neu-
trino fluxes are expected in the tens-of-MeV range from the initial fireb#&lisn@ar
1999; in the ~10-GeV range from neutron — proton collision in the accelerating out-
flows (Derishev et al1999h Bahcall & Mészaros200Q Mésaros & Ree000); in the
~100-TeV range from the interaction of shock-accelerated protons with GRB photons
(Waxman & Bahcalll997); and in the~1-EeV range from the interaction of the fireball
with the external mediumWaxman & BahcalR000).

In this dissertation we address the issue of how neutrinos can be used to gain a better
understanding of GRBs. We consider the creation and emission of neutrinos by three
different mechanisms that take place iffietient phases of a developing GRB: by leptonic
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processes in the initial GRB fireballs, by inelastic neutron — proton scattering in the
accelerating outflow and by proton — proton interactions when the outflow is traversing
the preburst stellar environment. Neutrinos originating from each of these mechanisms
may provide useful information on the physics of GRBs. This is discussed in more detail
in the following.

Neutrino emission by the initial fireballs in GRBs Fae observed high luminosity
and rapid variability of GRBs imply that the initial fireballs should contain a huge amount
of energy in a relatively small volume. In such an environment one expects a prolific
creation of neutrinos. We study the creation and emission in these early GRB fireballs to
establish whether there are regions in the parameter space of the fireball where cooling
by neutrino emission is sdficient that it would terminate the developing GRB in the
first phase of development. This may then put constraints on the parameter space of the
initial fireballs in successful GRBs.

Neutrinos from neutron — proton collisions in the accelerating outflo®@re of the
important open questions regarding GRBs is as to the nature of the relativistic outflow.
In the standard fireball scenario, the energy that is liberated by the central engine is
initially stored as thermal energy of the fireball. Alternatively, the initial GRB energy
may predominantly be in the form of Poynting flux. The dynamics of the outflow is
very different in both cases: for the fireball model, radiation pressure accelerates the
flow in such a way that the bulk Lorentz factbris proportional to the distance from
the central engine during the accelerating phadeaczyiski 1986. For the ‘AC’ model
(Spruit et al.2001 and references therein) — a concrete realization of Poynting-flux
dominated GRB outflows — the acceleration is much more gradual and the bulk Lorentz
factorT is proportional tor'/® during acceleration@renkhahn2002 . We investigate
how the diterence in dynamicsficts neutrino production in inelastic neutron — proton
interactions in the outflow and whether this neutrino emission can be usetttedtiate
between the fireball model and the AC model.

Neutrinos from proton — proton collisions in choked GRBslr-the light of the
observed connection between GRBs and supernovae it is an interesting possibility that
the formation of a fireball is quite a common phenomenon in supernovae but that only
very energetic fireballs havefiicient power to traverse the pre-burst stellar environment
and give rise to an actual GRB. In such a scenario it is assumed that fireballs with less
energy are stopped below the stellar surface so that any electromagnetic emission is
absorbed by the stellar material. However, if shocks form in the fireball at a substellar
radius, protons (either cosmic-ray protons or protons contained in the fireball) can be
accelerated and collide with target protons in the flow or with the pre-burst environment.
This gives rise to high-energy neutrinos, which are likely the only observable signal that
can indicate the existence of such a class of choked GRBs. We investigate what these
neutrinos, if observed, can tell us about the physics of choked GRBs. For this purpose
we derive a parameterization for the energy and angle distribution of pions and kaons
created in energetic proton — proton collisions. This parameterization is presented as a



separate result because it can be applied to many other astrophysical scenarios.

Outline of this dissertation

This dissertation is divided into parts following the two subjects discussed above. Spon-
taneous pair creation is discussed in chafensd3, while the creation and emission of
neutrinos in GRBs is the subject of chaptérs.

The present introduction constitutes chagtein chapter2 we discuss both pertur-
bative and non-perturbative formalisms to compute the number of particles created by an
external source. This provides a theoretical background for chaptewhich we study
neutrino pair creation by an external source using a perturbative method and compare
our findings to earlier results that are based on a non-perturbative method. In e¢hapter
we consider the creation and emission of neutrinos in the very first stage of a GRB fire-
ball. Chaptels concerns the dynamics of neutron-rich GRB flows and particle creation
by inelastic neutron — proton collisions in these flows. Here we compare particle emis-
sion for the fireball model with particle emission for the ‘AC’ model, which is based on
magnetic reconnection in Poynting-flux dominated GRB flows. In ch&ptex present
a parameterization of the energy and angular distributions of secondary pions and kaons
created in energetic proton — proton collisions. This parameterization is used in chapter
to investigate possible neutrino signatures of choked GRBs. We present our conclusions
in chapter8.
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2

Perturbative and non-perturbative methods in
spontaneous pair creation

based on work with M. Postma
(unpublished)

2.1 Introduction

Quantum field theory (QFT) predicts that dfsiently strong classical field can produce
pairs of particles through breakdown, or decay, of the vacuum. For electromagnetic
fields this d€fect has been investigated since the early days of quantum electrodynamics
(Klein 1929 Sauterl931, Heisenberg & Eulef936 Schwingerl951) and has received
considerable interest since (see, eBgezin & Itzykson197Q Cornwall & Tiktopoulos

1989 Kluger et al.1992. The creation of an electron-positron pair by this mechanism
requires a very large electric field strength0'® V cm= which is dificult to realize in

a laboratory. To date the mechanism has not been directly observed, but experiments
with high-intensity optical lasers (e.@®laschke et al2006 or X-ray free electron lasers
(e.g.,Alkofer et al.2001) may be able to do so in the future.

Pair creation by an external source is of great theoretical interest. It is closely con-
nected to phenomena that arise in quantum field theory on a non-trivial background such
as Hawking radiationfawking 1974 1975 and the related phenomenon of Unruh ra-
diation Unruh1976. Furthermore, a number of pair-creation problems can be solved
exactly and thus give insight into the relation between non-perturbative quantum field
theory and perturbative expansions. A well-known pair-creation problem that has been
solved exactly is due t&chwinger(1951), who considered the creation of electron-
positron pairs by a constant electric field and found that the probaility creating a
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pair per unit time and volume is given by the following formdila:

B aeB? & 1 nme
w=—3; Zﬁexp(— oF ) (2.1)

n=1

wherea ~ 1/137 is the fine-structure constagg;is the vacuum permittivityE is the
strength of the electric fieldn is the electron mass; arelis the electric charge. This
result is non-perturbative because the exponential term cannot be expanded in a Taylor
series arouné = 0. It may however be reproduced from a divergent perturbative series
through a Borel dispersion relatioB@nne & Hall1999.

In this chapter we discuss both the non-perturbative formalism of Bogoliubov trans-
formations (sectior2.2) and the perturbative QFT formalism (secti2rB) that can be
used to compute the number of particles created by an external source. This provides
the theoretical basis for the study on neutrino creation by an external source that is pre-
sented in chapte3. We then present in secti@4 a toy-model example, that we refer to
as the ‘time-dependent kink’, which can be solved exactly. We show explicitly that the
method of Bogoliubov transformation and the perturbative computation agree up to sec-
ond non-trivial order in the coupling constant for this particular source. For simplicity
we restrict ourselves to scalar quantum fields coupled to a scalar source in this chapter.
The methodology for fermion pair creation is very similar.

2.2 The Bogoliubov method

In this section we present a brief but self-contained introduction to Bogoliubdti-coe
cients and their use in pair-creation problems. For a more complete treatment the reader
is referred tdeWitt (1975, Birrell & Davies (1982 andBogoliubov & Shirkov(1983.

2.2.1 Quantum fields in a background

In free quantum field theory the dynamical behavior of scalar fields is determined by
the Klein-Gordon equation. This equation is solved by the standard plane-wave mode
solutionsuk(x) andvi(X):

U(X) = V()" = —— eriontRe (2.2)

V2w

wherewy andk denote the energy and the momentum, respectively. As these constitute
a complete set of wave functions associated with particigsand antiparticlesw),
any complex scalar fieldg(x) can be expanded in terms of these solutions with the

LIn this and the following chapter we use natural units, in whichc = 1.
2We consider a complex scalar field throughout this section. For a real scalar field one should églentify
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appropriate coicientsay andby:

3
609 = [ 1555 (A3 + B() . 2.3)

The classical field theory is lifted to a quantum field theory by promoting thicsts

a, andby to operators and imposing the appropriate commutation relationsl{eygson

& Zuber 1980. With these operators one can then construct a Fock space with a well-
defined number of particles.

The situation is more intricate when the theory is defined on a non-trivial background
(e.g., near a black hole or in de Sitter space) or when the scalar fields are coupled to an
external source. We consider here the case that the fields are coupled to a spatially
homogeneous, time-dependent source that manifests itself as a time-depéiedtnee
scalar masen(t). The wave equation fas(x) can be expressed as follows:

ot?

We now consider a complete set of momentum eigenstates that solve the wave equation
and that are grouped into two sétg(x) andV(x) which are conjugate in the sense that
Uk(X) = Vk(X)*. As the source depends only on time, we factorize the time-dependence
and express these solutions as

(‘9—2 -V2 4 m(t)z) #(x) = 0. (2.4)

Uk(x) = fu)e, (2.5)
where the functiorfy(t) should obey:
62 kZ 2 f _
etk m(t)<] fk(t) = 0. (2.6)

Note that this is a second-ordelfférential equation which admits two independent so-
lutions for everyk. We insist that the mode functions satisfy the Wronskian condition

Wi ] = SO - RO =1, 2.7)

where the prime indicates a derivative with respect to the tini¢ote that eq. 4.7) is
time-independent ify(t) and f/(t) obey eq. 2.6). The Wronskian condition expressed
in eg. @.7) guarantees orthogonality of the conjugate solutions with respect to the inner

product
: op,  dp1
_ 3 2 *

where the integral is over an equal-time hypersurface. Here and in the following we
normalizef,(t) such that:

(Uk, Vp) 0; (2.9a)
(UoUpy = ~(Vi, Vp) = (20°(K- P). (2.9b)
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Such a set of conjugate mode solutions is a natural generalization of the plane-wave
solutionsuk(x) andvi(x) for scalar fields in a non-trivial background.

2.2.2 Bogoliubov codficients

Because the set of conjugate solutigig, Vi} is not uniqué, we may express any par-
ticular field configuratiom(x) in terms of diferent bases. Here we consider twiielient
bases, that we denote as barred and unbarred:

d3k

PoE (3U) + bVi(x) . (2.10)

3
$(x) = f %(akuk(x)mivk(x)):

By virtue of completeness we can expand the elements of the barred basis in terms of the
unbarred basis elements (and vice versa):

— dep
U(X) = Pr (akpup(x)wkpvp(x)) (2.11a)
_ d3

Vi(¥) = 2 (ﬂkp p(¥) + aj Vp(¥) . (2.11b)

which defines the, time-independent, Bogoliubovfio@ntsay, andpyp. Note that
there are two independent Bogoliubov ffagents (instead of four) because of the con-
jugation relationship/,(x) = Uy(X)*.

If the external source is homogeneous, as we assume here, the Bogoliulfov coe
cients are diagonal in momenta and we can write:

(Ui Up) = —(Vp, Vi) = (21)36(K — P) e ; (2.12a)
~(Uk, Vp) = (Up, Vi) = (20)°5(K — P) Bc, (2.12b)

Qp

ﬁk,p

whereay andB, obey the useful relatioj*~|B/* = 1. Factorizing the time-dependence
of the conjugate solutions as in e@.%), we find that

i (ff @) - K O ) 5 (2.13a)
(@R - K Of() . (2.13b)

@k

Bk

which expresses the Bogoliubov d¢beients directly in terms of solutions to equation
(2.6). The time-independence af andgy follows from the fact that the right hand sides
of egs. @.13 can be expressed as Wronskians.

3In free field theory in Minkowski space the set of mode solutions is unique up to Lorentz transformations,
making it a special case (e.@eWitt 1975.
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2.2.3 Choice of vacuum density of states

For quantum fields in a non-trivial background, there is no unique expansion into mode
solutions and hence no unique definition of creation and annihilation operators. The
annihilation operators corresponding to the unbarred mode functions define a vacuum
state|0):*

al0)=0; b0)y=0. (2.14)

Similarly, the barred annihilation operators define a vacuum K_I)ate

ad0)=0; b0y =0. (2.15)

The two vacua are ffierent states, and the stigwill contain particles from the ‘barred’
point of view. The operator&y, by} and {ay, by} are related through the Bogoliubov
codficients so that the density of states with momentim the statg0), as measured
in ‘barred’ quanta, is equal to:

_ &°p d%q
= (Olajaul0) = e (zﬂ)gﬁk oBralOlbgb}|0) = (W D ol (2.26)

Using box normalization to extract a volume factor, this further simplifies to

Ni _ 2 _ 1 2 2
v = B = 5 (lend? + 187 - 1) (2.17)

which gives the density of states per unit volume. The number of created antiparticles
is equal to the number of particles, as can be demonstrated explicitly by evaluating
<0|b b|0).

2.2.4 Adiabatic number operator

Equation 2.17) formally expresses the number of particles in the vacuum state associ-
ated with a given set of mode solutions, as measured in quanta of another set. There are
infinitely many choices of mode solutions and it there is no a priori reason why any par-
ticular choice would be most suited to describe particle creation by an external source.
From a physical point of view, a natural choice for the mode solutions is such that the
Hamiltonian is diagonal in the corresponding creation and annihilation operators. This
requirement defines the adiabatic mode functinﬁand f,fd*, together with the adia-

batic creation and annihilation operatafS® andb2®).

4The term ‘vacuum state’ may be confusing here because there is no clear physical interpretation of these
states. Following the literature however, we will use ‘vacuum state’ to denote a state that is annihilated by a
given choice of annihilation operators.
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The Hamiltonian of the system of quantum fieltlaith a time-dependent mass can
be expressed as follows:

H(t) = % f b (I + (V9)? + m(t)¢?) , (2.18)

wherell = ¢’ is the canonical momentum. We now demand that the Hamiltonian is
instantaneously diagonalized at a specific timeto:

d*k wi(to)

_ adt jad adtad
H(to) = o 2 (884 e+ b0+ 1), (2.19)
which requires that the adiabatic mode function obeys:
6fad
K = —iwk(to) F2%to) . (2.20)
ot |,

The adiabatic number operator is now defined as follows:
NG9 = ap4agd, (2.21)

It can be shown that the vacuum state associated with these annihilation operators corre-
sponds to the physical ground state, i.e. the state with lowest enetgy tat
We now consider an external source that becomes constantat-co. Suppose
that f,i”(t) is an exact solution of equatio.6) for this particular source that reduces to
the usual plane-wave solution in the limit> —co. This implies that the vacuum state
|0)in associated with this solution reduces to the usual Minkowski vacuum-forco.
From eq. 2.17), we find that the particle density as measured with the adiabatic number
operator at timey is equal to

Ne(to) 1
vV 2
where the Bogoliubov cdgcientsax andgi are given in egs. .13 with fi = fll”,
fi = ff‘d, and evaluated dt= ty. Using equation4.20) this further simplifies to
NE(to) 1
\% za)(t())

This equation gives the number density of particles created by an external time-dependent
source, measured with the adiabatic number operator.

(lon® + B> - 1), (2.22)

— @ |flin(t0)|2 + |flin'(t0)|2 _ % . (223)

2.3 Vacuum decay in perturbative quantum field theory

2.3.1 Vacuum decay and generating functionals

Spontaneous particle creation in vacuum can be viewed as the decay of the asymptotic
‘in” vacuum state to a diierent ‘out’ state. This suggests to express the probability of
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vacuum decay in terms of the quantum-mechanical overlap of the ‘in’ and ‘out’ states as
follows:

W 00N W= f dxw(x) (2.24)

wherew(x) is the probability per unit time and volume that two or more particles are
created at spacetime positign

In quantum field theory, the asymptotic ‘in’ and ‘out’ vacua are related through the
scattering operatd®:

(001 = 0510, = @7 exp|i [ 6% |0 (2.25)
where£; denotes the interaction Lagrangian that we take to be of the following Yorm:

L0 = 5607 (2:26)

Here j(X) is a prescribed, external source that creates quanta of the scala. fiéle
define the generating functional of Green’s functidfg in the usual way:

Z[1]

<0IS|0>

(2n2| f d*%q ... 0% (%) - (%) GnlXe, -, Xn),  (2.27)

where the Green’s functiors, are given by:

Gn(X1,- - -5 Xn) = (01T ¢(X1)b(X1) - . . ¢(Xn)$(Xn)IO) . (2.28)

Note that allp terms appear here in pairs of two due to the quadratic coupling of the
fields to the sourcé as expressed in eR.@6).

The generating functiondV[ j] of connected Green'’s function is related4pj] ac-
cording toZ[ j] = exp (W[ ]]), where

'Wlll—Zznn. [ a0 . 00 G ). (2.29)

The leading factor is a convention to ensure th@g is the subclass db, that is repre-
sented with connected Feynman diagrams. For the interaction Lagrangian given in eq.
(2.20), it is easily verified that exponentiation of the connected Green’s function indeed
leads to the full set of Green’s functions with the proper prefactors.

5Note that the coupling of the quantum fields to the external soutBerslifrom the usual construction to
derive correlation functions in perturbative quantum field theory. In that case the source is coupled to the quantum
fields through g¢ term and the limitf — O is taken at the end of the computation. Because of tfierdint setup
we construct the Green'’s functions from the interaction Lagrangian explicitly.
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The decay paramet&¥ that is defined in equatior2 (24 is related tow][ j] through
W =2 Im W[ ]]. SeparatingV into contributions at dferent orders of, we express

W = Z Wi, (2.30)

where

W, =2 Im[ Sl fd4X1 d*%j(x1) . . . j(%) G (%1 Xn) (2.31)
o (X1, ..., .

is then-source contribution to the vacuum decay probability

2.3.2 Connected Green'’s functions and loop diagrams

We now consider the connected Green’s functidh®. Using Wick’s theorem we
evaluate the time-ordered product by summing over all possible contractions of the fields
¢. The only way to contract all fields in a connected way is by constructing a loop. Hence
we express

Gr(X1, ..., Xn) = SnSE(X1 — X2)SF(X2 — X3) ... SF (%0 — X1), (2.32)

where

d? p e ipa—xe)

Sr(X1 = %2) = (01T ¢(x1)$(%2)I0) = i 2 PP e (2.33)
denotes the Feynman propagator, and
Sh=2"Yn-1) (2.34)

is a combinatorial prefactor that gives the number of ways in which the fields can be
contracted to a loop. If there are more topologically distinct ways to combine the propa-
gators to a loop, we should average over these possibilities.

After inserting expressior2(32 in eq. .31 we perform the integrals oveg to
transform the equation to momentum space. We then shift the momenta to isolate a
single loop momenturg and find thaw\,, can be expressed as follows:

n

L 4
Fll_l[ | éﬂ—p);j(pi)(znm(z pj]Ln(pl,...,pn) ,

=1

Wy = Im (2.35)

whereL, denotes the scalaxpoint function:

4
Ln(p1,- ... Pn) :=f%sp(q)sp(q+ P)...SE(d+Pp1+...+Pr1) . (2.36)
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In this expressioiBg denotes the momentum-space Feynman propagator:

1
Se(g) = (m) : (2.37)

Equation 2.35) gives the rate of vacuum decay due to particle production for an arbitrary
sourcej to any ordem in perturbation theory in terms of the scafapoint functionL,,.

2.4 Example: scalar pair creation by a time-dependent
kink

2.4.1 Setup

In this section we consider particle creation by a spatially homogeneous, time-dependent
field configurationpp:

¢o(t) = Btanhpt), (2.38)

which can be thought of as a domain-wall in the time domain with heigtdritl transi-
tion speedg.

When this field is coupled to a quantum fieldhrough the usual quartic coupling
between scalar fields, the Lagrangian for the figtwhn be written as

L0 = 500000900 - 578+ b0 (0704
= 20,0007609 - 007 - D g2 (2:39)

In the last line we shifted the mass and the source so that the latter goes to zero at infinite
times:

m = ng+B?; (2.40)
jt) = B?(tantf(ot) - 1). (2.41)

The sourcg(t) will be referred to as the ‘time-dependent kink’ source in the following.
Note thatB? acts as a coupling constant.
The Fourier transform of the time-dependent kink is giveripy = j(p°) [(27r)36(ﬁ)],
where
. aB?p°S(p°
i(p°) = —F;—z(p). (2.42)

In this expression we introduced the convenient shorthand notation

S(p°) := sinh? (7%0) , (2.43)
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which will be used frequently hereafter.

In the following we compute the number of particles created by this source using both
the method of Bogoliubov transformations and a perturbative calculation based on loop
integrals. We note here that the problem of fermion pair creation, which is mathemati-
cally closely related to scalar pair creation, by this source was solvétbbyzhnyi &
Nikishov (1970; see alsdRubakov(1984 andCornwall & Tiktopoulos(1989. A sim-
ilar problem was discussed IBirrell & Davies (1982 in the context of cosmological
pair creation in an expanding universe.

2.4.2 The Bogoliubov method

Because the source that we consider here is homogeneous it is convenient to express, as
before,¢x(X) = exp (kX)f(t). From the interaction Lagrangia@.89), it follows that
fk(t) should obey:

(j—; +I2+ m(t)z) fi() =0, (2.44)

where the time-dependent mass is given by:

m(t) = /P + j(t). (2.45)

In the infinite past or infinite future, eq2.44) reduces to the free-field case with fre-
guencyw = we := VK2 + ne.

To apply the method of Bogoliubov transformations described in se2t@mve first
have to solve the étierential equation.44) that describes the dynamics of the quantum
scalar fieldp(x) in the presence of the external source. Factorizing the time-dependence
as fi(t) = exp Fiwt)gk(t), we find after some algebra that e®.44) can be rewritten
in the following form:

8?%(2) ok(2) _
z(1- Z)F +(c—(@a+b+1) 5, abg(2 =0, (2.46)
where
, - 1+ tanhﬁ)t); (2.47a)
2

1 1 4B2
a = §+§ 1_,0_2, (247b)

1 1 4B2
b = 5-3 1—p—2, (2.47¢)
C o= 1o (2.47d)
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This allows us to express solutions of eB.44) in terms of the hypergeometric function
2F1. We choose two independent mode solutions that reduce to the plane-wave mode
solutions at infinite times:

' = exp(-iwet) 2F1(a b, c,2); (2.48)
1
o) = exp(—iwat) 2F1(a,b,2-c,1-2), 2.49
k (®) N P(-iwwt) 2F1(a, ) (2.49)
whose asymptotic behavior is:
fii”(t — —o0) = fM(t - o0) = \/le_w exp(-iwewt) . (2.50)

This means that the solutimﬁ‘ (¢2"") reduces to the free-field plane-wave mode solution
att - —oo (t — o). We note here that the case of an asymmetric domain wall, i.e.
¢p(t) = A+ Btanhpt), is also solvable in terms of hypergeometric functions but we
restrict ourselves to the cage= 0.

Using the properties of hypergeometric functions (Agramowitz & Stegurl972),
we find that the two sets of solutions can be related through the expansion

fe" = @ £+ B, (2.51)
where
o _ I(@'c-a-h)
% T Tc-arc-b’ (2.522)
: rer(a+b-c
10 —
e OO (2.52b)
Hence the asymptotic behavior Qf' at very late times is:
- B
f0(t = —— exp(—iwet) + —— exp(iwt) . 2.53
k(ﬁw)mp(w)mp(w) (2.53)

We now apply eq.Z.23 to obtain the number of particles as measured with the adiabatic
particle number operator. From the asymptotic behaviof,diin the infinite past, it
follows directly that

N2 we [ 1 1 (we) 1
=S = )y = (E=)_Z_-0. 2.54
V. .2 (Za)oo)+2a)w( 2 ) 2 (2.54)
In the infinite future, we use eg2.63 to find that
N 1) opivat | piogwet2 . L1 ioqi piogwat|2 _ L
— = |ole't + e+ S |—iade st +ig et - S
vl = 4 R -

cos(r/1-4B%/p?) + 1

2 sinf(mwe /p)

% (10 + 1BOP) = , (2.55)
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whereB may in general be larger thap #in which case the cosine becomes a hyperbolic
cosine). This equation gives the number density of particles with momekfenunit
volume created by the time-dependent kink from the infinite past to the infinite future.
Sincew?, = k? + n? it is immediately clear from this result that the spectrum peaks at
k = 0. The number of particles per unit volume equals

N Bk g 200 m
v (27r)3de =7 (cos(n./l - 4BZ/p2) + 1)g(z) ; (2.56)

where the functior® is defined as follows:

G(x) = x3floo duuVu? — 1 sinh?(2ux). (2.57)

This result indicates that particles will be created by the domain-wall even though the
asymptotic ‘in’ and ‘out’ vacua are identical (up to a phase) so that particle production by
the time-dependent kink should be regarded as a dynantfeat.eFor further analysis it

is useful to express the result.§6) in terms of the dimensionless parametrs: p/m

andb := B/p (reinserting: andc):

3
g —85x 10" cm3 (%) (cos(r VI—4p?) + 1) a?(%) . (2.58)

Pair creation is mostfiective for large values o& and b, where eq. 2.58 is well
approximated with:

N 3
J =88x10° cm—3(%) B (@as1b>1). (2.59)

For small values of the particle density is exponentially suppressed while for small
values ofb the number of particles scales witf

a‘@(%) ~ \/éexp(—%ﬂ) (a<1); (2.60a)
cos(rVi-4)+1 = 27%0*  (b<1). (2.60b)

In both cases the low particle density is a result of the fact that the source evolves nearly
adiabatically. It can be shown thaf/w? < 2a%b?/(3V3), wherew(t) = k2 + m(t)2.
Hence low values o& andb imply thatw;, < w?, indicating adiabatic evolution.

2.4.3 Perturbation theory

The non-perturbative result given in eR.%6) is an analytic function arounB? = 0
(recall thatB? acts as the coupling constant). This implies the existence of a unique
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Figure 2.1: Scalam-point diagram. The figure shows the labeling of the exterpaland loop ¢;)
momenta.

perturbative expansion arou = 0. Up to the first two non-trivial terms, we find the
following expansion:

N [(4B* 8BS m 3
v ( )g(z)+O(B ). (2.61)
Note that, in deriving this expression, we treat the mass at infinite timgather than

the bare massy) as an independent parameter.

In this section we consider the problem of pair creation by the time-dependent kink
from a perturbative point of view in order to reproduce the first terms in the series ex-
pansion 2.61). In section2.3we expressed the rate of particle production by an external
sourcej in terms ofn-point contributiondA,. Equation 2.35) gives the contributioWV,
as a function of the scalarpoint functionL, and source insertions. Tinepoint function
can be represented by the Feynman diagram shown i.fig.

— +
o3 33

d4q n-1
IMnpt = f 20" gp(qi) = Ln, (2.62)
where® denotes a propagator, i.e.
P(q) = (;] (2.63)
4 = - +ie) '

Herem is the mass of the particle in the loop. If the source only has a non-zero time
component, as is the case for the time-dependent kink source, the in®2§2xlcan be
solved for anyn (see appendik.A).
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Due to momentum conservation the first contribution is from two sources. From eq.

.39,
i 4
we=m|5 [ GRimicnum). (2,69

Because the time-dependent kink source only has a non-zero time component we can
o 2 ,
use box normalization to replaﬁ@r)%(ﬁ)] — V(27)35(p) and find that

W 1 [ dpf
\Y (2m)

Inserting eq. 2.81) from appendix2.A for the imaginary part of the amplitud&(,_,
we find

)P IM [ Mo-p] - (2.65)

(2.66)

W _ - A2 ()
v 32ﬂ2f dp’li(p%) (po)z—ﬂspg %)

where the functiory was defined in €q.2(57). The next contribution is from the three-
point function:

—i (d%py dpp ., . .
W; = Im 3 (Zﬂ)4wl(p1)l(p2)l(—p1 = P2))La(p, P2)| - (2.67)
Similar to the two-point contribution we use box normalization to write
Ws dpf p(z) 0_ 0
YV =3 @@ POIEDICPE - P2 Im [ Moy (2.68)

Inserting eq. 2.82 from appendix2.A for the three-point function and inserting the
time-dependent kink source we find that

W
v ° 19206f dp; f dpd pIp3(p3 + P)S(P)S(PS(P + p3)

f(pd + p9) — f(p9) - f(pI)

. (2.69)
P9 + pIllpYlIpS)l
whereS was defined in eq.2(43 and the functiorf is defined as:
f(x) 1= 0(x% - 4n?) V2 — 4n?. (2.70)

After some algebra we arrive at the following result for the three-point contribution to
the probability of vacuum decay:

W;  4B® (mm
vl e
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In deriving this relation, we used the following formula to reduce the product of three
functions to a product of twe& functions:

u+v u-—-v

f dvs(—)s(—) — 2uS(U). 2.72)
0 2 2

Up to orderj? only two particles can be created simultaneously so that, to this order, the
number of particles created per unit volume is twice the probability of vacuum decay.
Adding egs. 2.66 and @.71) we find that

N W, Wi\ (4B* 8BS\ (7m
N 22(_ _)= iR -1 Sl I 2.73
V‘O(P) vV (pﬂ3 s G 20 (@.73)

which is in keeping with eq.2.61). We find, therefore, that up to the second non-trivial
order the perturbative computation with loop integrals presented here reproduces the
non-perturbative result of eq2.66).

2.5 Discussion

In this chapter we discussed the creation of particles by an external source through vac-
uum decay in scalar field theory. We presented a brief but self-contained treatment on
how Bogoliubov transformations can be used to compute the number of particles created
by an external source in a non-perturbative manner. We also discussed vacuum decay in
perturbative quantum field theory. This chapter provides a theoretical background for the
next chapter, where we consider the creation of neutrinos by an external source. There
we present an estimate of the neutrino pair creation rate that is based on perturbative
guantum field theory and we compare this to non-perturbative results derived earlier by
Kusenko & Postm#2002).

As an example of the presented formalism we considered pair creation by a specific
source called the time-dependent kink source (see24l)). We presented the exact,
non-perturbative, result for the number density of particles created by this source in eq.
(2.56). In contrast to the well-known result for electron-positron pair creation in a strong
electric field (see eq.2(1)), the resulting formula is analytic iB> = 0 (whereB? is
the coupling constant) which implies the existence of a unique, convergent perturbative
expansion. Using perturbative quantum field theory we recover the first two non-trivial
terms of this expansion in eq.2.f3. The results obtained here can be generalized
to fermion pair creation problems to further investigate the relationship between non-
perturbative results and perturbative expansions. In this light the result presented in
appendix2.A, where we show how the imaginary part of the scalmoint function for
sources with only time components can be constructed fonasiyould be very useful.

Apart from providing an exactly solvable pair-creation problem, the time-dependent
kink source is also interesting from a cosmological point of view through the possibility
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of false vacuum decay. A universe that finds itself in a metastable, false vacuum may
decay to the true vacuum through a tunneling process. A closed universe may undergo a
homogeneous phase transition (Badakovl1984and references therein); alternatively

a bubble of true vacuum may emerge within the false-vacuum univeoseshin et al.

1975 Coleman1977, Callan & Colemanl977, Linde 1983. When the dierence in
energy density between the two vacua is small, the domain-wall between the true and
the false vacuum is essentially (up to scaling and Lorentz transformations) given by the
time-dependent kink source adopted in this chapter. Building on earlier \Barkyer

1981, Aoyama 1983 Rubakov1984 Maziashvili 2004, the results presented in this
chapter can be used to further study particle creation by such domain walls.

2.A The n-point scalar loop diagram with only time com-
ponents

2.A.1 The general case

We consider a loop diagram withinsertions of an external source with only a time
component (see figR.1). We denote the external momenta wigh(1 < i < n) and we
label the momenta in the loop as follows:

doi=0;  Gs0:=Q+ ) pi. (2.74)
=1

The diagram shown in figR.1is transcribed to the following expression:

4. n-l
Moot = f (gﬂ—‘;];[ﬂqi), (2.75)

where® denotes the propagator, cf. e8.§3.

When pair creation of particles is possible the matrix elenidrdevelops an imag-
inary part. Written as a function & where /s is the center-of-mass energy, a branch
cut develops along the reslaxis whenM develops an imaginary part. It can be shown
that the imaginary part and the discontinuity along the branch cut are related as follows
(see, e.g.Peskin & Schroedet995:

Disc[M] = 2i Im[M] , (2.76)

which is a manifestation of the optical theorem. The discontinuity can be computed
for an arbitrary number of source insertions using the Cutkosky cutting rQle&dsky
196Q see alsdPeskin & Schroedet995. We present this construction for time-like
sources in the following.
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The cutting rules prescribe that we should cut any combination of two propagators
appearing in eq.2.75 and sum the discontinuities of the resulting expression over all
combinations. Here cutting a propagator labeled witimeans replacing

P(G) > Pe(q) := —27i 5(q7 — ). (2.77)

The two delta functions that arise from these cuts, together with the spatial homogene-
ity of the external sources, allow us to explicitly perform the integral aifer After

some algebra it can be shown that cutting two propagators labededb leads to the
following discontinuity along the branch cut:

i 0= %) 1

Disc[M]ap = , 2.78
R A R A CEEACES 278)
where
f(x) = 6(x° - 4n?) V2 — an? (2.79)
was defined in eq.2(70), and
=0 Xu0:= ) P (2.80)
j=1

For the two-point function, the product in eg2.78), which corresponds to uncutted
propagators, should be replaced with unity. The branch-cut discontinuity of a given
diagram follows by summing eq.2(78 over all diterent combinations o& and b,
where botha andb take integer values between 0 amd 1.

2.A.2 Two- and three-point scalar loop diagrams

The imaginary part of the-point diagram for sources with only time components can
be constructed from equatio.78 in a straightforward manner. Here we explicitly
compute the imaginary parts of the two- and three-point function because these are used
in the main text and because they can be easily verified against the literature.

For the two-point scalar diagram, the routing of momenta is suchxthat 0 and
x. = pJ and there is only one way to cut both propagators. We find that

1 f(p) 1 MR o
& ) " Ioe 1—@9(@1) — an?) (2.81)

Im [Mz_pt] =

where the functiorf was defined in eq.2(70. In the three-point diagram there are three
different ways to cut two fierent propagators, resulting in the following three-term
expression:

1 f(PY) + fF(pd) — F(pd + pd

L (2.82)
16n 1P2P3IIP? + pd)

Im [Mg_pt] =
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To verify these results we have computed the imaginary part of the two- and three-point
scalar loop diagrams with time like sources following the prescriptioft bfooft &
Veltman(1979. We find that the results agree with equatiop8( and .82).
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Perturbative neutrino pair creation by an
external source

Koers, H. B. J. 2005, Phys. Lett., B605, 384

3.1 Introduction

Starting with Schwinger’s classical accouBchwingerl951) of electron-positron pair
creation by an external electric field, fermion pair creation has been the subject of con-
tinued interest. A variety of pair creation rates for specific external fields in quantum
electrodynamics can be found in the literature, sucBrazin & Itzykson(1970, Corn-

wall & Tiktopoulos (1989, Fried & Woodard2002, Grifols et al.(2002, Hounkonnou

& Naciri (2000, Kim & Page (2002, Kluger et al.(1992), Lin (1999, Neville (1984

and further references therein. The process exemplifies a true quantum field theory phe-
nomenon: the creation of particles from the vacuum.

Because neutrinos carry weak charge, one expects that an exdtdraabn field can
produce neutrino-antineutrino pairs in a similar manner. The concept of an exfernal
boson field can be seen as arising from a distribution of nuclear matter (in the sense of
Kusenko & Postm#2002). Neutron stars are a prime example of such a matter distribu-
tion and their neutrino emission by this mechanism was studied using non-perturbative
methods Kachelriess1998 Kusenko & Postm&002 Loeb1990. Pair creation of neu-
trinos is also studied in relation to the stability of neutron starskées & Tytgat(1999
and references therein. Althoudfachelriesg(1998, Kusenko & Postmd2002 and
Loeb (1990 find typical neutrino fluxes that are too small to be observable, we believe
it is worthwhile to study such a relatively unexplored neutrino source fronffardnt
point of view. In particular, we want to develop a method that is not limited to a specific
source but allows us to draw conclusions with a broad applicability. This can then be
applied to study e.g. neutrino pair creation by non-standard model weakly interacting
particles or domain walls.
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In the present letter, we study the creation of neutrino pairs in a perturbative way. We
present a first order computation of the pair creation rate per volume, with a dynamical
nuclear configuration acting as a source. The reasons for using perturbation theory are
twofold. First, the axial coupling to th&-boson prevents an easy generalization of non-
perturbative QED methods. Second, non-perturbative methods generally consider a very
specific source, or class of sources, from the start. The perturbative method is more
flexible in the sense that a specific source is folded in at the end. This allows us to keep
separate the physics of the pair creation process and that of a specific source.

In part, our computation was triggered by the results present€dsanko & Postma
(2002, in which the creation of neutrinos by a time-dependent nuclear distribution is
studied. One of the results Kusenko & Postm#20032) is that the overall rate is propor-
tional to the square of the neutrino mass. This implies that there can be no pair creation
of massless neutrinos. The question arises whether this is a manifestation of a general
chiral suppression mechanism or a consequence of the specific source considered. We
shall see that the perturbative viewpoint contributes to a more complete understanding
of this efect.

This chapter is organized as follows. In sect®@we discuss the theoretical back-
ground of pair creation processes for fermions and introduce the relevant quantities. In
section3.3, we discuss the perturbative computation. The result is then applied to neu-
trinos in sectiorB.4and we present our conclusions in sectioh

3.2 Pair creation physics

We study fermions that are coupled to an external sojrdde interaction Lagrangian
reads

Lint = ju()pOIT*Y (9. 3.1)

The source is fully prescribed and has no further dynamics. We choose the coupling of
the general form

I = y*(oy — cay”), (3.2)
wherecy (ca) is the vector (axial vector) cdigcient; the coupling constant is absorbed
in j.

Following Itzykson & Zuber(1980, we introduce the overlap of asymptotic ‘in’ and
‘out’ vacua to describe the pair creation process:

So(j) = (0, 0|0, —o0)j = (0, 0[S0, 00}, (3.3)

whereS is the scattering operator and the subscript is a reminder that a source is switched
on and d¢f adiabatically somewhere betweer —oco andt = co. The probability that a
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system that started in the vacuum state will remain in the vacuum state is then expressed
(Itzykson & Zuber1980 as:

(0, 00|0, —c0);|? = exp(-W) = exp(— fd“x vv(x)). (3.4)

For a positiveW, this probability is between zero and one which signals a non-zero
probability for the creation of a fermion pair. Now suppose th@t) = w is constant.

We can embed the system in a box of size T, write W = wV T and choose the box
small enough such tha¥ < 1:

0, 0|0, —co0)j[* = 1 - WVT, (3.5)

which supports the interpretation of the functis(x) as the probability per unit time
and volume to create a pair at space-time locatioBuch a rate density is the physical
guantity of interest. For QED, the Schwinger formubxwingerl951]) states that for a
photon field of the formA*(x) = j*(X) = (0,0, 0, —eEY),

2 (o)
W= “EOZE Ziexp( ””mz), (3.6)

~ |eH

whereq is the fine-structure constarg,is the vacuum permittivity, anchis the electron
mass. We mention tha€achelriesg(1998 and Loeb (1990 conclude that this result
extends to the case of neutrino pair creation by a source of the same form.

To compute the rate density, we use perturbative quantum field theory:

(0, 0|0, —e0)j = Z[j] = exp(iW[j]), 3.7)

whereW] j] is the generating functional of connectegboint functions' In this context,
W[ j] is also the &ective action for the external fielg(ltzykson & Zuber198Q Neville
19849.

The interaction Lagrangiar8(1) only contains a vertex that couples to the external
field. ThereforeW[j] represents an infinite sum of fermion loop diagrams, labeled by
the number of vertices which are all connected to the external field. In teristoat
was introduced in eq.3(4),

W =2 ImW[j] . (3.8)

The fermion loop diagram with one external field vertex is zero by momentum conser-
vation, so the first non-zero contribution is from the loop with two external field vertices,
i.e. the two-point function. This is the object that we will compute in secBd Its

1The use oW andW[ j] may be confusing, but both symbols are standard in the literature. The generating
functional will always be denoted with its argumgnt
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k+p

Figure 3.1: Fermion loop diagram with two external sources attached. The external field couples
directly (i.e. without propagators) to the loop.

contribution to the pair creation rat, is found by folding in the sources according to
the formul&

d*p . .
W, = - f #Jﬂ(mm—mlmwm, (3.9)

whereX*” represents the two-point function, with prefactors as chosen irBetf) ( For
time-like currentsj,(p) j,(—p) ImZ*'(p) < 0 since a probability cannot exceed one. For
a givenW, the pair creation density follows by extracting the functig(x).

There has to be enough energy in the source to put two virtual particles on-shell.
For the perturbative mechanism that we describe, this implies a threshold energy for the
source insertions. This is in contrast to the non-perturbaffeek which can be thought
of as an infinite sum of loop diagrams with an increasing number of source insertions.
This infinite number of sources conspire to create a pair and the amount of energy per
source insertion can be arbitrarily small.

For QED it is known that the real part of the sum of loop diagrams has a divergent
structure, which can be used to extract non-perturbative results by performing a Borel
transformation@unne & Hall1999. We do not know whether or not a similar procedure
can be applied in this more general situation.

3.3 The two-point function

The two-point function without external sources is transcribed from figuteWe find
that, in dimensional regularization with= 4 — ¢,

d'k tr[(k+m)F”(k+ p+m)FV]
20 (- +id(k+ p2l-nP+ie)’

wheremis the fermion mass. From ecB.6), we are interested in the imaginary part of
this expression, which is finite. Note that we integrate over the fermion momentum; in

27(p) = —iu® " (3.10)

2We use a metric tensg” = diag (1, —1, -1, —1) throughout this dissertation.
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the source’s rest frame (where the particles are created back to back), the fermion and
the antifermion each carry half of the energy.

Expression3.10 is reduced to a linear combination of scalar integrals in the fashion
of Passarino-VeltmarP@ssarino & Veltman979. A series expansion iareveals the
divergent structure, and after some algebra the problem depends only on the one- and
two-point scalar integrals. The one-point scalar integral is real, the two-point integral
develops an imaginary partji® > 4m?, which means there should be enough energy in
the source to create two fermions. If this is not satisfE#,is purely real and there is
no pair creation. The final result is the following expression:

1

m2(p) = (<5 - &)= (p) + (& + &) =i ()] 6(p? - 4nP) ; (3.11a)
Y(p) = 4an?4[1- %g‘”; (3.11b)
P = gn(ng*” -pp - %pf‘p” - ng*”) \/1— %- (3.11¢)

For some typical values of the parameteysandca, this result can be compared to the
literature Chang et al1982 Itzykson & Zuber1980).

From expressions3(11) we observe that for massless fermiaif$ = 0, so that only
the second term contributes. This means that the physics is qualitatively insensitive to
different choices ofy andca; only the square sum is quantitatively important. We con-
clude that the dierence between the two-point functions with twéelient normalized
sets of couplings (e.g. purely vector, purely axial vector) is proportionafto

The contribution due to the three-point diagram should be interpreted with care. In
QED it vanishes by Furry’s theorem, but for axial couplings it contributes to the axial
anomaly. This means one should verify that the final result does not depend on the
regularization procedure. For the present calculation, this is not an issue.

3.4 Neutrino pair creation to first order

3.4.1 The general case

We specialize to neutrino pair creation by putting= ca = 1/2 in the expression for
the two-point function.11). Combining eqgs.3.9) and @.11), we find

1 (d 4nr? . .
Wo = =52 | e OF° — 4 [1- = [Fo(p. )+ P7(p.D)] . (3.129)
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where
PPl - i-p]-[p- i) (p- i(-P)] ; (3.12b)
-n?[j(p) - ji(-p)] - % [P-i(P) (p-i=p)]. (3.12c)

Without loss of generality, we consider a source with a density component and a spatial
current in thezdirection:

1u(P) = (jo(P). 0.0, j3(P)) ; P. = (E. Pr. p3). (3.13)

Herep, labels the energy and momentum of the source. Though the current is directed
in the Z direction, we allow for a dependence on the transverse direction by legying
unspecified. The two terms i8.(L2 can be written as

Fo(p. J) —P2 (ljol? - 1jl%) - IE j3 — psjol®; (3.14a)
: vinng . : .
nPF(p, j) —m (E2|JO|2 + ps°lisl® — Eps (1013 + 1013)) (3.14b)
—n? (Ijol? - ljal?) -
We do not simplify these equations further, as we do not want to constrain the properties
of the source.

It is instructive to analyze the massless limit in more detail. In this casefnig
(3.12 contributes, so that

Fo(p. J)
mF(p, j)

4
We(m=0) =~z [ 5 [P i) - (- I P i-p)] . @19

In analogy with QED, we introduce a field strendtfy(p) = ip, j.(p) — ip.j»(p) and its
‘electric’ and ‘magnetic’ component andB; and find:

1 d*p ,
Wem=0) = -z2 &5 [Fu(PF-p) (3.16a)
_ L (9P EMECD-BMBED].  (3.16b)
= om (27T)4 i(P)Ei(—P, i(P)Bi(—P)] - .

This is exactly half of the QED resulttgykson & Zuber1980 if we insert a factog?
from the coupling constants, which reflects the discussion in the previous section. In
eIectrodynamicsE andB are the physical electric and magnetic fields and one can go to
a frame in whichB = 0. Then eg. 3.16) yields a positive result from which we conclude
that the creation of massless particles by the two-point mechanism is in general possible.
Eq. 3.16 is consistent with the massless limit of the first-ordeetive action in an
axial background that was computedMwproto (1999.

It is interesting to compare this result to the creation of neutrinos by an external
electromagnetic field as computed Bjes & Shaisultanoy2000. In that case, the pair
creation rate is proportional to? and depends on the electromagnetic invarians.
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3.4.2 The time-dependent density

We consider a time-dependent distribution of nuclear matter, described by the following
source ternt.

. Ge _ .
i = 7;<nyﬂ(1—y5)n>=(Jo(t),o,o,0); (3.17a)
o) = %nN(t), (3.17b)

whereny is the number density of the nuclear matter distribution &gpdis Fermi's
constant. This is the specific background that we refer to as a time-dependent density.
Our main motivation for this source is to compare the perturbative results with the non-
perturbative results dfusenko & Postm#2002).

For simplicity (and because any source can be decomposed into a trigonometric sum)
we assume a monochromatic sour¢gt) = Eq coswt. In Fourier space, this is

jolp) = 2(20*S(H) IO(E - ) + o(E + )] ; (3.18a)
Eo = G—\/anN(O) (318b)

Inserting the source3(18 into eq. .9 results in products of delta functions. We

employ a box normalization procedure to reduce these to a single delta function and a

factorV x T and find

G2 (ny)?
8

Using eq. 8.11), withcy = ca = 1/2, we see

Wo = VT [Im£%%w; p = 0) + IM=%(-w; = 0)] . (3.19)

n? 4
IM2(+w; B=0)= ——+/1- —, (3.20)
8r w?
leading to the following pair creation probability per unit time and volume:
_ W, n¥ ae o,

The rate density scales with the square of the nuclear density, as expected for the two-
point mechanism.

We see that the rate is proportionahtd, which could have been anticipated from eq.
(3.14) because the time-dependent denstyl {) is characterized bys = pr = p3 =0

3This source originates from arffective four-fermion description, sé@isenko & Postm#2002). Note that
j* contains the axial current; since the neutrons are massive, axial symmetry is broken and the current need not
be divergence-free.
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so that¥o(p, j) = 0. Kusenko & Postmg2002 also find then? proportionality for
sources with a time-dependent current in grdirection. Equation3.14) suggests that
such sources can contribute to first order for a zero neutrino mass.

To derive an order-of-magnitude estimate for the number of created neutrinos per
unit volume per unit time, we take the square root factor in 8@1j of order unity, use
a neutrino mass of.0 eV and assume a ‘reduced dens®B¢ny/ V2 ~1eV,suchasin
a neutron star{usenko & Postm20032):

2
Wh = O1levy (2eV?) ~ 10%eV* ~ 10 s e @, (3.22)
32

At the pair creation threshold, this creation rate corresponds to an energy output of the
order 18° erg cn® s71. Kusenko & Postm#2002 estimate the energy output of neu-
trinos that are created non-perturbatively by an oscillating neutron star to be of the order
10° erg cn3 s71. However, these numbers should not be compared because the (realis-
tic) driving frequency that is considered Byisenko & Postm#2002) is so low that the
perturbative mechanism is not operational.

As follows from eq. 8.11), there can only be pair creation by the two-point mecha-
nism if w? > 4mP. With a neutrino mass of.0 eV, the creation of a neutrino-antineutrino
pair requires a driving frequency of at leastB**Hz. The coherence length of such a
system is roughly 1@ cm, so it is not very feasible to look for an oscillating astrophys-
ical object that would produce an appreciable number of neutrinos with this mechanism.
However, the value of our computation lies in its general applicability. We are not limited
to this particular type of source, and we believe it may be interesting to study sources of
a more transient nature such as a forming neutron star. Alternatively, one could consider
weakly interacting particles beyond the standard model or domain walls as a source.

3.5 Conclusions

We have described pair creation of fermions by an external field to first order in per-
turbation theory and found the contribution by the two-point mechanism for a general
coupling. Our main result is eg3(L1), which should be interpreted in the context of eq.
(3.9. We observe that at this order in perturbation theory, tifemince in pair creation
rates between two sets of normalized couplingfitoients{cy, ca} is proportional to the
square of the fermion mass.

For the case of neutrino pair creation by a distribution of nuclear matter, we have
derived expressions(12 and @.14. From this result we observe that, to first order,
neutrino pair creation is possible with a suitable source if neutrinos would have been
massless particles. We then considered pair creation of neutrinos by the time-dependent
density of eq. 8.17). For this specific source, we conclude that the production rate due
to the two-point contribution3:21) is proportional to the square of the neutrino mass.
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This conclusion is in qualitative agreement with the non-perturbative result derived by
Kusenko & Postm#2002).
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The dfect of neutrinos on the initial fireballs in
gamma-ray bursts

Koers, H. B. J. & Wijers, R. A. M. J.
2005, Mon. Not. R. Astron. Soc., 364, 934

4.1 Introduction

Due to their tremendous energy, and in view of the connections discovered in recent
years between gamma-ray bursts and massive stars\@gRaradijs et a2000, and
references therein), it is now generally assumed that a gamma-ray burst (GRB) is initi-
ated when a few solar masses of material collapse to near their Schwarzschild radius. In
the simplest possible models of what happens next, a fair fraction of the gravitational en-
ergy released in the collapse is deposited into a volume somewhat larger than that of the
horizon of the collapsed mass. The subsequent evolution of such a volume of highly con-
centrated energy — termed ‘fireball’ — was explored by Cavallo and HEF§( These
authors introduced a compactness parameter for the volume, which expresses how easily
a plasma consisting of baryons, photons, electrons and positrons can emit energy within
a dynamical time. For small compactness, the emission is easy and the fireball cools by
radiation. For large compactness, photons are trapped and cooling occurs by adiabatic
expansion: an explosion results in which a significant fraction of the initial fireball en-
ergy is converted to bulk kinetic energy of a relativistic outflow, a condition now thought
necessary for producing a gamma-ray burst.

At the time, Cavallo and Rees considered still relatively nearby origins of GRBs, for
which the required fireball energies imply conditions that justified their assumption for
the fireball composition. However, with cosmological distances to GRBs the required
fireball energies are now so large that conditions of copious neutrino production become
quite plausible. Motivated by the concern that these neutrinos easily leave their creation
site due to their weak interaction with matter, and thereby carry away enough energy to
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weaken or prevent an explosion, we investigate the evolution of neutrino-rich fireballs.
Neutrino emission was previously considered as a sink of fireball energy, e.g. by Kumar
(1999, who included emission of neutrinos in the optically thin limit. Neutrino emis-
sivity has been more widely studied in a slightlyfdrent context, namely the evolution
post-collapse of the accretion disk or torus around the newborn black hole, which may
tap the accretion energy of the torus to power a GRBdsley1993. The dfect of
neutrino opacity in this process has been the subject of a few recent studies, e.g., by Lee
et al. 0049 and by Janiuk et al2004).

Here we study the evolution of a spherical fireball with given initial radius, energy,
and baryon content. We aim to be general in the physical processes we consider, but
accept a few a priori constraints on the initial parameters of the fireball: its initial energy
must siffice to power a GRB, hence it should be within a few decades %fetg; its
initial size cannot be much larger than the Schwarzschild radius of a few solar masses,
say 16°cm, because the mass must collapse to such small radii in order to liberate such
alarge energy.Lastly, the initial ratio of fireball energy to rest mas4y, of the entrained
baryonsy; = &/Moc?, must be several hundred (corresponding to almost JJayon)
in order that eventually the baryons may be accelerated to a Lorentz factor high enough
to produce a GRB. This combination of constraints implies that the fireballs we study
here are always very compact in the Cavallo and Rees (or electromagnetic) sense. It
also implies, as we show here, that the baryons are relatively unimportant in the neutrino
processes.

This chapter is organized as follows: in sectib we discuss some general proper-
ties of the fireball environment. Using these, we investigate the most important neutrino
interactions in this environment in sectidr8. We introduce the emissivity paramejer
and the optical depth to describe the neutrino physics, and we draw a phase diagram
for the neutrino fireball. The dynamical evolution of the neutrino fireball is discussed
in section4.4. The neutrino emission is discussed in sectiodhand we present our
conclusions in sectioA.6.

4.2 General properties

4.2.1 Composition and temperature

The term ‘fireball’ refers to a plasma consisting of photons, electrons and positrons,
possibly with a small baryonic loacCavallo & Reesl978. In this work, we extend

this to fireballs that contain neutrirfoswWe consider a fireball that is initially opaque to
neutrinos of all flavors. At some point during the fireball’s expansion (to be discussed
in section4.4.2, it becomes transparent to muon- and tau-neutrinos, that subsequently
decouple from the plasma. The electron-neutrinos decouple a bit later, which divides the

1In this and the following chapters we use cgs units.
2Unless the dference is important, we will use the word ‘neutrinos’ if we mean ‘neutrinos and antineutrinos’.
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plasma parameter space in three regions: region | where the fireball contains neutrinos
of all flavors; region Il where it contains only electron-neutrinos; and region Il where
all the neutrinos are decoupled.

In thermodynamic equilibrium, the energy density and temperature are related by

% =gaT*, (4.1)

wherea s the radiation constant, agds a prefactor that depends on the composition of
the system. For the three regions introduced above:

43 29 22
g = E; an = E; g = R (4.2)
Assuming a spherical configuration, the temperature of the plasma can be expressed in
terms of the energy and radius as

100
(Ti)* = o (E52) (Res) 2, 4.3)
whereT = Ty x 101 K, & = Esp x 10°? erg andR = Rg5 x 10°° cm.

We use the following values for the initial fireball energy and radius as a reference
(denoted with an asterisk):

& = 10%erg; (4.4a)
R, = 10°°cm. (4.4b)

The reference temperature is
T,=21x10"K = 17.9/kg MeV . (4.4c)

4.2.2 Baryons

As the temperature is higher than typical binding energies, nuclei are dissociated into
nucleons. Hence ‘baryons’ means ‘nucleons’ in what follows (‘baryon’ is however the
standard terminology). The requirement that there should be 1 TeV of energy available
for the baryons leads to a maximum number density of

Ng, = 4.7x 10t cm 3, (4.5)

which will be used as the reference value in this study. Itimplies a baryonic mass density

of pg.. = 9.4 x 10’ gr cnT3, which corresponds to a total baryonic mass @f6107°

solar masses contained in the voluke Note that the nucleons are non-degenerate.
Because of overall charge neutrality, the ratio of protons to neutrons can be expressed

in terms of the electron fractio¥k:

Ng = Ny+Np; (4.6a)
Np = YeNg=Ane, (4.6b)
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whereAng = ne- — N+ IS the net electron density. The exact valueYpfin a physical
situation is determined by beta-equilibrium conditions; see Beghe et al(1980 and
Beloborodov(2003h. As we will see in the next section, the exact valueYgpis not
very important for our purposes.

4.2.3 Electron and positron number densities

SinceT, > mec?, the electrons and positrons are extremely relativistic. UBing pc,
the net electron density and the combined electron-positron deRsiyne- + Ne- can
be expressed as

1 2 lles .
Ane = W (kBT) /Je+ F , (47a)
(keT)®
ne = 0.37 o + 0 (ue)? (4.7b)

wherey, is the electron chemical potential.

By definition, Yo < 1, so thatAne < ng. This places an upper bound on the net
electron density and, through e4.713, on the electron chemical potential. With the
reference baryon number density of e4.5, we find that the electron chemical potential
is very smalliue/(kgT.) ~ 2x 104 < 1. From @.7b), neglecting the chemical potential,

we find that at the reference temperattlire
Ne . = Ner = 14X 10%° cmr®. (4.8)

Concluding, the fireball under consideration here is nucleon-pgprf ne) and has a
very small electron chemical potentidife < ne). This implies that the electrons and
positrons are non-degenerate.

4.3 Fireball neutrino physics

4.3.1 The dominant neutrino processes

The relative importance of interactions between neutrinos and the other components of
the plasma depends on the temperature, the electron chemical potential and the baryon
density. The most important neutrino production processes are discussed in appendix
4.A.1. Scattering and absorption processes are discussed in apgeBdMe use the
fact that nucleons, electrons and positrons are non-degenerate.

For the present baryon densities, we observe from figlu2and 4.3 that for tem-
peratured > 5x 10 K, the neutrino physics is dominated by leptonic processes. The
dominant neutrino production process is electron-positron pair annihilation:

€ +e" sv+v, (4.9)
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and the neutrino mean free path length (mfp) is set by scattefihglectrons and
positrons:

v+e s v+et, (4.10)

and similar for antineutrinos. Because the initial temperature of the fireball is very high
(To ~ 2 x 10* K), we will only consider these processes in the following.

4.3.2 Neutrino creation rate

We express the neutrino creation rate in terms of the useful paragnetég/t., where

t. = &/(VQ) is the cooling timescale ard = R/cs is the expansion timescales(is the

sound speed in the fireball). This parameter bears no reference to the neutrino trans-
parency of the plasma, which has to be taken into account if one considers cooling by
neutrino emission. The emissivity of electron-positron pair annihilation is (see appendix
4.A.7):

Qpair = 3.6 x 10 (T19)° erg st cm™. (4.11)

Because) is a function of temperature, it depends on the size, energy and composition
of the fireball through equatiod (3. It follows that

x =37x107° g% (852) " (Res) ™" (4.12)

where we useds = ¢/ V3. For the reference valu&y = 10°? erg andRy = 10°° cm,

we find thaty, = 0.16, which means that neutrinos are created reasonably rapidly as
compared to the expansion timescale. Neutrinos and antineutrinos are created in pairs
by electron-positron annihilation, so they will be present in equal amdunts.

A different source of neutrinos is the decay of charged pions due to photopion pro-
duction (see appendit.A.2) by high-energy photonsE, > 140 MeV). The energy
stored in the high-energy tail of the photon distribution is relatively smab%). The
process manifests itself as a high-energy leak, resulting in an increased production of
electron- and muon-neutrinos with energies betgye?/2 ~ 53 MeV. We will not con-
sider this non-thermal process in the rest of this chapter.

4.3.3 Optical depth

The fireball's opacity to neutrinos is described in terms of the optical deptiir/A,
whereR is the length scale andlis the mean free path (mfp). The mfp due to electron
and positron scattering is (see appertii.1):

3.7x10° (T12)™® cm; (4.13a)
AWD = 16x10° (T11)™® cm, (4.13b)

3This conclusion changes if there is an initial asymmetry between neutrinos and antineutrinos. We do not
consider this here.

1@
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Figure 4.1: A parameter space plot that shows the three phases of the plasma. The solid lines show
they, = 1, yy = 1, 7%? = 1 andr® = 1 contours; the dotted lines are isotemperature curves. The

« denotes the reference point with values given in e4sd).( The plotted trajectory and the points

‘0’ to ‘4’ are discussed in sectiof.4.2 The black hole lines indicate the Schwarzschild radius as a
function of the fireball energy, assuming an initial conversifiiciencya = E© /Mgy 2.

where the dference originates from the fact that only electron-neutrinos participate in
charged current-interactions. Because the mfp for neutrinos and antineutrinos is equal
(assuming an equal amount of electrons and positrons), neutrinos and antineutrinos will
leave the fireball at the same time.

We consider a generic plasma that moves from region | to Il to Ill, Therefore, we use
the valueg = g, to find the optical depth for the muon- and tau-neutrinos@edy, for
the electron-neutrinos:

®
77

54 (Es52)”* (Res) ™% ; (4.14a)
7.4% (E52)”* (Res) ™4 . (4.14b)

We observe that for reference initial condition$#”) > 1 so that the fireball is opaque
to neutrinos of all flavors.
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4.3.4 Phases of the neutrino fireball

We will assume that neutrinos of some flavor decouple from the plasma instantaneously
if the optical depth is one (these transitions will be smoother in reality). Based on equa-
tions @.14), figure4.1shows how the parameter space is divided in the regions I, Il and
Il by the 7®? = 1 andr® = 1 contours. The dynamical evolution of a fireball through
these regions will be discussed in sectiba.2

We observe that the region of interest has a temperadture 5 x 10'° K, which
justifies the fact that we only consider electron-positron pair annihilation and neutrino
scattering  electrons and positrons (see figude2and4.3).*

The figure also indicates the neutrino creation rate from equadidrd( In region
| this process is fast compared to the expansion time-scale. Together with the reverse
process, it aims toward thermodynamic equilibrium between the neutrinos and the other
components of the plasma. The neutrinos also interact with the electrons and positrons
through scattering. The interaction length of this process is smaller than the size of the
fireball. We conclude that thermodynamic equilibrium is established rapidly, and the
system will remain in equilibrium throughout its evolution.

4.4 Fireball evolution

4.4.1 Hydrodynamics

As long as the components of the plasma are strongly coupled (i.e. the interaction length
is much smaller than the size of the system), the plasma can be described as a homoge-
neous sphere, in thermodynamic equilibrium with a single temperature. The evolution
will be very similar to that of a neutrinoless fireball as described by &hgmi & Piran

(1990. The plasma expands by radiation pressure, converting radiative energy to kinetic
energy of the baryons. We assume that the expansion is adiabatic. We will denote the
radiative energy contained in the fireball (without the decoupled componerés)Tde

energy and entropy within a sphere of radRiare

& = %ﬂgaRgT“; (4.15a)
S = %rga(mj? (4.15b)

Assuming that the fireball’s evolution is reversible (i.e. that entropy is conserved), the
temperature-radius relationship reads

g(RT)® = go(RoTo)® = const (4.16)

“Nuclear processes become competitive with the leptonic processes at these temperatures if the nucleon den-
sity is approximately two orders of magnitude higher. In that case, the optical depth- and emissivity-lines in
figure4.1feature a bend at a cross-over temperature.
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As long as there is no change in the plasma composition, the following very useful
scaling laws can be used to describe the evolutBireMi & Piran1990:

ER = &yRy = const; (4.17a)
& &Eo
T = T, const (4.17b)

If a plasma component annihilates, the temperature-radius relatiodshép till holds

by conservation of entropy. In the early universe, this leads to an increase in the photon
temperature after electron-positron annihilation (see e.g. Weirl8tg, and a similar

effect happens in the last stage of the neutrinoless fireBakri & Piran1990. By
contrast, entropy is carried away if a component decouples:

S = SO - Sdec, (4.18)

whereSge. is the entropy in the decoupled components. Smeegy — ggeo it follows
from eq. @.15 that the temperature-radius relationship does not change at decoupling:

RT = RyTo. (4.19)

4.4.2 Neutrino decoupling bursts

We will discuss the hydrodynamical evolution of a fireball that starts in region | with a
generic initial energyy and sizeRy. The trajectory is sketched in figudel As the
fireball expands and cools, it will develop from neutrino-opaque to -transparent. When
this happens, neutrinos decouple from the plasma.

Apart from these bursts, neutrinos are emitted continuously in regions where the
creation rate is diiciently high and the plasma is transparent to neutrinos. We will
consider this in more detail in sectidm4.3 and restrict our discussion to an expanding
fireball with events of instantaneous energy loss here.

Starting from the point denoted as ‘0’ in figu#el, the plasma expands along a
ER = &Ry line until it reaches the?) = 1 contour, where the muon- and tau-neutrinos
decouple from the plasma. From eq4.X4b, we find that the radiative energy and
temperature of the plasma just before decoupling are
061(EQRY)™ (4.20a)

)—1/16

)
Es;

T (4.20b)

© RO
1.26(&%) R

The temperature of the plasma at that point depends on the initial conditions only very
mildly, but it is interesting that the temperature of the plasma at decoupling is lower if the
initial energy is higher. This can be seen from figdrg for a higher&y, theER = const

line crosses the®? = 1 contour at a lower temperature. The muon- and tau-neutrinos
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carry away 1443 ~ 33% of the available radiative energy. This moves the fireball from
point 1 to point 2.

Since the size and temperature of the plasma are constant at decoupling, what re-
mains of the fireball continues adiabatic expansion along a new trajectory. The electron-
neutrinos remain in thermal equilibrium with the plasma, which enters region Il. The
expansion continues along&R = E;R, curve until the plasma becomes transparent to
electron-neutrinos at® = 1 (point 3):
028(69RY); (4.21a)

)—1/16

®
852

T (3)

@ (4.21b)

(0) R(0)
0.87(852 )

At this point, the electron-neutrinos leave the plasma and carry ay2§ ¥ 24% of
the energy (point 4). When all the neutrinos are decoupled, the fireball will develop
according to the standard scenaighnémi & Piran1990.
The energy that is emitted in neutrinos in the two bursts is:
14 7

y 11/16
EG 9= 2260 + 5568 = 0.27(QRE) T (4.22)

which is a significant fraction of the initial radiative energy.

4.4.3 Continuous neutrino cooling

In regions in the parameter space where the neutrino creation rate isyhighi) and
(some of) the neutrinos can escape from the plasma (), we should take neutrino
cooling into account in the hydrodynamical evolution.

A plasma expanding adiabatically alongS® = constcontour, converts radiative
energy to kinetic energy according to

da&
dR

I3
__C 4.23
oo R (4.23)

To this we add the energy loss by neutrino coolix@@= — f QVAL, whereQ is the emis-
sivity and f is the fraction of the created neutrinos that can leave the plasma. Assuming
AR = csAt, we find that

d&

a& . _fQv_ f¢&
dR B

~ 12, 4.24
v cooling Cs xR ( )

wherey = x(&, R) is the creation rate as defined in sectibB.2 The plasma evolution,
including neutrino cooling, can then be determined from tlfiedéntial equation

d& f\&
ﬁ__(l-l—/\_/)ﬁ’ (425)
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so that, locally, the plasma moves alon§R'* /¥ = consttrajectory. From eq.4.12,
we find that just after electron- and muon-neutrino decoupling the creation rate parameter
is

xi =081, (4.26)

independent of initial conditions. Hence the creation rate is reasonably high in this re-
gion, where only muon- and tau-neutrinos can escape. Using the emissivity formulae
from Munakata et al(1985, we find that 31% of the neutrinos created by electron-
positron pair creation are muon- or tau-neutrinos, so fthat 0.31. Combining this

with egs. ¢.12 and @.25, we find that the plasma expands until it reachesrffie= 1
contour at

&8 = 027(89RY™™; (4.27a)

3 o) 0)\~1/16
TS = 089(EQRRY) . (4.27b)
which is almost identical to eqs4.2).
After electron-neutrino decoupling, neutrinos of all flavors can leave the plasma. The
energy loss due to continuous neutrino cooling in regions Il and 11l is
Al 0) x(0)\11/16
ESY = 0027(89RY) T (4.28a)

ey _ (0) p(0))11/16
EGY = 0015(EQRY) . (4.28b)
The continuous energy loss component is relatively small and hafféigta the fireball
evolution. In particular, neutrino cooling is nevétieient enough to prevent a hot fireball
from exploding.

4.5 Neutrino emission

4.5.1 Observed temperature

For the neutrinoless fireball, it is well known that the temperature of the observed pho-
ton spectrum is roughly equal to the initial temperature of the plagni&hemi & Piran

1990 Goodmanl986. Let us recall the thermodynamic treatment of this phenomenon
(Goodman1986. The number of photons in a sphere of radRidepends on the tem-
peraturel as

_2(3) (keT\* (4 ks )\
N, = - (%) (§RR3)~1.O(h—C) (RT)®. (4.29)

As long as none of the plasma components annihilates, the number of photons is constant
during the evolution. The average available energy per photon for a neutrinoless fireball
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is initially

4 E
o) _ - tot
(E,) = 10 (4.30)

Since the total energy is conserved, the available energy per photon does not change
during the fireball’'s evolution.

This conclusion is urféected by the annihilation of electrons and positrons that oc-
curs in the last stage of the fireball: entropy conservation requires that the number of
photons increases by a factor of/41 However, the total energy is now exclusively
available for the photons, so the available energy increases by the same factor. The mean
photon energy does not change during the evolution of the neutrinoless fireball and the
observed photon spectrum is roughly equal to the initial blackb@bo{iman1986),
with temperature$hemi & Piran199Q Piran et al1993

Tobs=yT = TO. (4.31)

As for photons, the mean available energy for muon- and tau-neutrinos remains constant
during the expansion from point 0 to 1, so the observed temperature will roughly equal
the initial temperature.

For the electron-neutrinos, the situation is more subtle because energy leaves the
plasma when the muon- and tau-neutrinos decouple. Initially, the mean available energy
is

(E, YO = 1 Etot

- T (4.32)

which remains constant throughout the evolution to point 1. At point 2, the available
energy is reduced by a factor 288, but the electron-neutrinos get a larger share:

29 (0)
7 %Etot N
@ _ 43 _ 0y Ve
(E, ) = _29—N(2) =(E,.) ND (4.33)
Ve Ve

The number of neutrindsin a sphere of radiuR is proportional to RT)®. Because

R.T, = RiT1 = RyTo, the mean available energy does not change when some plasma
components decouple. We thus conclude that the observed temperature of the electron-
neutrino spectrum is also approximately equar {3.

4.5.2 Energy

The evolution of a fireball with neutrinos is described in secdoh Using the results
obtained in eqgs. 4.22 and @.28, we summarize the neutrino emission in tablé

5This is similar to eq. 4.29, but for neutrinos (one flavor) the prefactor is 0.38 rather than 1.0.
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Egzml) Ve IV Ve
Vur dec. 020 x fo 0 0.5 0.5
ve dec. 0070x & 1 0 0
cont., Il 0024x & 0 0.5 0.5
cont, Il 0013x&  0.69 0.15 0.15

total 031x¢& 026 037 0.37

Table 4.1: The total energy that is emitted in neutrinos in various stages. Here ‘dec.’ stands for
decoupling bursts, ‘cont.’ for continuous emission. The symimkans ‘neutrino and antineutrino’
in the above, andy := (E) RO)11/16,

Neutrinos and antineutrinos are emitted in equal amounts and share the energy quoted in
the table. The total energy that is emitted in neutrinos equals

V. 11/16
EC) =31x 10" ergx (EQRD) . (4.34)
The mean neutrino energy follows directly from the initial temperature:
(E) = 315 T® = 56 MeV'x (EQ)"* (R9) ™. (4.35)

4.5.3 Time spread

The neutrinos are emitted in two decoupling bursts as well as continuously. As is clear
from figure 4.1, the fireball has not expanded much in between the two decoupling
events:R® — R® ~ R implying that the various components of neutrino emission
overlap in time. The intrinsic time spread is determined by the size of the fireball at the
second burst:

RO 0
At="— ~ 0.4msx R9, (4.36)
c .5

which is much smaller than the typical time spread for supernova neutrinos that originate

from relatively slow deleptonization processes.
Dispersion ects on the way to earth introduce an additional smearing:

Atgisp = %(% — 1) (4.37)

m ¥/ E \? D \
O'6msx(o.1ev) (56Mev) (4Mpc) '

For a robust analysis, this time spread should be averaged over a thermal distribution.
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4.5.4 Applications

The detectability of a neutrino source as described here was studi¢albsn & Hooper
(2002 (see alsdHalzen et al(1996, Halzen & Jaczkd1996). The detection is based
on the charged current interactias p — n+e* and the subseque@erenkov radiation
that is emitted by the positron. An analysis basedHaizen & Jaczk@1996 shows that
detection could be feasible for sources within a few Mpc for a low-background neutrino
telescopé. This limits potential sources to our local cluster.

In the context of supernova dynamics, it has been proposed that delayed neutrino
emission could revive a stalled supernova shdgétlie & Wilson1985. Matter that
is surrounding some central, heavy object can escape if the internal energy exceeds the
gravitational energy:

GM
Eint > Egrav = D (4.38)
whereM is the mass of the central object aDdhe distance of the matter to the central
object.
This material can be heated by neutrinos. We assume that the matter consists of
nucleons, but for heavier nuclei similar processes can occur. Neglecting loss terms, the

total energy that can be deposited by neutrinos from the central object equals

E(v,tot)
AE = Nao——, 4.39
AT 4nD2 (4.39)
where the cross section for neutrino capture on nucleons reads (the relevant processes
and cross sections can be found in appedds):

E2
o~10%cn? ><< Y 2> . (4.40)
1 MeV

Following Bethe & Wilson(1985, we adopt here the reference vali®s 150 km and
M = 1.6M, = 3 x 10°%/c? erg. With the expressiong (34 and @.35 for the neutrino
flux found in this work, we find that

Egav ~ 2x10%ergg?, (4.41a)
AE ~ 2x10Pergg?’. (4.41Db)

We conclude that the energy released in neutrinos by the hot fireball considered here is
suficient to release material at a typical distaiice 150 km from the gravitational pull
of a L6M,, object.

6This is a rough signal-over-noise estimate. In particular, it assumes that there is no directional information
available for triggering or reconstruction. The observational time window is 0.3 ms.
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4.6 Conclusions

In this chapter, we have described the physics of neutrinos in a hot fireball environment.
We find that the dominant neutrino processes are leptonic: neutrino creation by electron-
positron annihilation and neutrino scatteringeectrons and positrons.

For general initial conditiorfs the fireball plasma is initially neutrino-opaque and
the rate of neutrino creation is reasonably high. The neutrinos are in thermal equilibrium
with the other components of the plasma and follow the hydrodynamical evolution of
the fireball. In this evolution, the muon- and tau-neutrino decouple first, followed by
the electron-neutrinos. Besides these bursts, the fireball emits neutrinos continuously
in regions where it is neutrino-opaque and the creation rate is high. fféxt en the
evolution of the fireball and on the neutrino emission is small.

The energy spectrum of the emitted neutrinos will be approximately thermal with a
temperature equal to the initial temperature of the fireball{Eg) ~ 60 MeV. The total
energy that is emitted in (anti)neutrinos is

e (4.43)

EC = 31 x 10°* ergx (ES) REY)

A sizable fraction of the total fireball's energy is converted into neutrinos, and this frac-
tion is not very sensitive to initial conditions. The rather limited detection possibility is
mainly due to the isotropic outflow of the neutrinos, as opposed to the observed high-
energy gamma rays that originate in ultra-relativistic beamed jets in a later stage of the
GRB. If the neutrinos were focused by some mechanism, detection of sources much fur-
ther away could be possible. On the other hand, fewer sources will be detected since the
outflow needs to be directed toward the earth.

We have found that our initial concern that neutrino emission might prevent the pro-
duction of powerful explosions from fireballs is not justified. The physical reason for this
is that for most of the parameter space where neutrino production is fast enough to cool
the fireball, the fireball shields itself from cooling by being opaque to those same neutri-
nos. However, there may well be another snag when one considers the formation of the
fireball: this requires a heating mechanism, and at the start of the heating one necessarily
approaches the safe zone in the lower right half of figure 1 from the left. Therefore,
unless the heating occurs on a timescale close to the dynamical time the evolution track
toward high energy may well get stuck in the cooling zone, causing loss of all heating en-
ergy into neutrinos. Given that the dynamical timescale is probably the fastest thinkable
heating time, it is quite possible that neutrino cooling can prevent high-energy fireballs
from forming.

"These conclusions apply to fireballs that starts in the neutrino-opaque region that we denoted as region |.
This is the case if

(Eos2) ™ (Rogs)™* < 5. (4.42)
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Figure 4.2: Neutrino emissivity of the plasma as a function of temperature due to the pair annihila-
tion (solid line), photo-neutrino (dashed), non-degenerate URCA (dotted), and plasma (dash-dotted)
processes. We used a baryon density 10° gr cnr3.

4.A Neutrino emitting processes

4.A.1 Direct neutrino production

There is extensive literature on neutrino emitting processes in an electroweak plasma or
in a nuclear environment. We refer the readebtous (1972, Braaten & Sege{1993,
Bruenn(1989, Dutta et al.(2004), Itoh et al.(1989, Munakata et al(1985, Ratkovic

et al. (2003, Baiko & Yakovlev (1999, Friman & Maxwell (1979, Lattimer et al.
(1997, Qian & Woosley(1996 and further references therein for a broader overview
on the subject. In the hot fireball environment, the most important processes are:

e photo-neutrino process: et +y — € +v+v;;
e plasma process: v o= v+,
e pair annihilation: e+e = v+
e electron capture: € +p — N+ve;
e positron capture: e+n — p+re.

The last two processes constitute the non-degenerate URCA process, which is the dom-
inant nuclear neutrino emitting process for low nucleon densities. Neutron decay is too
slow to play a role of importance if the neutrons are non-degenerate.

We use the following total (i.e. adding all neutrino flavors) emissivities for the photo-
neutrino Dutta et al.2004), plasma Ratkovic et al2003, pair annihilation Itoh et al.
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1989 and non-degenerate URCR®ian & Woosley1996 processes:

Qphoto = 1.1x10% (T11)® erg st cm3; (4.44a)
Qplasma = 7.1x 107 (T11)® ergstem3; (4.44b)
Qpair = 36x10% (T1y)° ergstem3; (4.44c)
Qurca = 9.0x10% (T11)® (ppsg) erg st cm, (4.44d)

wherepg = pggx10° gr cnm3. These emissivities are plotted as a function of temperature

in figure4.2 The emissivity of both the photo-neutrino and the plasma process is several

orders of magnitude lower than that®fe* pair annihilation, which is in keeping with

similar comparisons in the literaturkdh et al.1989 Prakash et aR004 Raftelt 1996.
Electron-positron pair annihilation and non-degenerate URCA havBeetit scal-

ing behavior with temperature, and the URCA process depends on baryon density. For

the environment considered in this study, we conclude that pair annihilation is the dom-

inant process.

4.A.2 Neutrinos from pion decay

Another source of neutrinos is the decay of charged pions:

e piondecay: 1= — u +v,
- € +Vvet Vv tVy,

and the charge-conjugate process #6rdecay. The pions originate from photopion
production or nucleon — nucleon collisions:

e photopion production: y+n — p+7a_;
Yy+p — n+xt,

e N - N collisions: n+p — p+p+a;
p+p — n+p+nat.

The cross section of pion production in nucleon — nucleon collisions 8x 10726 cn?,
see e.g.Bahcall & Mészaros(2000) is more than an order of magnitude larger than
that of the photopion process 1028 cn?, see e.g.Mucke et al.(1999), but the
photon density in the plasma is almost four orders of magnitude higher. This means that
photopion production is the dominant pion creating process.

Pion production can only occur at energies higher than the pion mass threshold
E; ~ 140 MeV. This implies that only photons in the high-energy tail of the distribu-
tion (constituting less than 5% of the total energy in photons) can create pions. Most
of the pions are created at threshold, and decay into muon- and electron- (anti)neutrinos
with energies belown,c?/2 ~ 53 MeV. The energy spectrum of the various neutrino
types is diterent, but the mean energies are in the range of 31 to 37 MeV.
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Figure 4.3: Neutrino mean free path lengths as a function of temperature for scattéieigairons

and positrons (solid line), nucleon scattering (dashed) and nucleon absorption (dotted). We used the
valueY, = 0.5 for nucleon scattering. The left panel applies to electron neutrinos, the right panel to
muon- and tau-neutrinos. The graphs for the corresponding antineutrinos are virtually identical.

4.B Neutrino absorption and scattering processes

We summarize the cross section formulae for the following processes:

e €' —neutrino scattering: vi+et — vy +et;
e nucleon — neutrino scattering:vi + N — v+ N;
e electron-neutrino capture: Veth — p+€;
e electron-antineutrino capture:ve+p — n+et,

where we assume that all the particles are non-degenerate. The result, in terms of
the mean free path length (mfp), is plotted in figur® We use number densities
Ne = Ne = 1.4x 10%° cm™3 andng = 5x 10°2 cm 3.

From figure4.3, we conclude that the neutrino mfp in the fireball is determined by
scattering € electrons and positrons.

4.B.1 Electron and positron scattering

The cross sectidrfor neutrino scatteringfbelectrons in a plasma igbbs & Schramm
1979:
3G2Zn?c? (O + )
= — + +
g \ A

whereG272c? = 5.3 x 1074 cm? MeV~2 and

(cv — ca)?

3 ) (keT)E,, (4.45)

ov=1/2+2sirf6y; ca=1/2; sirf6y=022. (4.46)

8The vacuum cross section scaleFasa the neutrino energytHooft 1971, Sehgall 974, but it is important
to realize that we consider plasma cross sections. The role of the electron mass in the vacuum cross section is
taken by the thermal energy, which leads to an increase by a fadfsks3 /me. For a temperaturg,, this is
two orders of magnitude.




58 The ¢gfect of neutrinos on the initial fireballs in gamma-ray bursts

We average over a thermal neutrino distribution by replaBing» (E,) = 3.15kgT. The
formula as it stands applies to electron-neutrinos, which interact with electrons through
both the charged and neutral current. For other neutrinos, one should make the following
substitutions Tubbs & Schramni975:

ViVri €A — CA—1, ov — cv-—-1;
Ve: CA — —Ca, Cy — Oy, (4.47)
VusVe: o — 1l-ca, ov — coy-1.

For muon- and tau-neutrinos, this accounts for the fact that these only have a neutral
interaction with electrons. The cross section for neutrino — positron scattering is equal
to the cross section for the scattering of the corresponding antineutfian @lectron.

If the electron and positron densities are equal, these processes can be combined as
follows:

oc(i,e") = o(i,e)+o(,e")
= o(,€)+oM,e), (4.48)
and the mean free path length due to combined electron-positron scattering follows from
AT, €)= o (v, €)ne . (4.49)

Because the electron and positron density scaleE>ashe mean free path length is
proportional toT —.

4.B.2 Nucleon scattering

Neutrino — nucleon scattering is independent of neutrino flavor because the interaction
is neutral. FronRaffelt (1996):

_Giwe?

(C3+3C3)E°. (4.50)

where we understand thEﬁ - (E§> = 129(kBT)2. Neutrino — proton and neutrino

— neutron scattering have slightlyfiirent cross sections because dfatent strong
interaction form factosCy andC,. We average the cross section by assuming an equal
amount of neutrons and protong = 0.5):

o (i,N)=0o(vi,p)+o(,n), (4.51)
and compute the mean free path from
A1 (v, N) = o (vi, N) (0.5ng) . (4.52)

The baryon density is independent of temperdfuse that the mean free path length is
proportional toT —2.

We use the valueG2 = 0.0012 (025) andCZ = 0.47 (0:33) for protons (neutronsR@felt 1996.
19The baryon density does not scale with temperature in a dynamical way. Indirectly, the quantities are related
by the requirement that there should be 1 TeV per baryon: a higher temperature permits a higher baryon density.
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4.B.3 Nucleon absorption

Electron-neutrinos and -antineutrinos can be absorbed by neutrons and protons through
the charged interaction. The cross sectiomisgops & Schramni975

242
o = Gente? (302 + 1)E,°9(E,); (4.53a)
+ 1/2
9E) = (li Eg)(li 2Eg + W) , (4.53)

wherea = -1.26 is the nuclear axial coupling cheient andQ = 1.3 MeV is the
neutron-proton mass fierence. The positive sign applies to neutrino capture on neu-
trons, the negative sign to antineutrino capture on protons. We do not average cross
sections here, because each process is specific to either electron-neutrinos or electron-
antineutrinos. Averaging over a thermal neutrino distribution is understood as in the
nucleon scattering cross section, and (up to small corrections due to the energy depen-
dence of the functiog) the mean free path length is proportionalltc?.
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Neutron-rich gamma-ray burst flows: dynamics
and particle creation in neutron — proton
collisions

Koers, H. B. J. & Giannios, D.
2007, A&A, in press (astro-pa703719)

5.1 Introduction

In recent years there has been significant progress in our understanding of gamma-ray
bursts (GRBs). The observational connection between supernovae and GRBs and studies
of GRB host galaxies provide compelling evidence for a connection between long GRBs
and the death of massive sta¥&f Paradijs et aR00Q Woosley & Bloom200§. The
general scenario for long GRBs (for recent reviews,Riean(2004); Mészaros(2006)

starts with core collapse of the massive star leading to the formation of a black hole
surrounded by an accretion disk. The black hole — accretion disk system powers a devel-
oping outflow along the rotational axis, which accelerates to a bulk Lorentz factor of a
few hundred, transferring its energy to the baryons contained in the flow. Dissipation of
energy in the outflow leads to the prompt gamma-ray emission while the interaction of
the outflow with the external medium results in the afterglow.

The nature of the relativistic outflow is currently one of the most important open
questions regarding GRBs. The high Lorentz factor, required to match the inferred en-
ergy density of the source and the observed non-thermal character of the emission (the
compactness problem; see eéiiran(2004), implies that the ratio of energy to rest mass
of the flow must be very high. In the widely used fireball modedhyallo & Reesl978
Goodmanl986 Paczyiski 1986 the outflow is a photon-electron-positron plasma that
is dominated by thermal energy and has a small baryonic load. Alternatively, the energy
of the outflow may initially be dominated by Poynting fludgov1992. Such outflows
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occur naturally when a magnetized accretion disk surrounds a black Tiwbenpson
1994 Mésaros & Reed 997, Spruit et al.2001, Van Putten & Ostrike2001, Vlahakis
& K 8nigl 2001, Drenkhahn & SpruiR002 Lyutikov & Blandford 2003 Lyutikov 2006

Uzdensky & MacFadye@006).

Neutrinos and gamma rays may be useful probes flerdntiate between fireballs
and Poynting-flux dominated (PFD) outflows. The internal shocks that are believed to
accelerate electrons in the fireball model will also accelerate protons to very high en-
ergies, giving rise to neutrinos with energyt00 TeV through photopion production
(Waxman & Bahcalll997). In the absence of a mechanism to accelerate protons to
very high energies these neutrinos are not expected in PFD outflows. In this chapter we
consider neutron — protomf) collisions in neutron-rich flows and address the question
whether neutrinos and gamma rays created in these hadronic interactions can also be
used to probe the nature of GRB outflows.

GRB outflows are expected to be neutron-rich. In GRB central engines, the competi-
tion of positron capture on neutrons and electron capture on protons favors a neutron-rich
environment Beloborodov2003h Pruet et al2003 Chen & Beloborodow2007). Nu-
cleosynthesizing interactions reduce the number of free neutrons in the outflow, but a
significant amount of neutrons remains in the flow until neutron decay becomes impor-
tant Beloborodov2003h Inoue et al2003. Deep in the outflow protons and neutrons
are strongly coupled through nuclear scattering and behave as a single fluid that ac-
celerates to high Lorentz factors. With increasing distance from the central engine the
densities decrease until neutrons decouple and enter the coasting phase. Protons, being
electromagnetically coupled to the flow, may be accelerated further. When the relative
velocity between neutrons and protons ighisiently high, inelastionp collisions are
possible and lead to pion creation. The pions decay into gamma rays and neutrinos with
observer energies in thel0 — 100 GeV range. This mechanism has been investigated
for fireballs Derishev et al1999h Bahcall & MészAros2000 Mésaros & Ree000Q
Belyanin et al2003 Razzaque & MszAros2006 but, to the best of our knowledge, not
for PFD flows.

The creation of secondary particles in inelastjrcollisions can potentially be used
to identify a substantial neutron component in GRB flows. Other ways to identify such
a component that have been suggested in the literature are through signatures in the
early afterglow of GRBsPerishev et al1999a Beloborodov2003a Fan et al.2005
ultraviolet flashes generated in internal shocks in neutron-rich fléas & Wei 20049
and observational signatures of a two-component jet that may be associated with neutron-
rich MHD flows (Vlahakis et al2003 Peng et al2005.

In this work we consider the ‘AC’ model as a specific model for PFD outflows. In
this model the magnetic field configuration is similar to that produced by an inclined
rotator Coroniti 199Q Lyubarsky & Kirk 2001) with field lines changing polarity on
a scalel ~ 2rc/Q, whereQ denotes the angular frequency of the rotator. This model
was recently discussed in connection to GRBs in a series of papersit et al.2001,
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Drenkhahn2002 Drenkhahn & SpruiR002 Giannios & Spruit2005 Giannios2006),
where it was found that dissipation of the electromagnetic energy by magnetic reconnec-
tion can account for both the bulk acceleration of the flow and for the prompt emission.

The dynamics of fireballs and of outflows in the AC model are distinctivefgint.
Fireballs are driven by radiation pressure and exhibit a period of rapid acceleration in
which the Lorentz factoF « r, wherer denotes the distance from the central engine
(Paczyiski 1989. The flow saturates either when there is no more energy available to
further accelerate the baryons or when radiation and matter decouple at the Thomson
photosphere. An analysis of the dynamics of neutron-rich fireballs was recently pre-
sented byRossi et al(200§. The dynamics of neutrons in MHD flows was considered
previously byVlahakis et al(2003 in the context of a diferent model for the outflow
(Vlahakis & Konigl 2003 than the AC model considered here. In the AC model, the ac-
celeration of the flow is quite gradual and can be approximatediwitii/® (Drenkhahn
2002. Since acceleration of the flow is driven by magnetic forces, the flow can saturate
far beyond the photosphere. It is expected that tifierdince in dynamicsfiects the
number and the energy of secondary particles creatag gvllisions. Furthermore, the
presence of a strong magnetic field célieet the interaction of secondary particles with
the flow.

Motivated by the fact that neutrinos and gamma rays from inelagticollisions
could provide anindication about the nature of GRB outflows, we consider in this chapter
both fireballs and AC flows with a substantial neutron component. We investigate the
dynamics of these flows and the creation of gamma rays and neutrinos in inalastic
collisions. In order to give an accurate comparison between the fireball model and the
AC model, we consider both models here. Furthermore we use accurate fitting formulae
for both the total and inelastiep cross sections, which has an importafieet on the
calculated fluences of secondary particles.

This chapter is organized as follows. In sect®2 we discuss the dynamical be-
havior of fireballs and of GRB outflows described by the AC model. In se&i8mve
consider particle creation in inelastip collisions. We discuss here the parameter space
in which the mechanism is operational and we compute the fluences and energies of sec-
ondary neutrinos and gamma rays. Detection prospects are discussed in S&ctioch
conclusions are presented in sectioh

5.2 Dynamics of neutron-rich GRB flows

Deep in the flow neutrons are strongly coupled to protons through elastic collisions, so
that the two fluids behave as a single one. Tisfluid is accelerated by conversion

of thermal energy into kinetic energy in the fireball model and of magnetic energy into
kinetic energy in the reconnection model. When the dynamical time of the flow becomes
shorter than thep collision time, the two fluids decouple and the neutrons enter the
coasting phase. Provided that the flow has not already reached its terminal bulk Lorentz
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factor, the protons keep accelerating abovertpalecoupling radius, which results in
relative motion of the two fluids.

The analysis of theffect of a neutron component on the dynamics is made separately
for the fireball and the reconnection model for the various stages of their evolution. Since
the treatment of the mass flux is identical in both models, it is presented first.

5.2.1 Mass flux: protons and neutrons

For an ultrarelativistic, steady, radial flow, assumed by both models under consideration,
conservation of mass implies that the baryon outflow rate obeys

M = M, + My = 4rr?me(Tpry, + an;) = dnr’md o, (1 +€) , (5.1)

whereI'y, andI', stand for the bulk Lorentz factor of the protons and the neutrons, re-
spectively, andy, andn;, for their proper number densities. The masses of protons and
neutrons are assumed equgl ~ m, = mand¢ stands for the neutron-to-proton mass
flux ratio:

M,  Tam,

= = . 5.2
Wy " oy &2

The ratio¢ depends on the radiussince free neutrons decay into protons on a comoving
timescalerg ~ 900 sec resulting in
dM,  dM, M,
dr — Thed!  Tncrg’

(5.3)

wheret’” stands for the comoving time. Taking into account that a proton is produced
for every neutron that decays (i.eMd/dr = —dMp/dr), egs. $.2) and 6.3) yield an
expression fo€ as a function of radius:

& £1+8)

= = . 4
dr rnCTﬁ (5 )

From eq. 6.1) one can solve for the number density of protons and neutrons as a function
of radius to find that
1 M
n=—-—5———, 5.5
P 1+ &4nr2md, 53)
and

L, &M

=— 5.6
Mo 1+ & 4nr2md, (5.6)

The number density of the protons and neutrons is determined once their bulk Lorentz
factor as a function of radius is derived. This is the topic of the next sections.
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5.2.2 The fireball

In the fireball model most of the energy is initially stored in the form of thermal energy
e, which is dominated by the energy density of radiation. The lumindsity the flow
is the sum of kinetic and radiation flux (e.gossi et al2009:

L = 4nr?c (I3 (4e/3 + mymc) + Faymc) . (5.7)

This expression can be rewritten as
I
_ 212 n
L = 4nr’T5en,mc (1 + f—rp + x) , (5.8)

where we have definexd= 4e/(3n,mc).

An important quantity for the evolution of the flow is the baryon loading parameter
n = L/Mc2 > 1 whereM (defined in eq. %.1)) includes both the contribution of the
proton and the neutron fluid. Using expressidnd)(and 6.8) one derives the expres-
sion

A+&)n=Tp(d+xX) +£In. (5.9)
Assuming that the flow starts from rest (i.€,0 = I'no = 1) at an initial radiusg

and initial neutron-to-proton ratié, the initial value forx is xg = 4eo/(3n;’omc?) =

(1 + &) - 1).
As long as the flow is Thomson thick, radiation and particles remain coupled and the
evolution of the fireball is fully determined by the adiabatic aw

V3
ezeo[ p] . (5.10)

/
npyo

From egs. %.5), (5.9 and 6.10 one finds for the internal energy-to-proton rest mass
ratio in the flow

, 13 2 13
X=Xo(n;lo] =(1+§o)(77—1)(ﬁ) . (5.11)

Differentiating eq.%.9) with respect to radius and using eq.5.11), one has an expres-
sion relating the bulk Lorentz factor of the proton and the neutron fluids in the optically
thick part of the flow (see aldRossi et al2006

dhy _Tp 2x 3 dn
dr— r 2x+3 2x+3dr’

1This expression does not take into account the increase of the proton density due to neutron decay. The use
of this expression is justified because, for the parameter space relevant for GRB flows, there is only a negligible
fraction of neutrons that decays below the photosphere of fireballs. Hereafter, in the Thomson thick part of the
flow, we sett = &.

(5.12)
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For the dynamics of the neutron-rich fireball to be fully determined, one needs to look
closer at the momentum exchange between the neutron and the proton fluids because of
np collisions. This has been studied Dgrishev et al(1999h) andRossi et al(2006
who showed that when the two fluids have a relative velggiy there is a drag force
that accelerates the neutrons

drn, NOtot_»
W ) relPrel >
wherel'ye =~ (I'h/Tp +T'p/T'n)/ 2 for ultrarelativistic flows and the totalp scattering cross
sectiono is a function of8,e. This expression accounts for thpinteraction and does
not depend on the acceleration mechanism (thermal or magnetic) of the flow. It can,
thus, be applied to both fireballs and MHD flows.

The np scattering cross section depends on the relative velocity of the two fluids.
For np scatterings that take place with energies below the pion creation threshold, the
scattering cross section can with good accuracy be taken to scalg/és 8 + czﬂfel),
while it remains almost constant for higher energies. The constaatsdc, are found
by fitting to experimental data frofiao et al.(2006 see appendix A)

(5.13)

a —
Ttot max( 01%m + 5.2&1',0) , (5.14)
whereo = 4 x 10726 cn?. Our fitting formulae foroy,; are more accurate than the
expressions used Hyossi et al(2006, where the totahp scattering cross section is
substantially underestimated 8k < 1 (i.e. beforenp decoupling). This results in
some diferences in the dynamics close to the decoupling radius. We find that the two
fluids decouple over a narrower radial range (i.e. sharper decoupling). Furthermore, the
fitting formula 6.14) results in terminal neutron Lorentz factors that af©% higher

than those found when we use tRessi et al(2006 expressions for thap scattering

cross section.

With egs. 6.11), (5.12 and 6.13 one has the complete description of the dynamics
of the fireball in the Thomson thick part of the flow (i.e. below the photosphere). In
the optically thin part radiation and matter decouple and expresSi&f) (s no longer
applicable.

Since radiation pressure is the driving mechanism of acceleration in the fireball, one
would expect no further acceleration of the flow to take place above the photosphere.
On the other hand, although most of the photons do not scatter with electrons above
the photosphere, the electrons (outnumbered by the photons by a-$at@) are still
repeatedly scattered resulting in a residual acceleration of the flow in the optically thin
region. This residual acceleration is given by the expres8aoporodov2002 Rossi
et al.2006 appropriately modified to include the neutron fluid):

ar Ay _ ol (1—( ol ph )4]+rp_rndg

dr " °dr  16212r2me Tp(rpn)r 1+¢ dr’ (5.15)
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whereot is the Thomson cross section abhd= 16vrrzcrge/3 stands for the radiative
luminosity of the flow. The first term in the right hand side of the last expression accounts
for the residual acceleration from radiation and the second forffbet®f neutron decay
on the dynamics. Using eq$.{) and 6.9), we have for the radiative luminosity of the

flow:
Iy + &Iy
L,=L{1- . 5.16
( n(1+€)) (5.16)

The expression(4), (5.13, (5.195 and 6.16) describe the dynamics of the flow in the
Thomson thin regime.

5.2.3 The reconnection model

In the magnetic reconnection model the flow is considered starting from théermfeint
ra and is dominated by Poynting flux. The luminosity of the flow is the sum of the kinetic
and Poynting flux:

L = 4nr’c(I5(4e/3 + nymc) + TaymE) + ¢(rB)?, (5.17)

whereB is the magnetic field strength in the central engine frame, which is dominated
by its toroidal component.
A detailed investigation of the properties of a neutron-free flow under the assumption
of a cold flow (i.e. a flow where the terne/B is neglected with respect the other terms in
eg. 6.17) is presented ibrenkhahn(2002. A full numerical investigation showed that
the dynamical description under the cold flow assumption is rather accOraekhahn
& Spruit 2002. Hereafter, we assume that the flow is cold. One should keep in mind,
however, that though of moderate dynamical significance, the internal energy of the flow
— dominated by the energy density of radiation — plays a crucial role for its photospheric
emission Giannios2006 Giannios & Sprui007. Furthermore, the cold flow assump-
tion can overestimate the acceleration of the flow in the Thomson thin region by up to
50% in the limit that the internally dissipated energy does not stay in the flow but is ef-
ficiently radiated awaylirenkhahn & Sprui2002. More realistically only a fraction of
the dissipated energy is radiated away and the error we make in the Thomson thin region
is smaller.
Settinge = 0 and using eqs5(1) and 6.17) we have
L=t ege, oepye = 2 En
1+¢ 1+¢

whereo = (1 + &)(rB)?/((Tp + &y)Me) is the magnetization parameter of the flow
and stands for the Poynting-to-kinetic flux ratio. Using the last expression, the baryon
loading of the flow is

M1+ o), (5.18)

L Tp+éln

n
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In the reconnection model, the flow is considered starting from thegAlfadius with
magnetizatiorv. In the inner part of the flow the very frequemp collisions lead to
[po = Tno = yoo. In view of eq. 6.19, one has thay = ao(l + 00) = o3>
The initial magnetizatiowmr is, thus, an alternative means in parameterizing the baryon
loading of a PFD flow.

The radial dependence of the magnetic field strength is given by the induction equa-
tion that is appropriately modified to take into account the magnetic field dissipation
through reconnectiorrenkhahn & Sprui2002):

d(rB) rB
—_— = 5.20
dr Cryg ( )
Here,
2712
il By L (5.21)
eQ o

is the dissipation timescale of the magnetic field (in the central engine frQrsands
for the angular frequency of the rotator, angarameterizes the magnetic reconnection
speedve.. As in most models of magnetic reconnectiop. scales with the Alfén
speedvp, i.e. Vigc = €Va (See, for exampld,yubarsky2009. A nominal value used for
€is 0.1.

By combining egs. §.4), (5.17, (5.18 and 6.20 one can eliminate the magnetic
field Band derive an equation for the bulk Lorentz factor of the protons and the neutrons:
Iy -Tndé

1+ ¢ a (5.22)

S 32

5 tEq T C_Td((1+g)ao —Tp—&Ty) +
The last expression, in combination with eds.4f and 6.13, describes the the dynam-
ics of neutron-rich flows in the reconnection model.

5.2.4 Results

Having derived a closed system of equations that describe the dynamics of neutron-rich
flows, we proceed with the investigation of the dependence of their properties on the
parameters of the flow for both fireballs and strongly magnetized flows.

The fireball

By numerically solving egs.511), (5.12 and 6.13 in the Thomson thick part of the
flow and egs. §.4), (5.13, (5.15 and 6.16) above the photosphere, one can follow the
various stages of the neutron-rich fireball (see &sssi et al2006).

In Figs. 6.1) and 6.2), the bulk Lorentz factors of the proton and the neutron fluids
are plotted as function of radius forfilirent values of the parameters of the fireball
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Figure 5.1: Bulk Lorentz factor of the protons (thick lines) and neutrons (thin lines) féedint
values of the initial neutron-to-proton ratéa and radiusro of the fireball. At small radii, both
protons and neutrons are in the linear acceleration regime (gray line). myteiecoupling the
neutrons saturate while protons can be further accelerated by radiation pressurel@®f cm the
neutrons decay into protons that interact and decelerate the preexisting protons.

model. The latter are the luminosity of the fldw the baryon loading;, the initial
neutron-to-proton ratig, and initial radiusg of the flow. All the models studied have
n = 100 relevant for GRB flows.

These low-baryon flows pass through an initial phase of rapid acceleration. During
this phase, the neutron and proton fluids are strongly coupled and move practically with
the same bulk Lorentz factor. Settifig = I, in eq. 6.12 we have

dy Ty 2X

dr 1 2x+3(1+&) (5:23)

In the limit of x > 3(1+ &y)/2, radiation pressure leads to the well known linear acceler-
ation of the flow as function of radius (c6oodmanl986 Paczyiski 1986 Piran et al.
1993:
Tp=~Tp=—, (5.24)
lo
If no npdecoupling were to take place, the bulk Lorentz factor of the flow would saturate
atl',, = n at the saturation radiug = nro.

Note that although at small radii the numerical results follow the linear scai2d)(
closely, there are deviations from this scaling appearind for 100 for the models
presented in Figs. 1 and 2. Since €§.26) is exact for a fireball with a negligible
number of baryons, finite-flows have bulk Lorentz factof¥(r) < r/ro.

At larger radii the density of the flow drops amg scatterings become less fre-
quent. When the comoving dynamical timescale becomes shorter thap fvattering
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Figure 5.2: Bulk Lorentz factor of the protons (thick lines) and neutrons (thin lines) féiedint

values of the baryon loading of the fireball. For low baryon loading (high), the protons are
accelerated to much higher bulk Lorentz factors than the neutrons. Fonhible saturation of

the protons takes place close to the Thomson photosphere while the photospheric emission is very
powerful.

timescale, the two fluids decouple and the neutrons are not accelerated any more. The
relative velocity increases rapidly at decoupling. One can define the decoupling condi-
tion asleBrel = 1. Setting this condition ing. 13 and using alsoH.24) one finds for the
decoupling radius

323 131+ &)
Fop = 2.6 x 10° cmx L, onsY ( 5 ) , (5.25)
and for the Lorentz factor at decoupling
1
Top= 2.6 x 107 x L3y 31/3r0$/3( 4’250) . (5.26)

If the flow reaches its terminal Lorentz factor befoqgdecoupling has taken place, both
the neutron and proton flows coast with the same speed.
For a flow with a sificiently highn, i.e.

1
0> e = 36x 107 x LI 1/4( +§°) : (5.27)

r07 2

the protons keep being accelerated aftprdecoupling has taken place while the neu-
trons coast witl", ~ I'y,. The bulk Lorentz factor ahp decouplingl’y, provides a
good estimate of the saturation Lorentz factor of the neutfgrs To quantify this
statement, we have compared the analytical estimat&fpwith the numerical val-
ues ofl, at a large radius (here takenrat 10'’ cm) and found that the two quantities
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agree with each other within25% for the (rather large) parameter spage< < 3000,
0.01< Lsp < 10,0< &y < 10 and 1< ro7 < 100.

When condition %.27) is satisfied, the protons are further accelerated by radiation
pressure aftenp decoupling until either all internal energy has been used or the flow
crosses the photosphere, where the flow becomes transparent with respect to Thomson
scattering so that radiation and matter decouple.

An estimate of the maximum Lorentz factor of the protons is given by assuming a
neutron-free flow aftenp decoupling with luminosity_ that does not include the kinetic
energy of neutrons (i.d. = L — [npéoMc?/(1+ £o)) and mass fluM = M/(1 + &). The
baryon loading of the decoupled proton flow is

. L
n=——=n(1+¢&)—élnp. (5.28)
Mc?

The acceleration of the proton fluid will saturate at
I'ps = Min (@, frad) (5.29)

whererag = (Lor/(4xromc®))Y4 gives the terminal Lorentz factor of the protons when
the acceleration of the flow is limited by photospheric crossiBeldborodov2002).
This estimate takes into account the residual acceleration in the optically thin region
discussed in sectioh.2.2

At still larger radii of the order ofs = I'ngcrs ~ 10'° — 10'® cm, neutron decay
has an appreciabldfect on the dynamics of the flow. The neutrons decay into protons
and interact with the faster moving proton flow, thereby slowing it down. Note that at
distances 18 cm, practically all the neutrons have decayed. The terminal Lorentz factor
of the protons there B, ., < . For flows withr > 7;aq, most of the energy isotused
to accelerate the baryons (resultinglig., < 7) but instead appears as photospheric
emission of the flow.

Further out, the flow enters the afterglow phase where it decelerates because of inter-
action with the circumburst medium. This last phase is not considered in this study.

The reconnection model

We now present the various phases of the development of the flow in the context of the
reconnection model. The neutron-free flow has been studiddréykhahn(2002 and
Drenkhahn & Sprui{2002. Here we focus on the dynamicétect of the neutrons. In
Figs.5.3and5.4, the bulk Lorentz factors of the proton and the neutron fluids are plotted
as function of radius for dlierent values of the parameters of the reconnection model.
These parameters are the luminosity of the flowthe initial magnetizationr, of the

flow (that also parameterizes the baryon loading sipeec??), the initial neutron-to-
proton ratiafy and the combinatioaQ that parameterizes the reconnection speed.
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The flow passes through an initial phase of acceleration where the neutron and pro-
ton fluids are strongly coupled and move practically with the same bulk Lorentz factor.
Settingl’, ~ I’y in eq. 6.22 we have

3/2
dr, eQ\1-Ty/oy, 32
- = — (03 -1p) . (5.30)
3/2

In the limit of T, < oy'* (i.e. the flow is still dominated by Poynting flux), the last
equation can be integrated analytically to filt¢nkhahr2002):

( 3eQa/?
I =

1/3
(r—ro) +0y? ] : (5.31)

The reconnection model predicts a gradual acceleration of thd@flow!/2 in the regime
Voo < T'p < g% with the bulk Lorentz factor of the flow given by

(3o
p=lo=|—2—| . (5.32)

This expression is valid as long as the neutrons have not decoupled from the protons and
the flow has not reached its terminal Lorentz fadigr= o 3/ 2 at the saturation radius

mc 4
3¢070
At larger radii the density of the flow drops and nuclear scatterings become less fre-

quent. When the comoving dynamical timescale becomes shorter thap ftattering
timescale, the two fluids decouple and the neutrons are not accelerated any more. Their
relative velocityB,e increases rapidly around decoupling. As for fireballs, one can define
the decoupling condition d8eBrel = 1. Setting this condition in eq.5(13 and using

also eqg. $.32 one finds for the decoupling radius

(5.33)

I's:

3/5 o5 a2 (1+ &\
fop = 41x 10" cmx L3 (eQ);? oY ( 5 ) . (5.34)
The bulk Lorentz factor of the flow at the decoupling is
1/5
Tnp = L1x 107 x L(e 9)1/5(1+ f‘)) . (5.35)

If the flow reaches its terminal Lorentz factorrabeforenp decoupling has taken place,
both the neutron and proton flow coast with the same speed. For a flow witiicéesuly
high o, such that

1 2/15
7o > 0o = 23% L215(e 9)2/15( hi 5") , (5.36)
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Figure 5.3: Bulk Lorentz factors of the protons (thick lines) and neutrons (thin lines) fderint
values of the initial neutron-to-proton ratigig and reconnection speed parameterized®yn the
reconnection model. Atp decoupling radius the acceleration rate of the protons is enhanced. This
effect is particularly pronounced fegg > 1 flows. Atr ~ 10'4—10'° cm, the neutrons decay causing
deceleration of the protons.
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Figure 5.4: Bulk Lorentz factors of the protons (thick lines) and neutrons (thin lines) fiderint
baryon loadings parameterized by the magnetization paramegterthe reconnection model. The
bulk Lorentz factor of the neutrons ap decoupling is essentially independentgf in agreement
with the analytical estimates(35).
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the protons are further accelerated aftprdecoupling has taken place while the neu-
trons coast witl", ~ I'np. The bulk Lorentz factor atp decouplingly, provides a good
estimate of the saturation Lorentz factor of the neutdgns Comparing the analytical
estimate foil,, with the numerical values df, at large radii (taken here at= 10" cm),
we have found that the two quantities agree with each other with@96 for the param-
eter space ¢ < 09 < 300, Q01 < Lgy < 10, 0< & < 10 and 001 < (eQ)3 < 10.

The critical valuer, corresponds to baryon loadimg ~ 5/> ~ 100. For baryon
loadingsn > 100 relevant for GRB flowsnp decoupling takes place before the satu-
ration radius has been crossed. In this case a substantial amount of magnetic energy is
dissipated at radii > rnp, Which is used to accelerate the protons.

At the np decoupling radius the flow becomefiestively less baryon loaded and
the protons increase their Lorentz factor more rapidly thafthe r'/® scaling. This
enhanced acceleration is particularly pronounced in neutron dominated flows (where
& > 1; see Fig5.3). A similar enhancement in the acceleration has been found by
Vlahakis et al (2003 in the context of a dferent MHD model for GRBs.

Note that soon aftenp decoupling has taken place the flow crosses the Thomson
photosphere. The protons keep accelerating after the photospheric crossing in the mag-
netized flow since the acceleration is magnetic and not driven by radiation pressure as in
the fireball model. At larger radii, the protons can reach bulk Lorentz factors in excess
of the limit 3 that characterizes a pure proton flow (shown with dotted line in Fig. 3).

At larger radii the neutrons undergo beta decay. For Bigthews, at a typical radius
I ~ I'npCrs/€o the number of neutrons that have decayed is comparable with the initial
number of protons in the flow and th&ect of neutron decay on the bulk motion of the
protons becomes appreciable.

After magnetic dissipation has ceased and most of the neutrons have decayed, all
the available energy has been transferred to the protons. The bulk Lorentz factor of the
protons at large radii saturates to the vellye, = o'y °. This takes place at~ 106 cm.

At these radii the flow is expected to enter the afterglow phase which is not considered
here.

5.3 Particle creation in inelastic neutron — proton colli-
sions

In the previous section we demonstrated that for low enough baryon loading, the neu-
trons decouple before the acceleration of the flow is completed in both fireballs and PFD
flows. This leads to neutrons and protons developing relative motions and to energetic
np collisions. Here, we study the production of pions through inelasticollisions in

the relativistic outflow and the subsequent decay of pions into gamma rays and neutri-
nos. We present analytical estimates for the secondary particle fluences and energies,
and compare these estimates with numerical results based on the model discussed in
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section5.2
For the analytical estimates, we approximate the proton and neutron Lorentz factors

as follows: )

Ty~ (L) i Tp=min(Tp.Tnp) (5.37)

lo
whereI'y, is the Lorentz factor of the flow at decoupling,is a model parameter that
allows us to consider the fireball model and the reconnection model toggther(
for fireballs andp = 1/3 for the reconnection model), amglis a suitable length scale.
For the fireball modet, is the initial radius where the fireball in injected, which is a
free parameter of the model. In the reconnection mogled zic/(3¢Qay %) is a length
scale defined by the specific combination of the parameters — it has no deeper physical
meaning but merely serves in rewriting the expressto8d) in a more compact form.
Using the unifying notation.37) for the bulk Lorentz factor of the protons and the

neutrons, we express ting decoupling radius and the Lorentz factor at decoupling as:

~ oLrZP B _ 5 28
= Grpme s ) (538
FL P
o 2p+1l
o= (grmopmdtiean) 539

which combines eqs5(25, (5.26), (5.34) and 6.35.

5.3.1 The pion production radius

For suficiently low baryon loading in the flow, pion creation in inelastjgcollisions is
possible aftenp decoupling and the subsequent acceleration of the protons with respect
to the neutrons. We define the pion creation radjuss the minimum radius where the
relative velocity between decoupled neutrons and protons is large enough to create pions
through inelastiop collisions.

The production of a secondary particle with mas®quires center-of-mass energy
Vs> 2me + uc?. Assuming thalp(r) > 1 andl'y(r) > 1 at radiir > rnp, and taking
the np collision angle equal to zero (tail-on collisions), we express the center-of-mass

energy+/sas

Vs=mé (' +x ), (5.40)
where we introduce the useful quantity
Ip(r)
r)= . 5.41
X0 = 20 (5.41)

From eq. 5.40, we find that pions (which are the lightest mesons) can only be created
if x(r) > x», wherey,o = 2.13 corresponds to neutral pion production gnd= 2.16 to
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charged pion production. We will use the average value 2.15 in this work. Using
the approximate proton and neutron Lorentz factors expressed in 843), (ve find
that

|’7r :Xi/prnp, (542)

where the decoupling radius, is given in eq. $.38. The radius from which pions

can be created is thus substantially larger than the decoupling radius. Since the density
of the flow and hence the number mp scatterings decrease rather steeply with radius,

it is important to discriminate between, andr, when considering particle creation in
inelasticnp scatterings.

Pion creation bynp interactions occurs only when the pion creation radiuss
reached before the flow saturates. For the fireball model, saturation of the bulk Lorentz
factor of the flow occurs either when there is no more energy available to further accel-
erate the baryons or when the flow crosses the photosphere (cf5.26).( It can be
shown that saturation occurs beyond the pion creation radius only if the baryon loading
of the flow is sdficiently small. We express this condition as> n,, wheren;, is the
critical value for inelastiap collisions to occur in the flow. Approximating the proton
and neutron Lorentz factors with eg8.37), we estimate that

e = 5.1x 1015, 7 (&) (5.43)
where
W(&) = 0.85 (vy + &0)¥ 4L+ &)t (5.44)

is a slowly-varying function normalized so th@fl) = 1. In deriving eq. %.43 we
take neutron decoupling into account by using the neutron-free luminbsityd mass
flux M as defined in sectioB.2.4 The numerical investigation of the fireball dynam-
ics (see sectiob.2.4 shows that the proton Lorentz factors are substantially below the
I'p o« r scaling solution aroundp decoupling. As a result, the proton — neutron rela-
tive velocity is smaller and the pion production radius is pushed outward with respect to
the analytical estimates(42). This dfect makes it more fficult to create pions in the
flow and requires; to be higher than the estimat®.43. Using the numerical model
discussed in sectiob.2 we find that inelastiaip collisions in fireballs occur generally
whenn/n, = 2, wheren, is expressed in eq.5(43. For neutron-rich flowsg > 3),
neutron decoupling results in a relatively pure flow so that the protons follow the scal-
ing approximation .43 more closely and inelastiep collisions occur already when
n/n: = 1.5. Nevertheless, these results place quite stringent conditions on the fireball
model parameters so that only a small fraction of GRB fireballs is expected to exhibit
inelasticnp collisions between bulk protons and neutrons.

For the AC model we find that, similar to the fireball case, inelaspaollisions
only occur for a sfficiently low baryon loading. We express this@as> oo, where we



5.3. Particle creation in inelastic neutron — proton collisions 77

use eqgs.®.37) to estimate that

2/15 2/15 2 215

oo = 38x Lg, 7 (eQ)3 (rgo) . (5.45)
We find that eq. .45 is consistent with the critical value fot obtained from numerical
results on the proton and neutron dynamics (using the numerical model described in
section5.2). This value ofo, corresponds to a critical baryon loading for inelastic
np collisionsy, = oy’? ~ 230 which is much lower than the critical value required in
fireballs. Inelastimp collisions thus take place for a larger range of the parameter space
in the reconnection model with respect to the fireball.

The strength of any neutrino and gamma-ray emission that is a result of the decay
of the products (mainly pions) of these collisions depends critically on the optical depth
to inelasticnp scattering. The calculation of this optical depth is the topic of the next
section.

5.3.2 Optical depth

The optical depth dfor a neutron with velocitys, to scatter inelastically with a pop-
ulation of protons with velocitgs, and proper densityy, within r...r + dr is given by
(see, e.gl.andau & Lifshitz1971)

- Tinell,
dr = oinell ) (ﬁ%)dr ~ ;ﬁ' p( _ /%)dr, (5.46)
n n

where we assume in the last approximation fhat> 1 andI', > 1 and that the colli-
sions are tail-on.

At low center-of-mass energies the elastic and inelagticross sections are energy
dependent. We find that far, < v < 10 (which is the range of interest here) the elastic
cross section is well described withy(y) = 0.750/ In y, wheres = 4 x 10728 cn?.

A comparison between this approximation and experimental data on the elastic cross
section taken fronYao et al.(2006 is presented in appendiA. In the following, we
express the inelastitp cross section as

0'75) . (5.47)

Tinelly > xz) = E(l_ |_
ny
We note here that the energy dependence ofnghénelastic cross section has an
important éfect on the optical depth. If one assumes a constant inelastic cross section
oinel = 3% 10726 cn? (as is often done in the literature) the optical depths are larger by
a factor~4 for both the fireball model and the reconnection model. Hence, the more
realistic cross section adopted in this work leads to substantially lower estimates for the
number of created patrticles.
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We consider, in general, the situation that neutrons coast with a constant Lorentz
factor I'y while protons are accelerated up to infinity with a Lorentz fadiprec rP.
Keepingp as a free parameter, we integrate ég46 through the flow to find that

W= dx(l— ‘,’n—f) (), (5.48)

where eq. %.38 was used to eliminate all parameters Iput We thus find that the
optical depth for inelastiap scattering is independent of any model parameters but the
dynamical power-law indep. This result is valid for all outflows that are characterized
by I'py o rP andI', = const, provided thats > r,. Whenrs 2 r,, such as in the fireball
model, it represents an upper limit.

For fireballs p = 1) we find from eq. %.48 thatr™® < 0.2, which is an upper limit
because the flow saturates close to the decoupling radius. The situation is complicated
by the fact that saturation of the fireball can be due to energy requirements or due to
crossing of the photosphere. The numerical results presented in sB@idindicate
that both #ects cause the flow to accelerate considerably more slowly than the scaling
approximationl, o r near the pion creation radius. This pushes the pion creation
radius outward and decreases the optical depth for inelapticzattering. We compute
the optical depth numerically by a straightforward numerical integration of 8¢.6)(
using the values of ,(r) andI'n(r) obtained with the numerical modetliscussed in
section5.2 We find that for the parameter spacé&g < n < 5000, 001 < Ls, < 10,
0.3 < ¢ < 10, and 1< rg7 < 100 the optical depth is approximated to withig5% by

FB ( znn)
To=~0111- —]. (5.49)
n

In the (rather favorable for frequent inelastic scatterings) case where5000 and
& = 5, the optical depth is™ ~ 0.1. For lower values of the baryon-loading pa-
rameter §/n, < 3.5) the optical depth is smaller than the value given in ég49. A
representative value for a fireball witha few times the critical valug, is 778 ~ 0.05.

For the reconnection model the saturation radius typically much larger than,.
We can therefore estimate the optical deghh for an inelastimpinteraction assuming
that the protons are accelerated to infinity. (In principle this overestimates the interaction
probability, but the dterence is very small because the interaction probability decreases
rapidly withr.) Insertingp = 1/3 in eq. 6.48, we find thatr"® ~ 8 x 1073. This value
is consistent with numerical results for flows wgh ~ 1. For reference values of the
parameterds, = & = 02 = (eQ)3 = 1, we find also numerically that’® = 8 x 1073
For high values of, (neutron-rich flows), the extra acceleration of the flow after neutron

2 In the numerical analysis, we use a more accurate but also more elaborate approximation (see Bygpendix
for the cross section than the one given in €547, which results in lower optical depths. Because dynamical
effects, discussed in the text, have a larger influence on the optical depth we use exp&e4gidor(simplicity
to derive an analytical estimate.
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decoupling (discussed in sectidrR.4 increases the optical depth by a factor few. We
find that for the parameter spac® k oo/0o, < 10, Q01 < L5, < 100, 03 < & < 10,
and 001 < (eQ)3 < 10 the optical depth is approximated to withi@5% by

C = 0.01£)°. (5.50)

In particular, the optical depth increasest#t¥ ~ 0.03 for very neutron-rich flows
(0 ~ 10). For 1< oo/oo, < 1.5 pion creation is marginally possible and the optical
depth is smaller than the value obtained by &p@. For very pure flowsdo/oo, = 10)
neutrons decouple very early (before power-law accelerdtienrP is reached), which
results in an optical depth smaller by a fact@ than the estimate given in eds.50.

The obtained optical depth for inelastip collisions is the first step in calculating the
fluences of secondary pions and their decay products. The calculation of the fluences and
energies of stable decay products requires a model for the average number and average
energy of neutrinos and gamma rays createdinteractions. In the following sections
we consider in detail the production of pions and the subsequent decay into neutrinos and
gamma rays.

5.3.3 Pion production

For the collisions studied in this work, the typical incident energy of the proton mea-
sured in the rest frame of the neutrongs ~ 1 GeVic. In this regime experimental
data on pion creation inp collisions is scarce and there is no unambiguous theoretical
framework. The available data (in particul®rokoshin & Tiapkin1957, Kleinschmidt
et al.198Q Daum et al2002 see also electronic data files available at the PPDS website
http://wwwppds.ihep.su:8001/) show a rapid rise in the single-pion cross sections
just above threshold, and indicate that two-pion exclusive production cross sections are
comparable to one-pion exclusive cross sections for incident proton energies (as ob-
served in the neutron rest frank€) p, ~ 2 GeV/c. Furthermore, the ratio of : n*
depends on energy; the ratio : 7* is 1 : 1 under the assumption of nuclear isospin
symmetry.

Based on the available data for incident proton energjes 1 GeV/c we model
the energy distribution and average number of pions resulting frormp eollisions as
follows. We estimate the ratio of created pionsdds. 7* : 7~ = 2 : 1 : 1. Hence
the average number of neutrifaand gamma rays resulting from a single inelastic
collision is:

N,=10; N,,=10; N, =05. (5.51)

Experimental data indicate that, for incident proton energjes 1.14 GeV/c, the dis-
tribution of kinetic energyT = E — m,c? for 7+ mesons peaks around OlG.ay, Where

3Here and in the following,, denotes both muon-neutrinos and -antineutrinos (and similar for electron-
neutrinos).
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Tmax IS the maximum kinetic energy that can be carried by the pion (Kleinschmidt et al.
1980). Forr® mesons in the center-of-mass (COM) frame this ratio is almost unity below
P, < 1.06 GeVic and decreases Myeak = 0.5 Tnax at p, = 1.29 GeV/c (Prokoshin &
Tiapkin 1957). Here we assume a constant fraction of 0.6 for all pion species and take
the average pion energy for a singlp collision in the COM frameK”” equal to the peak
energy:

(&) = €/ peak= 0.66/ max + 0.4m,C% (5.52)
where the maximum pion energy is equal to

o ST 4Pt + mect
T,max — 5
’ 24/s

(5.53)

and eq. 5.40 relates the center-of-mass energgto y. In these equations, the param-
etery provides the only reference to where the collision has occurred in the developing
flow.

When the angular distribution of pions in the COM frame is known, one can derive
the full particle distribution of the decay products and transform this to the observer
frame in order to find the secondary energy as observed on earth. However, there is
to our knowledge no accurate parameterization of the angular distribution of secondary
pions created imp collisions. In the absence of such a parameterization we estimate
the average observed energy of neutrinos by boosting to the observer frame from an
intermediate frame in which the secondary particles are assumed to be isbtropic.

Pions are created approximately isotropically in the COM frame oh{heollision.

When neither pions nor their decay products afected by the flow, as is the case

for neutrino production in the fireball model, the distribution of the daughter particles
can be taken to be isotropic in the COM frame. In the AC model however, the strong
magnetic field deflects the charged pions significantly since the pion gyration period is
much shorter than the pion decay time. We assume that in this case the pions will be
distributed isotropically in the frame comoving with the proton fluid. (Any randomized
component of the magnetic field will further contribute to isotropization in this frame).
Furthermore, in both the fireball model and the AC model gamma rays from neutral pion
decay will interact with the soft photon field of the flow, resulting in the emission of
lower-energy photons. In the following sections these issues are discussed and estimates
are presented for typical neutrino and gamma-ray energies.

The decay of a charged pion also yields or85 MeV electron or positron. These
contribute to the gamma-ray emission which is discussed in segtoh

“We note that, in the literature, there are various choices regarding the frame (e.g. the neutron rest frame or
the proton rest frame) in which the energy distribution of gamma rays and neutrinos is computed before applying
the final boost to the observer frame. Any intermediate frame leads to the same results in the observer frame
provided that the angular structure of the particle distributions is taken into account. If an isotropic distribution
is assumed, the choice of intermediate frame is important and depends on the physics.
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5.3.4 Observed neutrino energy

In the fireball model pions do not interact significantly with the flow so that neutrinos
from charged pion decay can be taken to be distributed isotropically in the COM frame
K" of the np collision. For a given value of, the average energy of the produced
neutrinos in this frame is then

ey = {0 (5.54)

14 rnncz 4 :

wheree? ~ 35 MeV denotes the average neutrino energy in the rest frame of the decaying
pion. The average observed enekgy) is obtained by boosting to the observer frame
with Lorentz boost factoFconm = m (appendixs.B contains a summary of frames
and Lorentz factors used in this work):

<EFB> _ Tcom (&) e N Topx ™% (€)/) € ’ (5.55)
v 1+z m,c? 1+z m2
wherez is the redshift of the source. In the last equality, we approximate the proton and
neutron dynamics by eqss.G7).

For fireballs the flow saturates close to the pion creation radius and the bulk of the
collisions occur whely is equal to the saturation valye. For flows with large; > 700,
where saturation is reached due to crossing of the photosphere, the terminal Lorentz
factor of the flow equalk,s = 7jrad (S€€ €0.%.29). In this case, the critical valyg; can
be estimated using the scaling law expressed in &g37)(

- - 1+¢ 13
o= 40x L (L) (5.56)

For lower values of;, the saturation valugs is smaller and reduces to the threshold
valuesys = x, = 2.15 whenp = n,. Adopting the valugy = ys ~ 4 we find from eqs.

(5.37), (5.52 and 6.55 that the neutrino energy in the observer frame can be expressed

as
a rn p69

() = Tez " (5.57)

wherea™ ~ 4.5 accounts for the non-zero kinetic energy of pions when they are created
and for the fact that the particle distribution is not isotropic in the neutron rest frame.
Using the same parameter range as in sedi@mwe find from a numerical analysis
that o™ should be slightly higher than this estimate and we will addpt ~ 6 in the
following.

In the AC model the situation is more complex because charged pions interact with
the flow before decay and because pions are created at various radii in the flow. Since
the pion gyration time is much shorter than both the synchrotron cooling time and their
lifetime, pions will isotropize in the fram&’ comoving with the proton fluid with-
out significant energy loss. In this frame, the secondary pions are injected with energy
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(&) = Tgler), Wherng = +/s/(2m@) is the Lorentz factor of the incident proton as ob-
served in the COM frame. The observed neutrino energy is then given by the following
expression:

_ - , 5.58
1+z m,c? 21+ 2 m,C2 ( )

where we approximate the proton and neutron dynamics by 8¢) (n the last equal-
ity. Note that the interaction with the flow results in a substantial increase in the observed
energy of the secondary particles.

For flows described by the AC modep collisions occur at various radii with dif-
ferent collision energies andftérent values for the Lorentz boost faciar Therefore,
we should average the observed energy given in®§8(over the developing outflow.
We express the probability for an interaction to occur wjile in the range, ...y + dy
ast(y)dy. Since the scaling approximatiors 87) describe the flow around decoupling
quite well in the AC model, we use equatidn48 to estimate that

dr 075\, 4 _
T(X)Eaz(l—m)()(‘l—)( ). (5.59)
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Averaging eq. .58 over this distribution we find that the observed neutrino energy can
be expressed as in ed.$7) with o ~ 20. This is in good agreement with numerical
results in the same parameter range as in sebtid2

5.3.5 Reprocessing of gamma rays: pair cascades versus synchrotron
cooling

While the flow is optically thin with respect to the emitted neutrinos resulting from
charged pion decay, this is not the case for the gamma-ray photons that are produced
by neutral pion decay. In the proton rest frame, the gamma rays are injected with aver-
age energy (for a given value gf

. Tpene
(€)= W (5.60)
whereaﬁ = 70 MeV. Integrating over the developing flow as in the previous section,
we expresge,) = ﬁe;’ and estimate analytically that~ 3 for both the fireball and the

AC model. This is consistent with numerical results. Hence gamma rays have a typical
energy~ 708 ~ 200 MeV in the proton rest frame and are ejected at radir,; not far

from the Thomson photosphere of the flow.

Atthese radii both fireballs and reconnection flows carry a soft photon field with char-
acteristic comoving energy in thel keV range (se®erishev et al1999bandGiannios
2006for the fireball and reconnection model, respectively). Because of this intense soft
photon field the flow is very optically thick with respect to thes#)0 MeV photons,
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which are scattered and create pairs. In addition to the pairs that come from neutral pion
decay, one energetic electron (or positron) is injected in the flow for every charged pion
decay. We have included this contribution in the calculations that follow.

In the fireball model the dominant cooling mechanism of the electron-positron pair
is inverse Compton scattering. The upscattered soft photons create more pairs resulting
in pair cascades. In the reconnection model the flow is dominated by Poynting flux and
the energy density of the magnetic field is much higher than the radiation energy density
(see also eq. (10) i®iannios2006. As a result, the first generation of produced pairs
cool down mainly through synchrotron emission. We discuss the outcome of the gamma
ray injection separately for the two models.

Pair cascades in fireball

Photons in the fireball are upscattered by pairs and absorbed by soft photons during
the pair cascade. In the case of a saturated cascade, where all upscattered photons are
absorbed, about10% of the energy of the gamma rays can be converted into rest mass of
the pairs Evenssori987. More realistically the cascade is expected to be unsaturated,
converting a few times less energy into rest mass of pBiesi§hev et alLl999h Belyanin

et al.2003.

The result of these pair cascades is twofold. Each injected gamma-ray photon is
reprocessed to multiple softer photons and the flow is loaded with pairs that contribute
to its opacity. Although the saturation point of the cascade depends on the shape of
the soft photon spectrum, we roughly estimate that photons with enefgie8 MeV
in the proton rest frame are able to escapelyanin et al.2003. The overall emitted
spectrum will be broad and most energy is emitted with observer energies in the range
€ ~Ips(€’...10¢") /(1 + 2) ~ (2...20)/(1 + 2) GeV. The strength of this component and its
detection prospects are discussed in the next section.

To estimate the importance of pair loading in the flow, one should compare the hum-
ber of produced pairs with the number of electrons (or, equivalently, protons) pre-existing
in the flow. The flow hag, neutrons per proton out of which a fractiescatters inelas-
tically. This results infyr inelastic scatterings per proton. Every scattering results on
average in~1 gamma-ray photon (see e€§.31) with a typical energy 78 MeV in the
proton rest frame. A fractiori ~ 3% of this energy is used in rest mass of pairs which
results in~ 703 f pairs per gamma ray.

By settingé, = 1 and using the values gfandr relevant for the reference values
of the parameters for a fireball (see secttio®.2and the beginning of this section), one
finds that the pair cascades resulti®15 pairs per proton. For the neutron-dominated
case wheré, = 5 we find significantly more pair loading, viz2 pairs per proton. Note
that we find significantly less pair loading of the flow because of pion decay compared
to previous works. The main source for this discrepancy comes from the fact that, as
we have shown in sectidh 3.2 the optical depth for inelastitp scattering is about one
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order of magnitude smaller than the valuk that is typically assumed in these studies.
Most of these pairs are produced at large radii — and low densities — so that they do
not annihilate but stay in the flow. F&g < 1, the contribution to the opacity from pair
loading is at most moderate. On the other hand&for> 1 the number of produced
pairs exceeds that of the pre-existing electrons. A fraction of those are produced below
the Thomson photosphere and its location is pushed to larger radii. This can have some
backreaction on the dynamics of fireballs that can be accelerated to slightly higher bulk
Lorentz factors than those calculated in secBdh4 where this &ect is neglected.

Synchrotron cooling in the magnetized flow

We now turn our attention to the reconnection model. The typical energy of the electron-
positron pair produced by scattering of a gamma ray (resulting from neutral pion decay)
with a soft photon is-120 MeV which corresponds to a random electron Lorentz factor
ve =~ 200- 300. The produced pair finds itself in a strongly magnetized flow with

comovingB’ =~ 1/L/(crzl“ﬁ) ~ 10P G for typical values of the parameters and for the
radii where most of the pion creation takes place.

Under these conditions, the synchrotron cooling timescale of thepail0-° sec
is much shorter than the Compton cooling timescale. The lack of pair cascades leads
to negligible pair loading of the flow. The peak of the synchrotron emission is located
ate, = ehiB'y2/(mc) ~0.2...2 keV in the proton rest frame. At the radii where most of
the pion production takes place, the bulk proton Lorentz factbg is 400— 500 which
results in observer synchrotron peak in the sub-MeV energy range. Keeping the rest
of the parameters fixed to their reference values, we find that the synchrotron emission
peaks at observer energy ~ 120 keV for&; = 1 and ates ~ 600 keV for&, = 5.
The spectrum is characteristic of fast (synchrotron) cooling particles with an exponential
cutaf above the peak and a low-energy spectral slopelgP. The strength of this
component and its detection prospects are given in the next section.

5.4 Detection prospects

Using the results obtained in the previous section on the number and energy of secondary
neutrinos and gamma rays created in inelasfiégnteractions, we discuss the detection
prospects here.

5.4.1 Neutrinos

We express the neutrino fluence as observed on earth as

NN, Prp

L= T 61
47TD% (5.61)
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whereN, is the average number of neutrinos created per inelagticteraction (we add
the contribution of muon- and electron-(anti)neutrinos given in &b here),Pn, is
the inelastimpinteraction probabilityD, is the proper distance, and

Nn = 3 f"fo nmicz =33x 1052( 125‘;0) Esans’ (5.62)
denotes the number of neutrons contained in the outflow. In the last equatigmotes
the total isotropic equivalent energy of the burst. Siftge < 1 we expres®y, = ,
wherer denotes the optical depth for inelastip collisions.

We consider the optimistic case of a nearby energetic burst at redshift1. As-
suming a universe that consists of matter and a cosmological constant, the proper dis-
tanceDy, is given by the following expression:

D..© fz dz
P~ Ho Jo \/QA,0+Qm,0(1+z’)3’

(5.63)

whereQ, o andQnmo denotes the current density parameters of the cosmological constant
and matter, respectively, andy, is the Hubble parameter. Using the currently favored
valuesQu o = 0.76, Qmo = 0.24, andHy = 73 km s Mpc™? (Yao et al.2006 we find

a proper distanc®, = 1.2 x 107" cm. Inserting this in eq.561) we find the following
neutrino particle fluences for the two models:

OB~ 1 4( T ) 260 Eeoncl omi2 64

v =107\ 50s) | T 4 ) E5¥1s O (5.64)

DC ~ 2% 1cr5(i) 20 ) 32 o, (5.65)
v 001/\T+4 02

As discussed in sectioh.3.2 a typical value for the inelastiop optical depth in the
fireball model ist™ = 0.05 and for the reconnection modéf = 0.01. The dependence

on the model parameters, as obtained from a numerical analysis, is expressed in egs.
(5.49 and 6.50.

From eq. 6.57), the average neutrino energy as observed on earth is equal to

(e = 2L (5.66)
AR P '

whereqa is a numerical factor that accounts for the non-zero kinetic energy of pions when
they are created and for the fact that the particle distribution is not isotropic in the neutron
rest frame while we boost with,, to the observer frame. Based on the results found in
section5.3.4 we takea™ = 6 anda”® = 20 for the fireball model and the AC model,
respectively. Using eqs526) and 6.35) for the Lorentz factors at decoupling we find
that(e"®) ~ 50 GeV and(e’ ) ~ 70 GeV for reference values of the parameters and a
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burst at redshifz = 0.1. These values depend only mildly on the parameters through the
Lorentz factor at decouplinb,, but the value ofr may change by a facter2 depending
on the burst parameters.

Following Bahcall & MésAros (2000 we estimate the number of interactioRs
in a large-volume neutrino detector due to thffudie background &R, = ®,Ryo, N,
whereR, = 10°Ry, 3 denotes the burst rate per year, = 5x 10°%°(¢,/1 GeV) cnf is
the neutrino interaction cross section awd= 1039NL39 is the number of target protons
in the detector. For reference values of the parameters and an average =dsHhift
we find thatR’® ~ 0.3 year! andR)® ~ 0.07 year! for the fireball model and the AC
model, respectively. Note that, for comparison with the literature, this estimate relies on
the rather optimistic reference value of 1000 bursts per year leading to neutrinos through
inelasticnp collisions.

The predicted diuse neutrino detection rate for the fireball model is a fastor
smaller than the results found Bahcall & Mészaros(2000. This is primarily due to
the more accurate cross sections used in this work and the distinction betweken
coupling radius and pion creation radius. This distinction also implies that the condition
for inelasticnp collisions to occur (as expressed in e®.4Q) is more stringent than
the condition presented Bahcall & Mészaros(2000. Therefore, the fraction of GRBs
for which np decoupling occurs is expected to be much smaller and the reference value
R, = 10% is not very realistic. For the reconnection model, we find that the expected
neutrino fluence is typically lower than those for the fireball model by a fackorThis
results from the fact that the pion production radius is much larger thangliecou-
pling radius, which is a very robust feature of this model. The condition for inelaptic
collisions as expressed in e®.45), on the other hand, is fulfilled in a large range of the
parameters of the model. It is therefore expected tipedlecoupling occurs in a large
fraction of GRBs for the reconnection model.

5.4.2 Gamma rays

Secondary gamma rays resulting frorp collisions are reprocessed by the flow due to
interactions with the soft photon field (see sectoB.5. This results in pair cascades
for fireballs and in electron synchrotron emission for AC outflows. The total energy (in
the frame of the progenitor) that is injected in the flow in the form of gamma rays is
equal to

[y Nn7 (€/) 63
= e
which defines the factay. We find thaty ~ 0.5 for both the fireball model (foy ~ few
n,) and the AC model (forrg ~ few o). For reference values of the parameters this

implies that the fraction of the burst energy that is converted to gamma rays is roughly
5 x 1072 for fireballs and roughly % 1072 for the AC model. We assume that the bulk

y = YTnpNney (5.67)
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Eiso, min (erg)

Figure 5.5: Minimum value for the total isotropic burst enerdis, for which the reprocessed
gamma-ray emission (in the fireball model) is above the GLAST threshold, as a function of red-
shift. In this figure we have takefy = ro7 = 73 = 1, and we have taken the burst duration equal to
10s.

of the energy given in eq.5(67) leaves the source after reprocessing, albeit in photons
of lower energies.

In section5.3.5we estimated that the gamma-ray emission from pair cascades in the
fireball model is in the range 2 20 GeV in the frame of the progenitor. From this we
estimate the gamma-ray number fluedgefrom a source at proper distanDg as

E,

0, = —)
Y 2 .casc’
47D2€S

(5.68)

wheree®° ~ 10 GeV is the average gamma-ray energy emitted by the pair cascades.

For an energetic burst a = 0.1 the number fluence i®, =~ 103 cm 2 which can

be detected with the upcoming GLAST satellite that has fiectve area~10* cn?

at these energiessghrels & Michelsonl999. In fact, we find that this emission is

detectable for a fairly large range of parameters. In figuave indicate, as a function

of redshift, the minimum total isotropic burst energy for which the gamma-ray emission

by this mechanism is detectable with GLAST. In producing this figure we have chosen

reference values for the relevant model parameters and assumed a burst duration of 10 s.
The isotropic equivalent energy carried by the prompt emissief&V energies of

atypical GRB is in the range 20— 10>* erg. This is only a lower limit for the isotropic

equivalent energy of the ultrarelativistic flow which may well be a faetbd larger than

the energy carried by the prompt emission, depending on the unkntiiercy of the

mechanism that generates the prompt emission. Therefore the minimum energy shown

in figure 5.5is not very restrictive and we expect that this emission is detectable for a

fairly large fraction of GRBs in which protons and neutrons decouple. This conclusion

also holds for high redshifts where the volume for GRBs to occur is largest.
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Apart from the collisions between bulk protons and neutrons considered in this work,
pions can also be created by nuclear collisions as a result of internal shocks in the sub-
photospheric region of the flonMeészaros & Ree2000. This mechanism can inject
gamma rays in the flow in afiierent region of the GRB parameter space.

In the AC model the energy is radiated as synchrotron emission with energy of a few
hundred keV in the observer frame (see seciéy. The corresponding energy fluence
~107° erg cnT? is lower than the expected prompt emission for a bursta0.1 with the
reference values adopted here and for a typical prompt emission radiatieney>0.1.

This makes it very hard to disentangle this gamma-ray signal from the prompt emission.
Of course this conclusion holds as long as the energy of the reprocessed gamma rays
is much less than the energy of the prompt emission and the radiéiisierecy for the
prompt emission is larger than the energy fracti@wx 1072 transferred to gamma rays

by np collisions in the AC model. On the other hand, even though this synchrotron
component is in general weak, it may have a substantial contribution to the prompt X-
ray emission since its flux increases with decreasing ener@y-as~/2 (i.e., following

the characteristic slope of fast-cooling synchrotron emission).

5.5 Conclusions

In this work we have found that gamma-ray emission resulting from inelastic collisions
between dterentially streaming neutrons and protons and reprocessed by the flow may
be a useful diagnostic of the nature of GRB outflows. Provided that the baryon loading of
the flow is sifficiently small, a few per mille of the burst energy is reinjected in the flow
throughnp collisions in both the fireball model and in the AC model, which was used in
this work as a specific model for GRB flows that are powered by magnetic reconnection.
In the fireball model, the injection of these gamma rays in the outflow leads to pair
cascades and subsequently to the emission of gamma rays with observer energy in the
range of 2 - 20 GeV(1 + 2). In figure5.5, we show the minimum total isotropic burst
energy, as a function of redshift, for which this emission can be detected by GLAST. The
constraint on the energy is not very restrictive and hence this gamma-ray emission should
be detectable for a fairly large fraction of the GRBs in whighdecoupling occurs. In

the AC model, synchrotron energy loss prevents pair cascading and the energy is radiated
away at much lower observer energies of a few hundred keV. This component is expected
to be dominated by the prompt gamma-ray emission.

The neutrino particle fluence front decay created in inelastitp collisions in the
fireball model is found to be an order of magnitude smaller than previous estimates.
This is due to the more accurate cross sections for elastic and inelpsitattering used
in this work and the distinction betweerp decoupling radius and the pion production
radius. The neutrino fluence in the AC model is smaller by another fa&alue to the
very gradual acceleration of the flow, which is a very robust feature of the model. The
energy of neutrinos frompinteractions in GRB outflows as observed on earth is in the
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range 50-70 GeV for reference values of the parameters, which is somewhat higher than
previous estimates. We find that the observed neutrino energy in the AC model is higher
than in the fireball model because the strong magnetic field causes the charged pions to
isotropize in the proton rest frame rather than in the collision COM frame. Unfortunately
the neutrino emission in both models is so low that it is veffiailt to use its properties

to constrain the physics of GRB outflows.

In both the fireball model and the AC model we find that inelasticcollisions
occur only if the baryon loading is fiiciently low (see sectios.3.1). For the fireball
model, this condition is quite restrictive and we expect that inelasticollisions are
only possible for exceptional bursts. On the other hand, inelastic collisions occur for a
large range of the parameters in the reconnection model.

The above results rely on a proper understanding of the dynamics of the flow. We
have discussed thefect of neutrons on the dynamics of the flow in secttoh(some
numerical results are presented in Fi§sl-5.4). We present a numerical model which
includes the acceleration of the protons due to energy conversion in the flow, coupling
of neutrons to protons by nuclear scattering (and the dynamical decoupling of neutrons
and protons) and neutron decay. To a first approximation the dynamics of protons and
neutrons can be described by the analytical model given in Bd®?) ( This model pro-
vides a useful estimate for thmg inelastic optical depth (sectidn3.2 and the energies
of neutrinos (sectio®.3.4 and gamma rays (sectidn3.5. These estimates are gen-
erally in good agreement with results obtained from the numerical model described in
section5.2 (some diferences are discussed in the main text). The analytical estimates
can be extended in a straightforward manner to any flow Itk rP andI', = const.

From an observational point of view, the most promising conclusion of this work is
that gamma-ray emission resulting frorp interactions may provide a signature of the
nature of the flow (sectioB.3.5. The diference in energy of the reprocessed gamma-
ray emission between the fireball model and the AC model results essentially from the
difference in the ratio of magnetic energy density to radiation energy density. Therefore
the energy of this emission appears to be a robust probe for the physics of GRB outflows.
In this work we have estimated the gamma-ray energy and fluence for reference values
of the burst parameters. A more detailed analysis is necessary to study the spectral
properties of the emission and compare it with other emission mechanisms over a broad
range of parameters.

It was pointed out recently that a substantial neutron component in GRB flows may
affect the properties of GRB afterglowBéloborodov20033. This provides a way of
constraining the physics of GRB outflows from afterglow observations. The numerical
model discussed in this work can be used to study this possibility in more detail. Another
interesting question is whether inhomogeneities in the flow can cause significant particle
production througmp collision in the AC model (for fireballs, this was discussed by
Mésaros & Reeg2000). These issues are left for future work.
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Figure 5.6: Experimental data and approximations of the total, elastic and inelgstitoss sec-
tions. The thin lines show the approximations used for the analytical model; the thick lines show
those used in the numerical computation.

5.A Cross section approximations

In this work we use the following approximations for the total and elagticross sec-
tions:

a
=maX| ———— =, ) 5.69
et 01%e +526%, (5.69)
0.757
Telly 2 xx) = (5.70)
ny

whereo = 4x107% cn? andy = I'p/I'n. Atenergies below the pion production threshold
(x < xx) the elastic cross sectian, = ot. Hence the inelastic cross section above the
pion production threshold can be approximated with:

0‘75) . (5.71)

Tinel(X = Xx) = Ttot = Tel = E(l_ |_

ny

In these equationg,e; andy are related to the incident proton momentum in the neutron
rest framep;, as follows:

p/
Brel = —_—; (5.72)
\PhZ + mPe?
r / ;2
e P P (5.73)
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The approximations given in egs5.69, (5.70 and 6.71) are shown in figure.6,
together with experimental dat¥do et al.2006 and the approximation that was used
to describe the inelastic cross section in the numerical analysis.

5.B Frames and Lorentz factors

The Lorentz factor of protons and neutrons in the observer fridnage denoted with
I', andI'y, respectively, and we assume that bBgrs> 1 andI', > 1. In the observer
frame, the COM fram&”” of thenp collision is moving with Lorentz factor

FCOM = A 'Fprn . (5.74)

In the COM frame, protons and neutrons are moving in opposite directions with Lorentz

factors 12 12
s 1(T 1(T
r"zl"({:iz——p +=12) (5.75)
P 2me  2\I, 2\,
where we take the proton and neutron masses equmal to the main text we usi’ to
denote the rest frame of either the proton or the neutroiK’ enotes the proton rest
frame,I'; = 1 by definition and

’ 1 Fp rn _ 77\2
r“‘é(r_n+r_p)‘2(r“) ~1. (5.76)
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Parameterization of the energy and angular
distributions of secondary pions and kaons
produced in energetic proton — proton collisions

Koers, H. B. J., Pe’er, A, & Wijers, R. A. M. J.
2006, hep-plD611219

6.1 Introduction

The possibility of proton acceleration to very high energies in astrophysical sources may
provide unique observational opportunities. The interaction of energetic protons with
photons or nucleons results in copious production of secondary mesons decaying into
high-energy gamma rays and neutrinos that can be observed with current and future
detectors. The recently observed TeV gamma-ray emission from supernova remnant
RX J1713.7-3946Aharonian et al2006 has been attributed to this mechanidButt
et al. 2002, although such an origin is still under debaRe{mer et al.2002. TeV
gamma rays have been reported in coincidence with gamma-ray burst (GRB) 970417a
(Atkins et al.200Q 2003 but also in this case it is not established whether the origin is
hadronic Pe’er & Waxmar005; Erratum-ibid. 638:1187, 2006

The existence of astrophysical proton accelerators is indicated by observations of
high-energy cosmic rays (CRs). There is evidence for a substantial proton component
above the ‘knee’ at4 x 10° GeV in the cosmic-ray spectrum (see eBfpattacharjee &
Sigl (2000 for a review). Observations of extensive air showers due to CRs with energies
up to~10' GeV are consistent with nucleon primaries, although other primaries are also
possible (e.g.Halzen et al(1995).

Various astrophysical systems have been suggested as CR sources. Galactic super-
nova remnants are the leading candidate for the generation of CRs with energies up to
~10° GeV (e.g. Biermann et al1995. Several extragalactic sources have been consid-



94 Parameterization of the energy and angular distributions . ..

ered as possible sources of higher energy CRs, such as active galacticBexdeairisky
et al. 2002 see howeveNorman et al.1995, hot spots of FanafBRiley class Il ra-
dio galaxies Rachen & Biermani993 Norman et al1995, pulsars Yenkatesan et al.
1997 and GRBs Yietri 1995 Waxman1995.

A population of high-energy protons in these sources would carry a rich phenomenol-
ogy. In GRBs for example, the interaction of accelerated protons with GRB photons
leads to~ 10° GeV neutrinos\Waxman & Bahcalll997) and to~10? — 10° GeV gamma
rays Bottcher & Dermerl998 Pe’er & Waxmar2005; Erratum-ibid. 638:1187, 2006
High-energy proton interactions may play an important role in the interaction of a de-
veloping GRB with its environment, e.g. when the fireball has not yet emerged from
the stellar surfaceMésaros & Waxmar2001, Razzaque et aR003H or when ener-
getic GRB protons collide with cold protons in the GRB surroundili@gmot & Guetta
2003 Razzaque et a003a 20043.

Detailed parameterizations of the distributions of secondary patrticles created in pro-
ton — proton pp) collisions are essential in the study of particle production in astrophys-
ical proton accelerators. Parameterizations of the energy spectra were recently presented
by Kamae et al(2009 and byKelner et al.(2006§. However, the parameterizations
presented by these authors do not include the angular distributions of the secondary par-
ticles. These angular distributions may have an important influence on observational
quantities in a non-isotropic environment. Furthermore, in the absence of these distri-
butions, the parameterizations can only be applied to the scattering geometry for which
they were derived, viz. with a target proton at rest.

Parameterizations of the complete particle distributions represent an important gen-
eralization because they contain all the correlations between the energy and the angle
of outgoing particles. Furthermore they provide, through Lorentz transformations, sec-
ondary particle distributions and energy spectra for a collision of two protons with arbi-
trary energies and an arbitrary collision angle. Such a parameterization can therefore be
applied to any scattering geometry. This is of particular interest in astrophysical sources
where a significant fraction of the protons may be accelerated.

A prime example of an astrophysical system where the energy and angular distribu-
tions of secondary particles createdgp collisions are expected to have an important
effect on observational signals is provided by choked GRBs, i.e. developing GRBs where
the jet is not energetic enough to traverse the pre-burst stellar environvhesros &
Waxman(2001) have suggested that protons can be accelerated in internal shocks at
substellar radii in these choked bursts. These high-energy protons interact with the de-
veloping outflow and with the stellar environment. In particular, collisions of accelerated
protons with stellar protons (nuclei) results in secondary neutrinos. The flux and energy
spectrum of the corresponding neutrino signal on earth will in general depend on the
angle between the developing outflow and the line of sight. The energy and angular dis-
tributions of pions created in thep interactions play an important role in this viewing
effect. Therefore a detailed modeling of secondary particle creatigpiimteractions
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is required to determine the fraction of choked GRBs that may be observable by neu-
trino detectors and to establish what may be learned about (choked) GRBs from neutrino
observations.

Badhwar et al(1977), Stephens & Badhwa1981) andBlattnig et al.(2000 have
presented parameterizations of the complete distributions of charged and neutral pions
and charged kaons createdgp collisions. However, these parameterizations are valid
for incident proton energieg, < 2 x 10*° GeV, which is much lower than the highest
proton energies 10! GeV expected in accelerating astrophysical sources.

In this chapter we present parameterizations of the complete distributions of sec-
ondary particles produced jp collisions based on Monte Carlo simulations. We con-
sider a proton with energy $@eV < E, < 10° GeV that collides with a proton at rest,
which corresponds to center-of-mass energy 43 Ge\s < 1.4 x 10° GeV. Because
of the symmetry of this setup the distributions of secondary particle species are invariant
under rotations around the collision axis, which implies that they can be fully parame-
terized with two independent kinematical variables. Here we present parameterizations
of the energy and rapidity distributions of secondary pions and kaons. The parameteri-
zations are based on Monte Carlo data in the simulated energy range, but they are suited
for extrapolation to higher energies.

The use of a Monte Carlo event generator is necessitated by the present incomplete
understanding opp collisions. Hadron interactions have a complex phenomenology
due to the compositeness of the ingoing and outgoing particles, making it impossible to
compute the cross section or the resulting particle distribution from first principles. We
use the event generatB¥ THIA (Sjostrand et al2003 to generate Monte Carlo data.
PYTHIA is tested against experimental data and is widely used in particle physics. Itis
capable of simulating various incident and target particles so that it is possible to ex-
tend this work to proton — neutron and proton — photon interactions with essentially the
same code. We stress that the use of a Monte Carlo event generator introduces a model
dependence on the results presented here. Nevertheless these results represent an impor-
tant step in including the current understanding of proton interactions in astrophysical
models because they contain the first parameterizations of both the energy and angu-
lar distribution of pions and kaons created in energpficcollisions that is based on a
realistic particle physics model.

We consider only secondary pions and kaons and not their stable decay products, viz.
electrons, neutrinos and gamma rays. This approach separates the physiqsacdhe
lision from subsequent decay processes. Energy spectra and particle distributions of the
resulting stable daughter particles are readily found from our results (either analytically
or as part of a computer code) and the well-known decay spectra of pions and kaons (see
e.g. Halzen & Martin (1984 andKelner et al.(2006). We do not separately consider
short-lived mesons (such asp or w) because their lifetime is much shorter than that of
charged kaons and pions. The decay products of these mesons, mostly pions and gamma
rays, are grouped together with the prompt secondaries. The restrictionpp theer-
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actionper segives our results a broad applicability. For example, it has been pointed
out recently Kashti & Waxman2005 Asano & Nagatakk006 that energy losses of
pions and kaons can leave an imprint on the energy spectra of the daughter particles in
GRB jets. A proper treatment of thigtect requires knowledge of the pion and kaon
distributions.

This chapter is organized as follows: in sect®f, we present experimental data on
the pp cross section and the charged multiplicity, i.e. the number of charged particles
created in a single inelastic collision. In sectié:8 we discuss the kinematics of the
simulated interaction and introduce the particle distribution with respect to energy and
rapidity. Details on the event simulation wiBYTHIA and the fitting procedure are dis-
cussed in sectiof.4. In section6.5, we present a comparison betweRMTHIA results
and experimental data and we present the parameterizations of the energy spectra and
particle distributions of secondary pions and kaons. Applications of these parameteriza-
tions are considered in sectiémb. We demonstrate through explicit examples how the
parameterizations can be used to study particle production in collisions of protons with
different energies and an arbitrary incident angle. We also present an example in which
we derive the gamma-ray energy spectrum resulting #t®m yy decay. In sectios.7,
we discuss the application of the parameterizations to incident protons with very high
energies. We discuss the results in secidg Conclusions are presented in sectto@

6.2 Experimental data on the cross section and secondary
multiplicity in proton — proton interactions

In this section, we discuss experimental data on the cross sectjpminferactions and
on the number of charged particles created ppénteraction. The data presented in this
section are used in secti@n5 to validate our numerical method.

6.2.1 Cross section

Proton — proton interactions are usually separated into elastic scattering, in which no
particles are created; filiactive interactions, in which the energy transfer between the
protons is small; and inelastic nonflilactive interactions (also called ‘minimum-bias’
events) which contain both hard QCD processes, in which the energy transfer is large
enough for the constituent quarks and gluons to interact, and soft minimum-bias events.
The totalpp cross sectiowri; can be expanded in terms of these processes as

Otot = Ond + Osd+ 0dd + Tel (6.1)

whereonq, osg, 0gg aNdog are the cross sections for nortidactive processes, single
diffraction AB — XBor AB — AX), double difraction AB — XY), and elastic scatter-
ing (AB — AB) respectively. We do not explicitly separat&tictive and non-diractive
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Figure 6.1: Comparison between the inelasfip cross section calculated witPtYTHIA (open
squares) and experimental data (disks). The solid line represents the fit given i6.8q. Bx-
perimental data is taken from the PPDS (see foottipte

processes because we are mostly interested in astrophysical applications where it will be
impossible to distinguish between these componentsKae®e et al(2006 for a sep-
arate treatment.

We are primarily interested in the inelastip cross sectiowrine) = ong + Tsd + T dd
because all processes that create secondary particles are contained in this quantity. At
energies above the threshold enefigy = 1.22 GeV and belowy/s = 3 x 10* GeV, the
inelastic cross section for a proton with enefgyinteracting with a target proton at rest
can be fitted withKelner et al.2000:

ot (Ep) = (33.24— 3.62410gE, + 1.325(log Ep)z)
En\*)
X [1 - (—‘“) ) mb, (6.2)
Ep

whereE, is measured in GeV. This formula is valid under the assumption that the ratio
of the inelastic cross section to the total cross section, which for energies in the range
43 GeV< +/s< 63 GeV is given by Amaldi & Schubert1980

oot = L.210inel (6.3)

does not change at higher energies 63 Geys < 3 x 10* GeV. The incident proton
energyE, in eq. 6.2) is related to the center-of-mass energgas

S
Ep = o myc?, (6.4)

wherem, is the proton mass. In figuré.1, we show the approximation given in eq.
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Figure 6.2: Comparison between the charged multiplicity calculated WHIHIA (squares) and
experimental data (other symbols). Open symbols correspond to inelastic processes (inel), solid
symbols correspond to non-singlefdactive (NSD) processes. The solid line shows the approxima-
tion given in eq. 6.5).

(6.2) together witlPYTHIA results (see sectigh5below) and the available experimental
data! This shows the validity of approximatio®.Q).

6.2.2 Secondary multiplicity

Bubble chamber and accelerator experiments have shown that the number of charged par-
ticles created in proton — (anti)proton collisions, i.e. the charged multiplicity, increases
as a function of the incident proton enefgWe find that up to the highest energies cur-
rently accessibley/s < 1.8x10° GeV, the charged particle multiplicity in nonfttiactive
ppinteractions is well fitted with

MM (9) = 0.89+ 1.24logs+ 0.34 log s+ 0.077 log s. (6.5)

This functional form is an extension of an approximation due to Matthid&tthiae
1983 (see alscCollins & Martin (1984) which is valid only up to+/s < 540 GeV.

The last logarithmic term, which does not appear in the approximation by Matthiae, is
required in order to fit the multiplicity at both high and low energies. We present in figure
6.2 experimental datatogether with the approximation given in ed.%) andPYTHIA
results (see sectioh5below).

1A compilation of experimental data on the inelagiigcross section is available at the Particle Physics Data
System (PPDS) websitettp: //wwwppds.ihep.su:8001/. In producing figureb.1, we have not considered
experimental data that is marked with the warning comment ‘W'.

2The charged particle multiplicity ipp and pp interactions is virtually identical at ISR center-of-mass ener-
gies v/s = 53 GeV Breakstone et a(19840); see alscCollins & Martin (1984).

3The experimental data is taken froAmsorge et al(1989, Alpgard et al.(1983, Benecke et al(1974,
Biyajima et al.(2001), Breakstone et a{19843 andMorse et al(1977. The data atys = 1.8 x 10° GeV is



6.3. Kinematics and secondary particle distribution 99

A logarithmic dependenc#;, « log sis commonly interpreted as due to an increase
in phase space because the range of allowed rapidities scalessigfaf) (e.g.,Collins
& Martin (1984). A stronger increase in secondary multiplicity is then attributed to an
additional rise in the level of the observed central rapidity plateau, the origin of which is
not understood from first principles.

At high energies, data on the neutral particle multiplicity is scarce because of ex-
perimental dificulties. As a result, there is no fit to the neutral particle multiplicity that
extends toy/s > 50 GeV which is based on experimental data. A fit to the separate mul-
tiplicities of both charged and neutral pions and charged kaons creapgudallisions
for center-of-mass energiegs < 53 GeV was presented Byntinucci et al.(1973.

The scarcity of experimental data on separate particle multiplicities at high energies
motivates the use of event generators sucRYaSIIA. In section6.5.1, we show that
PYTHIA correctly reproduces experimental results on the total charged multiplicity. In
section6.5.2 we present a fit teYTHIA results on charged and neutral pion and kaon
multiplicities in the energy range 43 Ge¥ /s < 1.4 x 10° GeV.

6.3 Kinematics and secondary particle distribution

In this and the following sections, we consider an energetic proton that moves along the
z-axis and collides with a proton at rest, i.e. a fixed target. This scattering geometry is
referred to as the lab frame. We uggto denote a longitudinal momentum, along the
z-axis, andpy to denote a transverse momentum.

6.3.1 Kinematics

Assuming that the secondary patrticle distribution is symmetric around the collision axis,
the phase space of the outgoing particles is fully parameterized with two independent
kinematical variables. Here, we choose the energgd the rapidity, which is defined

as

_1_ €+ pPLC _ b
y_zln(e_pzc) & tanhy = — - (6.6)

For given particle energy, the rapidity cannot take any value. The mass-shell relation
implies that-y; <y < yi, where

V1= arccosl(m—;) , (6.7)

andmis the secondary (pion or kaon) mass. A second requirement follows from energy
conservation in thep collision. If the energy of the secondary partiele- m,c?, the

obtained by the E735 experimeniiffdsey et al.1992, which does not cover the full particle phase space. We
use results fronBiyajima et al.(2001), who have determined the charged particle multiplicity through a fit to
experimental data on the multiplicity distribution.
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rapidity is additionally bounded by > y», where

2myc?
y, = arctan 1 M ) (6.8)

By Bpe

In this equatiorgy, is the proton velocity in the center-of-mass frame in units, efhich
we take to be equal to one for incident proton energigss> myc? in the following
calculations. Note that eq6(7) can be applied in any frame, while e@.8 only holds
in the lab frame.

6.3.2 Secondary particle distribution

We are interested in the particle distribution for one-pion and one-kaon inclusive pro-
cesses,

pp— XY, (6.9)

whereX denotes a single pion or a single kaon ahchay be any combination of par-
ticles with the appropriate quantum numbers. We denote(fy)dedy the number of
created particles of a given species with energy and rapidity in the range: & de) x

(y...y+dy):
d?N 1 d?o
dedy  Orinel dedy’

n(ey) = (6.10)
whereoine = 0ng + 0sg + 0qq IS the inelasticpp cross section and is the inclusive

cross section to detect a particle of a given kind (assuming an ideal detector). This cross
section is equal to the weighted sumrmsparticle exclusive cross sections (i.e., the

cross section to create exactlparticles}:

o= Z non = Morinel (6.11)
n

where M = M(s) is the multiplicity of the given particle species. The particle distribu-
tion n(e, y) is related to the Lorentz invariantftiérential cross sectiond3co-/d p?, which
is often used to represent experimental data, as follows:

_2n e + p% d3o
n(e,y) = ?[ p— )(edzp-rdpz) . (6.12)

“We do not consider the exclusive cross sections separately because we are interested in particle creation by
all processes together. To a first approximation, the relative sizes ofithgicle exclusive cross sections depend
on energy only through the total multiplicitikoba et al.1972. This ‘KNO scaling’ is known to be violated at
energies> 500 GeV @Alpgard et al.1983 Alner et al.1984).
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6.4 Numerical method

6.4.1 Configuration of PYTHIA and initial conditions

The ppinteraction is simulated witAYTHIA version 6.324 using default values for most
of the control parameters. Elastic andfidictive processes are included by selecting
MSEL=2. In comparingPYTHIA results to experimental data on the cross section and
charged multiplicity, we allow for pion and kaon decay. In determining the parame-
terizations of the particle distributions, pion and kaon decay are switcfietith the
commandMDCY (PYCOMP (ID), 1)=0, wherelD is the corresponding particle identifica-
tion number. This approach separates the physics ipheollision from subsequent
processes, such as secondary synchrotron emission prior to decay, etc.

The PYTHIA code relies on the Lund string modeédr(dersson et al1983 for the
fragmentation process, through which the final-state hadrons are formed. Since this pro-
cess plays an essential role in the determination of the distribution and multiplicity of
secondary particles, we present a brief discussion of the string model in its most ele-
mentary form in appendi®.A. The physics described W THIA is much more sophis-
ticated, including e.g. multiple parton interactions. We note that version 6.3 contains
a completely new treatment of multiple parton interactions. Details on this and other
models inPYTHIA can be found in theYTHIA manual §jostrand et al2003.

We simulatepp collisions for incident proton energies, = 10° GeV, 10" GeV,
10° GeV and 16 GeV colliding with a proton at rest. For higher values of the incident
proton energyPYTHIA signals a loss of accuracy in kinematical variables in some of the
generated events.

6.4.2 Fitting procedure

The secondary particle distributions are discretized, spanning the full range of available
energy and kinematically allowed rapidity. In this process, the energy is divided into 200
bins with sizeAg with a logarithmic division and the rapidity is divided into 100 bins
with size Ay; with a linear division. The logarithmic energy division is chosen because
we consider up to seven energy decades; the rapidity division is linear because the range
of allowed rapidities scales with the logarithm of energy. The number of bins is limited
by computational issues, as data files become increasingly large and fitting becomes
increasingly time-consuming with an increasing number of bins. We have verified that
this number of bins is gficient for convergence of the resulting parameterization.

We useMINUIT® as a minimization algorithm for the weighted squareffedence
between the?YTHIA results and the particle distribution fit functioe, y).6 We con-
sider only statistical errors in trRYTHIA results. We simulatéle, = 10° collisions for

SCERN Program Library entry D506; documentation is available on the website
http://wwwasdoc.web.cern.ch/wwwasdoc/minuit/
6We do not explicitly write the dependencerobn Ep here and in the following sections.



102 Parameterization of the energy and angular distributions . ..

every incident proton energy, which results in a statistical error of a few percent near the
maximum values o€én(e,y). We compare our results with parameterizations based on
other event generators to obtain an estimate of the importance of systematic uncertainties
within the models underlyinBYTHIA in section6.8.1

The relative deviation betweerPATHIA data pointy; and the fitted value(s;, ;) is
expressed as

0i = w , (6.13)
N
wheren; is the number of particles in a bin with average enesggnd average rapidity
y; divided by the bin sizé\g x Ay;. We note that the deviations are expected to follow a
Gaussian distribution with average value

1
@) o ,/m, (6.14)

where the dependence on energy is due to the logarithmic energy binning. In particular,
the average deviation size is expected to be roughly independent of energy in the case of
an(e) « e energy spectrum.

6.5 Results

6.5.1 Comparison of PYTHIA results with experimental data

We show in figure$.1 and 6.2 experimental data on thgp cross section and charged
multiplicity together withPYTHIA results. In producing these figures, we have not
switched df any natural particle decays in tRETHIA simulations in order to compare
PYTHIA results with experimental data (cf. secti®d.]).

We observe from figuré.1 that thePYTHIA cross sections are compatible with an
extrapolation of the experimental data (see footddt references) in the energy range
43 GeV< /s< 1.4x10°GeV. In figure6.2, we show a comparison between experi-
mental data an@YTHIA results on the charged multiplicity. Here we are interested in
particle creation by all inelastic processes. However, experimental data on the charged
multiplicity resulting from all inelastic processes is available only up/®= 62 GeV
(Benecke et al1974 Breakstone et all984a Morse et al.1977). Experimental data
on the charged multiplicity resulting from the restricted class of non-sindieadiive
(NSD) interactions is available up to much higher energjss= 1.8 x 10° GeV (Alner
et al.1986 Ansorge et al1989 Biyajima et al.2001, Breakstone et all9844. To verify
our numerical method, we have performed a separate simuladfddSD interactions

"For the NSD case, we have switchefl single difraction in the event generation with the commands
MSUB(92)=0 andMSUB(93)=0.
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Np Ns y n* - n° K+ K- KO KO
f 056 0.033 0.013 0.13 0.095 0.12 0.016 0.011 0.014 0.011

Table 6.1: Average fraction of the incident proton energy carried by the outgoing particle species.

at o a° K* K~ KO Ko
Co 45 38 49 0.49 032 036 029
¢ -17 -17 -21 -023 -020 -0.17 -0.18
c; 050 050 058 0063 Q060 Q054 Q054

Table 6.2: Numerical values for the constants in the multiplicity approximation formuas.

to compare the NSD charged multiplicity with experimental data. We show in f@@re
that thePYTHIA results on the charged multiplicity due to both inelastic processes and
NSD processes are compatible with experimental data.

6.5.2 Average secondary energy and multiplicity

We find that, within the simulated energy range, the fractioof the incident proton
energy carried by a certain secondary particle species is virtually independent of the
incident proton energ¥. The average fractions for nucleons, photons, pions and kaons
are given in tablé.1 In this table N, andNs denote primary and secondary nucleons,
respectively (see below). Other possible secondaries (direct electrons, muons, neutrinos)
together carry less thani® of the incident proton energy.

We define the primary nucleon as the most energetic outgoing nucleon. The proba-
bility that the primary nucleon is a proton is7@; if it is a proton, it carries an average
fraction Q63 of the incident proton energy. The probability that the primary nucleon is
a neutron is @O; if this is the case, the average energy fraction.44 0 The energy
fraction carried by the primary nucleon as shown in tahlerepresents the weighted
average.

We fit PYTHIA results on the secondary particle multiplicities within the energy range
43 GeV< s< 1.4x 10 GeV. We find that both charged and neutral pion and kaon
multiplicities are well approximated with the following function:

M =co+crlogs+clog?s, (6.15)

wherecy, ¢; andc, are numerical constants whose values are given in &Blandsis
expressed in units of G&V The charged kaon multiplicity deduced from e§.16) is
within ~5% of experimental data ay's = 45 GeV @ntinucci et al.1973. The charged

8Feynman scalingfeynmarl 969 relies on these fractions being constant for all proton energies. It is known
that Feynman scaling is violated by the observed breakdown of KNO scaling, which is a consequence of Feynman
scaling (see footnotd). Scaling violations are incorporatedBNTHIA; see e.g. the discussion Bjamae et al.
(2005.
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Figure 6.3: Energy spectra of* (left panel) andK* (right panel) mesons created in a collision with
incident proton energf, = 10° GeV. Note the dferent scales on the vertical axes. Upper graphs:
comparison ofPYTHIA results and fit to the energy spectrum normalized a&); lower graphs:
deviations; = n(e;, y;)/ni — 1 betweerPYTHIA results and fitted values.

pion multiplicities determined by this equation a¥&0% lower than the experimental
values. We have verified that this discrepancy is partly due to the fact that we have
considered only prompt pions (i.e., excluding pions from kaon decay). When we include
meson decay, the charged pion multiplicities are within 5% of the experimental data.

6.5.3 Pion and kaon energy spectra

We present in figur®.3 the 7t and K* energy spectra resulting from a collision of a
proton with incident energf, = 10° GeV with a proton at rest. We find that the energy
spectra for all secondary particles and incident proton energfeGd0 < E, < 10° GeV

are similar in shap.To a first approximation, the energy spectra folloevapower-law,
reflecting the absence of an energy scale between the secondary mass and the maximum
available energy. This is supplemented with additional functions that we denote with
a(e), B(e), v1(€) andys(€) (here and in the following we do not explicitly write the de-
pendence of the model parameters on the incident proton ekgtgyavoid cluttering of

the notation). Thus we write the pion and kaon energy spectrum in the following way:

n(e) = noe a(€)B(e)ya(€)y2(e) , (6.16)

whereng is a hormalization constant;(¢) accounts for the convex shape on a log-log
scale,B(e) incorporates an exponential decline at higher and lower enengigs,is a
strong cutdf near the mass threshold apgle) is a strong cutfi near the maximum

9Figures of these and others fits are availabletatp : //www.nikhef.nl/ hkoers/ppfit.
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available energy. These functions are parameterized as follows:

No = 1.21x 10P*+PiP; (6.17a)
ale) = ePo9@-2p), (6.17b)
Ble) = 1070 g™, (6.17c)
y1(e) = tanh(ppolog(e/m)) ; (6.17d)
y2(e) = tanh(pgolog(Ep/e)) (6.17€)

wherees = 1072+ & = 10P2*Ps and all energies are expressed in units of GeV. The
following parameters vary with incident proton energy:

Po = Poo+ Porlog(Ep); (6.18a)
Pr = P+ Pulog(Ep); (6.18b)
P2 = P20+ P21log(Ep); (6.18c)
Pa = Pao— Pz; (6.18d)
Ps = Peot P2. (6.18¢e)

Thus, the energy spectrum of secondary pions and kaons is fully described in terms of
12 free parameteng;; for every particle species. These parameters and their numerical
values, which are determined by a least-squares fit, are given ing&ble

For pions, deviations between fit value&;) and PYTHIA resultsn; are less than
5% except for very high energies £ E,/2) and some occasional points near the mass
threshold where the deviation is10%. For kaons, statistical fluctuations are larger
since the number of kaons to pions is roughly 1:10. At intermediate energies the fit is
nevertheless within-5% of PYTHIA results except for some isolated points. Near the
mass threshold deviations increase~20%; at very high energies, wheea(e, y) is
typically more than an order of magnitude smaller than its maximum value, deviations
can increase t6-40%. In this energy range, ftkrences between particle distributions
obtained by dferent Monte Carlo generators are much larger (see segt®f). We
have verified that the parameterized spectra integrate to the right multiplicities as given
in eq. 6.15 within a few percent, except for th€” spectrum for which the deviation is
~10% at the low end of the simulated proton energy range.

6.5.4 Pion and kaon energy and rapidity distributions

We present the pion and kaon rapidity distributions, irge,y) at fixede = ¢, for

incident proton energ¥E, = 10° GeV and secondary particle energy: 10° GeV in

figure 6.4. We find that rapidity distributions for fierent proton energies andfidirent
secondary particle energies are very similar in shape. This shap@eredt for pions
and for kaons, hence we treat pions and kaons separately in the following.
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Figure 6.4: Rapidity distributions ofr* (left panel) andK* (right panel) secondaries created in a
collision of a proton with energ§, = 10° GeV with a proton at rest. The secondary particle energy
is taken to bes = 10° GeV. Upper graphs: comparison BYTHIA results and fit to the rapidity
distributione n(e, y) as a function ofy; lower graphs: deviatioi = n(g, y;)/n; — 1 betweerPYTHIA
results and fitted values.

Pions

The pion rapidity distributions at fixed energy are found to be approximately Gaussian
near their maximum values (see fi¢.4). At intermediate pion energies, ~ \/E_
the distributions exhibit a low-rapidity tail that fallgfoexponentially (all energies are
expressed in units of GeV). The distributions faflf very steeply at the boundaries of
the kinematical domain given in eg$.7) and 6.9).

We factorize the full particle distribution(e, y) into a modified energy spectrunfe)
and a rapidity-dependent functigife, y) that contains both a Gaussian and an exponen-
tial part:

N:(e,y) = fi(e)g(e. y) , (6.19)

where
Ae) = noe ta(e)B(e)ya(e)100+2% (6.20a)
#ley) = 1072 VoGi(0-G)*+65 (6.20b)

andng, a(e), B(e) andy,(e) are defined in eqs.6(17). Here and in the following we
assume that andy are within the kinematically allowed range (see es?)(and 6.9));
outside this range all distributions are identically zero. The paramgteepend on the
pion energy and on the incident proton energy in the following way (here and in the
following we do not explicitly write the dependence of the paramejens the pion and
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proton energies to avoid cluttering of notation):

Go = Ooo+ Coié”; (6.21a)
i = O+ (€ +h2)® + raé”; (6.21b)
G = In(e) + oo+ Qo1 (I0g(e) + 1) — 102109 log(e/Er)

+ 10P3109(Ep) log(nye) : (6.21c)
s = Qs+ 10131“132 log(e) , (621d)

where we introduced the variable
& = 2log(e)/ log(Ep) — 1. (6.22)

Hence, we have parameterized the pion energy and rapidity distributions in terms of
24 free parameterg; for every pion speciest(, =~ andz®). The fitted values for the
codficients are given in tablé.4.

We realize that the number of free parameters in the parameterization is quite large.
However we have not found a parameterization that approximateBYFHIA results
(essentially a three-dimensional dataset) with the same accuracy and fewer parameters.
We remark here that the models employedPl¥fHIA are based on a large body of ex-
perimental results so that the fit parameters are not underconstrained. For example, the
parameterization of the total hadronic cross sections used by PYTHIA builds on work
by Donnachie & Landsh® (1992 who propose a phenomenological Regge model for
these cross sections and support this with experimental data on proton — proton, proton —
antiproton, proton — meson and proton — photon interactions. There are also several ex-
perimental results on the total charged multiplicitypipinteractions (see secti&?2.2.

Deviations between the parameterizations BYWTHIA results are within 10% in the
range in which the rapidity distribution is within one order of magnitude of the maximum
value and for pion energies 1 Ge¥e < 0.1E,, except for a few isolated points that
are typically within 20%. At high energieg,> 0.1E, deviations increase t630%
at the borders of the considered rapidity interval, in concordance withéet)( The
magnitude of the deviations is compatible with the statistical errors iPYBIA results.

We have verified that integrating the energy and rapidity distributions over rapidity
reproduces the energy spectra. The deviations between these spe@yarmresults
are similar to the deviations for the direct fit to the energy spectra (see séchid
except at very low energiess 2m, where deviations increase £30%. The multiplic-
ities obtained by integrating the distributions over energy and rapidity are within a few
percent of those given by e.(5.

Kaons

The shape of the kaon rapidity distributions is similar to the low-rapidity part of the
pion rapidity distributions (see fig6.4). We find that the kaon energy and rapidity
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distributions are well described with:

k(e y) = N(€)d(e, ) . (6.23)

where¢(e,y) is defined in terms of model parametejsin eqs. 6.20 andn(e) is a
modified energy spectrum:

N(e) = Noe *a(e)B(e)1070+2% (6.24)

The quantities, a(€) andp(e) are defined in eqs6(17). We find that the parameteri-
zations forg; given in egs. §.21) approximate th@YTHIA results well if we fixgyz = 0.
Therefore, the kaon energy and rapidity distributions are fully parameterized in terms
of 23 free parameters for every kaon speclkés, K-, K® andK9). The fitted values for
these parameters are presented in téble

Deviations between the approximatichZ3 andPYTHIA results are similar to the
deviations for the parameterizations of the pion distributions, except that fluctuations are
larger. This results in deviations up t830% at isolated points for all energies.

For theK~ andK® mesons, integrating the full distributions over the rapidity repro-
duces the energy spectra with deviations similar to those for the direct parameterizations
of the energy spectra presented in €6.16. For K* andK® mesons, deviations near
the mass threshold are80%, while at very high energies & E,/2) the deviations can
increase t6-50%. These large deviations occur only at energies whefe y) is more
than an order of magnitude smaller than the maximum value. The multiplicities obtained
by integrating the parameterized distributiof<2 over energy and rapidity are within
a few percent of the values given by €§.15.

6.6 Applications

In this section, we demonstrate how the parameterizations of the particle distributions
presented in eqs6(19 and 6.23 can be applied to derive energy spectra and angular
distributions of secondary mesons and their decay products. We present examples of the
energy spectrum of gamma rays resulting from the decas’ shesons created ipp
interactions. We also present examples of the angular distributiorfsreésons created

in ppcollisions. For clarity, we consider onty’ mesons in this section, but the presented
methods are applicable to all pions and kaons. We stress that these examples are only
intended to demonstrate how the parameterizations presented in this chapter can be used
in a dedicated study. Astrophysical applications of the parameterizations are discussed
in section6.8.2
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Figure 6.5: Then® distributione n(e, y) as a function of energy and rapidityy after a collision of
a proton with energy 10GeV with a proton at rest (lab frame). The discretization and the observed
‘floor’ are for presentational purposes.
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Figure 6.6: Thex° distributione n(e,y) as a function of energy and rapidityy after a collision
of two protons with energy 730 GeV (center-of-mass frame). The discretization and the observed
‘floor’ are for presentational purposes.
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6.6.1 Head-on proton — proton collision
Full secondary particle distribution

First, we consider the energy and rapidity distributiom®fmesons created in a collision
of an energetic protop with a fixed-target proton. This is the scattering geometry
for which the parameterizations presented in this chapter are derived. We denote the
Lorentz frame corresponding to this scattering geometry tithroughout this section.
In figure 6.5, we present the® distribution for incident proton energg, = 10f GeV.
We observe that the energy and rapidity of the secondary pions are strongly correlated:
pions with higher energies are emitted closer to the direction of the incoming energetic
proton (corresponding to higher values of the rapigiitgee eq. §.6)).
Next, we consider two protong andq colliding head-on with energie;, and Ej,
which defines the reference fraré. Without loss of generality, we take the protons to
be moving in thez' direction. The secondary particle distribution in this frame is given

by
€ cosify

W(e,y) = (—

€ cosity

) n(e,y), (6.25)

which follows from eq. .12 and the invariance afn(px, py, p;) In this equationn(e, y)

is the particle distribution in the frame which is parameterized in ec6.9. Note that
eq. 6.29 is only valid if the frame¥ andK” are connected with a single Lorentz boost
in thez (Z) direction, i.e. for protons colliding head-on along thaxis in theK’ frame.

As a concrete example, we consider two protons that collide with equal energies
Ej, = E; = 730 GeV. In this caseK’ coincides with the center-of-mass (COM) frame
for a collision between a proton with enery = 10° GeV and a proton at rest. In
particular, this means that the center-of-mass engfggnd the secondary multiplicities
are identical for the scattering geometries in the frakesdK’.

In figure 6.6, we show ther® energy and rapidity distribution after the collision in the
COM frameK"’. In this frame, the scattering geometry is invariant under the interchange
of the two protons so that the secondary particle distribution is symmetric under the
transformationy — -y. It is observed from the figure that this is indeed the case for
the distribution derived from the parameterization presented in this chapter. Thiais an
posterioriverification of the parameterization, which is derived in the lab frame without
considering this symmetry.

Energy spectrum of secondary particles and decay products

In figure 6.7, we show the secondany energy spectra for the scattering geometries as-
sociated with th&k andK’ frames, together with the gamma-ray energy spectra resulting
from the decay® — yy. The decay spectrum,(e,) is related to the pion spectrunge)
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Figure 6.7: Energy spectra of° mesons created in pp collision and of the resulting gamma
rays. Left panel: lab frame, corresponding to a proton with en&gy: 10° GeV colliding with

a proton at rest; right panel: center-of-mass frame, corresponding to two protons with energy 730
GeV colliding head-on.

as follows (see, e.gStecken(1971)):

o n(e)
n =2 ————de, 6.26
() feﬁmﬁc‘*m@ €2 — mgct ‘ (620

wheren(e) is thex® energy spectrum. Because this formula is valid in all frames)d
€ may be replaced by ande’ to derive the gamma-ray energy spectrum from the pion
energy spectrum in thi€’ frame.

6.6.2 Proton — proton collision at an arbitrary angle

In this section, we consider two protons with enerdigsand E;, that collide at an arbi-
trary angle. Without loss of generality, we take profoto be moving along the’ axis
in the +X’ direction and protom to be moving in the< —y’ plane at an anglg;, with
respect to thed axis.

We parameterize the distribution of secondatymesons created in this interaction
with the pion energy’, the zenith anglé;, (with respect to the’ axis) and the azimuthal
angleg¢, (in thex’ —y plane). The pion momentum is thus expressed as follows:

K. = [K|sing.coss.; (6.27a)
K = [K|sing,sing,; (6.27b)
K, = |K|cost,, (6.27c)

whereclK'| = /eZ — m2c?. In the following, we derive the secondary angular distri-
bution in the scattering plane and tiféenergy spectrum.
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Figure 6.8: Polar plot of ther® distributionr'(¢’, ¢.) as a function of the azimuth angfe after
a collision of a 16 GeV proton with a 18 GeV proton at an anglg; = (3/4)r. We plotted the
distribution for pion energies’ = 5 GeV (solid line),¢’ = 1 GeV (dotted line) an@’ = 0.5 GeV

(dashed line).
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Figure 6.9: Energy spectra of secondaty mesons created in a collision of a*l@eV proton with

a 1@ GeV proton for three dierent incident angle,. Also shown is the angle-averaged spectrum
(see text). For numerical reasons we only plot the energy spectrum for head-on collisions at energies
€ 2 10° GeV. We have verified witRYTHIA simulations that this part of the spectrum is independent

of the incident angle between the protons.
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Figure 6.10: Polar plot of ther® distributionn’(¢’, ¢,) as a function of the zenith angi after a
collision of a 18 GeV proton with an isotropic distribution of 1GeV protons. The meaning of the
lines is the same as in figu6e8.

Secondary angular distribution in the scattering plane

The pion distribution in the framK’ is derived from the parameterization in the fixed-
target frameK by Lorentz transformations. The fram&3$ and K are connected by

a Lorentz boost to the rest-frame of protpnfollowed by a rotation to align the in-
coming protonq with the z axis. The number of secondary pions with energy and
angles in the rangee(...€ + de’) x (6,...0, + d6.) X (¢, ... ¢, + d¢) is equal to
n'(e, 6., ¢.) sing.do.d¢. de’, where

e \JeZ - mech n(e.y) (6.28)

mect + e2(1 - tanity) ) 27

(€', 67, ¢7) =

In this formula,e andy are the pion energy and rapidity in tieframe, respectively,
andn(e, y) denotes the pion energy and rapidity distribution which is parameterized in
eq. 6.19.

In figure 6.8, we present the distribution of secondafymesons with respect to the
azimuthal angley’,, i.e.,

n’(e’,¢;)zf n (€, 0., ¢,)sing.de. , (6.29)
0

for different values of the pion energy In producing this figure, we have chosen inci-
dent proton energies; = 10* GeV andg; = 10 GeV and incident angle; = (3/4)r.

As can be seen from the figure, the pions are produced mostly in the direction of the inci-
dent protons. The degree of collimation is correlated with the energy: for pion energies
€ below a few GeV, where the pion spectrum is highest (se&ffl), the pion direction

can be significantly dierent from the direction of the colliding protons. At energies
above a few GeV, the angle of the outgoing pion is typically within a few degrees of the
direction of one of the colliding protons. We have verified that this result holds for all
secondary pions and kaons.
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Secondary energy spectrum

In figure 6.9 we present pion energy spectra (integrated over pion angles) resulting from
a collision of two protons with energids, = 10* GeV andg; = 10 GeV for different
values of the proton collision angé. For comparison, we also show in this figure the
pion spectrum averaged over incident proton angles (see below).

While the energy spectrum at high energies is independent of the incident proton
angle, there are significantftbrences at low energies. For small values of the incident
proton anglepy, i.e. close to a tail-on collision, the low-energy part of the spectrum is
suppressed as expected.

6.6.3 Isotropic distribution of target protons

In this section, we consider a single high-energy prgtamth energyE;, that interacts
with an isotropic distribution (in three dimensions) of mono-energetic low-energy pro-
tonsq with energyE;,. We derive the distribution of secondary pions with respect to
the angle between the high-energy proton and the pion, as well as the energy spectrum.
For an isotropic distribution of target protons, the resulting pion distribution does not
depend on the azimuthal angle around the direction of the high-energy proton. In order
to keep the former definition of pion angles (eg6.2{)) we consider in this section a
high-energy incident proton that moves along thaxis in the+Z direction. With this
choice, the zenith angle between the high-energy proton and the pion is egjial to

The momentum of protoq is expressed in terms of angles in the same way as the
pion momentum in eqs6(27): the angled; denotes the zenith angle with respect to the
Z-axis andp, denotes the azimuth angle with respect toxthaxis in thex’ -y plane.

Zenith angle distribution of secondary pions

The secondary pion distribution, averaged over the incoming angles of low-energy pro-
tonsq, is given by the following expression:

®eN 1 &5
edcosg. dg, o dedcoss,de’,’

inel

n(e,o,,¢,) = . (6.30)
whereN is the total number of created pions, , is the inelasticpp cross section and
o is the inclusive cross section to detect a particle of a given species assuming an ideal
detector (cf. sectio®.3.2. In this section, we use a bar to indicate that a quantity is
averaged over the incoming angles of low-energy protpns

For clarity we assume in this section that both protons are very energetic, so that we
may takesy, = B = 1. The averaged inelastic cross section is then equal to

- 1., | ’
Tinel = 2 f(; deq Smeq(l - COSHq) O'inel(s(eq)) . (6.31)
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In this equationginel depends on the proton anglethrough the center-of-mass energy
Vs, where

s(0y) = 2myc? + 2EE4(1 - cosby) - (6.32)

The dependence of the inelastic cross sectiorisrexpressed in eqs6.Q) and 6.4).
For given values of the proton angksandgy, the diferential inclusive cross section
and the secondary particle distribution are related as follows:

d3o”’

nglﬂd(ﬁ;r " = (l - COSHq)O'ine|(S(6q))n (6 s ﬂs ¢7T’ g ¢q) s (633)

where we have explicitly written the dependence of the pion distribution the proton
angles6, and ¢;. The total inclusive cross sectiarf is obtained by integrating eq.
(6.33 over the outgoing pion angles and averaging over the incident proton angles. The
resulting pion distribution is homogeneous in Wevariable. We use this rotational
invariance to replace the integral ovgrwith a factor zr and choose the valug, = O to

find:

o’ = %fde’de;dqs;sine,’,fde’ sindy(1 — costy)
X 0nel(SO)) 1V (€', 67, 67 6, ¢ = 0), (6.34)

where the integrals cover the full phase space. The pion distribution with respect to the
pion energy’ and scattering angk is defined as:

N , d*N
n(e,o,) = 'd9’ = sing, f ¢”—dedcose’d¢,, (6.35)
Using egs. 6.30 and 6.34), we find that

sm@’

n(e,o,) = f dey sindy(1 — cosby) o (S(6g))

|ne|
21

Xf dg, (€', 67, ;0 b = 0), (6.36)
0

whered”  is defined in eq.§.31).

In figure6.10we show the distribution’{¢’, 8,) as a function of;, for three diferent
values of the pion energy. In producing this figure, we have considered a collision of
an energetic proton with enerdsj, = 10* GeV with an isotropic distribution of mono-
energetic protons with enerdy;, = 10? GeV. From the figure we observe that pions
with higher energy are collimated stronger within the direction of the incoming proton,
as expected. We have verified that this holds for all secondary mesons. In the maximally
forward direction, i.e., nea&, = 0, the distribution decreases because the available phase
space is proportional to s#j.
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Figure 6.11: Charged multiplicity as a function of incident proton energy. The solid line shows an
extrapolation of eq. §.5); the dotted line shows the multiplicity estimated from the parameterized
charged pion distributions presented in this chapter; the dashed and dash-dotted lines show the mini-
mum and maximum multiplicities given in eq$.88. The data is taken frorAnsorge et al(1989,

Alpgard et al (1983, Benecke et a1974), Biyajima et al.(2001) andBreakstone et a(19843.

Energy spectrum of secondary pions

The secondary® energy spectrum for the interaction of a*1BeV proton with the
distribution of 16 GeV protons is expressed as

m(e) = f AR AR (6.37)
0

wheren’(¢’, 8,) is given in eq. §.36. We show in figures.9the energy spectrum aver-
aged over the incoming angles of the low-energy protpngVe find that the averaged
spectrum is very close to the spectrum resulting from a collision of*aGHV proton
with a 1¢ GeV proton with incident angle; = (5/8)r, i.e. in the forward direction
but not head-on. Qualitatively, this is as expected because the cross sgcti®;))

and the flux factor (+ cosd;) are largest for head-on collisions while the phase-space
volume factor sim;, suppresses head-on collisions.

6.7 Extrapolation to the highest cosmic-ray energies

The parameterizations presented in sec@diare based on simulatgzp collisions for
incident proton energies GeV < E, < 10° GeV, where data is available to verify the
experimentally accessible parts of the resulting particle distributions. Cosmic-ray obser-
vations suggest that the maximum proton energy that can be generated in astrophysical
proton accelerators may be as high as'1®eV. Thus, in order to account for interac-
tions of the highest-energy protons, the parameterizations presented in this chapter need
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to be applied in a region where they cannot be directly tested. This should be done with
caution because the extrapolation to high energy is intrinsically model dependent. We re-
fer the reader t&ngel(1998 for a discussion on the relationship between experimental
data obtained in collider experiments and the modelingminteractions at cosmic-ray
energies.

In this section, we compare the high-energy behavior of the parameterizations de-
rived here with an extrapolation of existing data and with theoretical models. Extrapo-
lations of experimental data as well as theoretical models for incident proton energies
Ep > 10° GeV are available predominantly for the charged multiplicity, due to the avail-
ability of experimental data at lower energies. Therefore, we focus in this section on the
charged multiplicity contained in the parameterizations presented in this chapter.

The charged multiplicity is dominated by pions, hence we estimate the charged mul-
tiplicity from the parameterized charged pion distributions. We derive the charged pion
multiplicity MP" = MP2" + MP® by integrating eq. &.19 over energy and rapidity. To
account for charged particle creation due to decay processes and for the contribution of
other charged particles, we estimate the charged multiplicity Wi = 2+ 1.47 MP,
where the numerical value4l is found by comparing\/(ﬁf‘r and My at the proton en-
ergies considered in our simulations. The leading term 2 accounts for the number of
outgoing protons for low secondary multiplicities (corresponding to low center-of-mass
energies).

Using experimental data at low energi&ngel (1998 has found that the charged
multiplicity should increase faster than I&ybut not as fast as®, where 01 < p < 0.3,
at high energies. In order to compare our results with these limiting cases, we have re-
derived? the explicit functional form based on the two data points with highest energy
(Ansorge et al1989 Biyajima et al.2001):

min —-65+ 17 logs; (6.38a)
max = 7.0+145%22 (6.38b)

wheres is expressed in units of GéVIn figure6.11we show the charged multiplicity
estimated from the parameterizations presented in this chapter, together with the mini-
mum and maximum values of the multiplicity given in eg6.38. Also shown is an
extrapolation of the approximatioMﬂ}1 given in eq. 6.5). We observe that the charged
multiplicity estimated from our parameterizations increases faster than the extrapolation
of MQ}] but is well within the limits derived b¥ngel(1998. We thus conclude that the
high-energy behavior of the parameterizations presented here is consistent with theoret-
ical expectations. We estimate from figd 1that the uncertainty in the normalization

at the highest energieg, ~ 10'! GeV, is within a factor2.

10The explicit form of these functions was not given in the original wdthdel1998. The numerical value
of 0.22 is chosen for comparison with fig. 8©Bfigel(1999.



118 Parameterization of the energy and angular distributions . ..

en(e)

This work (PYTHIA) —— \
Kelner et al. (QGSIET) — — — !
Kelner et al. (SIBYLL) \

4

10 10

£ (GeV)

Figure 6.12: Comparison of parameterizations of tifeenergy spectrunan(e) for incident proton
energyE, = 10° GeV. The energy range is chosen for comparison with fig. Ketfier et al (2006.

6.8 Discussion

6.8.1 Comparison with previous work

We have verified that the parameterizations of the pion and charged kaon distributions
presented in this chapter are similar to thoseBlaglhwar et al(1977 andStephens &
Badhwar(1981) at the lowest energies considered heyts, = 45 GeV. The diference
between our parameterization of the neutral pion distribution and thalatthig et al.
(2000 is larger. These authors provide an accurate fit to the particle distribution at large
transverse momentum. However, the number of particles in this region is very small and
we find that the parameterization does not reproduce the total multiplicity correctly for
center-of-mass energy/s = 45 GeV.

In figure 6.12 we present a comparison of the parameterization ofrthenergy
spectrum presented in this chapter with two parameterizatioréeber et al.(2006.
These parameterizations are based on Monte Carlo results generat@&SuiET and
SYBILL instead ofPYTHIA. We observe from figur6.12that, for incident proton energy
Ep = 10° GeV, our parameterization is closer to t€SJET fit at intermediate ener-
gies and closer to th&YBILL fit at high energies. The fierences between the energy
spectra described by the three parameterizations are 4pa# for intermediate pion
energies, which is larger than the fit inaccuracy (see seétign We note thaKelner
et al.(2006 find ~30% diferences betweedGSIET andSYBILL in some regions of the
parameter space (see figure 3 of their work). These discrepancies suggest that a more
precise description of the energy spectra and particle distributions requires a better theo-
retical understanding of thep physics, in particular of the fragmentation process, rather
than more accurate fits to Monte Carlo results.
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In this chapter we have us@¥THIA 6.324, which was the latest available version
of the code when this work was initiated. As of version 6.3, RFEHIA code uses a
new treatment of multiple parton interactions, which is relevant for hadron — hadron
interactions (se&jostrand et al2003. Several tuning models f@YTHIA version 6.2
can be found in the literature, such as CDF tune A (Eielsee als®Buttar et al.(2005)
or the tuning proposed bButtar et al.(2004). In the absence of a thoroughly tested
tuning for PYTHIA version 6.3 we have used the default parameter values. (Note that
a preliminary tuning folPYTHIA 6.3 is presented biyloraes A.(2006). A systematic
study of the influence df'YTHIA parameters on the resulting particle distributions, taking
into account constraints from experimental data, is beyond the scope of this work.

6.8.2 Astrophysical applications

There are several astrophysical systems in which a population of high-energy protons
is believed to be present, e.g. supernova remnants, active galactic nuclei, radio galax-
ies, pulsars and gamma-ray bursts (see se@itifior a more detailed discussion and
references). Proton — proton interactions may contribute significantly to the gamma-ray
and neutrino emission of these sources. To extract as much information on the source
as possible from (future) observations of gamma rays and neutrinos, it is important to
understand the properties of secondary particles creatggdimeractions. This requires

a realistic model for the particle physics. Such a model is presented here in the form of
explicit parameterizations of numerical results generatedRYITHIA. In this section we
discuss two examples where a detailed analysis of the signature of neutrinos produced in
ppinteractions can provide a way to probe the physics of the source.

Within the fireball model for GRBs, the prompt gamma-ray emission is attributed
to synchrotron radiation from accelerated electrons. These electrons are believed to be
accelerated by internal shocks but the details of the acceleration process are still unclear.
The mechanism responsible for the dissipation of the fireball energy may accelerate a
substantial fraction of the protons contained in the fireball to high energies. Since the
optical depth forppinteractions can be larger than a few, these collisions will occur and
give rise to high-energy neutrinos and gamma rays. Because the high-energy secondary
mesons are collimated within the direction of the energetic proton, the energy and an-
gular distribution of these secondaries depends on the distribution of the high-energy
protons. Therefore, the resulting neutrino and gamma-ray signals may contain infor-
mation about the details of the acceleration mechanism. We note however that in this
scenario both interacting protons are moving toward an observer with ultra-relativistic
velocities so that all particle distributions are collimated by relativistic beaming. This
implies that also low-energy secondaries will be collimated in the observer frame and
it will be difficult to extract information from the resulting signals. Nevertheless, the
angle-energy correlations of the emitted secondary particles may make it possible to

11see the websitettp: //www.phys.ufl.edu/ rfield/cdf/tunes/py_tuneA.html.
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extract information about the acceleration mechanism.

On general grounds one expects that interactions between energetic protons occur
less frequently than interactions between energetic and cold protons. Also in the latter
case the resulting neutrino signal may carry information on the physics of the source.
A very interesting scenario in this respect is that of ‘failed GRB&&§Aros & Wax-
man2001, Razzaque et aR003h (see alsdrazzaque et a(2004h) andRazzaque et al.
(2005). This scenario builds on the possibility that the mechanisms associated with the
early phases of a developing GRB may be present in a large fraction of supernovae, but
only lead to an observed GRB under special circumstances. For example, it may be
the case that the formation of a fireball is quite a common phenomenon but that a large
fraction of fireballs has indficient energy to traverse the pre-burst stellar environment.
However, if shocks form at a sub-stellar radius, protons can be accelerated and collide
with target protons (nuclei), giving rise to neutrinos. It is presently not clear whether or
not these failed (dark) GRBs exist in nature; if they do the model uncertainties are large
which makes it diicult to predict the resulting neutrino fluxes. Nevertheless, neutrino
emission is likely the only signals that could indicate the existence of these phenomena.
Therefore, the question what may be learned about failed GRBs from neutrino observa-
tions deserves a detailed investigation. Since the energy and flux of the neutrinos that
reach the earth depend strongly on the collimation of the secondary neutrinos created in
pp collisions, a detailed model of the proton interactions is essential to study the prop-
erties of the neutrino emission and to investigate how neutrino observations can be used
to constrain these models.

6.9 Conclusions

In this chapter we have presented parameterizations of the energy spectéal(@yatqd

of the energy and rapidity distributions (eq$.19 and 6.23) of secondary pions and
kaons created in energefig collisions. These parameterizations are based on numerical
results obtained with the event gener@®WTHIA. We considered an incident proton with
energy 168 GeV < E, < 10° GeV colliding with a target proton at rest. This corresponds
to center-of-mass energy 43 GeV+/s < 1.4 x 10° GeV.

The results presented here are model dependent because they are based on results ob-
tained with a Monte Carlo event generator. Nevertheless, the parameterizations represent
an important step in including the current understanding of proton interactions in astro-
physical models because they are the first parameterizations of the full distribution of
secondary mesons created in energpgpeollisions that are based on a realistic particle
physics model.

In section6.7, we have argued that the results can be applied with some confidence
to ppinteractions for protons with energi&, > 10° GeV. At the highest CR energies,

Ep, ~ 10" GeV, we have estimated the uncertainty in the overall normalization due to
the extrapolation to very high energies to be within a fastdr
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We have parameterized the particle distributions of meta-stable pions and kaons, as
opposed to stable decay products, because this captures the essential properties of the
pp interaction without making any assumptions about the importance of pion and kaon
energy loss prior to decay (for concrete implications of pion decay in an astrophysical
context, see e.gKashti & Waxman(2005 and Asano & Nagataki2006). Energy
spectra and full particle distributions of neutrinos and gamma rays are derived from the
parameterizations presented in this chapter in a straightforward manner.

The energy and rapidity distributions fully describe the kinematics of the secondary
mesons, so that the derived parameterizations contain all correlations between energy
and angle of the outgoing particles. This implies that our results can be applied to a gen-
eral scattering geometry, two protons witlfdient energies colliding under an arbitrary
angle, which opens a wealth of astrophysical applications.

In section6.6, we demonstrated how the parameterizations can be used to derive en-
ergy spectra and angular distributions of secondary mesons and their decay products. We
derived the gamma-ray spectrum resulting fréhdecay after gp collision (see figure
6.7) and we presented angular distributionsg®fmesons produced in@p collision (see
figure 6.8). The results presented in this chapter can be used for a detailed stpgy of
interactions in the early prompt emission of GRBs and in the interaction of a developing
GRB with its surroundings (see sectiérB.2. A particularly interesting possibility is
the existence of a class of developing GRBs for which the fireball hafficisnt energy
to traverse the pre-burst stellar environment. If shocks are formed at a sub-stellar radius,
these will accelerate protons that collide with target protons and create neutrinos. The
fluence and energy of neutrinos that reach the earth depend sensitively on the correla-
tions between the energy and outgoing angle of the secondary mesons that are created
in theseppinteractions. Therefore a detailed modeling of geinteraction is required
to investigate how neutrino observations can constrain these models. The parameteriza-
tions presented here can be used to study this scenario in detail. We aim to investigate
this in the future.

We emphasize that the parameterizations presented in this chapter are based on the
current, incomplete, understanding p collisions. With new experimental results on
pp interactions (e.g., from the LHC experiments) the parameterizations presented here
should be carefully reevaluated.

The parameterizations presented in this chapter can be extended with proton — neu-
tron and proton — photon interactions, all of which can be studied P¥HIA. The
same holds for the energy spectrum and angular distribution of primary nucleons (the
primary nucleon is the outgoing nucleon with the highest energy). This allows a more
precise study of multiple nucleon — nucleon interactions.
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nt o 7° K* K- KO Ko
poo —-0497 -0501 -0.456 -1.23 -1.46 -1.29 -1.50
Por  0.0934 00934 00950 00657 0101 Q0690 0101
po -0140 -0.128 -0.142 -0.147 -0.109 -0.142 -0.118
pi; 00131 00118 00135 00161 Q00865 00154 00101
po  -0455 -0437 -0457 -0.00411 -0.0577 -0.00717 -0.0567

P21 0.495 0494 0494 Q0493 0491 0493 0491
P —-206 -0945 -149 -0.989 -122 -1.03 -1.25
pso -0896 -103 -0.981 -0345 -0.164 -0.294 -0.169
Pso 111 0963 101 Q777 104 0839 105
Peo 0.791 0598 Q723 -0235 -0.279 -0.272  -0.272
P7o 37.7 153 221 427 186 338 212
Pso 7.69 723 853 120 4.23 101 4.07

Table 6.3: Numerical values of the energy spectrum fit paramepgrs

6.A The Lund string model

The Lund string modelAndersson et al1983 is an iterative model used IPYTHIA
to describe meson formation after a hard QCD process. In the model, quark-antiquark
pairs that are created in a hard QCD scattering process form ‘strings’ that are connected
through a color flux-tube with energy per unit lengthThis string breaks into a meson
and a remainder string that will undergo the same process (baryons are generated through
a generalization of this process). At every step in the iteration, a meson is created with a
certain energy and rapidity according to a probability distribution.

The mechanism to break the string is the creation of a new quark-antiquark pair
through quantum-mechanical tunneling. The probability to cregbgmair with massn
and transverse momentups is given by

P = exp(—g (mPct + p$c2)) : (6.39)

which derives from the Schwinger formul&¢hwingerl951). This implies that lighter
mesons are created more prolifically than heavier mesons and that the probability to
create a meson fallsfoexponentially with increasingy. After a meson is created, the
probability that it carries a fractionof the string’sE + p; is determined by the so-called
fragmentation functionAndersson et al1983 Sjostrand et al2003. Together with

eq. 6.39, this fragmentation function determines the secondary particle distributions
after the hard QCD process. Free parameters within the model are adjusted to reproduce
experimental data. A detailed description can be foundridersson et al(1983 and
Sjostrand et al(2003.
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t - 7° K* K= KO Ko
Poo -0.474 -0.461 -0.420 -1.03 -1.20 -1.13 -1.37
Pox 0.0846 00796 00821 -0.00299 00377 00168 00501

P1o -0115 -0124 -0.118 -0.0375 -0.0291 -0.0604 -0.0579
P11 0.0102 00117 00107 000396 -0.000110 (00621 000351

po  -0560 -0604 -0598  -0.835 ~0606 -0.655 -0.467
pr 0497 0496 0497 0494 Q497 Q497 Q497
P -115 -0641 -0815  -0.742 ~0.845 -0788 -0917
po  -103  -111  -117  -0.167 ~0155 -0237 -0176
Pso 112 0980 Q987 Q716 Q934 0840 101
Peo 0962 0891 Q954 108 0597 Q789 Q371
p70 - - - - - - -
[ 6.98 6.93 7.45 - - - -
Qo —0167 —0149 —0.161 0539 0363 0405 0382
Qu 00497 0108 Q0737 0222 0228 Q149 0195
o 0668 0668 0637 0889 106 0997 112
qu 0329 0328 Q307 0523 Q673 0612 Q719
G2 0116 Q0806 0107 0227 0328 Q216 0298
s -0162 -0154 -0.144  -0.304 ~0141 -0306 -0.155
o 203 205 216 0902 0695 0676 Q579
(1 -0.0577 -0.0654 -00704 -00694  -0.0648 -0.0525 -0.0527
G 0247 0233 Q216 Q185 0226 Q242 Q261
s 0665 0381 0556 0 0 0 0
Ts0 1.04 124 137 0319 0198 0238 Q184
ot 3.94 451 492 116 117 Q951 108
G2  -137 -154  -165  -0597 ~0699 -0559 -0.684

Table 6.4: Numerical values of the energy and rapidity distribution fit parameggi@efitted mod-
ified energy spectrum) arg;. A hyphen indicates that the parameter is not used in the parameteri-
zation.
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Neutrino emission from choked gamma-ray
bursts

based on work with R. A. M. J. Wijers
(publication in preparation)

7.1 Introduction

Observational evidence for a connection between long-duration gamma-ray burst (GRBS)
and the death of massive stars has accumulated since the observation of the first GRB
afterglows in 1997 Costa et al1997, Fralil et al.1997, Van Paradijs et al1997). Ob-
servations have indicated correlations between the rate of long GRBs and the global star
formation rate and between burst locations and star forming regions within galaxies, and
there is also spectroscopic evidence that typical long GRB host galaxies are actively star
forming (seeWoosley & Bloom2006for a recent review). Definite proof that at least
some long GRBs occur together with supernovae (SNe) has come from the observation
of SN spectra emerging from the fading afterglow of a GRB. The most compelling cases
of these observations are GRB980425 (SN1998bw); GRB 031203 (SN 2003Ilw); and
GRB030329 (SN 2003dh), but more associations of GRBs with SNe have been put for-
ward (seeWoosley & Bloom2006§. More recently, however, two nearby long GRBs
have been observed without an accompanying SN component, which clearly indicates
that not all long GRBs have an associated Ejnpo et al2006.

Given that there is some connection between GRBs and SNe, it is an intriguing pos-
sibility that the mechanisms associated with the early phases of a developing GRB are
present in a large fraction of SNe but only lead to an observed GRB under special cir-
cumstances. For example, it may be the case that the formation of a fireball is quite
a common phenomenon but that only very energetic fireballs hatieient power to
traverse the pre-burst stellar environment. Fireballs with less energy would be stopped
below the stellar surface, in which case the stellar material absorbs all electromagnetic
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emission. Numerical simulations (e.¢lacFadyen et al2001) support the possibility
of these ‘smothered’ or ‘choked’ jets.

In the absence of electromagnetic radiation, neutrinos (and possibly gravitational
waves) may be the only observable signal of choked GRBslet(2003 studied the
creation of neutrinos in collisions between neutrons coasting in the jet with deceler-
ated neutrons in the jet head and found that the typical observer energy of these neutri-
nos is~1 GeV. Neutrinos of higher energy may be produced in interactions of shock-
accelerated protons with target protons and photons in the jet or the pre-burst stellar
environment. A number of shocks accompany the jet while it is traversing the pre-
burst stellar environment (see, e.WWaxman & MesAaros2003: a forward shock is
driven into the stellar material, a reverse shock decelerates the jet plasma, and inter-
nal shocks may occur within the jet if the variability timescale of the central engine is
short enoughNlésaros & Waxman2001). The production of high-energy neutrinos
by shock-accelerated protons has been investigated both for ultra-relativistic jets with
Lorentz factor~100 (Mészros & Waxmar2001, Razzaque et aR003H and for mildly
relativistic jets with Lorentz factor few (Razzaque et aR003a 2004ab; 2005 Ando
& Beacom20095.

The creation of high-energy (10 GeV) neutrinos in GRBs occurs almost exclusively
through the decay of charged mesons created in interactions of high-energy protons.
These protons may interact both with target protons and with target photons. For very
high proton energies>(10 TeV) photon — proton interactions constitute the dominant
production mechanism to create secondary pions and kaons. At lower energies only
a small fraction of the photon distribution is above the kinematic threshold to create
secondary mesons. As a result, inelastic proton — prgiphdollisions are the dominant
mechanism to create secondary mesons for proton enegdi®steV. The contribution
to the total neutrino output from protons in this regime may be substantial because the
spectrum of accelerated protons is expected to be highest at low energies. Furthermore,
synchrotron cooling of secondary mesons strongly suppresses the neutrino flux at high
energiesAndo & Beacom2005 see alsAsano & NagatakP006.

In this chapter we consider neutrino production through energaticollisions in
choked GRBs. We use the parameterization presented in the previous chapter to take
account of the energy and angular distribution of secondary pions and kaons created in
the ppinteractions. This allows us to study the energy spectrum and angular distribution
of the resulting neutrino signal in more detail than previous studies. We restrict ourselves
to ppinteractions with the energetic proton moving in the radial direction, i.e. toward the
observer. In principle the spectrum of shock-accelerated protons depends on the angle to
the shock normal (e.gGallant & Achterbergl999 Achterberg et al2001). However,

a detailed analysis of the proton energy spectrum and angular distribution is beyond the
scope of this work. The study presented in this chapter also applies to the first stages of
successful GRBs if the Lorentz factor of the jet is of the order ten.

This chapter is organized as follows. We investigate the environment of the jet and
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the jet head in sectior.2 We then consider proton energy loss mechanisms in this en-
vironment in sectiorY.3 and we consider meson energy loss in secfigh In section

7.5 we study the resulting neutrino spectrum. Based on this we discuss the detection
prospects in sectior.6. We discuss our results in secti@v and we present our con-
clusions in section.8.

7.2 The jet and jet head environment

Building on earlier work (se®azzaque et aR005and references therein) we adopt
the following physical picture. We consider core-collapse of a massive star with a He
core extending te-3 x 10* cm that may be surrounded by an H envelope extending to
~10' cm. It was recently pointed out that large angular momentum may be a require-
ment for a successful GRB progenitfopn & Langer2005 Woosley & Heger20086.

The presence of an H envelope would prevent the stellar core from achieving such a large
angular momentum and may thus not seem very likely for a GRB progenitor. However,
as the nature of GRB progenitors (in particular of choked GRBs) remains unclear, we
consider the H envelope as a possibility. As we will show below, the H envelope does not
affect the possibility of neutrino creation in internal shocks but it facilitates the emission
of neutrinos with energy100 GeV resulting from proton acceleration in the reverse
shock.

After core-collapse we assume that an energetic, collimated outflow is formed which
makes it way through the pre-collapse stellar environment. While this jet is traversing
the pre-burst stellar material, a forward (bow) shock is driven into the pre-collapse stellar
environment and a reverse shock propagates back into the jet. Between the forward and
the reverse shock there is a region of shocked jet and stellar material propagating with
Lorentz factod, < I'j, which is referred to as the jet head. In the following we will use
the subscriptg andh to refer to quantities in the jet and in the jet head, respectively. We
discuss here the jet and jet head environments. In particular, we estimate the comoving
magnetic field strength, and the comoving proton and photon densities. These quantities
determine the importance of various proton energy-loss mechanisms which are discussed
in the next section.

7.2.1 The jet

The essential parameters that determine the physics of the jet are the total available
energyE = 10°°Es, erg (some fraction of the total SN energy), the jet lifetime10t; s,

the variability timescalét = 0.16t_; S, the bulk Lorentz factor of the j&t = 10I';,, and

the jet opening anglé = 0.16_,. The isotropic equivalent luminosity of the jet is

2E

i 2x 10°%erg st x 072 Es . (7.1)

Liso =
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We consider the coasting phase of the jet, where the energy is dominated by the bulk
kinetic energy of the protons. The comoving proton density is given by:
L

nN,,=—— ~4x10cm> x r;?(I'j6);2 Esp t7?, 7.2
p.j 47rr21“12mpo°’ 11 (N6)” B2ty (72

wherer = 101, cm is the radial coordinaten, denotes the proton mass, and we use
the notational conventior, = 1072x. We keep the radius as a free parameter so that
our results can be applied to both the reverse shock, whiera free parameter, and to
internal shocks, where the radiyg where internal shocks occur is determined from the
variability timescale and the jet Lorentz factor (see below).

We assume in the following that the magnetic field carries a fraeticof the total
energy in the flow so that the comoving magnetic field strength in the jet is

B| ~10° Gx 1y} (8)5* (e=E)g ;2. (7.3)

If the reverse shock is collisionless, as we will assume here, it accelerates both protons
and electrons. The accelerated electrons cool very rapidly by synchrotron radiation and
these synchrotron photons interact with the protons in the flow through Thomson scat-
tering. The Thomson optical depth for a photon to scatterfba proton betweenand

infinity is given by

Tr = o r = 2x 107 x 1y} (Tj0)g° Espty" > 1, (7.4)

whereor denotes the Thomson cross section. This huge optical depth implies that the
synchrotron photons will thermalize at every radiusver a very wide range of param-
eters. Assuming that a fractiag ~ 0.1 of the total energy in the flow is converted to a
thermal photon distribution in this way, the comoving photon derrsyi’gyand tempera-
tureTi’ are given by:

N, = 3x10em 2 xr X% ([6),% (eE) %%, (7.5)

g
T (4 keV/kg) x 17,2 (Ti0), "% (eE)e) t; 7. (7.6)

Internal shocks may occur in the outflow when shells witffiesient Lorentz factors col-
lide with each other. The radiug; where this happens is estimated to be:

Fint = 20776t = 6x 10" cmx T2, 6t 5 . (7.7)

The internal shocks will also accelerate electrons that subsequently emit photons through
synchrotron radiation. Due to the relatively small internal shock radius given iff &9, (

the comoving proton density near the internal shocks is very high. Insertingrefy. (

into (7.2), we find that the comoving proton density at the internal shock radius equals:

Mo = 101 cm® x 178672 Espty * 6t (7.8)
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As a result of this high density, the Thomson optical depty 10° so that the syn-
chrotron photons will thermalize. Assuming, as before, that a fraetion 0.1 of the

total energy in the flow is converted to radiation by in the internal shocks, the comoving
photon densityv% j and temperatur@]f at the internal shock radius are given by:

n . = 2% 1023 cm X r—9/2 9—3/2( eE)3/4 -3/4 6t_3/2 (79)

'y, int
Tint (2 keV/kg) x r*3/2 077 (eE)et ;Y st T2, (7.10)

7.2.2 The jet head

While traversing the pre-burst environment, the relativistic outflow drives forward a
‘cork’ (in the terminology ofWaxman & Mesaros2003 of shocked stellar material

and decelerated jet plasma that we call the jet head. The proper density of protons in the
jet head is (e.gMeésaros & Waxmar2001)

Non = 4Ty = 7x 107 em™ x 17171 67, Esa ty T (7.11)

wherel'; =~ T'j/(2I) is the relative velocity of the jet and the jet head. The Lorentz
factor of the jet headl, < T'; =~ few may be determined by balancing the pressure before
and after the jet head. However, the exact value is not very important in this study and
we leave it as a free parameter. The comoving wikitbf the jet head can be estimated
with (Mészaros & Waxmar2001):

A =020ir =2x10° cmxr116_1. (7.12)

Also in the jet head the Thomson optical depth is very large~ 10, so that syn-
chrotron photons emitted by shock-accelerated electrons will thermalize. The comoving

photon density and temperature in the jet head are given by the following expressions:
N, = 9x10%cem®xr Y2079 (eE)S) T, ¥2; (7.13)

Th = (Q4keVke) x 1,26 1% (eE)e ;Y42 (7.14)

We assume also in the jet head that the magnetic field carries a fragtfrthe total
energy in the flow so that the comoving magnetic field strength in the jet is

B, ~ 10" G x 11 671 (esE)e ;T (7.15)

7.3 Proton acceleration and energy loss

In this section we consider proton acceleration and energy loss in the jet. These results
can be applied to proton acceleration in internal shocks. Protons that are accelerated by
the reverse shock are subject to interactions in both the jet and the jet head. In this case,
the results presented here apply to the downstream region.
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7.3.1 Acceleration and energy loss timescales

The comoving acceleration timescajgefor proton acceleration can be estimated from
the comoving Larmor radius as (e.g/axmanl1995

kR kEp
/N 9 1/2 1/2
ta ~ C qCB' =107sx Ep3r11(F 9)0 (EBE)5 1 K1, (716)
whereE} = 103E’ 5 GeV denotes the proton energy in the comoving fragnéenotes
the eIectron charge and= 10k is an ignorance parameter for the acceleration process.
The maximum proton energy attainable is in principle limited both by energy losses and
by the shock lifetime. The lifetime can be estimated from the dynamical timecale

/ r — —

t) = o =3x10*sxrylyy. (7.17)
Synchrotron radiation is the dominant energy loss mechanism at very high proton ener-
gies. For large proton energies, the synchrotron energy loss time is equal tRYbigki
& Lightman 1979:

s Brmpc’ _ 3 _1,2 2 “141

tS = WB,ZE;) =3x107°sx Ep,3 rll(FjG)o (SBE)Sl tl , (718)
We approximate the cross section fop collisions withop, = 5 x 1072% cn? and the
fractional energy losKp, = 0.5. The energy-loss timescale is then equal to

1
t,=
PP~ CKpporpp(l — £p)T,

=4x10°sxr2 (I0)3Ext, (7.19)

where&,, denotes the fraction of protons that is accelerated to high energies, which we
assume to be small in the second equality, andenotes the comoving proton density.
The computation of the energy loss timescale due to photopion production is some-
what more involved because the protons interact with a thermal distribution of target
photons with an energy-dependent cross section. We express the energy loss time as:

1 dE;3
E, dv

1
3 j: O A= B f de) N(€))0pyn( VK pya( VS).  (7:20)

t/—l

Herepy, is the dimensionless proton velocity, which we will take equal to unity in the
following; u’ is the cosine of the proton — photon incident anglg, is the cross section;
andKp,, is the proton’s fractional energy loss. Both the cross section and the fractional
energy loss depend on the proton and photon energies and the collision angle through the
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Figure 7.1: Proton acceleration timescale (dash-dotted) together with energy loss timescales due
to photopion production (dashed), synchrotron radiation (dotted) and ingtgsticllisions (solid).

In producing this figure, we have chosen reference values of the model parameters and chosen the
radiusr = 10'* cm.

center-of-mass energy’s. We use here a parameterization of the proton — photon cross
sectionop,, that is presented in appendixA. Furthermore we estimat¢,,, = 0.2.
Energy loss due to Inverse Compton (IC) scattering is at most comparable to syn-
chrotron loss as long ag ~ eg. In the Thomson limit, which is applicable when
’ m%C4 1/2 1/2 -1/4.1/4
E, < @ ~ 7x 10" GeVx r}}? (T0); (eeE)g, * 17, (7.21)

the IC energy loss timg. = (es/€e)tsyne While for higher proton energies the energy loss
time is much longer due to Klein-Nishina suppression. We therefore do not consider pro-
ton IC energy loss here. Using approximations presentedhimdorowski et al(1992),

we find that, depending on the model parameters, the energy-loss time due to electron-
positron pair creation is at most comparable to thap pinteractions. Therefore these
collisions will not preventpp interactions but they may change the energy spectrum of
the high-energy incident protons.

7.3.2 Critical energies

In figure7.1we show the acceleration timescale together with the energy loss timescales
in the jet for reference values of the burst parameters and ragiui€'! cm. We observe

from this figure that aroun;, = 10° GeV the acceleration timt is close to the energy

loss times due to synchrotron radiation, photopion productionpgnebllisions. There-

fore, depending on the values of the model parameters, the maximum proton energy may
be limited by each of these processes. Below we analyze when each of these process is
dominant by defining a number of typical proton energies and estimating how these de-
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pend on the model parameters. We denote the proton energy for which the energy loss
timescale of processesandb are equal wittE;,*".
First we estimate the energy loss time due to photopion production at energies well
above the threshold energy as:
1

t :_———=6x1CT7sxr3/21"93/2 E)_>/4 3/4 7.22

pyx C(prprny,j 11 ( ) (€e )5 ( )
whereo,, := 102 cn? andK,,, = 0.2. Using this estimate together with eq3.1©),
(7.18, and {7.19, we find that

E,0%9 = 2x10° GeVx 1 (I6)g % (eaE)ay’* t7/* k™% (7.23)
E;) @) _ gy 10° GeVx r1/12 (T 9)(1)/2 651;/21 e’3/14 E; 1/4 1/4 I1 (7.24)
E’p(acc PP — 4% 10° GeVx ra (FjH)o Eé/zlEsl/z t1/2 KIl. (7.25)

Hence the maximum proton energy
E;) max = MiN [E;) (acg S), E;) (@ce pym) E;) (acg pp)] (7.26)
is limited by ppinteractions for small radii,
r<rfP=3x10° cmx ([j0)o €, 2 Eg) 1,72 (7.27)

For larger radii the proton energy is limited by photopion production as lorg asg
andx > few.

We now estimate the proton energy range for whigicollisions are dominant over
photopion production. First we note that only photons witkisient energy can cre-
ate pions. Photopion production is possible when (averaging over an isotropic photon
distribution)
n,)721 4

E e >

v, +mymyct = 1.4 x 10° MeV2. (7.28)

To find the photon energg(/(”p’ P for which the energy loss times due g and pho-
topion interactions are equal, we require that the fractjgrof photons that participates
in photopion production be equal to:

_ oppKppp

Epy = ~3x 102 x 12 (Ti0) 2 2 ERA M4, (7.29)

€1 Esp U
O'ppryny

Given a photon distribution with temperaturg, the fraction of photons that has energy
greater thar;, can be expressed in terms of the dimensionless parameter

“

& 7.30
Xpy = eT, (7.30)
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We find that forx,, =~ 7, this fraction is approximately.@3 as required by eq.7(29.
(The estimate is quite robust: wheg, varies within an order of magnitude,,, is within

a factor 2 of this estimate). Together with edr.28 this defines the critical proton
energy where energy loss due to photopion productionpggmohteractions are equally
important:

E,PPP7) = 5 10° GeV x 1) (Ij6)5"? (ecE)zy * 11/ (7.31)

Razzaque et al(2009 have found previously thapp interactions in a mildly rela-

tivistic jet associated with a choked GRB are dominant at enekgfies 10* GeV and

Ep2 10° GeV. We find however that the high-energy range is an artifact of the Delta-
resonance approximation used by these authors to estimate the photopion cross section.
This approximation is accurate for interactions near the pion production threshold but

it strongly underestimates the proton energy loss time at high proton energies. Using
a more realistic cross section (see apperd#), we find thatpp interactions are only
dominant at low energie&;, < E,*PP™ whereE, PP P is given in eq. 7.31).

7.3.3 Proton acceleration by internal shocks
The internal shock radius was estimated in &q7)(to be equal to

Fint = 2cT56t = 6 10" cmx %6t ;. (7.32)

To address proton acceleration and energy loss in internal shocks, we can use results
obtained in the previous section by inserting= ri,;. Because this alters the depen-
dence on the model parameters we explicitly give the acceleration time, shock lifetime,
synchrotron energy loss time, apgh energy loss time in the internal shocks:

tim = 6x10°sxE 31"] 10-1(e8E)5; V202 otk s (7.33)
i = 25xTjadta; (7.34)
G = 1x10'sxE 3% 6% (eaE)sst]ot? ; (7.35)
topint 10*sx Eg; F(js,l 1t o7 (7.36)

We find that the maximum attainable proton energy in internal shocks is limited by pho-
topion energy loss as long as=~ eg and« > few, which is in keeping with conclusions
drawn byAndo & Beacom(2005. The maximum energy is found by inserting €g.7j

into eq. .249:

E;)(acq pyr) _ — 2% 10° GeVx F3/2 91/2 6(;3/14 Eé/Zl ;21/4 tlr4 (5'[1/2 KIl , (7.37)

and the energy where energy-loss due to photopion processeppacdllisions are
equally important is

E,PPP) = 10* GeV x r3/2 2 (eE)gy ot 2t/ (7.38)
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Hence for proton energids; < E;)(pp’ P7)  ppinteractions are the dominant source of
proton energy loss. These interactions occur very frequently; in fact, the optical depth
Tpp for a pp interaction to occur in the outflowing jet from radiugo infinity can be
estimated with

Opph, i f
Tpp = %JPJ =3x 10" x50 Espty 6t 7. (7.39)

Therefore protons with energy smaller thﬁg(p‘l P will lose all their energy inpp
interactions when internal shocks occur. This i§etent in the model put forward by
Mésaros & Waxmar(2001), wherel'; ~ 100. Because of the larger Lorentz factor and
the lower isotropic luminosity assumed in that work, the optical deptp fonteractions

in the jet is small. In this scenario high-energy protons from internal shocks lose energy
predominantly in interactions with the photon gas in the jet head.

7.3.4 Proton acceleration by the reverse shock

Protons that are accelerated by the reverse shdtérsnergy loss both in the jet head
(upstream of the shock) and in the jet itself (downstream). The estimates presented in
sections7.3.1and 7.3.2apply only to the downstream region. From the estimates on
the comoving proton and photon densities given in secti@we find that the critical
proton energies in the upstream region are similar to those in the downstream region.
Therefore we use the results derived in these sections to estimate the maximum proton
energy that can be acquired by acceleration in the reverse shock.

At small radii,r < rPP, proton acceleration is limited bgp collisions and there-
fore Ef, max = E;:,(""CQ PP With increasing the maximum energy increases according to
Epmax & I until r equalsrPP. Here photopion production becomes important: the max-
imum proton energy is now limited by photopion production &ig,,, = E’p(acc pym)
which increases more graduattyr'/?.

Protons lose energy both [yp collisions and by photopion production. Energy
loss by photopion production is dominant oygp collisions for high proton energies,
E, > E;J(p‘lp’”). The highest proton energy that is available fgr collisions is just
before the critical radiug’®, whereEy, qax = 10° GeV. As soon as photopion interactions
become important, the maximum proton energygdgrcollisions drops dramatically to
E},max = 10° GeV and thereafter increases with radius according t&?.

Protons that are accelerated in the reverse shock also lose virtually all their energy in
interactions with the flow before impacting on the pre-burst stellar material. The optical
depth forppinteractions in the jet head is equal to

Tpp = My popph’ = 7% 10° x 171 (Tj6)5" Esa T} 117 (7.40)

where the comoving width of the jet head is given in ed.19. We conclude that
protons with energy belovg, < E,P>P7 lose all their energy impp collisions with
target protons in the jet head before they can interact with the pre-burst stellar material.
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Figure 7.2: Pion decay timescale (dashed) together with energy loss timescales due to synchrotron
radiation (dotted) and inelastiop collisions (solid). Both panels correspond to the internal shock
scenario. Left panell’; = 5, right panel.I'; = 20. We have chosen reference values for the other
model parameters.

7.4 Meson cooling

Charged secondary mesons create@ frinteractions can lose a substantial amount of
their energy before decay, which suppresses the flux of high-energy neutrinos. Here
we compare the energy loss times due to synchrotron radiation and meson — proton
interaction with the meson decay time, both for the internal shock and the reverse shock
scenario.

7.4.1 Meson energy loss in the jet
The synchrotron cooling timescale is given by equatidri® with the replacement
m, — My (we use the subscript to denote either the or K meson) and using = rjy:
’ — '-116 p2 - 2 .
ts = 6x10°sxe; T, 6% (aE)sy ot ty; (7.41)
ks = 102sxe3T° 6% (E)syot’ ty. (7.42)

Using an average meson — proton cross sectigp = 5 x 10726 cn? and an average
meson fractional energy lo$&, = 0.8 we find

t p = tkp = 8X 10°° SXT®, 6% Eg7 ot%, 17 (7.43)

7,7 P

We do not consider energy loss due to Inverse Compton scattering because it is at most
comparable to synchrotron energy loss whker eg. The comoving meson decay times
are given by the expressions:
L dec = 2x107%SXers; (7.44)
tgec = 2%x10°Sxeks. (7.45)
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From these decay times and energy loss times we estimate the following critical ener-
gies, where we use the notatigh®® to denote the meson energy where the timescales
associated with processasndb are equal:

@™ = 5x 107 GeVxT¢, 62, Egt ot tr; (7.46)
€@ = 6x 107 GeVx T3, 6. (egE)sr? ot 1 th/?; (7.47)
€6™ = 7x107 GeVx ezl (7.48)
and
e KD = 4 10° GeVx T®, 62, Eghot? ty (7.49)
e 9% = 2x10° GeVx T3, 6.y (esE)gy % 6t a ty?; (7.50)
&P = 10 Gevx et (7.51)

In figure 7.2 we have plotted the comoving pion energy loss times due to synchrotron
radiation and inelastimp collisions together with the comoving decay time. We have
chosen two values for the Lorentz factor of the jet,= 5 (left panel) and”; = 20

(right panel), to demonstrate that there may or may not be a meson energy range where
mp collisions provide the shortest timescale. This distinction is important because it
determines the shape of the neutrino spectrum: if synchrotron is the only important
energy loss mechanism, the resulting neutrino spectrum will have a single break energy
where the neutrino spectrum is suppressed (&) = tr, s/t gec €2, wherel(e)
denotes the neutrino suppression factor. In case inelagticollisions are important,

the spectrum will have two break energies. At every break the spectrum is suppressed by
a factore,;*.

7.4.2 Meson energy loss in the jet head

Due to the higher proton density and stronger magnetic field in the jet head, cooling of
mesons is stronger than in the jet. We summarize here the critical energies for meson
cooling in the jet head. For pions we find:

e, [P = 6% 107 GeVx 12 Tj16% EsitiTh; (7.52)
E;T (decs)  _ 9 GeVxri6.q (EB E)g]]:/z ti/z Th: (753)
¢ G _ 1% 107 GeVx rj—% fé,l_l Ih, (7.54)
and for kaons:
e 9P = 5 GeVx I Tj1 62 Esita Th; (7.55)
ek (decs)  _ 3x 102 GeVxry16_q (EBE);II:/Z ti/z [h; (756)

e &P = 2x10°GeVxTjTegt; . (7.57)
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These break energies are used in the following sections to discuss the neutrino energy
spectrum and the detection prospects.

7.5 Neutrino emission

7.5.1 Neutrino flux and proton spectrum
We express the observedigrential neutrino fluxp, as follows:

1 dn,

q)v v) = 3 ~or a4 °
(&) = Z7D2t de,

(7.58)

whereD, = 100D, Mpc denotes the distance to the burst, and we recalk tti@hotes

the burst duration. The neutrino energy spectrum can be computed from the spectrum of
high-energy protons through a model for the production of secondary pions and kaons in
pp collisions. In sectiorY.5.3we describe a numerical approach to this problem that is
based on the full parameterization (see cha@t@f the energy and angular distribution

of secondary pions and kaons produced in energgicollisions . Here we present
estimates of the neutrino flux with some simplifying assumptions regarding the energy
and multiplicity of the secondary pions and kaons. We use the same approximations as
Ando & Beacom(2005 for comparison.

We consider only the prompt neutrino from kaon and pion decay. Neutrinos from
subsequent muon decay are expected to have a very low energy due to the relatively
long muon lifetime. FollowingAndo & Beacom(2005, we take the pion and kaon
multiplicities asM, = 1 and Mk = 0.1, respectively, and we assume that both pions
and kaons receive 20% of the proton energy. Muon-neutrinos from pion and kaon decay
receive approximately 50% and 25% of the parent meson’s energy, respectively. As the
neutrinos are produced very forward in the jet frame, the neutrino energy is boosted to
the observer frame with a Lorentz bodst 2I';. From these considerations we express
the observed neutrino energyin terms of the comoving proton energy as follows:

€ = amlj E’p , (7.59)

wherea, = 0.1 andak = 0.2. It follows that the (observer-frame) neutrino spectrum can
be approximated by
dn,  MaBml(e) dNp

= — 7.60
de, amlj  dE,’ ( )

where/(e,) denotes the suppression factor due to meson energy loss (see previous sec-
tion) and 8y, denotes the branching ratio for the meson-to-neutrino deBay-(L and
Bk =0.63).
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We assume in the following that the accelerated protons follow a power-law dis-
tribution with indexp and that these protons constitute a fractign= 0.01£, _, of alll
nucleons in the flow. Hence the proton spectrum, in the jet frame, reads

dNp  £pNniso(p — D)E P
dE, (Mpc2)1-p ’

(7.61)

where

Eiso
21
mpc-T

= 10°xTI70-{Esp (7.62)

N,iso =
is the isotropic-equivalent amount of neutrons in the flow.

7.5.2 Spectral breaks and maximum energy

As discussed in section.4, meson energy loss prior to decay suppresses the number
of high-energy neutrinos. Here we estimate the energy of the corresponding spectral
breaks in the (observer-frame) neutrino spectrum using the simplifying assumptions for
the particle physics discussed in the previous section.

We restrict ourselves to the case that the neutrino spectrum has two distinct break
energies (which may be above the maximum energy or below the detector threshold).
For neutrino production in internal shocks this is the case for jet Lorentz facfogs
10, which follows from equating the critical meson energies presented in s@ctidn
For the reverse shock the neutrino spectrum from pion decay has two distinct spectral
breaks for radir < 10*? cm. The corresponding radius for neutrino from kaon decay is
~7 x 10' cm, which is beyond the radius of the H envelope.

We approximate the break energies for neutrinos from pion decay as follows:

ey = 5Mjae, P (7.63)
s = 5lje ©™P. (7.64)

For neutrino production in internal shocks the critical pion energies are given in egs.
(7.46 and (7.48), respectively. For neutrino production in the reverse shock, the critical
energies are given in eqs7.52 and (7.54). Similarly, we find that the break energies
for neutrinos from kaon decay are

e, = 10T} e 0P (7.65)
e = 10T} P (7.66)

For internal shock the critical energies are given in egglg and (7.51), for the reverse
shock they are expressed in ega5f and (7.57).
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In section7.3we estimated the maximum proton eneﬁﬁpp’ P for ppinteractions
in the jet. From this energy we estimate the maximum neutrino energy from pion and
kaon decay as

li

SV SR SALLL (7.67)
I WP =AU (7.68)

respectively. Her£;)(pp~ P7) denotes the maximum proton energy availabledprin-
teractions. For internal shocks this energy is expressed in®288. For the reverse
shock, the maximum proton energy available fgrinteractions is determined both by
the upstream and the downstream region. As discussed in s@c8ahthe resulting
constraints are similar and we can use §¢3J) to estimateE'p(pFl prm),

7.5.3 Numerical method

In chapter6 we have presented a parameterization of the energy and angular distribution
of secondary pions and kaons produced in energapicollisions. Here we use this
parameterization to study in detail the properties of neutrino emissiq@playteraction

in the choked jet.

In our numerical method, we first discretize the distribution of secondary pions and
kaons created in the interaction of a distribution of high-energy protons with a target
proton at rest (in the comoving frame). In this process the meson energy is divided into
100 bins with logarithmic division and the rapidity is divided into 100 bins with a linear
division. The dfect of meson cooling is taken into account by multiplying the number of
mesons in every bin with the cooling suppression fagt@ee sectioii.4). The neutrino
outgoing angle and energy are discretized, in the observer frame, in 100 bins each with a
logarithmic division. Then, for every neutrino and meson bin, we compute the neutrino
energy as observed in the rest frame of the decaying meson. The neutrino distribution
in the bin under consideration is then computed from the meson decay spectrum using
the invariance o, d®n,/d®p,. The distribution is weighed with the number of mesons
in the meson bin and averaged over the azimuthal angle between neutrino and decaying
meson. This process is repeated for all meson and neutrino bins.

The meson decay process is kinematically fully prescribed so that the resulting neu-
trinos are mono-energetic. For numerical reasons we have introduced a decay width of a
few MeV, which does notféect the resulting spectra strongly. We have verified that the
number of bins is diticient for convergence of the results.

7.5.4 Results

In figure 7.3 we show the dferential neutrino flux from energetjep collisions in in-
ternal shocks. Shown are the analytical approximations based on the break energies
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Figure 7.3: Differential neutrino flux due to pion decay (solid lines) and kaon decay (dashed) pro-

duced in energetipp collisions in internal shocks for a choked GRB at 100 Mpc. The thick lines

show numerical results, the thin lines show the analytical approximations. The dotted line shows the

atmospheric neutrino background (see sectidhn?). In the left panel we have uség = 3, in the

right panell’; = 10. We have chosen reference values for the other model parameters. The meaning

of the lines in the right panel is the same as in the left panel.
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Figure 7.4: Differential neutrino flux due to pion decay (solid lines) and kaon decay (dashed) pro-
duced in energetipp collisions in the reverse shock for a choked GRB at 100 Mpc. The thick lines
show numerical results, the thin lines show the analytical approximations. The dotted line shows the
atmospheric neutrino background (see secti@. In the left panel we have used= 10'° cm, in

the right panet = 10! cm. We have chosen reference values for the other model parameters. The
meaning of the lines in the right panel is the same as in the left panel.
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Figure 7.5: Zenith angle distribution of neutrinos with energyl00 GeV around the incident proton
direction. We plotted here the combined distribution of neutrinos from pion and kaon decay, for four
different scenarios.

estimated in sectiori.5.2together with results obtained with the numerical method de-
scribed in sectiory.5.3 We have plotted neutrinos with energy larger than 100 GeV
because this is roughly the threshold energy for detection with a cubic-kilometer neu-
trino telescope.

For both pions and kaons the analytical approximations describe the numerical re-
sults reasonably well. The locations of the cooling breaks, which are smoothened in
the numerical results, are accurate and the neutrino flux around the threshold energy is
within ~30%. The discrepancy between numerical results and analytical estimates is
largest at high neutrino energies. For the detection estimates this is not very important
because the number of detectable neutrinos is dominated by lower energies for proton
index p > 2. We will come back to this in sectioh6.

We observe from figur@.3that the diferential neutrino flux depends very sensitively
on the Lorentz factor of the jet. This reflects the fact that the location of the first break
energy scales with™"! « FJ7 in the case of neutrino production in internal shocks. This
is largely due to the fact that the internal shock radijysx 1“12.

In figure 7.4 we show the neutrino flux arising fromp interactions after proton
acceleration in the reverse shock. The shape of the neutrino spectrum is similar to the
examples shown in figuré.3. Again we find a reasonably good agreement between the
analytical estimates and numerical results for energies well below the maximum energy.

7.5.5 Angular dependence

The numerical method employed here yields both the energy spectrum of the secondary
neutrinos as well as the angular distribution. In figdr® we show the angular distri-
bution of secondary neutrinos around the direction of an incident high-energy proton.
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Indicated are the angular distributions of neutrinos resulting from proton acceleration in
internal shocks witli'; = 3 (see the left panel of fig.3), in internal shocks witl'; = 10

(right panel of fig.7.3), in the reverse shock at radius- 10° cm (left panel of fig.7.4),

and in the reverse shock at radius 10! cm (right panel of fig.7.4). In all cases the
neutrinos are emitted very close to the direction of the high-energy proton.

In the jet model considered here, the high-energy protons are emitted within a cone
of angled. Since the neutrinos are strongly collimated in the direction of the protons, the
neutrino signal falls fi very steeply outside the jet opening angle. In this work we have
only considered proton interactions where the energetic proton is moving in the radial
direction. A full investigation of the prospects of detectirfiraxis neutrino emission in
choked GRBs requires more detailed modeling of the shock-acceleration process. This
is beyond the scope of this work.

7.6 Detection estimates

7.6.1 Neutrino interactions in a cubic-kilometer detector

In this section we estimate the number of neutrino interactions inside a cubic-kilometer
neutrino detector due tpp interactions in choked GRBs. We present estimates on the
detection possibilities of individual choked GRBs and th&udie neutrino flux due to
unresolved bursts in sectianG.2

Using data fromYao et al.(2006, we approximate the neutrino — nucleon cross
section witho,n(€,) = 7 x 1073% cn? x (¢,/1 GeV). ForN, ~ 10°° target protons,

Nget = tNtfdfv(Dv(Ev)a-vN(Ev)
= 8XEMnBn(100m)* (p- DI * 07 Espép 205 (7.69)
In this expression
1 € -p+1
&, = GeV- f de2(6) () (7.70)

represents the integral over the neutrino energy distribution weighed with the energy-
dependent cross section, agirepresents the detector threshold neutrino energy. Be-
cause the cross section scales with enefigyis also a measure of the energy in the
neutrino distribution.

Internal shocks

We first consider neutrino production in internal shocks. For simplicity we consider a
proton distribution with power-law indeg = 2. Furthermore we neglect th&ect of the
maximum proton energy on the neutrino spectrum because the largest contribution to the
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number of detected neutrinos is from neutrinos with energy within an order of magnitude
from the threshold energy (assuming a proton distribution with power-law ird2x
Therefore the exact location of the maximum energy is not very important as long as
€M™ > 10° GeV. We have verified that the optical depth for neutrino — proton scattering
in the jet is very small for the neutrino energies considered here.

We consider the case that the neutrino energy spectrum has two spectral breaks. The
integral that determineS,, given in eq. {.70), is then easily solved and yields:

br,1 br,1
& = f(EV )- . (7.71)

where the functiorf is defined as follows:

X (x<1)

f09 = { log() +1 (x> 1) (7.72)

The second term is much smaller than the first over a large range of model parameters
and we neglect this term. Using the estimated values for the neutrino break energies
given in sectiorv.5.2 we find:

8x 073 Esp A5 £p2 T (2317,6% Egyot®yty) ; (7.73)
1% 072 Esp A3 £p T (3500767, Eg3ot? ty) . (7.74)

Ndet ¢r)

Ndet ()

Note that the dependence on the jet Lorentz faCjas very strong. In particular, in the
case that the first spectral break is below the detector thresdhgldx FJ7. This strong
dependence is due to the fact tiNat; is very sensitive to the location of the first cooling
peak.

In figure7.6(left panel) we plot the estimated number of neutrino events as a function
of the jet Lorentz factor’; (egs. {.73 and (7.74) together with results obtained from
numerical integration of the neutrino spectrum obtained with our numerical method.
Note the break &f; ~ 3 (I'; ~ 6) for neutrinos due to kaon (pion) decay, which marks
the point where the first cooling break coincides with the detector threshold energy. We
observe that the contribution due to kaon decay is dominant at smaller Lorentz factors,
where the neutrino spectrum from pion decay is strongly suppressed by cooling. At
larger values of; the first cooling break of the neutrino spectrum for both pion decay
and kaon decay is above the detector threshold. In this case, the contribution of neutri-
nos from pion decay is dominant due to the larger multiplicity.[At= 3 we find that
most neutrinos are from kaon decay, which is in keeping with results founslp
& Beacom(2009. Using the reference values adopted by these authgrs, 3 and
E = 3x 10°* erg, we findNge ~ 3 for a burst at 10 Mpc. This is an order of magnitude
smaller than estimates presented by these authors, which results frdferardinor-
malization of the distribution of accelerated protons. For a Lorentz fagter 10 we
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Figure 7.6: Estimated number of neutrino interactions in a cubic-kilometer neutrino detector for a
choked GRB at 100 Mpc. The left panel shows the number of neutrino events resulting from internal
shocks as a function of the jet Lorentz fackgr the right panel shows the number of events due to
the reverse shock as a function of the shock radiuln both panels the lines represent analytical
approximations (see text), while the dots represent numerical results. In producing this plot we have
used reference values for the model parameterd'ard2.

find that, for reference values of the other parameters, a burst at 100 Mpc leag$@do a
neutrino interactions inside a cubic-kilometer neutrino detector.

The number of neutrino events also depends on other model parameters such as the
energyE, the variability timescalét, the burst duratiort, and the proton power-law
index p. A full parametric exploration of thefiect of these parameters on the expected
number of neutrino events is beyond the scope of this work.

The reverse shock

Here we consider neutrino production in the reverse shock. In the case that the neutrino
spectrum has two spectral breaks, we can use&e@l)(directly to estimate the number
of detected neutrinos:

Noetw = 8072 Espdy3ép of (0032512 6% EtiIy) ; (7.75)
1% 072 Esp 03 £pof (049721207 Eg}taTy) . (7.76)

Ndet ()

where the functiorf is defined in eq. {.72. Adding the contribution of neutrinos due
to pion and kaon decay, we find that neutrino emission from the reverse shock may be

detectable for radii > r'®“%! where

revdet = 8x 10" emx Iyt Y2 2 dpo T V2. (7.77)

For smaller radii meson cooling is so strong that the resulting neutrino signal is pro-
hibitively small. Neutrino interactions in the jet head or with stellar material are not
important at radii larger than 3®cm for the neutrino energies considered here.
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Figure 7.7: Comparison of dfuse neutrino flux due to choked GRBs and the atmospheric neutrino
background. Shown are the contributions from internal shocks (solid line) and the reverse shock
(dashed line). In producing this figure we have chaSgr 10,r = 10'2 cm for the reverse shock,

and reference values for the other model parameters. We have added the contributions from pion and
kaon decay here.

In figure 7.6 (right panel) we show the number of detected events due to the reverse
shock as a function of the radiusThe plot is qualitatively similar to the corresponding
plot for neutrino emission in internal shocks (left panel of figidr§. The number of
detected neutrinos due to kaon decay shows a break at the reiditiscm, where the
first cooling break coincides with the detector threshold energy. For radii much smaller
than this critical radius neutrinos from kaon decay are dominant, while at larger radii
most detectable neutrinos are due to pion decay. For ¥d@f> cm, neutrino emission
due to proton acceleration in the reverse shock can be substantial. For reference values
of the model parameters, we find. 0 neutrino interactions for a burst at 100 Mpc.

7.6.2 Point sources and dffuse flux

In the previous section we have found that a choked GRB at 100 Mpc may result in
210 neutrino interactions inside a cubic-kilometer neutrino detector (both for proton
acceleration in internal shocks and in the reverse shock). Here we compare the neutrino
flux of individual bursts to the atmospheric neutrino background and estimateftingedi
flux of unidentified choked GRBs.

We first estimate the rate of choked GRBs within 100 Mpc. FollowRagciani &
Madau(2001), we adopt the following type-1l supernova raikg, as a function of redshift
z

4x 103 exp(3.42)

-1 -3
exp(3.82) + 45 yr=Mpc . (7.78)

Nsn(2) =

where we use the currently favored valdg = 73 km s* Mpc2 for the Hubble param-
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eter (Yao et al.2006. Within the currenACDM cosmological paradigm, the comoving
volume elemendV within the redshift range. . . z+dzcan be expressed in the following
way:

4rc Df,dz

dv = ,
Ho \/QA,O + Qmo(l + Z)3

(7.79)

whereQap = 0.76 andQne = 0.24 represent the current density parameters of the
cosmological constant and matter, respectivi¥bo(et al.2006. The proper densitp,
is expressed as

D. = c fz dz
P~ Ho Jo \/QA,0+Qm0(1+z)3'

(7.80)

Integrating the redshift-dependent supernova rate given in/ef@ (over the comoving
volume up toz = 0.024 (100 Mpc), we find that the rate of SNe within 100 Mpc is
~400 yrt. Due to the collimation of the relativistic flow, a fracti@d/2 of choked
bursts is pointed toward earth. Therefore the rate of choked GRBs emitting neutrinos
toward earth within 100 Mpc is estimated as follows:

Neore = 2 yrt x £sné?y s (7.81)

whereésy is the fraction of supernovae that is endowed with the type of relativistic
outflows considered in this work. This is a conservative estimate in the sense that the
reference opening angle adopted hefgdegrees, is relatively small.

Following Razzaque et a(2005 we adopt the following parameterization for the
flux of atmospheric muon-neutrinos in the relevant energy range:

6 \274 6 \\!
O, s = (47) 0.012( - GeV) (1+o.002( - GeV)) , (7.82)
where we have included the factor tb account for background signals from all direc-
tions. If the choked GRB is accompanied by a visible SN the number of background
events can be strongly reduced by using directional information (a full analysis of the
neutrino reconstruction potential with and without directional and temporal information
is beyond the scope of this work).

In figures7.3 and 7.4 we show the estimated neutrino fluxes from a choked GRB
at 100 Mpc together with the atmospheric neutrino background expressed ih&2). (
For neutrino production in internal shocks we observe that the neutrino flux is well above
the atmospheric background fby = 10, but below the background for; = 3. For
the reverse shock, the resulting neutrino flux is above the atmospheric background for
radiir > 10*. Therefore, provided that protons are accelerated in the reverse shock,
or that protons are accelerated in internal shocks andhat5, we expect that a few
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individual bursts will be detected per year for reference values of the model parameters
and foré&gy = 1.

We now consider the ffuse flux due to unresolved choked GRBs. We neglect the
effect of redshift on the observed neutrino break energies for simplicity. In this case
averaging over a cosmological distribution of SNe orffigets the normalization of the
neutrino spectrum through the dependenceDgn(cf. eq. 7.58. We can therefore
estimate the diuse flux from previous results on the neutrino flux from a single burst by

using an fective distanc® ' defined as follows:

o [0%snt [0 dv ™
o =[5 [ S ~2ececialiet. e

which accounts for the fact that a fracti®d/2 of choked GRBs are directed toward

earth. In figure/.7we show the dtuse neutrino flux due to choked GRBs estimated in

this way together with the atmospheric neutrino background. We have indicated both

neutrinos resulting from proton acceleration in internal shocks (adoptirrg 10) and

in the reverse shock (adoptimg= 10'2 cm). We take reference values for the other

parameters and assume thigt = 1, so that the fluxes indicated in the figure represent

an upper limit. The neutrino flux is based on the numerical model described in section

7.5.3 For these values of the model parameters we find that fhwsdiflux is dominated

by the atmospheric background for neutrino energi#€® GeV. For neutrino energies

10° GeV< ¢, < 10° GeV the difuse flux is a factor few larger than the background and is

potentially detectable. At higher energies the figure indicates that the neutrino spectrum

is suppressed. In this reginpp interactions are dominated by photopion production,

which we have not considered here. Including photopion production may increase the

diffuse flux significantly in this energy regime. We note that tHéude neutrino flux

due to choked GRBs withir100 Mpc is expected to reflect the distribution of galaxies

within that distance, which may help to discriminate it from the atmospheric background.
Razzaque et a(2005 have found previously that theftlise neutrino flux is below

the atmospheric background for the reference values of the model parameters adopted in

that work, in particulal’; = 3. For this value of the jet Lorentz factor we also find that

the resulting neutrino flux is several orders below the atmospheric background.

7.7 Discussion

In the previous section we have found thgi interactions in a choked GRB may lead

to observable neutrino fluxes in a cubic-kilometer neutrino detector. This applies both to
the case that protons are accelerated by the reverse shockf{foiesdy large radii) and

to the case that protons are accelerated by internal shocks ffaiently large Lorentz
factors). Here we point out some uncertainties in these results.
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First we stress that some of the model parameters are uncertain. In particular, the
fraction of protons that is shock-accelerated may well be orders of magnitude smaller
than the reference valug ~ 0.01 adopted here. However, for the case of neutrino
production in internal shocks, we have found that the number of detectable neutrinos is
very sensitive to the Lorentz factor of the jet. Therefore a large increase in the number
of detectable neutrinos requires only a small increase in Lorentz factor.

A second caveat of the results presented here is the dependence on collisionless
shocks. The existence of internal shocks in choked GRBs is speculative because it is
not clear whether they can indeed develop while the jet is traversing the star and has
not yet created a low-density funhelThe reverse shock is, on the other hand, a robust
feature of the interaction of the relativistic outflow with the cold pre-burst environment.
Itis however less clear if the reverse shock can accelerate protons. Whether or not it may
be treated as collisionless depends on the coherence length of the magnetic field, which
is uncertain and dficult to predict theoretically.

7.8 Conclusions

In this chapter we studied neutrino creation throygphinteractions in choked GRBs.

This builds on previous work bjRazzaque et al(2005 and references therein) and
Ando & Beacom(2005. We considered both proton acceleration in internal shocks,
which was considered earlier, and in the reverse shock, which has not been studied in
detail for choked GRBs. We used a detailed parameterization of the energy spectrum
and angular distribution of secondary mesons creatgpicollisions that allowed us to

treat the proton interactions in more detail than previous studies.

The accelerated protons lose virtually all their energy by interactions in the jet and
the jet head. Inelastipp collisions are the dominant energy-loss mechanism at proton
energiess10* GeV, where the proton flux is relatively large, and give rise to secondary
pions and kaons that decay into neutrinos. Prior to decay the mesons lose energy both
through synchrotron cooling and in inelastic meson — proton collisions, which strongly
affects the neutrino spectrum and hence the detection prospects.

We have considered the number of neutrinos that is detectable by a cubic-kilometer
neutrino detector with energy threshold 100 GeV. For neutrino creation in internal shocks
we find that, for reference values of the model parameters, a choked burst at 100 Mpc
may be detectable whdf) > 5. The number of neutrino events depends strongly on the
jet Lorentz factor because the energy where meson cooling becomes important depends
strongly onI';. For neutrino production in the reverse shock, we find that the neutrino
emission from a choked GRB at 100 Mpc may be detectable for ygad@'* cm. The
dependence ofi; is milder in this case. These conclusions also apply to the first stages
of a successful GRB characterized by the model parameters adopted here. If the Lorentz

1We thank Thomas Janka for pointing this out recently (private communication).
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Figure 7.8: Photopion cross section as a function of the photon energy in the proton rest frame. The
line indicates the fit (see text), the dots represent data takenYeaanet al.(2006.

factor of the jet is of the order 100, as inferred from observations, the optical degth for
interactions in the jet becomes less than unity. However accelerated protons still interact
with protons in the jet head which also leads to neutrino emission.

The number of choked GRBs pointing toward earth from 100 Mpc may be as large as
afew per year. Therefore, provided that a sizable fraction of SNe is endowed with the rel-
ativistic outflows studied here, and provided that either the reverse shack@! cm)
or internal shocksI(; > 5) accelerate a significant fraction of the protons, we expect up
to a few detected individual bursts per year. Thi€udie flux due to unresolved choked
GRBs may be a factor few above the background of atmospheric neutrinos for optimistic
values of the model parameters (see figl). Also here the Lorentz factor of the jet is
the dominant parameter (for internal shocks). Hence detection of flusaliflux may
also be possible but the detection prospects for individual bursts are more promising.
A more detailed exploration of the dependence on the model parameters is required to
corroborate these results.

7.A Proton - photon cross section approximation

In figure 7.8 we show experimental data frolfao et al.(2006 on the total proton —
photon cross section, together with the following approximation:

0.530:(l?,0.32,7) + 0.2801(¢!P,0.75,5) (£ < 0.75 GeV);
Opy = 0.11+0.17g,(e?,0.75,1.1) (0.75 GeV< &P < 80 GeV);
0.11(?/80 GeVp® (P > 80 GeV).
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Hereép) denotes the photon energy in the proton rest frame, and the fungtiamslig,
are defined as follows:

eXp[(E—EO)Wlog(G/SO)] _1
exp(1)—1 ; (7.84)

expl(2)"] - 1
O2(€, €0, W) = Texp-1 (7.85)

01 (e, €, W)
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Conclusions

Although the possibility to use neutrinos as diagnostic tools for (astro)physical processes
has been recognized long ago, it remains a challenging task to identify concrete realiza-
tions of this potential. In this dissertation we have studied two subjects where neutri-
nos may be used to increase our understanding of particle physics and astronomy. In
chapters2 and3 we have studied spontaneous pair creation by an external source and
considered the possibility of neutrino pair creation by a configuration of neutrons with a
time-dependent density. In chaptdrs’ we have studied how neutrinos may be used to
probe the physics of gamma-ray bursts (GRBs). We present our conclusions regarding
these two subjects in the following.

Spontaneous pair creation has been studied extensively in the context of QED but is
also a potential mechanism to create neutrinos. The creation of neutrinos by an exter-
nal source was studied earlier Byusenko & Postm#2002, who considered neutrino
pair creation by collective motion of neutrons in oscillating neutron stars. Using the
non-perturbative method of Bogoliubov transformations, they found that the rate of pair
creation is proportional to the neutrino mass. This result indicates that the mechanism
is only operational for massive neutrinos and hints at chiral suppression of pair creation
mediated by the weak nuclear force. We have studied the same problem using perturba-
tive quantum field theory in chapt8r For the source considered Kysenko & Postma
we also find that the number of created neutrinos is proportional to the neutrino mass
(cf. eq. B.21)). We demonstrate however that for other background fields neutrino
pair creation remains possible in the limit of vanishing neutrino mass (cf. 8
Therefore we conclude that the scaling with neutrino mass is not a general feature of pair
creation by the weak nuclear force. We have also presented estimates of the neutrino flux
from neutron stars up to first order in perturbation theory. At the perturbative level, neu-
trino pair creation by an oscillating neutron star requires a very large driving frequency.
Because this limits the size of the region in which neutrinos can be created, and hence
the resulting neutrino flux, the prospects of detecting neutrinos created by this mecha-
nism are poor. It is therefore unlikely that experimental verification of spontaneous pair
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creation will come from astrophysical neutrinos.

Both perturbative and non-perturbative methods to study pair-creation problems have
been discussed in chaptrin this chapter we have introduced an example of an exactly
solvable pair-creation problem, i.e. an external source for which the number of created
pairs can be represented by an explicit analytic function of the coupling constant. This
external source, that we call the ‘time-dependent kink’ (see se2tdncorresponds to
a homogeneous, time-dependent scalar field that represents a domain wall in the time
domain. It is coupled to the quantum scalar fields through a quartic coupling in the
Lagrangian which results in arffective, time-dependent mass for the quantum scalar
fields. We compute the number of particles created by the source using Bogoliubov
transformations and derive an analytic function in the coupling constant. This result can
be expanded around zero coupling constant to find a convergent perturbative expansion.
The first few terms of this expansion are reproduced using Feynman diagram calculus,
which explicitly demonstrates the equivalence of both methods. For future work it may
be interesting to generalize the setup to fermion pair creation by a time-varying mass
and to fermion pair creation by an external electric field. In the last case, the analogy
with the Schwinger formula suggests that the number of created pairs is a non-analytic
function of the coupling constant, so that a perturbative computation will lead to a diver-
gent series. The transition from convergent to divergent perturbative expansions can be
studied further using the results obtained in chagfen particular the expression that
was derived for the imaginary part of scatapoint integrals for a source with only time
components (see append).

In chaptersl—7 of this dissertation we have considered the creation and emission of
neutrinos in GRBs. In recent years there has been much progress in our understanding
of these phenomena. Although the currently favored ‘firepalast wave’ model of
GRBs can account for many observational features, some important questions remain.
In particular, the nature of the central engine that powers the burst, the formation of
the relativistic outflow associated with GRBs, and the physics of the early phases of
this outflow remain elusive. The properties of the prompt gamma-ray emission as well
as those of the afterglow are mostly determined by the physical conditions in the blast
wave, when the bulk of the GRB energy is carried by baryons. Neutrino emission may
however be a useful diagnostic of the earlier phases of a developing GRB and thus shed
light on some important open questions.

Chapter4 is concerned with theffect of neutrinos on the dynamics of early GRB
outflows in the fireball model. We found that the fireball plasma is opaque to neutrinos
in the part of the parameter space where neutrinos are created rapidly enough to provide
a potentially important cooling mechanism (see the phase diagram ia.fig. In this
regime neutrinos are in thermal equilibrium with the other plasma components and en-
ergetically important. As the expanding and cooling neutrino-opaque fireball becomes
transparent to neutrinos, a sub-millisecond burst of neutrinos is emitted. Largely inde-
pendent of the initial conditions, these neutrinos carry away approximately 30 percent of



153

the initial GRB energy. This implies that neutrino cooling is not dramatic and neutrino
cooling cannot terminate a developing GRB. Therefore neutrino cooling considerations
do not put strong constraints on the parameter space of early GRB fireballs. Due to the
relatively low energy oi~60 MeV, detection of these neutrinos is possible for nearby
galaxies only.

In chapterd we found that neutrino-opaque conditions in a GRB fireball can be real-
ized when the central engine releases energy to fuel the fireball on very short timescales.
A way to develop neutrino-opaque conditions in a fireball in a gradual way was suggested
by Woosley(1993. In this scenario, neutrinos that are emitted by the central-engine ac-
cretion disk transfer energy to the fireball through electron — neutrino scattering. This
increases the plasma temperature and hence the opacity to neutrino scattering. This
leads to run-away behavior which, in principle, may result in neutrino-opaque condi-
tions. However, the timescale to develop this instability is an order of magnitude larger
than the dynamical timescale so that it may bffidilt to realize in nature (see also
Asano & lwamoto2002.

In the fireball model, that is adopted in chapfethe relativistic outflow is initially
dominated by thermal energy. The energy of the flow may also be predominantly in the
form of Poynting flux, which, for example, is expected if the central engine contains a
magnetized accretion disk. High-energy neutrinos may be used to discriminate between
these models. The fireball model requires a separate dissipation mechanism to explain
the prompt gamma-ray emission, which is usually assumed to be electron acceleration
in internal shocks. Protons are also accelerated in these shocks and give rise to high-
energy neutrino emission. As these shocks are not expected in Poynting-flux dominated
outflows, the observation of high-energy neutrino emission together with the prompt
emission would favor the fireball model.

Neutrinos may also be produced in neutron — protop) €ollisions in the acceler-
ating phase of the outflow. Because the acceleration profile in the fireball model and
in Poynting-flux models is generallyferent, the signature of these neutrinos may also
give information on the nature of the flow. This possibility is investigated in detail in
chapters. We restrict ourselves to the ‘AC’ model, a concrete model of Poynting-flux
dominated GRB outflows put forward §pruit et al.(2001). An attractive feature of
this model is that it can account for both the bulk acceleration of the flow and the prompt
gamma-ray emission through magnetic reconnection.

We find that inelastiop collisions can occur only when the flow isfBaiently pure,

i.e. when the ratio of energy to rest mass iffisiently high. For fireballs this implies
that the terminal Lorentz factor of the flow should ©800 while for the AC model the
Lorentz factor should be200. Given that the canonical value of GRB Lorentz factors
is believed to be a few hundredp decoupling is expected be relatively rare in fireballs
but common in AC flows.

The neutrino emission due to collisions betweefiedentially streaming neutrons
and protons is so weak that detection is prohibitive for both the fireball model and the
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AC model. For the fireball model we find that the resulting neutrino particle fluence is
roughly an order of magnitude smaller than previous estimates in the literature. This
difference is mostly due to the more accurate cross sections used in this work and the
distinction between thep decoupling radius and the pion production radius. Both these
considerations primarilyfect the regime close to the pion production threshold. This
regime gives the dominant contribution to the total optical depth for inelagptsratter-

ing due to the relatively large nucleon densities. In the AC model, the neutrino fluence
is lower by another factor5 due to the more gradual acceleration of the flow, which is

a robust feature of the model.

Inelasticnp collisions also create neutral pions which decay into gamma rays. These

gamma rays are subject to multiple interactions with soft X-ray photons carried with the
flow. In the fireball model this results, via electron-positron pair cascades, to the emission
of a few per mille of the energy of the flow in 2 - 20 GeV gamma rays. This gamma-ray
signal is observable by the upcoming GLAST satellite up to large redshifts (sé&eSig.
In the AC model, this energy is radiated away at a few hundred keV due to synchrotron
radiation. Therefore this gamma-ray emission is a promising probe of the nature of the
relativistic flow in the early phases of a GRB. However a more detailed analysis of the
spectral properties is required to compare it with other emission mechanisms.

Whereas neutrino observations may provide information that is complementary to
the gamma-ray emission for the type of GRBs that have been observed so far, they could
be the only observable signal from a hypothetical class of ‘choked’ GRBs. The exis-
tence of such a class of failed GRBs has been hypothesized in the literature recently (see
Razzaque et aR005and references therein). Based on the observational connection
between GRBs and supernovae, it is an interesting possibility that the early phases of a
developing GRB occur in a relatively large fraction of all supernovae, but that only under
special circumstances this leads to an actual GRB. For example, it may the case that the
formation of a relativistic outflow is a frequent phenomenon, but that only very energetic
outflows give rise to an actual GRB.

We consider in chapter the energy spectrum and angular distribution of neutri-
nos that are produced by a choked GRB. In this scenario neutrinos are predominantly
produced in the decay of charged pions and kaons created in the interactions of shock-
accelerated protons with nucleons and photons in the flow. Because the number den-
sity of shock-accelerated protons decreases with increasing energy, and because meson
energy loss prior to decay strongly suppresses the flux of high-energy neutrinos, most
observable neutrinos are within an order of magnitude of the threshold energy for cubic-
kilometer neutrino detectors {00 GeV). In this regime proton energy loss is dominated
by proton — protonp) interactions.

Protons can be accelerated both by the reverse shock that arises in the interaction
of the relativistic outflow with the stellar material, and in internal shocks that may arise
due to variability of the flow. We find that in both cases, depending on the parameters,
neutrino emission from choked GRBs can be strong. For reference values of the parame-
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ters we find that a choked GRB at 100 Mpc is detectable above the atmospheric neutrino
background with a cubic-kilometer neutrino detector. Because the rate of choked GRBs
pointing toward earth within 100 Mpc may be as large as a few per year, neutrino emis-
sion from a few choked GRBs per year could be detected. This result depends on some
model parameters that are poorly known. However, in the case of proton acceleration
by internal shocks, we find that the most important parameter in determining the num-
ber of neutrino events in a cubic-kilometer neutrino detector is the jet Lorentz factor
Provided that a substantial amount of protons is accelerated in internal shocks, the de-
tection prospects for a single choked GRB withz 5 are excellent (e.g., see the right
panel of fig.7.3). For optimistic values of the model parameters, theude flux due to
ppinteractions in unresolved choked GRBs may be a factor few above the atmospheric
background (see figf.7). For neutrino energies10® GeV photopion production, which

we have not considered, is expected to contribute significantly to thesdiflux, further
enhancing the detection prospects.

The production of secondary pions and kaonp rinteractions is modeled with pa-
rameterizations of the energy and angular distribution of these mesons that are presented
in chapte6. These parameterizations are included in this dissertation as a separate chap-
ter because they can be applied to many other astrophysical systems where high-energy
ppinteractions are important.
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Samenvatting

‘Beste radioactieve dames en heren’,

Met deze aanhef opende Wolfgang Pauli een brief die hij op 4 december 1930 naar
een groep experimentele kernfysici stuurde aan de vooravond van een wetenschappelijk
congres. In deze brief refereert Pauli aan een belangrijk natuurkundig probleem in die
tijd: er was aantal waarnemingen bekend waarin energie verloren lijkt te gaan tijdens
het verval van atoomkernen. De wet van behoud van energémigan de fundamentele
natuurwetten en een schending van deze wet zou de natuurkunde op haar grondvesten
doen trillen. Het belang van deze behoudswet maakte dat Pauli, die bekend stond als
wars van speculatieve idée, een gedurfde hypothese aandroeg: het bestaan van een tot
dan toe onontdekt gebleven deeltje dat de ‘verloren’ energie met zich mee zou dragen.
Dit deeltje kennen wij tegenwoordig als het neutrino.

Het neutrino als boodschapper

Het is geen toeval dat het neutrino voorspeld werd op grond van theoretische beschou-
wingen voordat het werd waargenomen in een experiment: het neutrino is erg moeilijk
te detecteren omdat het nauwelijks wisselwerkt met de materie om ons heen. Op de
allerkleinste lengteschalen kent de hedendaagse natuurkunde vier verschillende krachten
die verantwoordelijk zijn voor alle interacties tussen deeltjes, namelijk de zwaartekracht,
de elektromagnetische kracht, de sterke kernkracht en de zwakke kernkracht. De laatste
twee krachten zijn alleen indirect merkbaar in het dagelijkse leven; de sterke kernkracht
houdt atoomkernen bij elkaar terwijl de zwakke kernkracht verantwoordelijk is voor
radioactief verval van deze kernen. Van deze vier fundamentele krachten hebben slechts
de zwaartekracht en de zwakke kernkracht vat op het neutrino fidet ean de zwaarte-
kracht is op microscopische schaal verwaarloosbaar klein en de zwakke kernkracht zorgt
slechts sporadisch voor interacties tussen deeltjes. Het duurde dan ook tot 1956 voordat

Lpauli doopte het deeltje in zijn brief ‘neutron’. Toen James Chadwick in 1932 een deeltje ontdekte dat de
door Pauli voorgestelde eigenschappen leek te bezitten, identificeerde hij het nieuwe deeltje met Pauli’'s neu-
tron. Later werd duidelijk dat Chadwick een ander, veel zwaarder, deeltje had ontdekt. Dit zware deeltje staat
tegenwoordig bekend als het neutron terwijl Pauli's deeltje, door toedoen van de Italiaanse natuurkundige Enrico
Fermi, bekend is geworden als het ‘neutrino’ — Italiaans voor het ‘kleine neutron’.
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Frederick Reines en zijn collega’s het bestaan van neutrino’s experimenteel konden be-
wijzen (Cowan et al1956 zie ookReines & Cowarl953. Inmiddels zijn neutrino’s
afkomstig uit diverse bronnen op aarde en daarbuiten waargenomen, zoals de zon (zie
bv. Davis et al. 1968, de aardatmosfeer (zie bijfukuda et al1998, en SN1987A. Dit

is een supernova die in 1987 werd waargenomen en tot op heden de enige gedetecteerde
bron van neutrino’s buiten ons zonnestelsel is (zie lBpthel1990.

Het feit dat neutrino’s nauwelijks wisselwerken heeft ook een uiterst belangrijk voor-
deel. Neutrino’s die afkomstig zijn uit een bron in het heelal kunnen de aarde bereiken
zonder noemenswaardige verstoringen onderweg, zelfs als de bron op vele lichtjaren af-
stand staat. Hierin onderscheidt het neutrino zich van andere deeltjes die uit het heelal
komen, zoals fotonen en protonen. Fotonen uit een astrofysische bron bereiken vaak de
aarde niet omdat ze worden geabsorbeerd door interstellair stof of door de kosmische
achtergrondstraling. De baan van protonen worditlbedt door verstrooiing en door
magneetvelden in het heelal, waardoor het moeilijk is om uit waarnemingen de bron van
kosmische protonen te herleiden.

Er is op dit moment veel interesse in de rol van neutrino’s als ‘boodschappers’
van astrofysische processen. Omdat de interactiewaarschijnlijkheid van een enkel neu-
trino gering is, vereist waarneming van neutrino’s uit het heelal een grote detector. Op
grond van theoretische beschouwingen wordt verwacht dat een detector met een volume
van een kubieke kilometer ruwwegen interessante detectie per jaar op kan leveren.
Zulke detectoren worden op dit moment ontworpen en gebouwd in de Middellandse Zee
(KM3NeT; zieKatz 2006 en op de Zuidpool (IceCube; zkhrens et al2003.

Dit proefschrift gaat over de vraag wat we kunnen leren van waarnemingen met de
toekomstige generatie neutrinodetectoren zoals KM3NeT en IceCube. Nauwkeurig on-
derzoek naar de signatuur van neutrino-emissie door astrofysische bronnen is noodza-
kelijk om bronnen experimenteel te kunnen onderscheiden en om op grond van neutri-
nowaarnemingen onderscheid te kunnen maken tussen verschillende modellen voor de
bron. In het bijzonder behandelen we twee onderwerpen op het snijvlak van de fysica
van elementaire deeltjes en de sterrenkunde: spontane paarcreatie van neutrino’s en de
productie en emissie van neutrino’s in gammaflitsers (Engels: gamma-ray Bubsz.
onderwerpen worden hieronder besproken.

Spontane paarcreatie van neutrino’s

De essentie vak = m¢?, misschien wel de meest bekende formule uit de natuurkunde,
is samen te vatten in de uitspraak dat massa een vorm van energie is. Dat wil zeggen
dat deeltjes met massa kunnen annihileren waarbij een navenante hoeveelheid energie
vrijkomt. Aan de andere kant is het ook mogelijk dat deeltjes ‘spontaan’ ontstaan uit

?Het onderzoek dat hieraan ten grondslag ligt is in de afgelopen vier jaar verricht aan het Nikhef, het na-
tionale instituut voor subatomaire fysica. Dit instituut is nauw betrokken bij de ontwikkeling en ingebruikname
van huidige (ANTARES) en toekomstige (KM3NeT) neutrinodetectoren. Daarnaast was er een intensieve samen-
werking met onderzoekers verbonden aan het sterrenkundig instituut ‘Anton Pannekoek’.
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een externe bron, een hoeveelheid energie die in een bepaald volume is geconcentreerd.
Een bekend voorbeeld van dit proces is het ontstaan van elektron-positronparen in een
extreem sterk elektrisch vefdDit fenomeen werd voorspeld door Julian Schwinger in
1950, maar is nog nooit direct waargenomen. Dit is te verklaren doordat het erg moeilijk

is om elektrische velden van de vereiste sterkte (zo% ¥@cm) in een laboratorium op

te wekken. Spontane deeltjescreatie is theoretisch ook mogelijk voor neutrino’s, wat een
andere mogelijkheid biedt om het bestaan van dit mechanisme téexemifi Spontane
creatie van neutrino’s is het onderwerp van hoofd&ek 3 van dit proefschrift.

In tegenstelling tot elektron-positronparen, die géere kunnen worden door toe-
doen van de elektromagnetische kracht, worden neutrino’s vrijwel uitsluitendégedre
door de zwakke kernkrachtHet opwekken van een sterk veld van de zwakke kernkracht
over macroscopische afstanden is vrijwel onmogelijk in een laboratorium. Zulke velden
kunnen wel bestaan in neutronensterren, compacte sterren met een hoge dichtheid die
vrijwel geheel uit neutronen bestaan. Een collectieve oscillatie van de neutronen in een
neutronenster wekt een sterk, tijdsafthankelijk veld op dat de zwakke kernkracht over-
brengt. De energie die met deze oscillaties gepaard gaat kan in principe worden gebruikt
om neutrino’s te créren.

Spontane paarcreatie van neutrino’s in een neutronenster is eerder bestudeerd door
Kusenko & Postm#2002. Deze auteurs concluderen dat de flux van neutrino’s die op
deze manier wordt geproduceerd te klein is om waar te kunnen nemen. Verder vinden
Zij dat, voor de specifieke bron die wordt aangenomen, het aantal neutrino’s dat per
tijdseenheid wordt gecéerd recht evenredig is met de neutrinomassa. Deze bevinding
is vooral van belang omdat het betekent dat het paarcreatiemechanisme niet werkt als de
gecréerde deeltjes massaloos zouden zijn geweest. Dit is niet het geval voor elektron-
positronpaarcreatie en geeft dus aanleiding tot verder onderzoek.

Kusenko & Postmanaken gebruik van een wiskundig formalisme waarmee het aan-
tal neutrino’s op een niet-perturbatieve manier wordt berekend. Dit formalisme geeft
exacte resultaten maar kan alleen worden toegepast op een specifieke klasse van bronnen.
In dit proefschrift beschouwen we neutrinopaarcreatie met behulp van een perturbatieve
methode, waarin het aantal gegeede neutrino’s wordt benaderd met behulp van een
storingsreeks. Deze methode is toepasbaar op vrijwel alle bronnen, wat de mogelijkheid
biedt om te bestuderen of de massa-afhankelijkheid een algemeen resultaat is of dat deze
afhankelijkheid een gevolg is van de keuze idiesenko & Postmaoor de bron hebben
gemaakt. We beperken ons in deze analyse tot homogene bronnen.

In hoofdstuk2 van dit proefschrift behandelen we spontane paarcreatie binnen het
raamwerk van de quantumveldentheorie. We geven een beknopte inleiding in het ge-
bruik van Bogoliubov-transformaties en van Feynman-lusdiagrammen, respectievelijk

3Spontane creatie van elektronen, positronen, en neutrino’s gebeurt altijd in paren omdat de lading (net als de
totale energie, impuls, en de draai-impuls) een behouden grootheid is.

4Neutrino’s kunnen ook gedéerd worden door de elektromagnetische kracht met tussenkomst van virtuele
deeltjes die de zwakke kernkracht overbrengen. Dit type proces is echter sterk onderdrukt.
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niet-perturbatieve en perturbatieve methodes om het aantal deeltjes dé&egdaverdt
door een externe bron uit te rekenen.

In hoofdstuk3 beschouwen we spontane paarcreatie van neutrino’s met behulp van de
Feynman-lusdiagrammen die in hoofds®ikijn besproken. Dit leidt tot een algemene
formule die, in eerste orde in een storingsreeks, het aantal neutrino’s geeft déegeécre
wordt door een willekeurige homogene bron. Uit deze formule blijkt dat spontane cre-
atie van neutrino’s in het algemeen mogelijk zou zijn als neutrino’s geen massa hadden
gehad. Onze berekeningen bevestigen dat voor de specifieke bron diéudemko &
Postmais aangenomen, het aantal neutrino’s recht evenredig is met de neutrinomassa.
Net alsKusenko & Postmaoncluderen we dat het aantal neutrino’s dat door het mecha-
nisme van spontane creatie in een neutronenster opgewekt kan worden, te klein is om
waar te nemen.

Gegeven de bovenstaande conclusie lijkt het onwaarschijnlijk dat het bestaan van
spontane paarcreatie geverifieerd kan worden door middel van waarnemingen met neu-
trinodetectoren. Het bestuderen van deze mogelijkheid heeft wel geleid tot nieuwe
inzichten in het paarcreatiemechanisme, met name wat betreft de rol van de neutrino-
massa. Verder bieden onze resultaten perspectief om verdere inzichten in het mecha-
nisme te ontwikkelen, in het bijzonder in de verhouding tussen perturbatieve en niet-
perturbatieve beschrijvingen.

Productie en emissie van neutrino’s in gammaflitsers

Hoofdstukken4—7 van dit proefschrift gaan over de vraag wat we kunnen leren over
de fysica van gammaflitsers door toekomstige waarnemingen met de nieuwe generatie
neutrinodetectoren. Waar de nadruk in het voorgaande deel vooral ligt op het neutrino
en zijn interacties, ligt de nadruk in dit deel van het proefschrift vooral op de fysica van
de bron.

Gammaflitsen zijn korte, zeer intense flitsen van gammastraling afkomstig uit het
heelal. In termen van vermogen zijn het, voorzover bekend, de meest krachtige ver-
schijnselen sinds de oerknal. Zo is er een gammaflits waargenomen van een bron op meer
dan 10 miljard lichtjaar afstand! De energie in de gammaflits wordt, voor astronomische
begrippen, in een korte tijd uitgestraald. Hierbij wordt onderscheid gemaakt tussen korte
gammaflitsen, met een typische duur van 0.2 s, en lange gammaflitsen, met een typische
duur van 20 s.

Sinds de toevallige ontdekking van gammaflitsen door militd#ia satellieten eind
jaren zestig van de vorige eeutllébesadel et all973, zijn er verschillende satellieten
gelanceerd om dit fenomeen nader te bestuderen. Het vakgebied kreeg een geweldige
impuls door de lancering van deompton Gamma Ray Observatamnet daarop de
Burst and Transient Source Explorer (BAT$E]1991.BATSEegistreerde ongeveéen
gammaflits per dag. Met behulp van deze waarnemingen werd onder andere aangetoond
dat gammaflitsers isotroop over de hemel verdeeld zijn, wat een klasse van bronnen die
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beperkt is tot ons Melkwegstelsel vrijwel uitsluit. De kosmologische oorsprong van
gammaflitsen werd bevestigd door BeppoSAXsatelliet. In 1997 werd met behulp

van deze satelliet voor het eerst het nagloeien van gammaflitsers waargenomen, dat wil
zeggen straling die na de gammaflits wordt uitgezonden en in sommige gevallen tot jaren
na de flits kan worden waargenomen. Met behulp van dit nagloeien was het mogelijk om
de roodverschuiving van de bron te bepalen en op die manier de afstand vast te stellen.
Een nieuwe mijlpaal in het onderzoek naar gammaflitsers diende zich aan in 1998, toen
gelijktijdig met het uitdovende nagloeien van een gammaflitser een supernovaspectrum
werd waargenomen. Samen met vergelijkbare waarnemingen daarna leverde dit het be-
wijs dat sommige gammaflitsers en supernova’s een gedeelde oorsprong hebben. Op
het moment van schrijven is dgwift satelliet, die eind 2004 werd gelanceerd, verant-
woordelijk voor de ontdekking van de meeste nieuwe gammaflitsen. Waarnemingen met
deze satelliet hebben verschillende interessante ontdekkingen opgeleverd, met name in
het tijdsgebied tussen de gammaflits en het nagloeieémaros2006.

De belangrijkste eigenschappen van de waargenomen gammaflitsen kunnen wor-
den verklaard met behulp van haturbafschokgolfmodeglEngels: firebal) blast wave
model)® In dit model ontstaan gammaflitsen als gevolg van de ineenstorting van de
kern van een zware ster of als gevolg van de samensmelting van twee neutronensterren,
respectievelijk voor lange en korte gammaflitsen. De energie die hierbij vrijkomt wordt
gebruikt om een vuurbal te vormen, een zeer energierijk plasma van fotonen, elektron-
positronparen en een relatief kleine hoeveelheid nucleonen. Als gevolg van stralingsdruk
zet het plasma snel uit, waarbij een zeer hoge, ultrarelativistische snelheid bereikt wordt.
Vervolgens, zo zegt het model, ontstaan er botsingen tussen opeenvolgende schillen van
nucleonen. Deze botsingen leiden tot het ontstaan van schokken, waarvan bekend is dat
zij geladen deeltjes tot zeer hoge eneggi&unnen versnellen. Elektronen die versneld
worden door deze schokken zenden synchrotronstraling uit en verhogen de energie van
deze straling door Inverse-Comptoninteracties. De straling die zo ontstaat wordt ver-
antwoordelijk gehouden voor de waargenomen gammaflits, terwijl de interactie van het
plasma met de interstellaire materie tot het nagloeien leidt.

Op grond van het vuurbalchokgolfmodel wordt verwacht dat een gammaflitser ook
grote hoeveelheden neutrino’s uitzendt. Deze neutrino’s ontstaan in verschillende fase
in de ontwikkeling van de gammaflitser, bijv. door elektron-positronannihilatie vlak na
de vorming van de vuurbal, door proton-fotonbotsingen of proton-nucleonbotsingen in
de vuurbal, en door botsingen van protonen die worden versneld in de schokgolf met
nucleonen rondom de bron.

Ondanks het succes van het vuurbethokgolfmodel zijn een aantal belangrijke vra-
gen omtrent gammaflitsers tot op heden onbeantwoord. Hoe wordt, bijvoorbeeld, de
vuurbal gevormd? Kunnen magnetische velden energetisch belangrijk zijn in de dyna-

SHet is in deze beperkte ruimte ondoenlijk om uit te leggen hoe verschillende waarnemingen hebben bijge-
dragen aan de totstandkoming van het vuydoalokgolfmodel. We verwijzen de ii¢eresseerde lezer naar de
uitgebreide beschouwingen ddeiran(2004 enMészros(2006.
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mica van het plasma? Hoe werkt schokversnelling precies? Waarnemingen met neutri-
nodetectoren kunnen een essélstrol spelen in het beantwoorden van deze belangrijke
vragen omdat neutrino’s de bron verlaten terwijl deze nog niet transparant is voor foto-
nen. Hierdoor zijn neutrino’s (en mogelijk zwaartekrachtgolven, die ook vroegtijdig de
bron kunnen verlaten) vrijwel de enige mogelijkheid om informatie te verkrijgen over de
eerste fase in de ontwikkeling van een gammaflitser.

In hoofdstuk4 bestuderen we in detail de rol van neutrino’s in de allereerste fase van
een vuurbal. In het bijzonder zijn we iggeresseerd in de vraag of het mogelijk is dat
neutrino’s zo veel energie van de bron met zich meevoeren dat dit een zich ontwikkelende
gammaflitser in de kiem zou smoren. We vinden echter dat dit nooit het geval is omdat
efficiénte neutrinoproductie alleen mogelijk is wanneer de vuurbal ondoorzichtig is voor
neutrino’s. In dat geval kunnen de geproduceerde neutrino’s de vuurbal niet verlaten en
blijft de energie dus in het plasma. Doordat de vuurbal ondoorzichtig is voor neutrino’s
ontstaat er thermisch evenwicht tussen neutrino’s, fotonen, en elektron-positronparen,
waarin de neutrino’s ongeveer 30% van de energie van de vuurbal dragen.

De vuurbal expandeert door stralingsdruk, waardoor de energiedichtheid en de tem-
peratuur van het plasma afnemen. Op het moment dat de temperatuur voldoende is
gedaald, ontkoppelen de neutrino’s van de andere componenten van de vuurbal: de
vuurbal wordt doorzichtig voor neutrino’s. Deze verlaten hierop de vuurbal en dragen
ongeveer 30% van de energie van de vuurbal met zich mee. Dit is een aanzienlijk deel
van de totale energie, maar nooit genoeg om de ontwikkeling tot gammaflitser te stop-
pen. Vanwege de relatief lage energie van de neutrino’s op het moment van ontkoppelen,
ongeveer 60 MeV, is detectie van deze neutrino’s alleen mogelijk voor gammaflitsers in
de directe omgeving van ons Melkwegstelsel.

In hoofdstuk5 bestuderen we neutrinoproductie door middel van botsingen tussen
neutronen en protonen. We vergelijken hier voorspellingen van het vuurbalmodel met
die van hetAC-mode| een alternatief model voor gammaflitsers waarin elektromagne-
tische velden de energie in het plasma domineren. In beide modellen zijn de protonen
door middel van elektromagnetische interacties krachtig aan het plasma gekoppeld, ter-
wijl neutronen alleen via elastische neutron-protonbotsingen zijn gekoppeld. Hierdoor
kunnen neutronen en protonen ontkoppelen wanneer de dichtheid van nucleonen vol-
doende is afgenomen door de uitzetting van het plasma. Als dit gebeurt ontstaat er
een relatieve snelheid tussen neutronen en protonen die groot genoeg kan worden om
neutrino’s en gammastraling te produceren in inelastische botsingen. We vinden dat de
hoeveelheid neutrino’s die op deze manier wordt geproduceerd in het AC-model een fac-
tor 5 kleiner is dan in het vuurbalmodel. Helaas is de verwachte neutrinoflux in beide
modellen zo klein dat, zelfs voor een krachtige en nabije gammaflits, het neutrinosignaal
niet waargenomen kan worden met neutrinodetectoren van een kubieke kilometer.

Behalve neutrino’s wordt er ook gammastraling geproduceerd in inelastische neutron-
protonbotsingen. Deze straling wisselwerkt met het plasma en wordt vervolgens met
een andere energie uitgezonden. Uit ons onderzoek blijkt dat de energie waarmee deze
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straling wordt uitgezonden anders is in het vuurbalmodel dan in het AC-model. In het
AC-model is de typische energie van de straling vergelijkbaar met die van de gammaflits,
namelijk een paar honderd keV. Hierdoor is het erg moeilijk om deze twee componen-
ten obervationeel te onderscheiden. In het vuurbalmodel, daarentegen, wordt de straling
uitgezonden rond 10 GeV, hetgeen goed te onderscheiden is van de gammaflits. Deze
straling kan vanaf grote afstand worden waargenomen met de toekoIiB&tifeT sa-

telliet (die volgens de planning in 2008 gelanceerd zal worden). Dit vereist echter wel
dat het plasma aanvankelijk voldoende energie per nucleon bevat, omdat er anders geen
inelastische neutron-protonbotsingen optreden. Detectie van deze straling zou het vuur-
balmodel ondersteunen.

Hoofdstuk 7 van dit proefschrift is gewijd aan een hypothetische klasse van ‘ge-
smoorde’ gammaflitsers, dat wil zeggen objecten die de eerste stadia van de ontwikkeling
tot gammaflitser doorlopen maar nooit gammastraling uitzenden. Dit kan bijvoorbeeld
het gevolg zijn van het feit dat de vuurbal niet genoeg energie heeft om de helium- of
waterstof-mantel van de ontgfende ster te doorkruisen, waardoor de geproduceerde
gammastraling wordt geabsorbeerd voordat zij de bron heeft kunnen verlaten. Gegeven
het observationele verband tussen gammaflitsers en supernova’s is het een interessante
mogelijkheid dat een substaiite fractie van alle supernova’s gepaard gaat met een, al
dan niet gesmoorde, gammaflits. Dit zou mogelijk kunnen bijdragen aan het beantwoor-
den van de vraag hoe een supernova precies ontstaat.

In tegenstelling tot gammastraling kunnen neutrino’s die geproduceerd worden in
de ontwikkeling van een gesmoorde gammaflitser de bron vrijwel ongehinderd ver-
laten. Voor de detectie van deze neutrino’s is vooral het energiegebied tussen 100 GeV
en 10 TeV interessant; bij lagere eneggids de detectiewaarschijnlijkheid laag en bij
hogere energim is de neutrinoflux laag. Wij vinden dat het merendeel van de neutrino’s
in dit energiegebied ontstaat in inelastische proton-protonbotsingen in de vuurbal. Hier-
bij speelt de hoeveelheid energie per nucleon in de vuurbal een é&bseanti Indien
deze energie groter is dan ongeveer vijf maal de massa van de nucleonen (bij standaard-
waarden van de overige parameters) kan het neutrinosignaal tot op honderden miljoenen
lichtjaren worden waargenomen. Tenzij de fractie van supernova’s die gepaard gaat met
een (gesmoorde) gammaflitser veel kleiner &amis, verwachten we dat dit leidt tot een
paar detecties per jaar met een neutrinodetector van een kubieke kilometer.

Neutrino’s worden vrijwel uitsluitend geproduceerd in proton-protonbotsingen via
de creatie en het verval van pionen en kaonen. Om de productie van deze deeltjes
in een gammaflitser nauwkeurig te kunnen modelleren, hebben we een parametrisatie
afgeleid die beschrijft hoeveel pionen en kaonen er per proton-protonbotsing worden ge-
produceerd als functie van de energie van het geproduceerde deeltje, de energie van de
protonen en de botsingsgeometrie. Omdat deze parametrisatie op een veelheid van astro-
fysische systemen kan worden toegepast, is ze als een apart hoofdstuk in dit proefschrift
opgenomen (hoofdstu®.

Concluderend kunnen we zeggen dat het potentieel van neutrino’s als boodschappers
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van de fysica van gammaflitsers voor de scenario’s beschreven in hoofdstikken
moeilijk te realiseren is vanwege de zeer geringe detectiemogelijkheden. Onze conclu-
sies voor de gesmoorde gammaflitsers beschreven in hoofdstijix optimistischer:

voor een groot deel van de parameterruimte verwachten we dat waarnemingen met een
neutrinodetector van een kubieke kilometer het bestaan van deze hypothetische klasse
van gammaflitsers kunnen bevestigen, danwel zinvolle grenzen aan de parameters van
het model kunnen stellen.
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