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Quantum fluctuations in the effective spin- 1
2 layered triangular-lattice quantum Heisenberg antiferromagnet

Ba3CoSb2O9 lift the classical degeneracy of the antiferromagnetic ground state in magnetic field, producing
a series of novel spin structures for magnetic fields applied within the crystallographic ab plane, including a
celebrated collinear “up-up-down” spin ordering with magnetization equal to 1/3 of the saturation magnetization
over an extended field range. Theoretically unresolved, however, are the effects of interlayer antiferromagnetic
coupling and transverse magnetic fields on the ground states of this system. Additional magnetic field induced
phase transitions are theoretically expected and in some cases have been experimentally observed, but details
regarding their number, location, and physical character appear inconsistent with the predictions of existing
models. Conversely, an absence of experimental measurements as a function of magnetic-field orientation
has left other key predictions of these models untested. To address these issues, we have used specific heat,
neutron diffraction, thermal conductivity, and magnetic torque measurements to map out the phase diagram as
a function of magnetic field intensity and orientation relative to the crystallographic ab plane. For H ||ab, we
have discovered an additional magnetic field induced phase transition at low temperature and an unexpected
tetracritical point in the high-field phase diagram, which coupled with the apparent second-order nature of
the phase transitions eliminates several theoretically proposed spin structures for the high-field phases. Our
calorimetric measurements as a function of magnetic field orientation are in general agreement with theory
for field-orientation angles close to plane parallel (H ||a) but diverge at angles near plane perpendicular; a
predicted convergence of two phase boundaries at finite angle and a corresponding change in the order of the field
induced phase transition are not observed experimentally. Our results emphasize the role of interlayer coupling
in selecting and stabilizing field induced phases, provide guidance on the nature of the magnetic order in each
phase, and reveal the need for new physics to account for the nature of magnetic ordering in this archetypal
two-dimensional spin- 1

2 triangular-lattice quantum Heisenberg antiferromagnet.

DOI: 10.1103/PhysRevB.103.184425

I. INTRODUCTION

The layered transition-metal oxide Ba3CoSb2O9 is a nearly
ideal realization of an isotropic two-dimensional (2D) spin- 1

2
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triangular-lattice quantum Heisenberg antiferromagnet. The
2D triangular arrangement of nearest-neighbor Co2+ ions with
effective spin 1

2 frustrates the otherwise expected classical
magnetic ordering of the spins in an applied magnetic field,
and its inversion symmetry means that there is no competing
Dzyaloshinskii-Moriya interaction between nearest-neighbor
Co2+ ions. As a result, the magnetic ordering in Ba3CoSb2O9

arises from zero-point motion that lifts the degeneracy of the
classical ground state [1]. Interlayer coupling leads to long-
range order at a finite temperature at zero field [2] but also
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(a)                  (b)                    (c)

 (d)                   (e)                   (f) 

FIG. 1. Theoretically proposed spin orderings for the quantum
S = 1/2 Heisenberg triangular antiferromagnet in the isotropic 2D
limit. Structures in (a)–(d) are the coplanar Y, UUD, and V colinear
spin orderings favored by quantum fluctuations, while (e) represents
the competing classically favored noncoplanar 3D cone (umbrella)
spin arrangement. The structure in (f) represents the alternative high-
field coplanar spin ordering � (also referred to as a fan structure). In
zero field, theory predicts that the spins order in a 120◦ arrangement
within the easy plane; phase transitions from the Y in (b) to the UUD
in (c) to the V spin structure in (d) occur as the magnetic field is
increased [1].

alters the nature of magnetic ordering in an applied field. For
this reason, Ba3CoSb2O9 serves as an experimental touch-
stone for quantum mechanical models of antiferromagnetic
ordering in 2D materials with weak interlayer exchange [3,4].

Of particular interest in Ba3CoSb2O9 are three questions:
(1) how phase transitions between different magnetic spin
structures are induced by an applied magnetic field, (2) what
type of spin structure exists in each magnetic field induced
phase, and (3) how the phases and spin structures vary with
magnetic field orientation.

In the zero-temperature, isotropic 2D limit, S = 1/2 spins
in a frustrated triangular lattice arrange at zero field in the
threefold-degenerate 120◦ coplanar spin configuration shown
in Fig. 1(a); in the case of the easy-plane antiferromagnet
Ba3CoSb2O9 studied here, the spins lie in the easy (ab) plane,
normal to the c axis.

In an externally applied magnetic field, theory predicts this
state will continuously evolve into the first of three quantum
fluctuation stabilized phases: A coplanar phase in which the
spins order in the shape of a Y, as shown in Fig. 1(b). The
angle between the two spins forming the top branches of the
Y depends on the strength of the applied magnetic field [1].

At an applied field equal to approximately 3/10 of the
saturation magnetic field Hs, a phase transition to the collinear
up-up-down (UUD) spin structure shown in Fig. 1(c) oc-
curs, one signature of the UUD phase being a plateau in
the magnetization at 1/3 of the saturation magnetization. In
Ba3CoSb2O9, this plateau is experimentally observed between
10 and 15 T for fields directed within the easy plane [5–7].

The third predicted phase is a different coplanar spin or-
dering denoted V: Two of the three spins share a common
orientation, thereby forming a rotated V shape, as shown in
Fig. 1(d). These three phases are followed by a final field
induced transition at Hs to the fully polarized state.

Incorporating interlayer exchange and weak in-plane
anisotropy is expected to result in additional ordered phases

FIG. 2. Theoretically proposed spin orderings for a quantum S =
1/2 Heisenberg triangular antiferromagnet with interlayer coupling
in a two-layer model. Spins 1–3 correspond to layer 1; spins 4–6
correspond to layer 2. The orderings are named as follows: (a) the
zero-field 120◦ structure, (b) distorted combined Y, (c) alternating
ordered Y, (d) parallel ordered Y, (e) UUD, (f) V, (g) distorted V, (h)
V′, (i) staggered V′, and (j) the ψ (fan) spin structure. The ordering
in (k) corresponds to the classically expected cone (umbrella) phase.

at high field, as the spins can now alternate directions on
adjacent layers, and the phase diagram becomes magnetic
field orientation dependent [8–14]. A representative collection
of the various spin orderings that have been proposed to occur
when interlayer coupling is taken into account for magnetic
fields aligned with the easy plane is shown in Fig. 2.

In this paper, we report results of specific heat, magnetic
torque, thermal conductivity, and neutron scattering mea-
surements on Ba3CoSb2O9 as a function of magnetic field
intensity and field orientation within the 2D plane (H ||a),
normal to the 2D plane (H ||c), and as a function of angle
φ for rotations from c (φ = 0◦) to a (φ = 90◦). We present
evidence for additional phase transitions in both the low-
and high-field limits below the saturation field Hs. We use
thermodynamic and symmetry-based arguments to constrain
the range of possible spin structures for the high-field phase, in
some cases ruling out previously assumed configurations, and
suggest physics beyond the standard J-Jz-J ′ weakly in-layer
anisotropic coupled layer model that might account for our
results.

II. EXPERIMENT

Single crystals of Ba3CoSb2O9 were grown by using the
optical floating-zone technique. Specific heat measurements
Cp(H, T, φ) were carried out on 1.0- and 2.5-mg crystals as a
function of temperature, magnetic field, and field orientation
between 0.3 and 6 K in fields between 0 and 35 T using
custom-built single-axis rotation microcalorimeters [15,16]
cross calibrated in magnetic field to correct for magnetore-
sistance of the thermometers [17]. The thermal conductivity
κ was measured by using a “one-heater, two-thermometer”
technique [18,19]. The magnetic torque τ was measured
by using a 13-μm-thick CuBe cantilever. The single-crystal
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FIG. 3. Magnetic field dependence of the specific heat as a func-
tion of temperature for H ||a. Features corresponding to magnetic
field induced phase transitions are observed at 6, 10, 15, 24, and 33 T
in the low-temperature limit.

neutron diffraction measurements were made using a 3He
insert at the Cold Neutron Triple-Axis Spectrometer CG4C at
the High Flux Isotope Reactor, with the crystal aligned on the
[HHL] scattering plane and in a vertically directed magnetic
field.

A. Results and discussion for H||a
We begin with a discussion of our results for the magnetic

field applied within the easy (ab) plane, parallel to the a axis.
For this orientation, we expect the spins to remain within the
easy plane, starting from the 120◦ easy-plane spin configura-
tion at zero field.

The magnetic field dependence of the specific heat at
0.3 K presented in Fig. 3 for H ||a (φ = 90◦ plane-parallel
orientation) reveals a series of magnetic field induced phase
transitions, starting with an unexpected additional transition
at 6 T, transitions into and out of the UUD phase at 10 and
15 T, a sharp rise in the specific heat followed by a plateau
corresponding to a transition around 24 T, and, finally, a sharp
drop in the specific heat corresponding to a transition out
of the antiferromagnetic state at a saturation field of 33 T.
Additional features seen in the 0.3 K field sweep may cor-
respond to emerging transitions but are not resolved at higher
temperature.

The magnetic field induced phase transition from the low-
field orderings to the UUD spin ordering can also be seen
in thermal conductivity measurements κ (H )/κ (0) for H ||a.
Figure 4 shows the field dependence for temperatures above
1 K. At temperatures above TN (0) = 3.7 K, an applied mag-
netic field induces a phase transition directly from the lower
field paramagnetic state into the UUD spin state (at approx-
imately 7 T for the 4.1 K trace); the initial field dependence

FIG. 4. Magnetic field dependence of the thermal conductivity
for H ||a at temperatures above and below the zero-field magnetic
ordering temperature TN (0) = 3.7 K, revealing field induced phase
transitions from the zero-field paramagnetic T > TN (0) and antifer-
romagnetic T < TN (0) states to the UUD spin state.

below the zero-field ordering temperature TN (0) arises from
change in spin orientation within the low-field antiferro-
magnetic state with applied field. The peak in the thermal
conductivity at still higher magnetic field corresponds to the
transition from this low-field state into the UUD spin state (at
approximately 9 T for the 1.95 K trace), in good agreement
with the specific heat results presented earlier.

Below 1 K, two peaks are seen as a function of magnetic
field, as shown in Fig. 5. The first of these occurs between
6 and 10 T; the second of these begins at 10 T, the onset of
the UUD phase, and continues up to the maximum measured
field of 14 T. These results match what is seen in our specific

FIG. 5. Magnetic field dependence of the thermal conductivity
for H ||a revealing the onset of a new magnetic phase between 6 and
10 T below 1 K.

184425-3
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FIG. 6. Intensities of magnetic Bragg scattering peaks (1/3,
1/3, 0), (1/3, 1/3, 1), and (1/3, 1/3, 2) at 8 T as a function of
temperature for H ||a.

heat measurements, further supporting our identification of
a different low-field phase just below UUD at temperatures
below 1 K.

Neutron scattering measurements provide additional infor-
mation regarding the low-field spin orderings. Temperature-
dependent measurements at 8 T shown in Fig. 6 reveal the
onset of antiferromagnetic order in field at temperatures below
4.5 K followed by a pronounced decrease in interplanar scat-
tering intensity at temperatures below 1 K. The L dependence
of this decrease, much steeper for the (1/3, 1/3, 1) and (1/3,
1/3, 2) magnetic Bragg scattering peaks than for the in-plane
(1/3, 1/3, 0) scattering peak, suggests a change in the period-
icity of the spin order along the c axis at 1 K.

In contrast, NMR measurements as a function of magnetic
field see only a second-order transition from a low-field “dis-
torted combined Y” phase [Fig. 2(b)] to the UUD phase [12]
[Fig. 2(e)]. Those measurements, however, were done at
1.6 K, well above the 1 K transition temperature for this phase.

The possibility of a magnetic field induced phase transition
between two Y phases with differing interplanar couplings be-
low UUD was predicted in an early study [8], but the expected
temperature dependence appears to be inconsistent with what
is observed here experimentally. We leave the determination
of the true microscopic spin ordering in this low-field phase
to future experiments.

We now turn to the higher-field phase transitions and the
construction of a phase diagram for H ||a. Magnetic torque τ

measurements between 0 and 35 T at 0.32 K for H oriented
close to the a axis provide a complement to specific heat
measurements over this same field range. As shown in Fig. 7,
taking the first derivative of the magnetic torque to remove a
background term in the measured response reveals features at
fields corresponding to each of the phase transitions observed
in the specific-heat measurement, including the transition ob-
served at 6 T. We focus here, however, on the transition
seen here at 24 T. Calculations assuming alternating-layer

FIG. 7. Magnetic field dependence of the magnetic torque τ at
0.32 K for a Ba3CoSb2O9 sample for H ||a (after scaling for small
changes in field orientation). A derivative of τ has been taken with
respect to magnetic field to remove a background term in the mag-
netometer response. Phase transitions observed in the specific heat at
6, 10, 15, 24, and 32 T appear here as extrema and breaks in slope,
confirming the magnetic nature of these transitions. The dashed line
is a guide to the eye.

six-sublattice spin structures predict, and perhaps only allow, a
first-order phase transition at this field [8,12,13]. The second-
order nature of the transition seen here in the specific heat
and magnetic torque, while contrary to prediction, is nonethe-
less consistent with earlier evidence from magnetization [6],
NMR [12], and neutron diffraction measurements [14].

In particular, although sometimes taken in the literature to
provide evidence of a first-order phase transition, magneti-
zation measurements show a continuous M(H ) curve with a
peak at 24 T rather than a discontinuity in M(H ) [6]. Fur-
ther, changes in neutron scattering observed at this field [14]
are consistent with either (1) a first-order transition from a
distorted V spin structure [Fig. 2(g)] to a V′ structure [13,14]
[Fig. 2(h)] or staggered V [12] [Fig. 2(i)] or (2) a second-order
transition to the � (fan) spin structure [Fig. 2(j)]. Finally,
NMR measurements reveal a change in spin ordering corre-
sponding to a phase transition at this field but are unable to
identify the order of the transition in this particular case [12].
The identification of the 24-T transition as a first-order phase
transition has been on the basis of theory, not experiment.

A magnetic phase diagram for H ||a constructed from the
results presented above is shown in Fig. 8. In this diagram we
also mark the location of a possible additional phase transition
at 29 T but stress that this identification is tentative and at the
limit of our resolution for H ||a.

Several features emerge in this phase diagram, most no-
tably the existence of a tetracritical point (at 17 T, 3.8 K)
corresponding to the upper vertex of the phase directly above
the UUD phase in field. In Landau mean-field theory [21–24],
bicritical and tetracritical points can be found in a number
of antiferromagnets in which the lattice anisotropy is not
strong enough to produce complete spin alignment. Common
examples include spin-flop transitions in which either (1)

184425-4
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to a possible additional high-field transition more clearly resolved for
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a single first-order transition line terminating in a bicriti-
cal point separates a lower-field antiferromagnetic phase and
a spin-flop phase (as seen in MnF2 [25]) or (2) a pair of
second-order phase transitions terminating in a tetracritical
point bounds an intermediate phase that separates a low-field
antiferromagnetic phase and a high-field spin-flop phase (as
seen in GdAlO3 [26]).

A third example—particularly relevant here—is when the
weakness of the interlayer coupling in a layered quasi-2D
antiferromagnet with in-plane isotropy leads to a high-
field tetracritical point in the magnetic phase diagram (as
previously seen in K2Mn0.978Fe0.022F4 [27]). In layered
triangular-lattice quantum Heisenberg antiferromagnets such
as Ba3CoSb2O9, this weak interlayer coupling can lead to a
field-induced phase transition that doubles the period of the
magnetic structure along the direction normal to the layer.
This happens, for example, when the spins alternate direc-
tions in alternating layers [4,8]. If second order, the boundary
between the bounded intermediate phase and the high-field
phase and the boundary between the bounded intermediate
phase and the UUD phase can terminate in a tetracritical
point.

Magnetic phases terminating in a tetracritical point indicate
breaking of the rotational symmetry of the ideal Heisenberg
model, and a symmetry-based argument dictates that the mag-
netic ordering in the bounded intermediate phase is related to
the ordering in the two adjacent phases [4,21]. In determining
the nature of the high-field spin states, it will therefore be con-
venient to describe each state in terms of an order parameter
manifold [4] representing the symmetries broken by that spin
arrangement.

The three broken symmetries relevant here are (1) the dis-
crete Z3 symmetry (corresponding, for example, to the choice

of sublattice for the down spin in the UUD state), (2) the
discrete Z2 chiral symmetry associated with clockwise or
counterclockwise rotation, as in the classical cone state, and
(3) the continuous spin-rotation symmetry U (1) about the axis
parallel to the magnetic field. Since commensurate coplanar
states break both U (1) symmetry and Z3 symmetry, the order
parameter manifold for both the Y and V spin structures is
U (1) × Z3; the corresponding order parameter manifold for
the classical cone (umbrella) state is U (1) × Z2. In contrast,
the commensurate collinear spin structure in the UUD phase
breaks Z3 symmetry but not U (1) symmetry, so the order
parameter manifold for the UUD phase is Z3.

We can assign an order parameter manifold for the phase
directly above the UUD phase from NMR [12] and neutron
diffraction [14]. These measurements indicate that the spin
structure in this phase is coplanar and commensurate, with
order parameter U (1) × Z3; in particular, NMR results are
consistent with the distorted V [12] spin structure shown in
Fig. 2(g). As a result, the still higher field phase above 24 T
can be neither a collinear phase, which is ruled out in the first
place by the absence of a magnetization plateau in this field
region, nor an incommensurate noncoplanar phase but must
instead be either a commensurate coplanar phase [with order
parameter U (1) × Z3] or an incommensurate coplanar phase
[with order parameter U (1) × U (1)].

Models incorporating interplane exchange and intraplane
exchange anisotropy on high-field magnetic ordering [12,13]
have focused on the first of these options for the high-field
phase: A commensurate coplanar ordering with order pa-
rameter U (1) × Z3. In particular, for H ||a, most calculations
predict this spin ordering [12,13] just below the saturation
field Hs (see, however, Ref. [8]).

The specific type of spin ordering is dependent on the in-
terplane coupling J ′ and easy-plane anisotropy � = 1 − Jz/J ,
where � = 0 for an isotropic Heisenberg antiferromagnet
and � = 1 in the XY limit. For easy-plane anisotropies be-
low a critical threshold �c1 the previously proposed V′ spin
structure is expected, whereas for stronger anisotropies, the
coplanar � spin structure occurs. In the absence of interplane
exchange J ′, analysis of a triangular-lattice antiferromagnet
with exchange anisotropy near saturation [10] predicts that
�c1 = 0.45/S, corresponding to a transition from V′ to � at
Jz = 0.1J for S = 1/2, but including even a small nonzero
interplane exchange term J ′ enables this transition to occur
for a much smaller degree of in-plane anisotropy � (larger
Jz), with the V′ spin structure favored at lower values of J ′
and the � spin structure favored at higher values [13].

An early electron spin resonance (ESR)-based estimate of
J ′/J ∼ 0.03 [6] has been a starting point for most theoretical
calculations, but more recent neutron scattering experiments
at zero field [28] and in the UUD state [29] consistently
establish a higher value of J ′/J = 0.052. Similarly, estimates
of Jz/J also vary, ranging from 0.77 [11,13] to 0.93 [6].
Within existing theory, the numerical estimates used thus
far for J ′ and Jz have led to the expectation that the high-
field phase will correspond to the spin arrangement V′ rather
than � [12,13]. There are, however, a number of unresolved
discrepancies [12] between experiment and theory for this
particular spin order, raising the question of whether this V′
identification is accurate.

184425-5



N. A. FORTUNE et al. PHYSICAL REVIEW B 103, 184425 (2021)

Following [14], we therefore now consider both the V′ and
� arrangements to see if we can choose between the two
thermodynamically. A key distinction between the V′ and �

spin structures is as follows: In the V′-type spin arrangements,
no spins align directly along the direction of the applied
field, and the majority spins align at a different angle to the
applied magnetic field than the minority spin, whereas in
the symmetric � arrangement, one spin aligns directly with
the field, while the other two align at equal angles on ei-
ther side of the first. The difference in symmetry between
the distorted V, V′, and � structures means that the phase
transition between the two adjacent phases should be first
order when between distorted V and V′ spin states but second
order when between distorted V and � [14]. On the basis of
the evidence presented here, the spin structure for the phase
above 24 T cannot be the previously theoretically proposed
V′ arrangement, but it could be of the � type.

As an alternative to the � structure, we must also con-
sider an incommensurate planar phase with order parameter
U (1) × U (1). This would not normally be expected in a crys-
tal with sixfold symmetry, and the only prior experimental
support for this possibility lies in the NMR data, which, al-
though inconclusive, are said to bear some resemblance to
what would result from incommensurate structures [12]. The-
oretically, however, commensurate planar to incommensurate
planar phase transitions satisfying U (1) × U (1) have been
predicted only for intraplane spatial anisotropy [4,10], which
is absent in Ba3CoSb2O9. The experimentally more likely spin
ordering for this high-field phase is therefore �.

Distinguishing definitively between a highly symmetric,
commensurate planar spin ordering like the � structure, an
incommensurate planar ordering based on one of the commen-
surate structures proposed for the V phase, and some third yet
unconsidered spin structure likely requires new, even higher
resolution NMR measurements than reported to date. The
broadening of the 135Ba and 137Ba spectra with field makes
such any measurements challenging, but recent advances in
condensed-matter-NMR compatible high-homogeneity, high-
field magnets may make this feasible [30].

B. Results and discussion for H||a → H||c
We turn now to a discussion of the system’s behavior

as a function of magnetic field orientation for orientations
from H ||a to H ||c (φ = 90◦ → φ = 0◦). Rotating the applied
magnetic field out of the easy plane from H ||a towards H ||c
introduces a transverse field component that can be expected
to distort the coplanar and collinear states that occur for H ||a
and alter the expected locations of the phase boundaries.

In the case of the distorted combined Y spin structure
[Fig. 2(b)] experimentally confirmed by NMR for H ||a (φ =
90◦) below 10 T at 1.6 K [12], it is predicted that the spins will
continuously deform with changing φ into the umbrella phase
expected for H ||c (φ = 0◦). A similar deformation is expected
for the UUD phase. At higher fields, however, the increasing
distortion of the coplanar phases introduces the possibility of
a magnetic field orientation induced phase transition instead
of a continuous distortion of the H ||a spin structure [12].

Our results for the angle dependence of the specific heat
are shown at 0.4 K in Fig. 9 and at 1.0 K in Fig. 10. For angles

FIG. 9. Variation of the specific heat of Ba3CoSb2O9 at 0.4 K
with magnetic field strength and orientation for magnetic field ori-
entations near H ||a. The horizontal axes represent magnetic field
strength and magnetic field orientation φ with respect to the c axis
(normal to the easy plane). The horizontal plane serves as an (H, φ)
phase diagram; the dashed lines on the phase diagram represent
the predictions of T = 0 semiclassical mean-field theory [12]. The
solid dots on the phase diagram represent locations of experimentally
observed magnetic field induced phase transitions; dashed vertical
lines leading from the dots mark the corresponding features in the
data.

near H ||a, the predicted locations in field for the phase bound-
aries (at T = 0) are in good agreement with our calorimetric
measurements shown here, except, of course, for the transition
seen at 6 T and an additional unexpected transition at 29 T.

In contrast, we find a significant deviation between theory
and experiment at lower angles: Two-layer model calculations
of interlayer coupling predict an experimentally unobserved
field rotation induced phase transition due to the convergence
of the lower and upper phase boundaries of an “upper-
intermediate-field” (UIF) phase, the phase observed between
15 and 24 T for H ||a with decreasing φ. The transition should
occur at fields and angles corresponding to the termination
of phase boundary shown as a dashed green line at a dashed
blue line in Fig. 10. As a result, the UIF phase should not
exist at all below φc = 18◦. Experimentally, however, we find
that the upper and lower boundaries of the UIF phase fail to
converge as a function of φ before φ = 0. It would be inter-
esting to theoretically investigate how φc varies with a change
in the interplane coupling parameter J ′ and/or inclusion of
next-nearest-neighbor exchange terms.

C. Results and discussion for H||c
Our measurements at H ||c are more limited in scope but

still provide some additional insights regarding these vari-
ous phase boundaries. The magnetic field dependence of the
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FIG. 10. Variation of the specific heat of Ba3CoSb2O9 with mag-
netic field strength and orientation for magnetic field orientations
near H ||c (φ = 0) at T = 1 K. The horizontal axes represent mag-
netic field intensity and magnetic field orientation φ with respect to
the c axis. The horizontal plane serves as an (H , φ) phase diagram;
the dashed lines on the phase diagram represent the predictions of
T = 0 semiclassical mean-field theory [12]. The solid dots on the
phase diagram represent locations of experimentally observed mag-
netic field induced phase transitions; dashed vertical lines leading
from the dots mark corresponding features in the data.

specific heat between 9 and 35 T for temperatures ranging
from 0.4 to 3.7 K (shown in Fig. 11) reveal magnetic field
induced phase transitions at low temperature at 12, 21, 29,
and 33 T, the last of these being the transition at the saturation
field Hs. NMR measurements at 1.89 K were the first to reveal
the existence of the 21-T transition predicted by theory; the
same set of NMR measurements was also the first to raise
the possibility of an additional transition somewhere between
27.5 and 29 T for this field orientation [12].

As before, the magnetic torque measurement for H ||c at
0.32 K shown in Fig. 12 confirms the magnetic character of
these transitions. Transitions are observed at 12, 21, and 33 T.
The additional transition at 29 T seen in NMR [12] and also in
the specific heat is too weak to resolve above the noise floor
here in magnetization.

We present in Fig. 13 a phase diagram constructed from
these measurements. Additional measurements of thermal
conductivity up to 14 T (not shown here) are consistent
with this phase diagram. We also include two previously
reported features in NMR measurements at 1.89 K between
14.5 and 30 T [12]. The NMR measurements are in good
agreement with the specific heat and magnetic torque results
presented here, although the 29-T transition was identified as
tentative [12]. For H ||c, the lowest-field phase below 12 T
was identified as the classically expected umbrella (or cone)
spin structure; measurements at the same temperature in the
intermediate-field phase between 12 and approximately 21 T

FIG. 11. Magnetic field dependence of Cp/T for H ||c from 9 T,
just below the UUD phase transition at 12 T, up to the saturation field
Hs = 33 T. Features corresponding to magnetic field induced phase
transitions are observed at 12, 20, 29, and 33 T at 0.41 K. Lower-field
data were not collected for this field orientation.

are consistent with the coplanar distorted V state [12] shown
in Fig. 2(g). Measurements in the high-field phase between
21 and approximately 29 T, however, are inconsistent with
the theoretically predicted staggered V [Fig. 2(i)] spin struc-
ture [12]. The nature of the spin state above 29 T in this
orientation has also not been established. A transition just
below Hs to a high-field cone phase was predicted in an
early work [8] but has not been reproduced in more recent
theoretical calculations [10,12,13].

FIG. 12. Magnetic field dependence of the torque τ at 0.32 K
for H ||c. Phase transitions observed in the specific heat for this field
orientation at 12, 21, and 33 T manifest here as extrema and breaks
in slope, confirming the magnetic nature of these transitions.
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FIG. 13. Phase diagram for H ||c (φ = 0◦). Black circles corre-
spond to the locations of phase transitions observed in this work, and
the solid (open) red square represents transitions definitively (tenta-
tively) identified by NMR measurements [12] at 1.89 K between 14.5
and 30 T.

III. GENERAL DISCUSSION

Our results indicate that the present S = 1/2, two-
layer J-Jz-J ′ understanding of the triangular-lattice quantum
Heisenberg antiferromagnetic model captures many aspects
of the behavior of Ba3CoSb2O9 but must now be modified
or expanded in some way to account for the second-order
nature of the phase transitions observed here, the unexpected
emergence of additional phase transitions at low temperature,
and the evolution of the phase diagram with field orientation.
We suggest three possibilities: Relaxing the assumption of an
effective S = 1/2 spin system for the Co2+ ions, incorporating
next-nearest exchange terms, and other more general modifi-
cations of the alternating layer six-sublattice structure used in
calculations so far.

First, the magnetic properties of the Co2+ ions in
Ba3CoSb2O9 are associated with a well-separated Kramers
doublet ground state [5], leading to the approximation
of Ba3CoSb2O9 as an effective S = 1/2 spin system. In-
cluding higher-order spin-orbital exchanges, however, alters
the expected magnetic ordering [31] in a related Co2+

easy-plane honeycomb quantum magnet with significant in-
terplane coupling: CoTiO3. Could including higher-order
spin-orbital exchanges alter the expected magnetic ordering
in Ba3CoSb2O9 as well?

Second, including a next-nearest intraplane exchange term
J2 as small as J2/J � 0.07 is known to destroy the 120◦ zero-
field magnetic ordering otherwise expected for the S = 1/2

triangular-lattice antiferromagnet [32]. It would be interesting
to investigate what happens for a still smaller nonzero J2 term
which preserves the zero-field ordering [28] if a magnetic field
is applied.

Third, present calculations assume an alternating layer, six-
sublattice spin structure for the multilayer triangular-lattice
quantum Heisenberg antiferromagnet model. Modifying this
could allow periodicities in the spin structures other than
simple aligned/antialigned order, including the possibility
of incommensurate order [33]. Since multiple periodicities
can have the same exchange energy [34], the periodicity
could then be selected by some other interaction weaker than
nearest-neighbor exchange coupling, such as next-nearest ex-
change or dipole-dipole interactions. These have been seen
to lead to differences in the expected magnetic field in-
duced phase transitions [34], an example being the S = 5/2
triangular-lattice compound RbFe(MoO4)2. In this material,
as with Ba3CoSb2O9, two phases appear below the UUD
phase for H ||a, but only one—the umbrella phase—appears
for H ||c [34–36].

Further experimental work is also needed: The prepan-
demic experiments presented above necessarily focused on
mapping out the angle dependence of the previously theo-
retically expected phase boundaries in the limited magnet
time available, leading us to constrain the range of most field
sweeps for φ �= 0◦ to fields above 9 T. Postpandemic, we hope
to carry out systematic investigations of the 29-T feature seen
near the saturation field for some field angles as well as the
low-field umbrella phase that exists for H ||c below 12 T [12],
including the interesting question of whether the low-field 6-T
transition seen for H ||a persists as H → c.

ACKNOWLEDGMENTS

Q.H. and H.D.Z. are thankful for the support from
the National Science Foundation through Grant No. DMR-
2003117. Y.T. thanks the NHMFL UCGP for support. X.F.S.
acknowledges the support from the National Natural Sci-
ence Foundation of China (Grants No. U1832209 and No.
11874336), the National Basic Research Program of China
(Grant No. 2016YFA0300103), and the Innovative Program
of Hefei Science Center, CAS (Grant No. 2019HSC-CIP001).
J.M. is thankful for the support from the National Natural
Science Foundation of China (Grants No. 11774223, No.
U1732154, and No.U2032213), the National Basic Research
Program of China (Grants No. 2016YFA0300501 and No.
2018YFA0704300), and a Shanghai talent program. A portion
of this work was performed at the National High Magnetic
Field Laboratory, which is supported by National Science
Foundation Cooperative Agreement No. DMR-1644779 and
the state of Florida. A portion of this research used resources
at the High Flux Isotope Reactor, a DOE Office of Science
User Facility operated by Oak Ridge National Laboratory.

[1] A. Chubukov and D. Golosov, Quantum theory of an antifer-
romagnet on a triangular lattice in a magnetic field, J. Phys.:
Condens. Matter 3, 69 (1991).

[2] Y. Doi, Y. Hinatsu, and K. Ohoyama, Structural and magnetic
properties of pseudo-two-dimensional triangular antiferromag-
nets Ba3MSb2O9 (M = Mn, Co, and Ni), J. Phys.: Condens.
Matter 16, 8923 (2004).

184425-8

https://doi.org/10.1088/0953-8984/3/1/005
https://doi.org/10.1088/0953-8984/16/49/009


EVOLUTION OF MAGNETIC FIELD INDUCED ORDERING … PHYSICAL REVIEW B 103, 184425 (2021)

[3] M. Collins and O. A. Petrenko, Triangular antiferromagnets,
Can. J. Phys. 75, 605 (1997).

[4] O. A. Starykh, Unusual ordered phases of highly frustrated
magnets: A review, Rep. Prog. Phys. 78, 052502 (2015).

[5] Y. Shirata, H. Tanaka, A. Matsuo, and K. Kindo, Experimental
Realization of a Spin-1/2 Triangular-Lattice Heisenberg Anti-
ferromagnet, Phys. Rev. Lett. 108, 057205 (2012).

[6] T. Susuki, N. Kurita, T. Tanaka, H. Nojiri, A. Matsuo, K.
Kindo, and H. Tanaka, Magnetization Process and Collective
Excitations in the S = 1/2 Triangular-Lattice Heisenberg Anti-
ferromagnet Ba3CoSb2O9, Phys. Rev. Lett. 110, 267201 (2013).

[7] A. Sera, Y. Kousaka, J. Akimitsu, M. Sera, T. Kawamata, Y.
Koike, and K. Inoue, S = 1/2 triangular-lattice antiferromag-
nets Ba3CoSb2O9 and CsCuCl3: Role of spin-orbit coupling,
crystalline electric field effect, and Dzyaloshinskii-Moriya
interaction, Phys. Rev. B 94, 214408 (2016).

[8] R. S. Gekht and I. N. Bondarenko, Triangular antiferromagnets
with a layered structure in a uniform field, J. Exp. Theor. Phys.
84, 345 (1997).

[9] R. Chen, H. Ju, H.-C. Jiang, O. A. Starykh, and L. Balents,
Ground states of spin-1/2 triangular antiferromagnets in a mag-
netic field, Phys. Rev. B 87, 165123 (2013).

[10] O. A. Starykh, W. Jin, and A. V. Chubukov, Phases of a
Triangular-Lattice Antiferromagnet Near Saturation, Phys. Rev.
Lett. 113, 087204 (2014).

[11] D. Yamamoto, G. Marmorini, and I. Danshita, Quantum Phase
Diagram of the Triangular-Lattice XXZ Model in a Magnetic
Field, Phys. Rev. Lett. 112, 127203 (2014).

[12] G. Koutroulakis, T. Zhou, Y. Kamiya, J. D. Thompson, H. D.
Zhou, C. D. Batista, and S. E. Brown, Quantum phase diagram
of the S = 1/2 triangular-lattice antiferromagnet Ba3CoSb2O9,
Phys. Rev. B 91, 024410 (2015).

[13] D. Yamamoto, G. Marmorini, and I. Danshita, Microscopic
Model Calculations for the Magnetization Process of Layered
Triangular-Lattice Quantum Antiferromagnets, Phys. Rev. Lett.
114, 027201 (2015).

[14] X. Z. Liu, O. Prokhnenko, D. Yamamoto, M. Bartkowiak,
N. Kurita, and H. Tanaka, Microscopic evidence of a quan-
tum magnetization process in the S = 1/2 triangular-lattice
Heisenberg-like antiferromagnet Ba3CoSb2O9, Phys. Rev. B
100, 094436 (2019).

[15] S. Hannahs and N. Fortune, Heat capacity cell for angular
measurements in high magnetic fields, Phys. B (Amsterdam,
Neth.) 329, 1586 (2003).

[16] N. A. Fortune and S. T. Hannahs, Top-loading small-sample
calorimeters for measurements as a function of magnetic field
angle, J. Phys.: Conf. Ser. 568, 032008 (2014).

[17] N. Fortune, G. Gossett, L. Peabody, K. Lehe, S. Uji, and H.
Aoki, High magnetic field corrections to resistance thermome-
ters for low temperature calorimetry, Rev. Sci. Instrum. 71, 3825
(2000).

[18] S.-P. Shen, J.-C. Wu, J.-D. Song, X.-F. Sun, Y.-F. Yang, Y.-S.
Chai, D.-S. Shang, S.-G. Wang, J. F. Scott, and Y. Sun, Quantum
electric-dipole liquid on a triangular lattice, Nat. Commun. 7,
10569 (2016).

[19] N. Li, W. Chu, Q. Huang, Q. Chen, X. Yue, X. Zhao, H. Zhou,
and X. Sun, Possible itinerant excitations and quantum spin

state transitions in the effective spin-1/2 triangular-lattice anti-
ferromagnet Na2BaCo(PO4)2, Nat. Commun. 11, 4216 (2020).

[20] H. D. Zhou, C. Xu, A. M. Hallas, H. J. Silverstein, C. R.
Wiebe, I. Umegaki, J. Q. Yan, T. P. Murphy, J.-H. Park, Y. Qiu,
J. R. D. Copley, J. S. Gardner, and Y. Takano, Successive Phase
Transitions and Extended Spin-Excitation Continuum in the
S = 1/2 Triangular-Lattice Antiferromagnet Ba3CoSb2O9,
Phys. Rev. Lett. 109, 267206 (2012).

[21] L. D. Landau, On the theory of phase transitions, J. Exp. Theor.
Phys. 11, 19 (1937).

[22] K.-S. Liu and M. E. Fisher, Quantum lattice gas and the exis-
tence of a supersolid, J. Low Temp. Phys. 10, 655 (1973).

[23] A. D. Bruce and A. Aharony, Coupled order parameters,
symmetry-breaking irrelevant scaling fields, and tetracritical
points, Phys. Rev. B 11, 478 (1975).

[24] P. M. Chaikin, T. C. Lubensky, and T. A. Witten, Principles
of Condensed Matter Physics (Cambridge University Press,
Cambridge, 1995).

[25] Y. Shapira and S. Foner, Magnetic phase diagram of MnF2

from ultrasonic and differential magnetization measurements,
Phys. Rev. B 1, 3083 (1970).

[26] H. Rohrer and C. Gerber, Bicritical and Tetracritical Behavior
of GdAlO3, Phys. Rev. Lett. 38, 909 (1977).

[27] L. Bevaart, E. Frikkee, and L. J. de Jongh, Neutron-scattering
study of magnetic-field-induced transitions in a two-component
antiferromagnetic system with competing spin anisotropies,
Phys. Rev. B 19, 4741 (1979).

[28] J. Ma, Y. Kamiya, T. Hong, H. B. Cao, G. Ehlers, W. Tian, C. D.
Batista, Z. L. Dun, H. D. Zhou, and M. Matsuda, Static and
Dynamical Properties of the Spin-1/2 Equilateral Triangular-
Lattice Antiferromagnet Ba3CoSb2O9, Phys. Rev. Lett. 116,
087201 (2016).

[29] Y. Kamiya, L. Ge, T. Hong, Y. Qiu, D. Quintero-Castro, Z.
Lu, H. Cao, M. Matsuda, E. Choi, C. Batista, M. Mourigal, H.
Zhou, and J. Ma, The nature of spin excitations in the one-third
magnetization plateau phase of Ba3CoSb2O9, Nat. Commun. 9,
1 (2018).

[30] M. D. Bird, I. Dixon, and J. Toth, Large, high-field magnet
projects at the NHMFL, IEEE Trans. Appl. Supercond. 25, 1
(2015).

[31] M. Elliot, P. A. McClarty, D. Prabhakaran, R. D. Johnson, H.
Walker, P. Manuel, and R. Coldea, Visualization of isospin mo-
mentum texture of dirac magnons and excitons in a honeycomb
quantum magnet, arXiv:2007.04199.

[32] S. Hu, W. Zhu, S. Eggert, and Y.-C. He, Dirac Spin Liquid
on the Spin-1/2 Triangular Heisenberg Antiferromagnet, Phys.
Rev. Lett. 123, 207203 (2019).

[33] M. Kenzelmann, G. Lawes, A. B. Harris, G. Gasparovic, C.
Broholm, A. P. Ramirez, G. A. Jorge, M. Jaime, S. Park, Q.
Huang, A. Y. Shapiro, and L. A. Demianets, Direct Transition
from a Disordered to a Multiferroic Phase on a Triangular
Lattice, Phys. Rev. Lett. 98, 267205 (2007).

[34] L. E. Svistov, A. I. Smirnov, L. A. Prozorova, O. A. Petrenko,
A. Micheler, N. Büttgen, A. Y. Shapiro, and L. N. Demianets,
Magnetic phase diagram, critical behavior, and two-
dimensional to three-dimensional crossover in the triangular
lattice antiferromagnet RbFe(MoO4)2, Phys. Rev. B 74, 024412
(2006).

184425-9

https://doi.org/10.1139/p97-007
https://doi.org/10.1088/0034-4885/78/5/052502
https://doi.org/10.1103/PhysRevLett.108.057205
https://doi.org/10.1103/PhysRevLett.110.267201
https://doi.org/10.1103/PhysRevB.94.214408
https://doi.org/10.1134/1.558123
https://doi.org/10.1103/PhysRevB.87.165123
https://doi.org/10.1103/PhysRevLett.113.087204
https://doi.org/10.1103/PhysRevLett.112.127203
https://doi.org/10.1103/PhysRevB.91.024410
https://doi.org/10.1103/PhysRevLett.114.027201
https://doi.org/10.1103/PhysRevB.100.094436
https://doi.org/10.1016/S0921-4526(02)02303-7
https://doi.org/10.1088/1742-6596/568/3/032008
https://doi.org/10.1063/1.1310341
https://doi.org/10.1038/ncomms10569
https://doi.org/10.1038/s41467-020-18041-3
https://doi.org/10.1103/PhysRevLett.109.267206
https://doi.org/10.1007/BF00655458
https://doi.org/10.1103/PhysRevB.11.478
https://doi.org/10.1103/PhysRevB.1.3083
https://doi.org/10.1103/PhysRevLett.38.909
https://doi.org/10.1103/PhysRevB.19.4741
https://doi.org/10.1103/PhysRevLett.116.087201
https://doi.org/10.1038/s41467-017-02088-w
https://doi.org/10.1109/TASC.2014.2367470
http://arxiv.org/abs/arXiv:2007.04199
https://doi.org/10.1103/PhysRevLett.123.207203
https://doi.org/10.1103/PhysRevLett.98.267205
https://doi.org/10.1103/PhysRevB.74.024412


N. A. FORTUNE et al. PHYSICAL REVIEW B 103, 184425 (2021)

[35] A. I. Smirnov, H. Yashiro, S. Kimura, M. Hagiwara, Y. Narumi,
K. Kindo, A. Kikkawa, K. Katsumata, A. Y. Shapiro, and L. N.
Demianets, Triangular lattice antiferromagnet RbFe(MoO4)2 in
high magnetic fields, Phys. Rev. B 75, 134412 (2007).

[36] A. I. Smirnov, T. A. Soldatov, O. A. Petrenko, A. Takata, T.
Kida, M. Hagiwara, A. Y. Shapiro, and M. E. Zhitomirsky,
Order by Quenched Disorder in the Model Triangular Antifer-
romagnet RbFe(MoO4)2, Phys. Rev. Lett. 119, 047204 (2017).

184425-10

https://doi.org/10.1103/PhysRevB.75.134412
https://doi.org/10.1103/PhysRevLett.119.047204

	Evolution of magnetic field induced ordering in the layered quantum Heisenberg triangular-lattice antiferromagnet Ba3 CoSb2 O9
	Recommended Citation
	Authors

	Evolution of magnetic field induced ordering in the layered quantum Heisenberg triangular-lattice antiferromagnet ${\rm Ba}_3{\rm CoSb}_2{\rm O}_9$

