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Production of axionlike particles from photon conversions
in large-scale solar magnetic fields
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The Sun is a well-studied astrophysical source of axionlike particles (ALPs), produced mainly through
the Primakoff process. Moreover, in the Sun there exist large-scale magnetic fields that catalyze an
additional ALP production via a coherent conversion of thermal photons. We study this contribution to the
solar ALP emissivity, typically neglected in previous investigations. Furthermore, we discuss additional
bounds on the ALP-photon coupling from energy-loss arguments, and the detection perspectives of this
new ALP flux at future helioscope and dark matter experiments.

DOI: 10.1103/PhysRevD.102.123024

I. INTRODUCTION

Axionlike particles (ALPs) are ultralight pseudoscalar
bosons a with a two-photon vertex ayy, predicted by several
extensions of the Standard Model (see [1,2] for compre-
hensive reviews). The two-photon coupling allows the
conversion of ALPs into photons, a <> ¥, in external electric
or magnetic fields. In stars, this leads to the Primakoff
process, which induces the production of low mass ALPs in
the microscopic electric fields of nuclei and electrons. An
ALP flux would then cause a novel source of energy loss
in stars, altering their evolution. In this context, the stron-
gest bound comes from helium-burning stars in globular
clusters, giving g,, < 6.6 x 107" GeV~! for m, <1 keV
[3]. Another interesting possibility is the conversion in a
macroscopic field, usually a large-scale magnetic field. In
this case, the momentum transfer is small, the interaction is
coherent over a large distance, and the conversion is best
viewed as an axion-photon oscillation phenomenon in
analogy to neutrino flavor oscillations. This effect is
exploited to search for generic ALPs in light-shining-
through-the-wall experiments (see, e.g., the ALPS [4] and
OSQAR [5] experiments), for solar ALPs (see, e.g., the
CAST experiment [6,7]) and for ALP dark matter [8] in
microwave cavity experiments (e.g., the ADMX experiment
[9]). In particular, the solar ALP search in a helioscope, like
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CAST, exploits the production of an ALP flux with E ~
O(few) keV via Primakoff process in the Sun core and its
backconversion into X rays in the large-scale magnetic field
of the detector. The absence of an ALP signal allows one
to get the best experimental bound on the photon-ALP
coupling, g,, < 6.6 x 107" GeV~! for m, <0.02 eV [10],
comparable with the one placed from helium-burning stars.

The Sun can be a source of intense magnetic fields that
can be relevant for ALP conversions. Notably, in [11] it was
studied the possibility to trigger ALP conversions in X rays
in the intense magnetic fields of the sunspots on the Sun
surface. Observations of the Soft X-rays Telescope (SXT)
on the Yohkoh satellites allows us to obtain bounds on
Gay S O(1071%) GeV~!. Presumably, this bound can be
strengthened with a dedicated Sun observation by the
current NuStar satellite experiment [12]. Furthermore, even
though in the Standard Solar Models (SSMs) [13,14] the
Sun is assumed as a quasistatic environment, seismic solar
models have been developed including large-scale mag-
netic fields in different regions of the solar interior [15,16].
The presence of these B fields may trigger conversions of
the thermal photons into ALPs, creating an additional ALP
flux besides the one produced by the Primakoff conver-
sions. Some preliminary characterization of this flux has
been presented in talks [17,18]. However, a detailed
calculation is still lacking in the literature. Only recently
there appear dedicated studies of the ALP flux produced
in the solar interior via conversions in the B fields of
longitudinal plasmons [19,20] (see also [21-23]). Our work
complements these results by taking into account the
conversions into ALPs for transverse, as well as longi-
tudinal photon modes in the solar plasma.

Published by the American Physical Society
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The plan of our paper is as follows. In Sec. II we describe
the model of the solar B fields we will use to characterize the
photon conversions into ALPs. In Sec. III we revise the
conversions of photon into ALPs for longitudinal and
transverse modes. In Sec. IV we solve the ALP-photon
kinetic equations in order to compute the ALP production
rate, taking into account the photon absorption in the solar
plasma. In Sec. V we calculate the solar ALP fluxes from
magnetic conversions. In Sec. VI we present a new bound on
the ALP-photon coupling g,, from energy-loss argument
associated with ALPs emitted from photon conversions in B
fields. In Sec. VII we discuss the detection perspectives for
these fluxes. Finally, in Sec. VIII we summarize our results
and we conclude. Then follows Appendix A, where we give
details of the calculation of conversion probabilities into
ALPs for transverse and longitudinal photons; Appendix B,
where we describe the solution of the ALP-photon kinetic
equations; and Appendix C, where we present the thermal
field theory approach. We show that the kinetic and the
thermal field theory approach lead to the same ALP
production rates.

II. SOLAR MAGNETIC FIELDS

The magnetic field of the Sun is most important in three
different regions, the radiative zone (r <0.7Rg), the
exterior (convective) zone (r 2 0.9R), and the intermedi-
ate region between these two, called the tachocline
(r ~0.7R). Here, we are using the standard notation R, =
6.9598 x 10'° c¢m for the solar radius [14]. In our work for
simplicity we assume spherical symmetry for the solar
magnetic field, described by a radial profile B(r) (see the
seismic model in [24] for a toroidal magnetic field).

The radiative zone (for r < ry = 0.712R,) is character-
ized by the following profile [25]

-5 (Y- (e o

where K, = (1 +2)(1 +1/2)*, with 1 =1+ 10ry/Ry,
and 1 x 107 G < B,,q <3 x 107 G. This range was deter-
mined by Couvidat et al. [16]. They used the precision on
solar sound speed and density to rule out fields with
intensity B, ~ 10* T and arguments on the solar oblateness
to set the upper value.

The field profile in the tachocline is simulated as

B(r):Bm[1—<r_dr0>2}, for |r—ro| <d. (2)

where ry = 0.712R, is the center of the zone and d is its
half-width. As benchmark parameters in the tachocline we
set d = 0.02R, while 3x10°G<B,, =B, S5x10°G.
These bounds were set by Antia et al. by the observation
of the splittings of solar oscillation frequencies [26].
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FIG. 1. Profile of solar magnetic field B(r) as a function of the
normalized radius r/Rg. In each region we take the following
ranges: Bpq € [1,3] x 107 G [16], By € [3,5] x 10° G [26],
and By, € [2,3] x 10* G [26].

Similarly, the field profile in the upper layers is simu-
lated as in Eq. (2), with ry = 0.96R, d = 0.035R,, and
2 x 10* G < B, = B.opy <3 x 10* G. These bounds were
also set in Ref. [26], from an analysis of the Global
Oscillation Network Group. The radial profile of the solar
magnetic field described above is shown in Fig. 1.

III. PHOTON-ALP CONVERSIONS IN THE SUN

A. Photon dispersion in a plasma

The dispersion relation of a photon in a plasma has the
form [27]

a)2 - k2 = 7TT,L<CU, k>, (3)

where @ and k are the photon frequency and wave number
and 77 (o, k) are the projection of the photon polarization
tensor for the transverse (T) and longitudinal (L) modes,
respectively. In particular, for the energies we are interested
in, the dispersion relation for transverse photons (TP)
becomes [27]

w’ — kK~ o}, (4)

where

[4ran, /| n, _
a)p = Te =131 x 1018 WROI’ (5)

is the plasma frequency, with n, the electron density, the
numerical expression referring to typical solar conditions,
in units of the solar radius R.

Instead, the longitudinal mode, the so-called longitudinal
plasmon (LP), has a dispersion relation [27]

@) =)o
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where p is the equilibrium pressure. In the typical con-
ditions of the solar plasma, the second term on the right-
hand side is negligible. Therefore, in the Sun the dispersion
relation for LP reduces to

w’ X w;. (7)

We now discuss how TP and LP mix with ALPs in a
plasma. The derivation of the equations of motion for such
a system is given in Appendix A.

B. Transverse photons

The ALP-photon interaction Lagrangian is given by [28]

1 -
L= _ZgayaF;wFlw’ (8)

where a is the ALP field, g,, is the ALP-photon coupling,
F,, is the electromagnetic field tensor, and F,, =
1/2€,,,,F"° its dual. Equation (8) is responsible for the
mixing among ALP and photons.

Transverse photons mix with ALPs only through an
external transverse magnetic field B, = B;. We denote

with A; and A the components of the vector potential A
perpendicular and parallel to By, respectively. Assuming a
uniform magnetic field we can reduce the general 3 x 3
mixing problem into a 2 x 2 system involving only A and
a, described by a Schrodinger-like equation [28,29]

o)) o

where the Hamiltonian for the transverse modes reads (up
to an overall phase diagonal term)

HT _ < w%/zw gayBT/z) ' (10)

guyBT/z mz/Za)

The TP-ALP conversion probability after traveling a
distance z in a uniform magnetic field By is given by [28]

,sin*(A%.z/2)

Plrr =) = Bod =5

(11)
where we have introduced

Ag)/ = guyBT/2»

Al = (40T + (8, - A, (12)

In solar units,
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FIG. 2. Radial behavior of the parameters for TP-ALP con-
versions [Eq. (13)] as a function of r/R.
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m2 m 2/ w \!
A, =—"2~_176x 10" —) [— ] RZ.
«= 77 x <10 eV) <keV> °

(13)

T
Ag,

The radial behavior of these quantities in the Sun is
shown in Fig. 2. The plasma frequency has been charac-
terized taking as reference the Solar Model AGSS09 [14],
which we will use as benchmark for our estimations. For
the solar B fields we used the model of Sec. II.

Remarkably, the TP-ALP conversion probability exhibits
aresonant behavior. Indeed, it is easy to see from Eq. (11)—
(12) that the probability is maximal when A, = A, i.e.,
when m} = @;. In this situation the ALP dispersion
relation (dot-dashed curve in Fig. 3) matches the one of
the TP (continuous curve). From Fig. 2, one realizes that
the resonance occurs in the radiative zone at r ~0.3Rg
for m, ~ 100 eV. Instead, the resonance in the tachocline
occurs at r ~0.7Rg for m, ~ 10 eV. In the following we
will take these values of ALP mass as benchmark for the
calculation of resonant ALP production. In principle, we
may have also a resonant conversion in the convective zone
at r ~0.9R, for m, ~1 eV. However, due to the lower
local temperature and to the smaller magnetic field the
resultant ALP flux would be smaller than the previous ones
and we will neglect it hereafter.

Finally, we need to take into account that thermal
photons are continuously emitted and reabsorbed in the
Sun. This process is characterized by the transverse photon
absorption coefficient rate I ', defined as the inverse of the
photon mean free path 4,,s,. An explicit calculation of this
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rate is presented in [30]. We take its numerical values,
shown in Fig. 2, from [31]. One realizes that the photon
absorption coefficient I'y,, in the solar plasma is not
negligible with respect to the other oscillation parameters.
Rather, it is always larger than A;. Therefore, it needs to be
included in the treatment of the problem. We will account
for this effect using a kinetic approach which includes
simultaneously photon conversion and absorption in order
to characterize the ALP emission rate, as we will show
in Sec. IV.

Here we limit ourselves to a simple estimation of the
conversion probability P(y; — a). First, we consider the
resonant case and we assume that the distance traveled by
the photon in the B field is equal to its mean free path
Amtp = U since for larger distances the photon scatter-
ings break the coherence of the oscillations. For the photon
transverse modes the resonance occurs when m?2 = co%,
thus A%, = Al <« Ty, as we see from Fig. 2. Therefore in

Eq. (11) we have that sin?(AL ;1) /(AL T5L)? ~ 1. Then

abs

the TP-ALP conversion probability reads

B,
P(yr »a)= (97“7 2T “bb> ~ 5.34 x 10722

« gay 2 BT 2
5x 107" Gev™') \3x10° G
r bl 2
___abs . 14
x (0.4 cm> (14)

Next, we consider the off-resonance conversion probability.
For the photon transverse modes, when the resonance
condition does not apply we can take m, ~0, so that
Al ~ A,. From Fig. 2, we see that A, > Iy, thus in
Eq. (11) we can approximate sin (Agbcl"abs) ~1/2, since
there are many photon oscillations within a mean free path
'L and we can just consider the average of the oscillatory
term. In this case the TP-ALP conversion probability
becomes

1 (ayBr/2\2
P(yr —a)~ <¥) ~2.14 x 10736

gay 2 BT 2
5x 1071 Gev-! 3x10° G

1020 cm™3\ 2/ @ \2
X(TK ) (&) )

Thus, the off-resonance TP-ALP conversion probability is
much smaller than the resonant one. However, the resonant
conversions involve only a small fraction of photons in a
given shell of the Sun. Therefore, a complete calculation of
the ALP flux is necessary to determine which contribution
would dominate.

P

C. Longitudinal photons

Longitudinal plasmons mix with ALPs in a plasma
through an external longitudinal magnetic field. There-
fore, we consider a uniform external magnetic field along
the z direction B, = B Z. If we take  ~ w, ~ w,, we can
linearize the Maxwell’s equations for longltudlnal modes,

obtaining [22]
A A
iaz( L>:HL< L>’ (16)
a a

where A; is the longitudinal plasmon field and a the ALP
field and the Hamiltonian of the system is

w0 Aé?). (17)

L
Aay @y

Then, the LP-ALP conversion probability is [23]

sin?(AL,.z/2)
Py, — a) = (A5y1)2m7 (18)
with
B
AL = g“yz L (19)
AL = \/AAL? + (0, — )%, (20)
0SC p

where the numerical value of Aéy can be calculated as
for A;, in Eq. (13). The LP-ALP conversion presents a

4

W =wp?+k? //
Z
—_ — — W=w, -
3 ? -
............. w=k //
2_42_ 2 .
0 | — - w'-k=mj T
32 -
3 L~
— —= — — — — — — — —
/'
0= 1 2 3 4
klw,
FIG. 3. Dispersion relation for an ALP with mass m, (dot-

dashed curve). The ALP mass was assumed large enough to
distinguish the dispersion relation from that of an ordinary photon
(dotted curve). The ALP dispersion crosses the one of the LP
(dashed curve) for @ = w,,, where the resonance occurs. For TP,
the only possibility of crossing between the ALP dispersion
relation and the transverse photon one (continuous curve)

is mj = w;.

123024-4



PRODUCTION OF AXIONLIKE PARTICLES FROM PHOTON ...

PHYS. REV. D 102, 123024 (2020)

resonance for @ = w,, when the ALP dispersion relation
(dot-dashed curve) crosses the LP one (dashed curve), as
shown in Fig. 3.

Concerning the LP absorption, in [30] it has been shown
that for these modes one finds the same expression as
for the TP absorption rate. Therefore, also in this case
Taps > Aéy. Concerning the resonant conversion probabil-
ity, one finds the same numerical expression of Eq. (14) for
the TP.

IV. ALP PRODUCTION RATE

As we have seen in the previous Section, the photon
absorption rate I, in the Sun is not negligible with respect
to the others oscillation parameters. Thus, TP-ALP and
LP-ALP oscillations are interrupted by collisions and
we have to face the problem of treating simultaneously
oscillations and collisions. A suitable formalism is pro-
vided by the kinetic approach developed for relativistic
mixed neutrinos in the presence of collisions [32]. This
formalism has been applied to different mixing problems,
such as the mixing of photons with hidden photons in the
Sun [30], which we closely follow in our derivation. Details
are given in Appendix B. In Appendix C, we show that
this approach is equivalent to the thermal field theory
formalism.

To begin, we present a completely general formalism,
starting from two bosonic fields A and S, which evolve
according to the linearized equation of motion

o(0)-(2 200 e

where w, is the energy associated with the field A, wg the
one associated with the field S, and y is a mixing term that
we assume to be small with respect to the diagonal terms.
The Hamiltonian in Eq. (21) can be written as

1
H:(wA ;4>:L+w51+<§Aw 1” )
(22)

where Aw = w, — wg. For such a system, we can define
the oscillation frequency

A = \/ 4% + Ac?. (23)

We consider the case in which collisions occur for the A
quanta (i.e., the photons in our case). We assume that the
field A interacts with the medium, namely with the solar
plasma, which can absorb a quantum with rate I',,, and
produce one with rate I',q. The equations of motion for
such a system, described by the density matrix p, are the
Liouville equations [32]

. . 1 1
P = _Z[va} +§{Gprodvl +ﬂ} _E{Gabsvp}» (24)

where

I 0 I 0
prod abs
GProd = ( 0 0 ) , Gaps = < 0 0 ) . (25)

We remind the reader that the diagonal components of
the density matrix contain the occupation numbers of A and
S quanta, while the off-diagonal components take into
account the coherence between these two states. Note that
in Eq. (24) the commutator on right-hand side describes
the dynamical evolution of the system while the anticom-
mutators correspond to the collisional terms. In thermal
equilibrium I'yoq = e7@W/TT¢ and the S type particles
are not excited, while we assume that the A type particles
obey the Bose-Einstein statistics fgp = (e?®)/T —1)71,
where w(k) is the photon energy. A nonequilibrium
situation is described with a small deviation Jp from the
thermal equilibrium state p. In this limit one finds a steady
state solution for the S quanta production rate

T2 1
((UA _ (US)2 + F2/4 e?)/T _ 1’

prod __ .
FS =ng =

(26)

with T' = (1 — e~/ T)Cyps» i.€., the total collisional rate.
For simplicity of notation we will denote w(k)= w,
implying its dependence on the photon moment k. From
Eq. (26) we obtain that the A —S mixing process is
resonant; i.e., it is maximal for w4 = wg. The result in
Eq. (26) is completely general and it is valid both at
the resonance and off resonance, since it was obtained
under the only assumption that the mixing term g is small
relatively to the diagonal terms ~Aw. This condition
always applies in the solar plasma, for both TP and LP.
Thus, we can adopt Eq. (26) to describe the TP-ALP and
LP-ALP conversion rates.

A. Photon transverse modes

The Hamiltonian for TP-ALP system in Eq. (10) can be
written (up to a term proportional to the identity matrix) as

in Eq. (22)
q/2 A,
= 2
HT ( AZ;}' _Q/z ) ’ ( 7)

where here ¢ = (wp — mj)/2w. Thus, with the substitu-

tions u — A,, and Aw — ¢, from Eq. (26) we obtain the
TP-ALP conversion rate

(28)

Fgrod _ |: FAZyz :| 1
e

(Ap — A)? +T2/4) /T - 1"
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The expression in Eq. (28) is valid both on resonance and
off resonance and we will use it to estimate the ALP flux
expected at Earth arising from these conversion processes.

B. Photon longitudinal modes

The Hamiltonian for LP-ALP system in Eq. (17) can be
written as in Eq. (22)

. _(A/2a) AL, ) (29)
k AL —A2w)

where in this case Aw =w,—w,. If we insert this
expression of Aw and we replace y — Agy in Eq. (26)
we obtain the LP-ALP conversion rate

(30)

Iﬁgrod _ |: FA%}/Z :| 1
e

(0 — w0, +T2/4] T =1
Contrarily to the photon transverse modes, the expression
in Eq. (30) is valid only on resonance, since it is based
on the evolution of on shell LPs; i.e., it is obtained
assuming that  ~ w, ~ @, and it is not applicable for @
very far from @,. On the other side, a general result free of
these limitations has been recently obtained in [19,20] from
a thermal field theory calculation (cf. Appendix C). We
checked that on resonance this latter result [see Eq. (C16)]
agrees with our previous one.

V. SOLAR ALP FLUXES
The solar ALP flux on Earth is given by [33]

K oo

where Dy = 1.49 x 10'! m is the Earth-Sun distance, prod
is the ALP production rate expressed by Eq. (26), the factor
g is the number of the photon polarization states (g = 1 for
LP and g = 2 for TP), and the integral is performed over the
photon momenta k and over the solar volume. From
Eq. (31) we recover the differential ALP spectrum expected
at Earth

dN, g
dt  4zD}

do, g

Ro TO
1o = Gr DL /0 drr? / AT (32)
o

where we assumed relativistic states @ =~ k and Qy is the
solid angle around the direction of photon momentum k. In
the following we will perform the radial integral over the
SSM AGSSO09 [14]. We now focus on the estimation of the
ALP flux at Earth from different conversion processes in
the solar magnetic fields for TP and LP modes.

A. Flux from TP-ALP conversions

The TP-ALP conversion process is dominated by the
resonance, where the TP-ALP conversion probability
[Eqg. (11)] is maximal. Due to the extremely peaked nature
of the resonant condition, we can approximate the ALP
production rate [Eq. (28)] with a delta function

2 2
V3 w;—m 1
~=(g,Br)*6| —-2 ) 33
2 (gay T) < 2w ) e“’/T —1 ( )

If we insert the last expression in Eq. (32), we note that the
integration over the solar volume gives

o (34)

res

-1 da)g
= 2| —=
@ dr

dq
/dré(q) ~

To evaluate the above expression, we model the electron
density in the region r < 0.8R, with a simple exponential
form

Ies

n, = nde~"/ke. (35)

The best fitting parameters for the solar model AGSS09 are

R, = Ry/9.89, (36)
n? = 1.11 x 10% cm=. (37)
We thus find
dw?|™! 1 |dlnn,|! 1
) ¢l —=——R. 38
dr res m% dr res mtzl ¢ ( )

Furthermore, we notice that in the case of resonance
Al = Al < Ty (see Fig. 2). Therefore, during the
resonance the photons are continuously rescattered such
that information about their polarization is lost. The photon
trajectories can form any angle with the magnetic field B.
Since the photon trajectories are not straight, this angle is
not correlated with the magnetic field direction and the
photon polarization. Therefore, we have to perform a
local angular average in the resonance shell before per-
forming the integral in d€) of Eq. (32). For a generic
photon polarization, the By strength entering the conver-
sion probability is

Br = |B(z) - €| = |B(z) sin9(z) cos ¢

, (39)

where z is the position vector of the resonance region in a
particular direction Z, € is the photon polarization vector
(& =1, éx 2 =0), 9 is the angle between the magnetic
field B(z) and the photon propagation direction % and ¢ the
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angle between By (the component of the magnetic field
perpendicular to z) and €. We define

Q 1
(B%) = |B|2/‘2’—‘£‘2—;sm219cos2¢ =3[BI*. (40)
Therefore, in Eq. (33) we should substitute B2 — (B%.) =
B|>/3.

Finally, the ALP flux spectrum from resonant conver-
sions in the solar magnetic field is obtained inserting
Egs. (34)—(40) into Eq. (32), obtaining

dq)a,T _ 1 guy|B(rres)| 21’2 R 0)3 (41)
dw o 37D2 m resite o 1 s
0] a € 1res

where r is the position in the Sun where the resonance
condition occurs for the fixed value of m, and T, is the
temperature at the same position.

Let us first consider the ALP spectrum for the resonance
in the tachocline at r ~0.7R,, where m, ~ 10 eV and
B ~3x10° G, where the homogeneous B field has its
peak, as shown in Fig. 1. An analytic approximation to the
solar ALP spectrum is provided by a fit with the three-
parameter function [33]

dq)af W\ _(gt1)e
dw - 9%0C<w_0> e )wo’ (42)

where C is a normalization constant, the energy @ is
expressed in keV, and w, is an energy scale with the
property @, = (w). Numerical values of C, @ and w, are
shown in Table L.

We can obtain the total ALP flux ®,; from resonant
conversions in the solar magnetic fields expected at Earth
by integrating Eq. (41) [or equivalently Eq. (42)] over the
energies w. Using Eq. (42) and the fit parameters in Table I
we obtain the following flux quantities for m, = 10 eV

@, =248 x 1003, cm™2s71, (43)
(@) = 0.6 keV, (44)
Loy =151x1075¢, Lo, (45)

where L,, 7 is the ALP luminosity, L, =3.8418 x 10°* ergs~!
is the Sun luminosity and g,o = g,,/107'% GeV~".

TABLE 1. Parameters of the solar ALP spectrum for different
values of m,.

my (eV) C wq (keV) a
10 9.4 x 10" 0.61 2.46
130 1.36 x 10" 2.80 2.47
0 8.3 x 1010 3.15 3.16

We now focus on the resonant production at r ~ 0.25R,
i.e., the one with m, = 130 eV. Here we present results
obtained assuming B = 3 x 107 G. We find the following
flux quantities

@, ;= 1.63 x 1042, cm2s ' keV™!,  (46)
(@) = 2.76 keV, (47)
Lor =024 Lo. (48)

Finally, if we are far from resonance we can assume
m, ~ 0. In this case Al & A, > Ty, as shown in Fig. 2.
Thus, the rate in Eq. (28) reduces to

AL? 1
(03/20)% /T — 1"

P00 o Ty (1= e7/T) (49)

If we insert Eq. (49) in Eq. (32) and we integrate over the
solar profile, then we obtain the ALP flux spectrum at Earth
from off-resonant production. In this case the direction 9
between the field B and the photon direction of propagation
does not change during the conversions, since many
oscillations occur into a single photon mean free path.
However, the azimuthal angle ¢ between the transverse
field By and the photon polarization € would change. Thus,
we perform an average over ¢ before the integral over d€
in Eq. (32), i.e.,

2z d 4
/ko/ 2—¢|B|2sin28(x)cos2¢:ﬂ—|B|2. (50)
0 T 3

The dominant contribution for the off-resonant flux
comes from the radiative zone, since here the B-field
amplitude reaches the highest value. Taking the peak value
B =3 x 107 G we find the following flux quantities for
nonresonant ALP spectrum flux

@, =52x10%¢3, em™2s7!, (51)
(@) = 3.15 keV, (52)
Lo =192x1078¢3Lo. (53)

We report in Table I the fitting parameters of the energy
spectrum of Eq. (42) for the three cases we considered.
In Fig. 4, we compare the fluxes from TP-ALP conversions
in solar magnetic fields. As expected, we see that the non-
resonant contribution is always subdominant with respect
to the resonant ones. The band width in each flux con-
tributions represents the uncertainty coming from the
magnetic field models, as shown in Fig. 1.
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FIG. 4. Comparison between the fluxes from TP-ALP con-
versions in solar magnetic fields for resonant conversions in the
tachocline for m, = 10 eV (continuous curve), in the radiative
zone for m, = 130 eV (dashed curve) and non-resonant case
for m, = 0 (dotted curve). The bands width reflects the un-
certainty related to the B-field models (see Fig. 1). The largest
contribution is given by the resonant production. We assume
Gay =5 X 10~ GeV-L.

B. Flux from LP-ALP conversions

The ALP production rate for LP-ALP conversions in the
solar magnetic fields is given in Eq. (30). Since the largest
contribution arises from conversions in the radiative zone,
we will present results just for the largest value of the B
field in this region, i.e., B = 3 x 107 G. Also in the case of
LP-ALP conversions the process is extremely peaked
around the resonance, thus we can approximate T*"0 with
a delta function

70 ~ 22AL 25(w, — w,) (54)

et —1°

In the case of LP there is just one projection of the magnetic
field which is longitudinal to the photon propagation
direction, i.e., B; = |B cosd|. Then, in the resonant shell
we should average

(B1) = [ B0 s =SB (59

If we insert this expression in Eq. (32) we obtain the ALP
flux from LP-ALP conversion in the Sun

dq)a.L _ 1 l"2 wzgzz;/'B(rres)'z 1
do  12zD%3 ™ T —1  |&/(rps)

. (56)

where r is the position in the Sun where the resonance
@ = w,, oceurs, |0 (rys)| = |dw,/dr| computed at r = r,
and we have denoted with w ~¥ w, ~ w, the ALP and
photon energies. The result in Eq. (56) agrees with the one
recently obtained in Ref. [20]. Using Eq. (38), the deriva-
tive in Eq. (56) can be expressed as

T T

[¢)]

LP resonant flux

N w H

@, (x 10" cm™? s 'keV™")

-

0.0 0.1 0.2 0.3 0.4
w (keV)

FIG. 5. ALP flux expected at Earth from LP-ALP conversions
in the solar magnetic field of the radiative zone (B = 3 x 107 G).
The flux was computed assuming g,, =5 x 107! GeV~'.

_ 2R (57)

res a)p

dey |
dr

Adopting the SSM AGSS09 [14] to compute the plasma
frequencies we obtain the ALP flux spectrum shown in
Fig. 5. The flux shows a peak at @ ~ 0.12 keV. The flux
quantities are found to be

®,; =218 x 10103, cm™2s7, (58)
(@) = 0.13 keV, (59)
L, =334x 1075 L (60)

VI. ENERGY-LOSS BOUNDS

We now discuss the phenomenological consequences of
these solar ALP fluxes. We start considering the possibility
to place a new bound on ALP-photon coupling g,, based on
the ALP emissivity from photon conversions in B fields.
On the basis of the energy-loss argument one can set a
bound on the coupling g,, imposing the condition [34]

L, <0.03L, (61)

which is obtained from the combination of helioseismology
(sound speed, surface helium and convective radius) and
solar neutrino observations. Assuming the usual ALP
emission by Primakoff process, whose estimated luminos-
ity is L, = 1.8 x 1073¢2 L, [33], the quoted bound is
Gay S4.1 %1079 GeV~'. Now we consider the case of
the ALP flux from resonant conversions for masses
m, ~ O(100) eV. Using the luminosity associated with
this flux we can set the upper limit on g,, as shown in
Fig. 6 where the blue region is the excluded one in the
parameter space (m,.g,,) by resonant processes in the
radiative zone of the Sun assuming a field with amplitude
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FIG. 6. The blue region is the excluded one in the parameter
space (m,, gay) by resonant processes in the radiative zone of the
Sun assuming a field with amplitude B, =3 x 10’ G. The
orange region is the excluded one by the same process, assuming
a field with amplitude B,,q = 1 x 107 G. The horizontal black
lines represent the bound set by the helium burning stars and by
Primakoff ALP emission in the Sun.

B.,q = 3 x 107 G. The orange region is the excluded one
by the same process, assuming a field with amplitude
Ba = 1 x 107 G. In particular,

Gy S (3.8—11.2) x 107" GeV~!,
for 100 eV <m, < 140 eV. (62)

This new bound is even more stringent than the constraint
derived from Helium burning stars in GCs, g,, < 6.6 x
10~'"" GeV~! [3]. For ALP masses outside the previous
range, the bound worsens, as shown in Fig. 6. For instance,
for m, ~ 30 eV we obtain a limit comparable with the one
from the Primakoff process. For conversions of TP in the
case of m, ~10 eV and m, = 0 and for the LP conver-
sions, the associated ALP luminosity is much smaller than
the Primakoff one, as results from Egs. (45) and (60),
respectively. Therefore, the contribution to the energy loss
is subleading with respect to the Primakoff process.

VII. DETECTION PERSPECTIVES

In order to assess the possibility to detect the solar ALP
fluxes from conversions in B fields we show in Fig. 7 the
different ALP fluxes from conversions in B fields and
we compare them with the Primakoff flux (dotted curve,
see, e.g., [35] for a recent calculation), which represents
a benchmark for experimental searches on solar ALPs.
Starting from the ALP flux from TP conversions, we see
that for m, ~ 10 eV the ALP flux (continuous curve) is
peaked at energies below the CAST threshold [33]
(w < 2 keV), shown as vertical line in the figure. There
are plans to lower the threshold in the sub-keV region in
the future helioscope IAXO [36]. However, masses larger
than m, ~ 1 eV are not accessible even to this experiment.
For these large masses, the coherence of ALP-photon

=10 eV 4
1000 + ma=10¢ — ~ E
— — — m,=130eV - \
— —— my=0 4 —~
100 ¢ e s A 3
[ S Primakoff
E rimako / s \ \
“ ol P 7 v ]
[?E s \\
o
R ;
<
0.10 + 3
0.01 3

0.001 0.010 0.100 1 10
w (keV)

FIG. 7. Contributions from all ALP fluxes from the Sun. The
dotted line represents the Primakoff flux. The continuous and the
short-dashed blue lines are the flux from the resonant conversion
in the solar magnetic fields for an axion mass m, = 10 eV (in the
tachocline) and m, = 130 eV (in the radiative zone), respec-
tively. The long-dashed curve represents the ALP flux from non-
resonant conversions of TP modes. The dot-dashed line is the flux
from the LP-ALP conversions. The vertical line is the CAST
energy threshold. The bands width represents the uncertainty
associated with the magnetic field model, as shown in Fig. 1.

conversions in the magnetic field of the helioscopes is lost
and consequently the sensitivity is rapidly reduced. In
principle, there are ideas for a new class of helioscopes, like
the proposed axion modulation helioscope experiment,
which could be sensitive to ALPs with masses from a
few meV to several eV, thanks to the use of a time
projection chamber [37]. Studies for low mass weakly-
interacting massive particles (WIMPS) are already being
carried out by the TREX-DM experiment [38,39], which is
taking data at the Canfranc Underground Laboratory [40].
The project aims at demonstrating the feasibility to reach
low backgrounds at low energy thresholds for dark matter
searches, which require similar detection conditions as
for ALPs.

Concerning the ALP flux coming from resonant TP-ALP
conversions in the radiative zone of the Sun, corresponding
to an axion mass m, ~ 130 eV (short-dashed curve), the
flux is expected to be much larger than the Primakoff one
above the CAST threshold. However, CAST cannot detect
it due to the loss of coherence of ALP-photon conversions
in the detector. In principle, ALPs with mass m, ~ 100 eV
could be detected with a dark matter detector like the
Cryogenic Underground Observatory for Rare Events
(CUORE), which exploits the inverse Bragg-Primakoff
effect to detect solar axions [41]. CUORE is expected to
cover a mass range m, < 100 eV. Notice, that for m, >
10 eV there are some cosmological constraints to be taken
into account. Indeed, the ionization of primordial hydrogen
(x;on) from ALPs decaying into photons sets the bound
Gy <5 x 10713 GeV~! for m, ~ 10% eV [42]. However, in
cosmological models with low-reheating temperature these
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bounds can be easily evaded (see, e.g., [43] for a dis-
cussion). On the contrary, our ALP signal from the Sun is
not affected by the cosmological model. Therefore, its
possible detection would also point towards a nonstandard
cosmological scenario.

Moving now to the case of the nonresonant conversions
of TP modes (m, = 0, long-dashed curve) we realize that
this contribution can reach a few % of the Primakoff
process in the same energy range. In case of a positive
detection of an ALP flux in a future helioscope, precision
spectral studies in principle might determine it as an excess
with respect to the expected Primakoff flux.

Finally, the case of the ALP flux from LP-ALP con-
versions (dot-dashed curve) has been recently discussed in
Ref. [20]. There, the authors suggest the possibility of
detecting ALPs from LP conversions in the energy range
1072 keV < w < 107! keV through an upgraded version of
IAXO [36]. They forecast to have a sensitivity down to
m, ~ 1072 eV. We address the interested reader to this
interesting and detailed work for further details.

VIII. CONCLUSIONS

We have characterized the ALP production in the large-
scale solar magnetic fields and discussed the perspectives
for their detection in helioscopes and dark matter detectors.
In particular, we have characterized both resonant and non-
resonant conversions of transverse photons, which have not
been taken into account so far. At this regard, we have
considered realistic models for the solar B field in the
radiative zone and in the tachcoline of the Sun. We first
studied the problem from a theoretical point of view, using
a kinetic approach based on the evolution of the density
matrix for the photon-ALP ensemble. With this approach,
we estimated the production rate of ALPs in the Sun and we
used it to estimate the ALP flux expected at Earth. The
expression of the ALP production rate obtained in this way
is completely general and has been specialized to study
ALPs production from both LP and TP conversions.

In the case of the ALP flux from LP-ALP conversions,
we reproduce the result recently obtained in [19], using the
thermal quantum field theory approach. This flux results
peaked at E ~ 100 eV, and might be detectable with an
upgraded version of IAXO [20]. The ALP flux from TP
conversions, for ALPs with mass m, ~ 10 eV, associated
to resonant conversions in the tachochline, is found to be
peaked below the CAST threshold. A dedicate investiga-
tion is necessary to assess the experimental possibility to
detect such a low-energy flux. Conversely, the ALP flux
arising from transverse photon-ALP conversions for ALPs
with mass m, ~ 100 eV in the radiative zone, is dominant
above the CAST threshold and it is larger that the Primakoff
one. In principle, this flux might be detected using the dark
matter detector CUORE. Furthermore, this ALP flux allows
us to improve the bound on g, from energy-loss in the Sun,
even exceeding the bound from helium-burning stars in

globular clusters. The ALP flux from nonresonant con-
versions of TP modes can reach a few % of the Primakoff
process in the same energy range. Therefore, it might
produce a distortion of this flux, possibly producing
observable signatures in the case of a precise measurement
of the solar ALP spectrum.

In conclusion, our work completes the recent studies of
Ref. [19,20] about the production of ALPs in the solar
magnetic fields via longitudinal plasmons, including also
the analysis of the photon transverse mode. Despite
challenges in measuring this flux, it is intriguing to realize
that the Sun can be the source of additional ALP fluxes
beyond the well-studied one from Primakoff conversions.
A positive measurement of this flux would shed new light
not only on ALPs, but also on the magnetic field in the Sun.
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APPENDIX A: PHOTON-ALP MIXING
IN A PLASMA

Let us now consider an ALP-photon system in a plasma.
We start from the Lagrangian of a photon coupled with the
pseudoscalar field a, i.e., the ALP field

1 1
L= _ZF””FW + 5 (0,a0ta - m2a?)

1 -
-~ Gayal , ,F* + J ,A¥,

] (A1)

where g,, is the axion-photon coupling, J, is the electro-
magnetic current, A* is the vector potential, F,, is the
electromagnetic field tensor, and F ww = 1/2€,,,,F° its
dual. From Eq. (A1) one recovers Maxwell’s equations

O, = + g, F0,a,

1 -
(D + mz)a = _ZgayF;wFlw’

9,Fm = 0.

1. Transverse modes

Transverse modes are characterized by an electric field E
transverse to the photon momentum and a magnetic field B
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transverse to both. We consider a strong external magnetic
field By, such that the total field is B ~ B,. According to
the discussion of Sec. III A the photon dispersion relation
for TP is

* = k* + w;, (A3)
where @, is the plasma frequency. For the purpose of our

discussion we rewrite just three Maxwell’s equations
[Egs. (A2)] in a nonexplicitly covariant form

V-E = Pe — gayBext -Va,
V x Be — atE = _gayBextata +J,

(D + m%l)a = _gayBext : atA’ (A4)
where p = —en, is the electron charge density, A is the
time-varying part of the vector potential for the external
magnetic field and [0 = 9? — V2. Note that we are con-
sidering only the electrons in plasma equations, since we
are assuming that ions provide a uniform background
which does not participate in plasma motion. For the
transverse mode K - B.,; = 0. Thus for clarity of notation
we identify the magnetic field B, = By to denote that it is
a transverse field. Moreover, we make the assumption that
E <« Br. Then, Maxwell’s equations [Eqs. (A4)] become

DA = g,,Brd,a,

(D + m%l)a = _guyBT . al‘A (AS)
We specialize our calculation to a wave of frequency w
propagating in the z direction and we denote with A| and
A| the components of the vector potential A perpendicular
and parallel to By, respectively. Thus the equations of
motion for the TP-ALP system become [28]

A/ ng 0
0 + 02 +20* | ng Ao gy Br/2w
0  9u,Br/20 —-m}/2w*
Al
< | 4 | =0 (A6)
a

where np corresponds to the so-called Faraday effect,
which denotes the possibility of rotation of the plane of
polarization in optically active media with a consequent
mixing of A, and Aj. Moreover

Ay = A, + A,

— CM

.
-2 A7
p 2w (A7)

The terms A?ﬁ describe the Cotton-Mouton effect, i.e., the

birifrangence of fluids in the presence of a transverse
magnetic field. The vacuum Cotton-Mouton effect arises
from QED one-loop corrections to the photon polarization
when an external magnetic field is present. In this case we
define Aggp = |[ATM — ATIjM| and it is defined as

2402 py

This QED correction is found to be negligible with respect
to A, in the case of solar plasma. For transverse modes only
the component A of the vector potential couples to the
ALP. Moreover, if we neglect the Faraday effect (np = 0)
and we assume that the magnetic field is uniform, we can
reduce the general 3 x 3 problem of Eq. (A6) to the 2 x 2
system involving only A and a. In the ultrarelativistic
limit, i.e., for energies @ > m, and @ > @y, We can
linearize Eq. (A6). As a result of linearization we obtain
a linear Schrodinger-like equation [28]

l97( ) ® < a)l,/Za) gayBl/2><A>
) a gayBY /2 Hla/ZCU a
(‘ ‘(’:)

Thus the Hamiltonian for the transverse modes reads (up to
an overall phase diagonal term)

HT _ < a)%,/Za) gayBT/2>.

. (A10)
gayBT/2 ma/zw

Finally, we obtain the TP-ALP conversion probability after
traveling a distance z in a uniform magnetic field By [28]

C AT
B 5 8in*(Aksez/2)
P(yr = a) = (Al,2) m (A11)
where we have introduced
Agy = gayBT/27
w3 —m2\2
AL = \/4A§ﬂ+ ( pzw > : (A12)

2. Longitudinal modes
Longitudinal modes are allowed only in presence of a
medium, that is in our discussion is the solar plasma. The
photon dispersion relation for LP is

2 2

o = ;. (A13)

In this case V - B # 0, thus the plasma equations of motion
and the relevant Maxwell’s equations are [22,23,44]
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on
©LV. - Al4
Ve L9 (n) =0, (A14)
ov e
E—F(V-V)V:Z(E—kva)—mneVp, (A15)
V. (E+g,Ba)=e(n,—nd),  (AlG)
(0 + m2)a = g,,aE - B. (A17)

The goal is now compute the LP-ALP conversion pro-
bability, assuming that no LP absorption exists in the
plasma. In the case of longitudinal modes we have to
combine Egs. (A14) and (A15) with Maxwell’s equations.
We consider a uniform external magnetic field along the
z direction B = B;Z and we consider the plane wave
approximation; i.e., we assume that all the fields vary as
eikx-o1) Moreover, we take into account a small pertur-
bation to the electron number density

n, = nd + én, (A18)

where 10 is the equilibrium value and én < ny. If we
finally take w = w, = @,,, i.e., the photon energy coinci-
dent with the plasma frequency and with the ALP energy,
then we can linearize Maxwell’s equations Eqgs. (A16)—
(A17) for longitudinal modes, obtaining [22]

A B, |2 A
i(‘)z< L):( @y Yars,/ )( L>’ (A19)
ay gayBL/z Wy Ay

where we have introduced the fields on = in,A; and
a = wp,m,ay/ek. Thus the Hamiltonian of the system is

H (w” Agy) (A20)
L Ag}, w, )
The LP-ALP conversion probability is
) AL 2/2)
P = (AL 2M’ A21
(nr @) = (WP TR (A21)
where
B
AL = JaZL (A22)
2
Afe = \/ 4AL2 + (w, — w))*. (A23)

APPENDIX B: KINETIC APPROACH

In order to determine the ALP emission rate in the Sun
due to the conversions of photons in magnetic fields we
closely follow the kinetic approach developed in [30] for

the case of hidden photons. We consider the system
introduced in Sec. IV constituted by two bosonic fields
A and S. We assume that the field A interacts with the
medium, namely with the solar plasma, which can absorb a
quantum with rate Iy, and produce one with rate I'jq.
The kinetic equation for the density matrix p of the A — §
ensemble is given by [32]

. ) 1 1
p = =ilQp] +5{Gpra- 1 +p} = 5{Gus 0}, (BI)
where
I
Q;(“’A ”);L‘“"SH(zAw lﬂ )
(B2)
and
1—‘rod 0
GProd:< IE) 0)?
1—‘abs 0)
Gaps = ‘ . B3
. (O . (B3)

In thermal equilibrium Ipoq = e™/"Typs and the S type
particles are not excited, while we assume that the A
type particles obey the Bose-Finstein statistics fpg =
(e”/T —1)~'. A nonequilibrium situation of Eq. (B1) is
described with a small deviation dp from the thermal
equilibrium state pe, thus

fBE

0
p—peq—i—ép—( 0 O>+5p. (B4)

In Eq. (B1) the collision terms, i.e., the anticommutators,
vanish for pg,, thus the Liouville equation reduces to

p = =il p) (8B5)

1
——{G, ép},

5 1G.dp}
where we have introduced G = diag(I',0), with I' =
(1 — e~/ T\, i.e., the total collisional rate. We can write

dp as

ny

g ng
where n, is the occupation numbers of A quanta, ng the
occupation numbers of § quanta, and g represents the

mixing between the two levels. If we insert Eqs. (B4)—(B6)
into Eq. (B5) we obtain the equations of motion

(B6)

4= —Tny —2ulm(g), (B7)
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fig = 2uIm(g), (B8)

_ 1 :
g= _<§F + lA‘“)g + ip(fpE +na —ng).  (B9)

The mixing p is always small so basically we are never
far from the thermal equilibrium, i.e., fgg > n, and
fBE > ng. In this limit Eq. (B9) reads

. 1 . .
g= —<§F+1Aw>g+ infRE- (B10)

Assuming the initial condition g(0) = 0 the solution of
Eq. (B10) is then

| — e-(idotT/2)

1) = .
9() Aa)—ig WfBE

(B11)

After an initial transient, Eq. (B11) approaches the steady-
state solution

Ao +il)2

_Aeri/2 B12
Joo = Aa? 4 T2/4 (B12)

WS BE-

If we insert this latter in Eq. (B8) we finally obtain the S
quanta production rate

Iu? 1
(wp — w5)> +T2/4 /T — 1"

=g = (B13)

From Eq. (B13) we obtain that the A — S mixing process is
resonant; i.e., it is maximal for w4, = wg. The result in
Eq. (B13) is completely general and it is valid both at the
resonance and off resonance, since it has been obtained on
the only assumption that the mixing term p is small relative
to the diagonal terms ~Aw. This condition always applies
in the solar plasma, both for photon TP and LP modes.

APPENDIX C: THERMAL FIELD
THEORY APPROACH

Here, we show how the equations for the axion pro-
duction rate can also be derived using the thermal field
theory approach proposed in Ref. [45]. In this formalism,
the production rate can be expressed as

ImI1
s (el

l—‘Prod == m ’

where the axion self-energy II, is defined in terms of
the exact axion propagator D, through D;' = (k* +112).
Making use of the axion-photon interaction, L, =
9ay(0,a)A,FLy, it is possible to formally express II, in
terms of the exact photon propagator D():

FUA TV
M, = m? + &, p,p, FLeFLDY) (C2)

where p is the axion momentum. Thus, the problem
reduces to the determination of the photon propagator in
a plasma at finite temperature and in presence of an
external magnetic field. This problem is, in general, quite
difficult (see, e.g., [46]). However, in the present case we
see that the magnetic field corrections to the propagator
are small. In fact, the magnetic field insertions are of the

order of \/eBoy = 7.7B}/* eV, where B, = B/1 T. This
scale is always much lower than the temperature in the
plasma, for the conditions we are interested in. We thus
ignore these corrections and consider the photon propa-
gator expected in an isotropic medium at finite temper-
ature. This case is considerably simpler and is discussed
in several references (see, e.g., Ref. [47] for a pedagogi-
cal introduction).

The photon polarization tensor in and isotropic plasma
can be expressed in a covariant form introducing the plasma
four-velocity u#, which in the plasma frame reduces to

(1,0), and the photon momentum vector K¥, which in the

plasma frame reduces to = (w, 12) Following Ref. [48], we
define the tensor

Tl = My = Uyl (C3)
and the two vectors
K, =K, —ou, (C4)
Go = (Kuy + wk,). (C5)
VK22

Notice that g, — (Va* — k2)~!(|k|.wk) in the plasma
reference frame, and so it represents the unit vector along
the longitudinal direction (see, for example, [49]).l Hence,
we can define the projection operator along the longitudinal
direction as

Q”ﬁ = (kzua + wi{g) (kZuﬂ + Cl)i(/}) (C6)

K22
The orthogonal projector is defined as

K.,k
Pa/} = Nop + Zizﬁ .

(C7)
Notice that P and Q satisfy the properties P> = P, Q* = Q,
and (PQ)y = (QP)% =0.

"The temporal component is chosen in such a way to make it
perpendicular to K, which, because of gauge invariance, is
necessarily an eigenvector of the photon self-energy.
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With these definitions, the exact photon propagator in an
isotropic medium has the form

P(l/} _ Qaﬁ
K2 — 7 K2 -7y

KK
DY) = - +(a-1) K4ﬁ, (C8)

where 7y, are eigenvalues of the photon self-energy
corresponding to the transverse and longitudinal direction,
while «a is the gauge parameter.

We can now proceed to extract the tensorial form of the
axion self-energy from Eq. (C2). First, let us notice that
K = p + q,, where p is the axion momentum and g, =
(0,g,) is the momentum transferred from the magnetic
field. The energies of the axion and of the photon are the
same. Moreover, the axion and photon momenta have
the same direction. Thus, we can calculate the momen-

tum transfer as |7,| = |G, | — |G, = \/@* — m} — /@ —m],.
Since |g,| ~ w, we can assume that p ~ k, in our con-
ditions. With this simplification, the term p,Fiy, which
appears in Eq. (C2), reduces to (—l_é -B,—wB) in the
plasma frame. Thus, we find pﬂﬁ’gftqa = VK?’B; and
pﬂF’;ftpﬂF’gftPaﬂ =w?(B*-B%)=w’B?, where B, ; refer,
respectively, to the direction parallel and perpendicular to
the photon momentum. Thus,

w’B3.
v K2 — T

K’B?
o M =g
a,L gay K2 -y

I, r = g% (C9)

We can now proceed to extract the imaginary parts.
For the transverse mode we find:

ImIl, ; = ¢2,0*B? ! .
@l = Jar™ TT K2 _ Rexy — ilmry

(C10)

In a nonrelativistic plasma, Rer; = a)%,. Moreover, we
should interpret Imz; = —wl'7. So, finally,

I
ImIl, ; = —¢2, B2 T . (cl11
T P G e (Y
and so,
> 2po
gayw BTFT
r,, — . (12
T —apr+ e -y
For the longitudinal mode we find:
1
ImIl, ; = g3,K*B} (C13)

L'K?2 _Rer; — ilmn,

In a nonrelativistic plasma, Rer; = K*w?/w?. Thus,
multiplying numerator and denominator by (w?/K?), we
find

2 2
n K o*/K
Im a,L gczzy 23% 2

. 14
w? — 0} — i(w?/K*)Imr;, (CL4)

We should therefore interpret (o?/K?)Imz; = —wl';. So,
finally,

ol’
ImIl,; = —¢2,w*B? L . (C15)
al T (@ - @3)? + (0l p)?
and
2 0BT
L. = Jor® 1L (C16)

(@ = @})? + (@l )] (e T = 1)
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