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Abstract

A new model for inflation based on N=1 supergravity is discussed. By analogy with
Nambu-Jona-Lasinio model of superconductivity and its fermion condensate, we use the
gravitino condensate and use the induced 1-loop potential as the potential of the inflaton,
which gives slow-roll inflation. The model is checked by matching it against the results
from the Planck 2018 satellite mission, and it is confirmed that the model is consistent
with observations after adjusting some parameters. The formulation of N=1 supergravity
with (con)torsion induced by gravitino is explained. The basics of the Nambu-Jona-Lasinio
model, especially the derivation of the gap equation and the generation of the quark mass,
are explained also. Confirmation of viability of slow-roll inflation is given too.
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1 Introduction

Inflation is known to provide a solution to some problems of BigBang cosmology. Though it
provides a proper explanation of the Universe, the mechanism of generation of inflation itself is
yet to be established, and many models have been proposed and discussed by researchers. Since
the models of inflation must be restricted by observational results, especially from the Planck
satellite mission, only the models which match observations are considered as the candidates of an
inflation model. I discuss the basic equations for slow-roll inflation and the observational values
from the cosmic microwave background (CMB) in section 4.

When constructing a model of inflation, it is worth using supergravity. In supergravity, general
relativity is combined with supersymmetry by introducing local supersymmetry. The useful thing
about supersymmetry is that it can cancel out the quadratic divergence in perturbation theory,
thus it can resolve the hierarchy problems. Supergravity was first proposed in the hope of creating
a theory which unifies general relativity and quantum field theory without diverging. However,
supergravity is still non-renormalizable. But from the fact that supergravity is the low-energy limit
of superstring theory, which is one of the reliable candidates of unification theory, supergravity
should play an important role in high energy physics. A formulation of Supergravity can be
obtained by introducing the superpartner of graviton which is called gravitino. Supergravity is
classified by the number of the gravitinos N < 8, and we used the simplest one N = 1 in our
model. The formulation of (N=1) supergravity and (con)torsion induced by gravitino is explained
in section 2.

In this thesis, we propose a new inflation model which is based on (N=1) supergravity theory
[1]. We use the gravitino condensate as inflaton. The method is similar to the Nambu-Jona-Lasinio
model of the theory of superconductivity, which dynamically generates the electron mass from the
electron condensate (Cooper pairs) [2, 3]. I explain the basics of the Nambu-Jona-Lasinio model,
especially the derivation of the gap equation from its Lagrangian and generation of the quark mass
by dynamical chiral symmetry breaking in section 3.

Inflation is induced by the scalar field called inflaton. The inflaton slowly rolls the plateau
region of its potential to make quasi-exponential expansion of the Universe and after inflation it
decays to generate usual particles, which is call reheating. Currently, the identity of inflaton is
yet to be discovered.

In our model, the gravitino condensate, which comes from the quartic interaction term derived
from the gravitino contribution to the spacetime (con)torsion, is regarded as the inflaton. There-
fore, the inflaton can be naturally generated from the model. Using the gravitino condensate, the
1-loop effective potential is derived. This was first done in [4, 5]; however, the potential which
we get differs from those results. We introduce dimensionless quantities for the potential for later
use, also the gravitino mass is dynamically generated by dynamical supersymmetry breaking by
analogy with Nambu-Jona-Lasinio model. These are discussed in section 5.

Based on the potential we get in section 5, we examine the viability of our model, using the
results from Planck 2018 [6]. By fixing the adjustable parameters to give the proper shape of
the potential we derive the slow-roll parameters. Using the slow-roll parameters, we fix the other
parameters and check the correspondences with the Planck results. This is written down in section
6.

Throughout this paper (except section 4), we adopt the signature of the spacetime metric in the
Euclidean form of (4 4 ++) for simplicity. This metric can be always transformed to Minkovski
metric (— + ++) by Wick rotation ¢t — it.



2 SUSY and supergravity

In this section I am going to introduce some basic knowledge of supersymmetry (SUSY) and
supergravity|[7].

2.1 Formulation of N=1 supergravity

SUSY is a new type of symmetry, which represents a symmetry between the bosonic and fermionic
fields in Lagrangian field theory. The local supersymmetry can only be implemented in the field
theory if space-time is curved by the presence of gravity. With the presence of supersymmetry,
the bosonic gravitational field must have its own fermionic companion, and it is called gravitino,
which is a spin 3/2 field.

The Lagrangian in supergravity theory depends on vierbein e" and spin connection w;™ and
gravitino 1,. From a theoretical point of view, supergravity theory can be gained by gauging the
space-time symmetry and supersymmetry. The vierbein and spin connection gauge the space-time
symmetry and the gravitino gauges supersymmetry.

The vierbein is used to describe a theory which involves spinors and tensor fields such as super-
gravity theory, and it works as a link between the local Lorentz system and general coordinates.
By using the vierbein formalism the metric tensor can be written with the spacetime metric 7,
as

G () = Napels()€l (). (1)

The greek indices refers to spacetime and the latin indices refer to the local Lorentz frame. The
vierbein transformations are as follows: for general coordinate transformations,

oxr”
la — a 2
“u o), v 2)
and for local Lorentz transformations,
e (x) = Aj(2)e, (), (3)

where Aj denote the representation of Lorentz group.

Spin connections work as the connections of covariant derivatives for local Lorentz transfor-
mations. For a spin 1/2 field, the covariant derivatives can be written with the gamma matrices
Vo = €,(T)7a as 1

1
D,x =0, + Ew;””Emnx where ¥,,, = th%]_' (4)

By using this vierbein formalism, we can write the supergravity Lagrangian.
For the bosonic part of the lagrangian, we will rewrite the Einstein-Hilbert action in this
vierbein formalism.
We start with the Ricci scalar inside the action
o, v A A
R=08,9"Ry,,(I') where Ry, = 0,1, — 0,1, + I',,I'y, = T} '\ . (5)

vpo
Here, I'", is the Christoffel symbol, which can be written as

L e (agau i 0Gax _ agw\)

§g oz oxV ox®

no
FV)\_

(6)
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Then we define a new curvature with spin connection as

mn — mn mn mc, n mc, n
Ry (W) = 0w, — Opw ™ + wiwy, — wy Wy (7)

From the condition that the full covariant derivative of the vierbein vanishes,

Dyeyt = 0ue) +w"en, — T et =0, (8)

the relation between the two curvatures (5), (6) can be derived as

Rvmn(w) = RS, (T)emaer,. 9)

TV
By using this result, one can write the Einstein-Hilbert action in vierbein formalism as

2

M3 M,
p2) — _%@R(Q,I‘) = —%eR(e,w) (10)

where e = det e and R(e,w) = "™ e R mn(w).

Here, it is to be noted that Mp; is the reduced Planck mass, Mp; = 1//87Gy = 2.4 x 10'8GeV.
Similarly, for the fermionic part of the Lagrangian, we will start with the Lagrangian of the
Rarita-Schwinger equation [8][9]:

1 ~
p(3/2) _ _§€mnm¢m%%3p¢q (11)
and extend equation(11) to curved space as

p(3/2) _ _%gwmwﬂf%%DpwU where D, =0, + %w;’mZmnwg. (12)
Baced on these Lagrangians, we can formulate the full Lagrangian for supergravity. When we
verify the gauge invariance of the supergravity action, we can use the 1.5 order formalism [10][11],
which is the combination of the second order formalism by Freedman, van Nieuwenhuizen and
Ferrara[12], and the first orde formalism by Deser and Zumino [13].

In the second order formalism, they found that in order to obtain complete invariance, one
needs to start with the full lagrangian . as ¢ = £® + 6/ and put §, as v, = k1D, (w)
and replace w with w = w(e, ), which is derived from the equation :5% =0, where k = Mgll,

In the first order formalism, they assume that the spin connection is an independent field and
from that assumption they derived the transformation law of wzb , which makes the full lagrangian
to be invariant.

The 1.5 order formalism is a combination of the two previous formalisms. We start by assuming
the w in action to be independent, which the variation of the action can be written, from the chain
rule, as

ol
[ = o
0l (e, v, w) = de 5

—|—5w5—]

ol
+ 0 — 50

1/}7('0 6¢
Requiring that g—i = 0 we can have w = w(e, ). Also from these facts, one can drop the last term
in (13) due to the requirement. This means that only the variations of an vierbein field and a
gravitino field are needed.

(13)

oI
+5wﬁ

e,w e,w P,e



2.2 Spacetime torsion induced by gravitino

In the supergravity theory, torsion is induced by gravitino and from that, the contorsion tensor,
which is the difference between the connections with torsion and without torsion, can be derived.
For later use, we derive the torsion.

First, we rewrite the Einstein-Hilbert action (10) as

2
M,

L0 = =B e, qel e RO (w). (14)
Here we used the identity,
P e mncde, €, = 2e(eleg — efel)). (15)

Also by varying the spin connection of equation (7), one finds
§R;ﬁf(w) = D, 0w — D, 5de where D 6w = 0,0w + wceéw . T wdeéw (16)

Partially integrating equation (14), one finds the variation of the Lagrangian with the spin con-
nection as

M2
6. = Plewore (D, e, e ”&u“l, where Dye)! = d,¢; + wy"ey,. (17)

I

We also vary the spin connection in the Rarita-Schwinger equation (12) and the result can be
written as

1 _
53(3/2) = —ZGHVPU¢M757VECd¢05wzd’ <18)

Here, LEM%%ZCC;@ZJU can be decomposed into the sum of vector terms and axial vector terms as

1
6y€bcdmd}u’y wcr (19>

_ 1 -
VY5 Yo DedVo = §¢u75(€cu%l eavYe)lo + 5

But since w_“'ywdwg is symmetric in # and ¢ and 1/;”,%11#0 is antisymmetric, the antisymmetric
term remains. Thus, the variation of the Rarita-Schwinger Lagrangian with spin connection can

be written as .
6.2 = —ge“”gpemmd(zﬁuvmwg)e’;éwgd. (20)

Comparing the two equations (17) and (20), one can get
Dyey' — Dyey = —(Tpﬂmwy). (21)

The torsion Sj, is defined by
S, = (0, —T0,). (22)

Hence, in our case (21) the torsion can be written with gravitino as

SZCV = 4M1:2>1 (d)//ya’ébu) (23)

We also introduce the contorsion tensor KZm as

w" = wi™(e) + K" (24)
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Then by using the equation
ouey +wy, — Ovey +w,, =0, (25)

one can derive the relation of the contortion tensor with gravitino as
1 _
o = s = 53 (97" ) (26)
One can also have a more explicit form for the contorsion by using the identity

("iumu - 'Lil/m,u) + ("‘imuu - '%V,um) + (Kdmuu - Kuum) = QHumy- (27)
Using this identity, equation (24) can be written as

1

hne,5) = Wyn€) + oy Byt — Dyt + B ttn) )
Pl
The Lagrangian of supergravity . = Z® + £6/2) is invariant under the following transfor-

mations:

S = S b, Bt = Dyl V) (29)

2.3 Auxiliary fields in pure supergravity

There still remains a problem about the degrees of freedom for the bosonic and fermionic fields.
On-shell, the degrees of freedom for bosons and fermions are the same, being equal to 2B=2F.
But off-shell, they don’t match so that SUSY algebra is not closed off-shell (i.e. without using
EoM). More concretely, there are 16 bosonic fields in vierbein e, but the sum of general coordinate
transformation parameters and local Lorentz transformation parameters are 10. Therefore there
are 6 effective independent bosonic fields. For the fermions, there are 16 fields in gravitino ¢y
but there are only 4 local supersymmetry transformation parameters. Therefore there are 12
effective independent fermionic fields remaining. To match the degrees of freedom of bosonic and
fermionic fields with each other even off-shell, we should introduce 6 bosonic auxiliary fields into
the Lagrangian. If we introduce an axial vector A,,, a scalar S and a pseudoscalar P, which have
the extra degrees of freedom 4+1+1=6B=12F-6B. Then the full supergravity Lagrangian can be
written as

= 2V (e,w)+ LI (e, h,0) — S(5 + PP - A2, (30)
which is invariant under the following transformations:
m 1 =
et = i (31)
7 1
oy = Mp(D, + MAN%)ﬁ - 5%776 (32)
1
0S = Zé%R“’COU (33)
/l: = cov

oP = —16’75’)/“R’u’ (34)

3Z = COvU 1 L,COU

1 ; ;M cov vpo i 1
where n = _§<S — 5P — iy Apys) and RV = P75, (D1, — §A075@Z)p + 5%777%)
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3 NJL-model and its applications

The Nambu-Jona-Lasinio model (NJL model) is a theory which can give a description of hadrons
and generation of their mass. This theory is similar to our model, which uses gravitino instead of
quarks. In this section I briefly explain the NJL model.

The NJL model was first invented by Yoichiro Nambu and Giovanni Jona-Lasino in 1961, which
was inspired by the BCS theory of superconductivity [2, 3]. It is a chiral effective theory and can
be interpreted as a low energy approximation of Quantum Chromodynamics (QCD). It is also a
non-renormalizable theory and therefore a regularization parameter cannot be removed.

The NJL model has the same flavor symmetric as the QCD: the NJL model has symmetries
SU3).®@ SU(Ns)y @ SUN;)a®@U(1l)y ® C®P T, where Ny denotes the number of flavors in
the system. Therefore the NJL lagrangian should be symmetric under the transformations

SU(Nf)V : w — e_it'9V¢ 77_0 N @_Deit'e‘/
SUNDA & - e 00 § o Gt -
ULy : —e ™ ¢ — e

(For the later calculation, I will take the number of flavors as 2 and that of colors as 3 for simplicity.)
For their Lagrangian, Nambu and Jona-Lasinio choose the one, which satisfies the symmetries,
as

L =i —m) + Gl(¥0)* — (Yr59)?]. (37)
By using the Euler-Lagrange equation in the Lagrangian for ¢» and considering the mean-field
approximation, the equation of motion (EoM) for the Lagrangian can be written as

[—id +m — 2G ()] = 0. (38)
Therefore the constituent quark mass M turns out to be
M =m — 2G (). (39)

This is called the gap equation. The quark condensate (@w is

@ =- [ %Tﬂw(m (40)

in which S(k) is the quark propagator that can be written as
1  F+M

S(k) = = : 41
(%) F—M+ie k22— M?2+ic (41)
The gap equation (39) in more explicit form reads
d*k 1
M = 481G M : 42
m e /(27r)4k2—M2+ie (42)

The NJL model is non-renormalizable as mentioned before; therefore a regularization, such as
cut-off regularization and Pauli-Villars regularization, is needed to avoid divergences. The integral
in equation (42) will diverge. For this reason, I use the proper-time regularization [14]

1 1 o 1 o
N — d n—1_-—1X / d n—1_-—1X 43
X T s 1)!/0 TV e — e T e (43)



to avoid this problem. Introducing the parameter 7y, the integral can be written as
d*k 1 > dik [ (k202
48iG M / e ASIeM / / dre "W M), (44)
TUV

Solving this equation and substituting the result in equation (42) gives us the gap equation with
the parameter v,

—’T'M2

= (45)

M = m+M / dT

For the case m = 0, the equation has two solutions: the trivial solution, M = 0, and the non-trivial
solution, M # 0.
To see which solution is valid, we derive the vacuum energy density e for each solution, and
subtracting one from the other, we obtain
3 2 M?
e(M)—e(M =0) =— dr—(e™ — 1)+ — 46
(M)~ e(M =0) =~ 23 [ drog(e™ — 1)+ 75 (46)
Therefore for G > G,.;, the lowest energy has M # 0, which means that chiral symmetry is
dynamically broken and the quark mass is generated as a result.
We apply this mechanism of fermion condensation and generation of mass to supergravity in
section 5.

4 Cosmological inflation and CMB

In this section, I introduce basic knowledge of cosmological inflation and the cosmic microwave
background (CMB), which can provide a discrimination to models of inflation.

Cosmological inflation was first introduced as a solution to the initial conditions problems
in BigBang cosmology, specifically the horizon problem and flatness problem, etc. Inflation is
an quasi-exponential expansion of the Universe at its very beginning. Inflation was driven by
the scalar field called inflaton, and its potential energy filled up the early Universe to cause the
exponential expansion.

The Friedmann equation is written as

N\ 2
a 1
H*=(-) = — 47
(a) sz, (47)
which can be derived from the Einstein equation with the Friedmann-Lemaitre-Robertson-Walker

metric(FLRW metric), which describes the homogeneous and isotropic space-time,

2

1 —kr?

ds* = —c*dt* + a(t)? ( +r3(d6* + sin29d¢2)> where k = +1,—1,0 (48)

For a flat universe, k = 0, which we use also.
Using the energy density of the homogeneous scalar field ¢ as

po= 382+ V(0), (19)



>

Figure 1: The graph of the potential of typical inflaton field.

the equation of motion of the inflaton can be derived as

. .4V
¢+3H¢+£—O. (50)
Therefore the shape of the potential V(¢) determines the characteristics of inflation.

There are some conditions for the inflaton that a legitimate account of inflation has to confirm,
that is: (i) the potential has to have a sufficiently long plateau region to make a slowly changing
potential, which is called slow-roll, (ii) the plateau region ends and the inclination of the potential
increases meaning the end of inflation, (iii) at the bottom of the potential, the inflaton oscillates
which starts the particle production (see Figure 1).

If we assume the slow-roll inflation, the motion term in equation (50) can be ignored for the
plateau region. For this reason, the slow-roll approximation can be applied for the region as

o — 51
In order to verify the plateau for the slow-roll inflation, some parameters called the slow-roll
parameters €, 7 are used, and they can be defined as

1 AW
6:§M12Dl (7) , = Mg,

V//

v (52)

To have the proper slow-roll inflation, the condition €¢,77 << 1 is needed, and also for the length
of the inflation, e-folding number N, for the inflation needs to be 50 ~ 60 to solve the flatness
problem. The e-folding number is defined as

1 o] 14
No=—- [ Zdo. 53
]23l /(;Sf ' ¢ ( )

10



Inflation not only solves the problems of cosmology, but it can generate the primordial density
fluctuations which enable the large-scale structure of the Universe we see today, and the slight
anisotropy of the CMB.

The scalar field in de Sitter space has the quantum fluctuation as follows [15]:

0 =/ < 5¢2>:@, (54)

27

where H;,¢ corresponds to the Hubble constant for the inflation era, and this quantum fluctuation
was enlarged by the rapid accelerating expansion, caused by the inflation, and became classical
fluctuation accounting for the density fluctuations of matter and radiation.

The energy densities for the radiation and matter differ in p oc 1/a”, as n = —4 and n = —3,
respectively. Their fluctuations can be written as

R (55)

and if this 0t was the result from the fluctuation of scalar field ¢ mentioned before, by using the
slow-roll approximation (51), the fluctuation (55) can be written with the potential V' as

o H? 1 V32 (56)
o Vo MV

Practically we use the curvature fluctuation ¢ for the calculation of the primordial fluctuations,
where the curvature fluctuation ¢ can be written as

1 V3/2
e, [V

In order to describe the characteristics of the curvature fluctuation, we define the power spec-
trum P as the 3-dimensional Fourier transformation of the correlation function,

¢ (57)

(C(k1) C(ka)) = (2m)%0 (ki + ko) P (k1) (58)
By using the non-dimensional power spectrum P where

k?)

P =55 b(k), (59)

to describe the dependance of power spectrum on the scale k, one defines the spectrum index n,
as

_ d InP(k)

BT T dmk

Also, using the slow-roll parameters in (52), for the standard single-field inflation model, this
spectrum index is related to the slow-roll parameters as

(60)

ns =1 — 6e + 2n. (61)

During inflation, density fluctuations were not the only ones, but also the tensor fluctuations
existed, which are the primordial gravitational waves. The tensor fluctuations can be derived
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Figure 2: The graph of viable regions of the spectrum index n, and the tensor-scalar ratio r in 68%
and 95% CL, respectively, in Planck observation alone, combination with BK15 and combination
with BK154+BAO for some inflation models [6].

similarly as the density fluctuations as written above, and the power spectrum for the tensor

fluctuation can be written as )
8 H
P =5 (1) o

M2, \ 27
Normally we write the amplitude of the tensor fluctuation in the form of tensor-scalar ratio r,
where Pe(h)
T
r= : (63)
P (k)

For the single-field inflation model, this tensor-scalar ratio is also related to the slow roll parameters
in (52) as
r = 16e. (64)

The important thing is that these two values ng and r are the observables, and by the Planck
satellite mission in 2018 [6], their values were measured and restricted. The values are as follows:

ns = 0.9649 £ 0.0042 (68%CL, PlanckTT+lowE+lensing) (65)
r < 0.064 (95%CL, PlanckTT+lowE+lensing+BK15+BAO)

The useful thing for these observables is that these values do provide restrictions to any inflation
model. Calculating these values for given models and comparing them with the observational
results can verify the accuracy of the model (Figure 2).

See Ref.[16] for more details.

12



5 Gravitino condensate

Our model of inflation originates from the gravitino condensate in N = 1 supergravity theory,
which is similar to the Nambu-Jona-Lasinio model, which was introduced in section 3. The con-
tribution of the gravitino to the spacetime (con)torsion leads to the quartic gravitino interaction.
The interaction gives rise to a one-loop effective action, and we used the potential part of the real
scalar field in the action as the potential of the inflaton, which makes the slow-roll inflation.

In this section, we derive the one-loop effective action for the gravitino condensate, and derive
the one-loop contribution of the scalar field potential. Also in the next section, we examine the
validity of the potential concerning whether it can survive the observational results.

We start with the N = 1 supergravity Lagrangian (30) which we derived in section 1. Using
the equation for the contortion (28) in section 1, and imposing the SUSY gauge condition:

Y =0, (66)
the Lagrangian of supergravity becomes
© e o M IR
L=L 4+ LY L9 = —TeR(e,w) and £ =3¢ U5 Doty (67)

1
Where Dy = 0y + §w§b(e, V) Sap.

Here we changed the Planck scale from Mp, to the effective scale of quantum gravity, Mp;, which

may be lower than the previous one. But from the negative results of the Large Hadron Collider
(LHC), the effective Planck scale should also be much higher than the TeV scale:

1TeV « Mpl <L Mpy, (68)

which constitutes our assumption. The (reduced) Planck mass is given as

1
Mp) = ——— ~ 2.4 x 10"GeV. (69)
87TGN

By rewriting the full Lagrangian by application of contorsion, the quartic gravitino coupling
terms explicitly appear as

11 - - . 33 ~ -
Equartic = EMBQ [(¢M¢M)2 - (77/}#’75770“)2} - aMITIQ(wM’Y5’YV¢M)2' (70)

By introducing the Lagrangian multiplier auxiliary filed, the first quartic gravitino interaction
term can be eliminated [17]. Using the equation

(5u5P) = —5 0t ()

which derives from the gauge condition (66), application of the auxiliary field to the non-chiral
(first) quartic gravitino term can be written as

Lanartic = VIIMp! p(, 5 2h,) — p* (72)

Here p is the real scalar field. The gravitino condensate means the non-vanishing Vacuum Expec-
tation Value, < p >= pg # 0 and the py contributes to the gravitino mass.
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The 1-loop effective potential for p field was first calculated by R.S.Jasinschi and A.W.Smith in
Ref.[5, 4]. However, our calculations resulted in a different answer, which is qualitatively similar,
but is quantitatively different.

First we quantize the theory using the path integral. The full Lagrangian using the auxiliary
fields p, 7, A, can be written as

£ = ~Diney s e (1) autetepeliioret - ot + e
) ) VY v ¢ + w ’Y;ﬂﬂ ]}
—%EMVAJ¢M757V [a)\ + %wib(e)zab]wa (73)
VI p(0, 5 4h,) — p* \/2_2 Mg (st )m — 72

\/2_1 Mg (570" )N 2(52 + P - AZ)

Quantizing the theory by the path integral, we take the Gaussian integral over ¢ and using the
gauge condition (66), the 1-loop contribution to the quantum effective action yields

?
I toop = —§Tr InA(p), (74)

where A(p) is the kinetic operator in the gravitino action. The interaction with gravity is ignored
by the replacement of ef, with d;, because it is irrelevant here.
By using the massless gravitino propagator in momentum space

Y PuYVa
Py, = —Qp—Qa (75)

the 1-loop contribution to the p—scalar potential can then be derived as

o . (V MP] ) n+1 2n

‘/l—loop - Vh—I};o 2V n ( 1) Tr(-Pabp) (76>
_ : ( \ MPI) 2n
= vlg{}o 2V g Lr(Lup) (77)

Here, V is the spacetime 4-volume regulator, and the trace Tr acts on all variables. The last
equation came from the fact that the trace of the odd product of P,;, vanishes.
The potential (77) in integral form with the Ultra-Violet cutoff A reads

Vi toop = — 1 /Ad4p In 1+11Z\?[*2p—2 (78)
o (2m)t )

and the full potential becomes

4 A 5 2
V(p) = ‘/Classical(p) + ‘/1—100p(p) = p2 - (27)4/ d4p In (1 + 11M}7121%> : (79)

We calculated this four-dimensional integral and the result we get is

1 [ 121p M3 A\ 11p%A2 11p2
Vip)=p*+—< —In|1+ ———— —A'ln|1+ 80
v 87?2{ i ( uE ) )y
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The wave function renormalization of p in the 1-loop approximation Z(p), can be described by
logarithmic scaling using the renormalization scale u as

A2
Z[p] ~ const. x In (E) : (81)
From this fact, the canonical scalar ¢ is
A2\ - ~
¢ = const.4 [In <—2> Mg p = wMpio = OMpo. (82)
1
By introducing the dimensionless quantities as
o= Mgfp, Mgll/\ = A and M;TllMSUSY = a, (83)
the full scalar potential is rewritten as

4 2 1 14 110° 4 A? 272 4
V(o)Mp' =0 ~ 53 A*In 1+ T —1210%In 1+1102 +116°A°  + o, (84)

The renormalization quantities A and & are the phenomenological parameters that are not de-
rived but chosen to get the desired results. The o term in the full scalar potential is needed to
compensate the cosmological constant.

The hierarchy between inflationary scale Hiy, the SUSY breaking scale Mg,sy, the GUT scale
Mgy, the effective gravitational scale Mpl and the Planck scale Mp, is

Hint. < Masy ® Maur ~ Mp) < Mpy. (85)

Incidentally, for the GUT scale, we adopt Mgyr ~ O(10%)GeV.
The gravitino mass can be gained from the point where the scalar potential vanishes V'(o..) = 0.
According to equation (72), the p. # 0 determines the gravitino mass as

m3/2 = \/ﬁpc]\;[gll = \/ﬁMPlJc- (86)

Here, the non-vanishing values of p. and o, are determined by solving the equation with the first
derivative of the potential V(o) equal to zero, which leads to a transcendental equation.

6 Gravitino condensate as inflaton

In this section, we proceed with the potential (84) which we derived in the previous section.
The idea of a slow-roll inflation from gravitino condensation in supergravity was proposed and
studied in the papers by Ellis and Mavromatos [4, 18]. Since the scalar potential we derived in
the previous section differs from that of [4, 18], we ask whether our potential can survive the
observational results of Planck and can be a candidate of an inflation model.

From equation (84) it follows that the shape of the potential depends of the value of A. To have
the double-well shaped potential, which is required for inflation, a local maximum at p = o = 0
with the positive height « is needed. We differentiate Vl,loop(o)]\zp_l4 with respect to o2

d A = 11A2 412102 In(1 + 1)

352 Vi-toop(0) Mpy” = P ; (87)
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Figure 3: The shape of our potential in equation (84) with A=3.

and take the limit ¢ — 40 and make the result smaller than zero, which leads to the condition

4m? — 1172 <, Am?

By forcing the condition, the shape of the potential in equation (84) looks as in Figure 3.

Next, we derive the order of the ratio of the (reduced) Planck mass scale and the effective
gravitational scale (Mp;/Mp;). Though inflation requires a potential-dominated expansion ¢* < V,
from the Friedmann equation (47) and energy density for a scalar field (49), the height of the
potential at maximum V. (0 = 0) is given by

Vmax = 3]\4}12’11—112r1f (89>

From the magnitude of the primordial density perturbations, the constraint

7y
<—> = 0.0275 x Mp, (90)

€

is imposed on the value of the inflationary potential [18]. Using these equations (89), (90) and
the equation (64), inflationary Hubble scale Hys. is related to the tensor-scalar ratio r as

Hinf.

Mp,

=1.06 x 10~*y/7. (91)
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Figure 4: The running of the slow-roll parameter n with v = 0.5 and w = 13

The tensor-scalar ratio r is restricted by the observational results of the Planck 2018 satellite
mission (65), and from the restriction, the inflationary Hubble scale is, in turn, restricted. The
equation is derived using the previous equation (91) and the value of the (reduced) Planck mass

as
Hiye < 6 x 10GeV. (92)

Therefore, from the magnitude correlation in equation (85), the ratio (Mp/Mp) should be of the
order 1072 ~ 1072 < 1 for viable inflation. We then define a dimensionless parameter ~y as
Mp] 1073

I 93
Mp, Y (93)

so that v becomes of the order one.

We calculate the quantities for the potential and mass of the gravitino numerically from the
previous equations by fixing the adjustable parameter A. We choose the cutoff scale as A = 3
to satisfy the condition in equation (88). Therefore, from the equation (84), the height of the
potential at maximum Vj,.x = V(0 = 0), where the slow-roll occur, is

Vinax Mt = 0.245. (94)

Also, the value of o., which refers to the Minkovski vacua, is derived from the condition
dV/d(c?) = 0, and the result is

Oc =0 (pe/Mpy) = 0.722. (95)
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In turn, from these values the gravitino mass ms,, and the gravitino condensate mass Mg, are

- ) -
7TL3/2 = 2.39Mp1 and Mecond. — ﬁ?ﬂg/g = 2.038Mp1. (96)

We finally investigate the slow-roll inflation in our model. In order to derive the running of

the slow-roll parameters, we rewrite our potential using canonical variable ¢ using equation (82)
and (83). The result is

12191+ 2y —a ((—87# +11A2)¢2 + zA*In(1 + ﬂgf)) ~
V(¢)MP1 = + a(A), (97)

S22

where x = w? M3,

By differentiating this potential with respect to the inflaton field ¢, we get

R (47r2x ~112A? + 12162 In(1 + f@i))

14 (¢)MP1 = Q202 ) (98)
L (47r2(x]\2 4 1162) — 11(zA% + 33A2¢2)) + 363(2A%? + 11¢*) In(1 + £

V// — — — .

(@) 21222 (xA? + 11¢2)

Then we substitute these results for the slow-roll parameters (52) and use the value of A = 3
and the result from equation (94), to get

2
¢ = 8x 1002 ((I) (—99w2 +4r%0? + 12192 In(1 + 191“(’1)2)) (99)
4 o 2 2 2 2 2 2 1192 ’
1210 In(1 + ——) + w? [ —999° + 87%(0.245w” 4+ @*) — 81w’ In(1 + —-) :
119 Y
2
n = —4x10%? (47?2w2(9w2 + 119?) — 11w?(81w? + 2970?) + 363(9w*®* + 110*) In(1 + 191%2)>
9 2
/((9w2 + 119?) x (—121@4 In(1 + 11‘;2) + w? (99@ — 87%(0.245w* + ?) (100)
1192
2
+81w?In(1 + e )))) :
where & = i
My,

By fixing the parameter v as 0.1, 0.5 and 1, we have found that € is always under O(107%),
and from (64) it is within the bound of the Planck 2018 data [6]. Also for 1, from the value of the
scalar index ng based on the Planck 2018 data, and equation (61), while ignoring € from the result
as explained above, the restriction for n becomes n = —0.0177 at the horizon crossing. This can be
satisfied by fixing the parameter @ as of order one, specifically @ = 13. For the e-folding number
(53), without demanding any other constraints on parameters v and @, we can have the value
between 50 ~ 60 as is desired for viable candidates of inflation, when assigning the inflaton field
o= Mﬁm to run somewhere between 0 to 5. The graph for the running of the slow-roll parameter
7 is shown in Figure 4. The results can be plotted inside the blue region in Figure2, in the middle
for ny and at the bottom for r.
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7 Conclusion

We studied a new model of inflation baced on the gravitino condensate in the framework of
supergravity. The results obtained in section 6 were compared to the results in [18], and we
concluded that they are qualitatively matched but are quantitatively different. The slow-roll
parameter, 7 has the same order in the inflation region n = O(1072), but € has a considerably
higher value than ¢ = O(107) in [18], because we get ¢ = O(107%). From equation (64), the same
result can apply to the tensor-scalar ratio r. Also for the inflationary scale Hi,¢, we found it gets
as high as 1012 GeV where Hy;, = O(10'°)GeV in [18]. Therefore the gravitino condensate can be
considered as viable inflaton in supergravity when assuming the effective quantum gravity scale,
the (super) GUT scale and the SUSY breaking scale all close to 10'® GeV. Comparing to other
well known models of inflation, such as R? inflationary model, we get lower values of r by one
order of the magnitude.

This Master thesis is based on my research conducted together with my supervisor Dr. S.V.
Ketov. It is part of a larger project devoted to an investigation of the gravitino condensate in su-
pergravity coupled to the supersymmetric Born-Infeld theory that also includes the goldstino field
described by Akulov-Volkov theory [1]. Some important physical issues, such as supersymmetry
breaking and cosmological constant, were only briefly mentioned in the text because their detailed
study is beyond the scope of this Master thesis. According to [1], supersymmetry is dynamically
broken by the gravitino condensate, and the cosmological constant in the classical Born-Infeld
action is exactly compensated by the gravitino condensate contribution.
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A supergravity extension of the (R + R?) gravity with the additional (Born-Infeld) structure of a massive
vector multiplet gives rise to the specific F(R) gravity, whose structure is investigated in detail. The
massive vector multiplet has an inflaton (scalaron), goldstino, and massive vector field as its field
components. The model describes Starobinsky inflation and allows us to extrapolate the F(R) function

beyond the inflationary scale (up to Planck scale). We observe some differences versus the (R + R?)
gravity and several breaking patterns of the well-known correspondence between the F(R) gravity and the

scalar-tensor gravity.

DOI: 10.1103/PhysRevD.98.083511

I. INTRODUCTION

An ultimate theory of cosmological inflation should be
based on quantum gravity and is yet to be constructed. This is
related to another open problem of finding an ultraviolet
(UV) completion of any phenomenologically viable infla-
tionary model. Among the most successful and popular
inflationary models, the Starobinsky inflationary model of
(R + R?) gravity [1] is special because it is entirely based on
gravitational interactions. This model is, however, nonre-
normalizable and has the UV cutoff given by Planck scale. In
addition, when extrapolating the (R + R?) gravity beyond
the inflationary scale of about 10'* GeV, i.e., when going to
the very large curvature regime, we are left with the scale-
invariant R? gravity. The original motivation in [1] was to get
rid of the initial singularity of Einstein-Friedmann gravity, in
addition to describing inflation in the early Universe.
However, demanding the asymptotical scale invariance at
very high energies is clearly not the only option. Hence, the
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open question remains: what should we expect beyond
Starobinsky inflation?

To address this question at least partially, one needs a
motivated extension of the (R + R?) gravity in a specific
framework. In this paper, we address the issue in four-
dimensional N =1 supergravity. The importance of the
inflationary model building in supergravity stems from the
natural objective to unify gravity with particle physics
beyond the standard model of elementary particles and
beyond the standard (ACDM) model of cosmology; see,
e.g., [2,3] for a review.

Though supergravity can be considered as the low-energy
effective theory of (compactified) superstrings, and the latter
can be viewed as a consistent theory of quantum gravity, we
obviously need more specific assumptions.

Our additional specific assumptions in this paper are the
following:

(1) Starobinsky inflationary model should be embedded
into a four-dimensional N = 1 supergravity, with
linearly realized (manifest) local supersymmetry,

(i1) inflaton (scalaron) should belong to a massive N =1
vector supermultiplet,

(iii) the kinetic terms of the vector supermultiplet should
have the Born-Infeld (or Dirac-Born-Infeld) struc-
ture, inspired by superstrings and D-branes.

This leads to the specific (modified) F(R) gravity model,
whose peculiar structure is in the focus of our investigation
in this paper.

Our paper is organized as follows. In Sec. II, we
outline Born-Infeld (BI) nonlinear electrodynamics and

Published by the American Physical Society
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the supergravity theory with the BI structure. In Sec. I1I, we
review the Starobinsky inflationary model. In Sec. IV, we
study in detail the F(R) gravity extension of the (R + R?)
gravity, originating from the supergravity theory. In Sec. V,
we present the dual description of the same F(R) gravity in
terms of the scalar-tensor gravity. Our conclusion is in
Sec. VI. In the Appendix, we formulate the full super-
gravity theory in terms of superfields in curved superspace.

II. BORN-INFELD STRUCTURE IN GRAVITY

AND SUPERGRAVITY

The Born-Infeld (BI) Lagrangian was originally intro-
duced [4] as a nonlinear generalization of the Lagrangian of
Maxwell electrodynamics in terms of the Abelian field
strength F,, = d,A, —J,A,,

e (w4 2) 1

1
= —@F"”F’w + O(F*), (1)

Ly =—b~2

where we have introduced the dimensional (BI) coupling
constant b = Mg} and the gauge (dimensionless) coupling
constant e. Being minimally coupled to gravity, the BI

action reads
b
V=9—/—det| g, + ;Fﬂy

SBI = b_z/d4x

This BI structure also arises (i) in the bosonic part of the
open superstring effective action [5], (ii) as part of the Dirac-
Born-Infeld effective action of a D3-brane [6], and (iii) as
part of the Maxwell-Goldstone action describing partial
supersymmetry breaking of N = 2 supersymmetry toN = 1
supersymmetry [7,8]. In string theory, b = 2z¢/, while the
BI scale Mg; does not have to coincide with Mpl.l

In N = 1 supersymmetry and supergravity, a vector field
belongs to an N = 1 vector multiplet, whose supergravity
couplings are naturally (off-shell) described in supercon-
formal tensor calculus [11] and in curved superspace [12].
A massive N = 1 vector multiplet has a single (real) scalar
field amongst its bosonic field components, in addition to a
massive vector field. In this paper, we identify this real
scalar with inflaton, and unify it with the massive vector
field whose kinetic terms are assumed to have the BI
structure in N = 1 supergravity (we do not assume any
relation between our massive vector field and electromag-
netic field).

The full action of the self-interacting massive vector
multiplet with the BI structure in supergravity is very

- (@)

'See also [9,10] for more about special properties of the BI
action and its supersymmetric extensions.

complicated: it was found by using the superconformal
tensor calculus in [13], and we present this action in the
Appendix, by using superfields in curved superspace.2 In
particular, local supersymmetry (SUSY) is spontaneously
broken in this theory (after inflation also), while goldstino
is identified with a massive “photino” in the same vector
multiplet with inflaton.

For our purposes in this paper, it is enough to notice that
in the dual (modified supergravity) picture the BI structure
just leads to the presence of the contribution 12R?/ (e’ M)
under the square root of the BI term, in addition to the
F,,~dependent terms there. When ignoring all other inter-
actions besides the modified gravity itself (i.e., keeping
only the R-dependent terms), it gives rise to the following
F(R) gravity model (see Ref. [13] and the Appendix):

M2 M 12R?
S_/d‘*x,/——g PR B M+ ——=1||. (3)
2 3 e*My,

It is this modified gravity theory that is the main subject
of our investigation in this paper. It is worth noticing that it
does not imply the upper bound on the values of R, unlike
the original BI theory (1) that limits the maximal values of
the gauge field strength components.

It is worth noticing here that the idea of finding a “BI-
extension” of Einstein gravity is old but still popular,
although it lacks a good definition and guiding principles;
see, e.g., [17] for classification of many such extensions in
gravitational theory and [18] for other proposals to an F(R)
gravity function of the Bl-type.

A “Bl-extension” of N = 1 supergravity is more restric-
tive, but it suffers similar problems; see, e.g., [19] for some
specific proposals of BI supergravity in curved superspace.
Equation (3) is just the specific extension of Starobinsky
(R + R?) gravity in the framework of F(R) gravity derived
from supergravity and inspired by string theory. It is
directly related to the BI action (1) that arises together
with the F(R) gravity (3) in the same supergravity theory
having the BI structure.

It is also worth mentioning that Starobinsky inflation is
equivalent to the so-called Higgs inflation in gravity and
supergravity, because both lead to the same inflationary
observables [20].

ITII. STAROBINSKY INFLATION
AND F(R) GRAVITY

The Starobinsky model of inflation is defined by the
action [1]

M? 1
Sstar = Tpl/d“x\/ —9<R + WR2>’ (4)

“See also [14-16] for related papers.
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where we have introduced the reduced Planck mass
Mp, = 1//87Gy ~ 2.4 x 10'® GeV, and the scalaron
(inflaton) mass m as the only parameter. We use the
spacetime signature (—,+,+,+, ). The (R + R?) gravity
model (4) can be considered as the simplest extension of
the standard Einstein-Hilbert action in the context of
(modified) F(R) gravity theories with an action

Sk _ My / d*x\/=gF(R), (5)

in terms of the function F(R) of the scalar curvature R.
The F(R) gravity action (5) is classically equivalent to

Slowe 21 =3 [ dxTF COR= 2+ F(0] - (©

with the real scalar field y, provided that F” # O that we
always assume. Here the primes denote the derivatives with
respect to the argument. The equivalence is easy to verify
because the y-field equation implies y = R. In turn, the
factor F’ in front of the R in (6) can be (generically)
eliminated by a Weyl transformation of metric g,,, that
transforms the action (6) into the action of the scalar field y
minimally coupled to Einstein gravity and having the scalar
potential

M3\ xF'(x) — F(x)
v= () @)

Differentiating this scalar potential yields
av _ (M%1> F'(0)2F(x) =
dy 2 (F'(x))°

The kinetic term of y becomes canonically normalized
after the field redefinition y(¢) as

V3Myp,

F'(x)=exp <\/§¢/Mm), = fﬁ

in terms of the canonical inflaton field ¢, with the total
acton

XF'(2)]

(8)

nF'(x),  (9)

S . _M_lz’l d*x./=aR
qumtessence[gyw (P] - 2 X g
/ d*xy/= [ 9" 0,00,0 +V(p)|.
(10)

The classical and quantum stability conditions of F(R)
gravity theory are given by [3]

F'(R)>0 and F'(R) >0, (11)

and they are obviously satisfied for the Starobinsky model
(4) for R > 0.

Differentiating the scalar potential V in Eq. (7) with
respect to ¢ yields

av dVd;( M3, F"+F’—F’_2)(F’— d;(
dp dydp 2 F? F3 do’
(12)
where we have
dy dydF dF |dF V2 F (13)
dp dF' dp dp/ dy 3MpF"
This implies
av 2F — yF'
2 (14)

dp MM g

Combining Egs. (7) and (14) yields R and F in terms of the
scalar potential V,

= [y ) o0 (1 3ormn). 9

[A\;;zZJrAz,[_V} exp (2\/§¢/Mp1). (16)

These equations define the function F(R) in the parametric
form, in terms of a scalar potential V(¢), i.e., the inverse
transformation to (7). This is known as the classical
equivalence (duality) between the F(R) gravity theories
(5) and the scalar-tensor (quintessence) theories of
gravity (10).

In the case of Starobinsky model (4), one gets the famous

potential
3, 2 :
—ZMle 1 —exp|{ — g(p/MPl . (17)

This scalar potential is bounded from below (non-negative
and stable), and it has the absolute minimum at ¢ =0
corresponding to a Minkowski vacuum. The scalar poten-
tial (17) also has a plateau of positive height (related to
inflationary energy density) that gives rise to the slow roll
of the inflaton in the inflationary era. The Starobinsky
model (4) is the particular case of the so-called a-attractor
inflationary models [21] and is also a member of the close
family of viable inflationary models of F(R) gravity,
originating from higher dimensions [22].

A duration of inflation is measured in the slow roll
approximation by the e-foldings number

V()
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N, 1/(”*‘/01 (18)

z— JR—
2 749,
My Jpos V

where ¢, is the inflaton value at the reference scale (horizon
crossing), and ¢, is the inflaton value at the end of
inflation when one of the slow roll parameters

colo) =22 (V)" ana i) =0 (). 019

is no longer small (close to 1).
The amplitude of scalar perturbations at horizon crossing
is given by [23]

4 V3 B 3m?
S 1222MG,(VL)? 8aPME,

sinh?* ( \/g;@]) . (20)

The Starobinsky model (4) is the excellent model of
cosmological inflation, in very good agreement with the
Planck data [24-26]. The Planck satellite mission mea-
surements of the cosmic microwave background (CMB)
radiation [24-26] give the scalar perturbations tilt as n, ~
1 4 2ny — 6ey = 0.968 4+ 0.006 and restrict the tensor-to-
scalar ratio as r = 16¢, < 0.08. The Starobinsky inflation
yields r~ 12/N2 ~0.004 and n, ~ 1-2/N,, where N, is
the e-foldings number between 50 and 60, with the best fit
at N, =~ 55 [27,28].

The Starobinsky model (4) is geometrical (based on
gravity only), while its (mass) parameter m is fixed by the
observed CMB amplitude (COBE, WMAP) as

m
m~3x108 GeV or —=x1.3x107. (21)
Mp

A numerical analysis of (18) with the potential (17)
yields [23]

2 4
@, /Mp~In|=-N, | ~5.5
2 2
and gcoend/Mm%ln ﬁ(4+3\/§) ~0.5, (22)

where we have used N, = 55.

IV. BI-MODIFIED STAROBINSKY MODEL

In accordance to (5), the modified gravity theory (3) has

F(R)_R+%(\/l+12ﬂR2—l>, (23)

where we have introduced the parameters g = 1/(eMp)
and # = 1/(e*M3,;). In this parametrization, our F-function
(23) exactly agrees with Eq. (37) of Ref. [13].

When assuming 128R? < 1, the function (23) gives rise
to the (R + R?) gravity model of Starobinsky in (4), as it
should. It allows us to identify

m

= 24m?

1
7 and ¢* = 24(
Pl

2
) ~4x 1070, (24)

where we have used (21). In terms of the dimensionless
quantities F' = F/M% and R = R/M?}, and the dimension-
less parameters

_ My

a =
MPI

and 7 = ea?, (25)

we have the dimensionless function,

F(R) =R +§a4(\/1 +12RY )7 - 1) (26)

A global shape of this function is given in Fig. 1.

The physical conditions imply the range R € [-1,1]
(i.e., up to the UV cutoff) and a € [0.01, 1] (i.e., between
the grand unification scale and Planck scale), so that
7 € 6.3 - [1077,107°]. The Starobinsky inflation takes place
for 0 < R < 7.

The function (23) is well defined for any values of R and
implies three physical regimes:

(i) the small curvature regime, where gravity is de-

scribed by the standard Einstein-Hilbert action,

(i1) the inflationary regime, where gravity is described
by Starobinsky (R + R?) action (4),

(iii) the high curvature regime, where gravity is again
described by the Einstein-Hilbert action, though
with the different (larger) effective Planck scale
Mbpietiective = Mpi (1 + 497 /+/3)"/? < 189Mp;  for
large positive values of R.

10°F(R)/Mp?
w

2
1 \
0
-4 -3 -2 -1 0 1 2 3
10°R /Mp)>
FIG. 1. The profile of the F(R) gravity function (23) for o = 1

and 772 = 10°. This value of the parameter 7 is only chosen to
demonstrate the global shape of the function.
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Static solutions to the F(R) gravity field equations with
R = const = R, follow from our Egs. (8) and (14) and are
given by solutions to the algebraic equation [29]

RF'(R) = 2F(R), (27)
In our case (23), with

89°R

V1 + 128R?

F(R)=1+ >0 forR>0, (28)

we find

8g2R2 492
N 120ﬂRg :RO+§<\/1 4 126R2 - 1) (29)

that gives rise to the condition

8 2
Ry |4(16g* — 3B)R3 + 324°R2 — Ry + %} =0. (30)

Besides the trivial solution Ry, = 0 corresponding to a
stable Minkowski vacuum, any other real positive solution
(Ry > 0) must obey the cubic equation,

aR} 4+ bR+ cRy+d =0, (31)

whose coefficients are a=4(16¢*—3p), b = 32¢*, c = —1
and d = 8¢*/(3p). By using the standard replacement,

b
=Ry+—, 32
y o+ 3a (32)
we can bring (31) to the canonical form,
¥ +3py+2q=0, (33)

where we have

ay 20 be d 4g7(1152¢° — 1044"5 + 275%)
1= 278 32 a” 275(164* — 3)° ’
(34)
and
_ b2 _ 4 4
3p:3ac ~ 9p—304g (35)

3> 12(16g* —3p)%

The number of real solutions depends upon the sign of the
cubic discriminant D = g*> + p? that in our case reads

_ (144¢" + B) (329" + 3p)?
b= 5184p%(16¢* —3p)* (36)

Since D > 0, there is only one real solution. Our numerical
studies show that this root R, is negative (e.g., with a = 1
we find Ry ~ —8.7 x 107" M3).

The second derivative of the F(R) gravity function (23),

8g°

F”(R) - W > 0, (37)

can be compared to the laboratory bound of the E6t-Wash
experiment [30], F”(0) <2 x 107® ¢cm?, or

g<0.5x1073 cm?, (38)

which is well satisfied because of (21) and (24).

V. SCALAR-TENSOR GRAVITY AND THE
INFLATON SCALAR POTENTIAL

It is instructive to study the same gravitational model (3)
in the dual (scalar-tensor gravity) picture defined by (7),
(9), and (10). The classical equivalence (duality) between
the F(R) gravity theories and their scalar-tensor gravity (or
quintessence) counterparts is well known; see, e.g., [31].

Our Eq. (9) implies

_ 3l —ervi)
\/16a2 —372(1 — e~ V2/3)?

where we have introduced the dimensionless inflaton field
@ = @/Mp,. Actually, (9) determines R? as the function of
@, and our sign choice in (39) comes from demanding a
plateau of the scalar potential at positive values of R.

In turn, our Eq. (7) yields

| X

, (39)

V1+12R* /7 -1
8a'7 7! (R/7) + /1 + 12R /%)
(40)

~ a4 ~
V= 3 1 + 12R?/7?

where we have introduced the dimensionless scalar poten-
tial V = V/M3,. The scalar potential V() is obtained via a
substitution of (39) into (40), while the value of the
parameter 7, according to Secs. III and IV, is given by
7263 x 10702,

A profile of the scalar potential is given in Fig. 2.

As expected, the scalar potential V(¢) has a plateau for
positive values of ¢ and R, which corresponds to
Starobinsky inflation (Sec. III). As is clear from (39),
the higher the values of ¢ and R are, the closer the potential
V(p) to the Starobinsky potential (17) with V., =
2m>M3, is. Hence, the BI structure does not play a
significant role for positive values of ¢ and R.

When formally sending ¢ — +oo in (39), we get R, =

7 > (. The scalar-tensor gravity description does
24/ 16a*-37* & y p

not exist for R > R,,. whereas the F(R) gravity
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105V ()8 2 Mpy*

0 Y’

-10 -5 0 5
@/ Mp)

FIG. 2. The profile of the V(¢) function (40) for a = 1 and
7 = 6.3 x 107> This function is not well defined for all values of
@. It reproduces the inflationary potential (17) for the relevant
values of @ (Sec. III). The infinite maximum occurs at ¢ ~ —0.6
that corresponds to R ~ —5 x 10~'°. The only minimum occurs at
$ ~ —6.5 that corresponds to the root Ry ~ —8.7 x 1077 found in
Sec. I'V. The wall on the left-hand side, where V sharply goes up
to infinity, appears at ¢ =~ —9.

description (26) is well defined there. This is an explicit
example of breaking the naive equivalence between the two
dual descriptions.

Though the scalar potential V(¢) cannot be trusted for
large negative values of ¢ and R, because of intense particle
production (reheating) starting near the absolute minimum
of the scalar potential, it is instructive to illustrate two more
breaking patterns of the naive equivalence between F(R)
gravity theories and scalar-tensor gravity theories in our
specific example.3

First, we observe the infinite maximum of the scalar
potential in Fig. 2. It happens when the expression under
the root in the denominator of (40) vanishes, that corre-
sponds to zero of F'(R) in (7) at a negative value of R.
Since this occurs at a finite value of R, it represents an
example of the broken correspondence, when the F(R)
gravity description is regular, but the scalar-tensor descrip-
tion is singular.

Second, yet another example of the broken correspon-
dence is given by the wall on the left-hand side of Fig. 2.
This wall appears when the expression under the root in the
denominator of (39) vanishes at a finite value of ¢ that gives
rise to the infinite values of R and the scalar potential V(¢),
although the value of V(R) remains finite. Beyond the wall,
the scalar-tensor gravity description does not exist in
our case.

VI. CONCLUSION

Our main results are given in Secs. IV and V. They
provide a viable extension of Starobinsky (R + R?) infla-
tionary model, motivated by the Born-Infeld structure in
supergravity, in turn, motivated by string theory.

Our considerations are formally based on Egs. (39) and (40)
only, ignoring Eq. (9).

Our physical motivation is to explore the range of
energies beyond the Starobinsky inflationary scale of
approximately 10" GeV up to the (reduced) Planck scale
of approximately 10'® GeV, by using the specific modified
gravity function (3) derived from the supergravity model
under our assumptions formulated in Sec. I.

The significant deviation between our modified F(R)
gravity model and Starobinsky (R + R?) gravity model
takes place only for very large positive curvature, with the
asymptotic R? gravity being replaced by the asymptotic
Einstein-Hilbert gravity having a larger effective Planck
scale. The corresponding values of the inflaton field are
trans-Planckian, so that the asymptotic gravity is supposed
to be considered with a grain of salt, because it may be
affected by quantum gravity effects.

On the other side, we found explicit examples of
breaking the naive correspondence between the F(R)
gravity theories and the scalar-tensor gravity theories in
our model. They are, however, of academic interest in the
inflationary physics context, because they occur at large
negative values of the curvature.
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APPENDIX: SUPERGRAVITY WITH BI
STRUCTURE IN SUPERSPACE

The supersymmetric extension of the (R + R?) gravity
(with Maxwell structure) in the new-minimal formulation
of N = 1 supergravity is given by Eq. (38) of Ref. [13] in
the superconformal tensor calculus. In curved superspace,
with Mp = 1, the Lagrangian reads [32,33]

L= /d2®25<—13—61'>2VR +£W“(VR)W0,(VR)> 1 Hec.,

(A1)

where Vg is the gauge multiplet of SUSY algebra,
representing the new-minimal set of supergravity field
components, W, is its superfield strength, and y ~ e™2 is
the R?> parameter. The superfield Vi has the following
bosonic components (in a Wess-Zumino gauge):

IZ_)&D(IVR| = zo-gqum’

— 32
DZDZVRl - ?bmAm + 16DR, (AZ)
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where A,, is the (dynamical) gauge field,

D _1! R—|—3B B"
R_3 D) m

is the gravitational D-term, and B,, is the auxiliary
vector field of supergravity multiplet. The old-minimal
set of supergravity is also present via £ and R that is
hidden in the definition of the superfield strength W,=
- (D> -8R)D,Vk.

After identifying the “old” auxiliary field b,, with the
“new” auxiliary field B,, as b,, = —%Bm, we can expand
the Lagrangian (A1) as follows:

1 3 3 1
- =—R+>B,B"—=-B,A"——F, F"
e 2 +4 m 2 m 462 mn
2 3 2
+—=|R+5B,B" ) +---, (A3)
e 2
|
1 3 3
-1l =—_R+>B,B"—=B, A"
L =R+ BuB" =3By

where we have kept only the relevant terms. When allowing
the superfield V to be massive (or not using a WZ gauge),
the complex scalar M of the old-minimal set [12] also
appears.

The BI extension of the supergravity theory (A1) can be
written down as follows:

L= <—13—6 / d*@2ED*Vy +H.c.> +£ / d*OEW> WA,
(A4)

where the BI structure function A is given by (see, e.g.,
Ref. [9])

A= K ,

1+z<(a)+cb)+\/1+K(w+&))+’1—z(a)—@)2

(AS)

with @ = D?W?/8 and the BI coupling x = b=2 = Mz}.
The Lagrangian (A4) can be expanded as

M, 3 3 2 3\2, .
2y 1l-——F—(F>-8(R+=B,B" —— | (FF)? -1
e O O I e

where we have kept only the relevant terms. Using B,, = F,,, = 0 as a solution, we get (3).
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The N = 1 supersymmetric Born—Infeld theory coupled to N = 1 supergravity in four
spacetime dimensions is studied in the presence of a cosmological term with spontaneous
supersymmetry breaking. The consistency is achieved by compensating a negative contribu-
tion to the cosmological term from the Born—Infeld theory by a positive contribution originating
from the gravitino condensate. This leads to an identification of the Born—Infeld scale with
the supersymmetry-breaking scale. The dynamical formation of the gravitino condensate in
supergravity is reconsidered and the induced one-loop effective potential is derived. Slow-roll
cosmological inflation with the gravitino condensate as the inflaton (near the maximum of the
effective potential) is viable against the Planck 2018 data and can lead to the inflationary (Hub-
ble) scale as high as 10'2 GeV. Uplifting the Minkowski vacuum (after inflation) to a de Sitter
vacuum (dark energy) is possible by the use of the alternative Fayet—Iliopoulos term. Some major
physical consequences of our scenario for reheating are also briefly discussed.

Subject Index B11, B12, B16, B32, E81

1. Introduction

The gravitino condensate and the gravitino mass gap in N = 1 supergravity [1] coupled to the
Volkov—Akulov field [2] in four spacetime dimensions arise as the one-loop effect due to the quartic
gravitino interaction coming from the gravitino contribution to the spacetime (con)torsion [3,4]. This
is similar to the Nambu—Jona-Lasinio model [5] of the dynamical generation of electron mass and the
formation of Cooper pairs near the Fermi surface in superconductivity. The dynamical gravitino mass
also leads to a positive contribution to the vacuum energy and, hence, the dynamical supersymmetry
breaking too [6]. Given the standard (reduced) Planck mass as the only (dimensional) coupling
constant, the gravitino mass gap should be of the order of the Planck scale also, which prevents
phenomenological applications of the gravitino condensate to physics under the Planck scale.
However, the effective scale of quantum gravity may be considerably lower than its standard value
associated with the (reduced) Planck mass Mp; = 1/4/87GN ~ 2.4 x 10'8 GeV. This may happen
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because the effective strength of gravity can depend upon either large or warped extra dimensions
in the braneworld, or the dilaton expectation value in string theory, or both these factors together
[7-9].' The negative results of the Large Hadron Collider (LHC) searches for copious production of
black holes imply that the low-scale gravity models may have to be replaced by high-scale gravity
(or supergravity) models, whose effective Planck scale Mp; is much higher than the TeV scale but is
still under the standard scale Mpy, i.e.

1 TeV <« Mp; < Mpy. (D

This can be of particular importance to the early Universe cosmology, where the Newtonian limit
does not apply, as well as for high-energy particle physics well above the electroweak scale.

In this scenario, supergravity may play the crucial role in the description of cosmological infla-
tion, reheating, dark energy, and dark matter; see, e.g., Ref. [11] and the references therein. For
instance, it is unknown which physical degrees of freedom were present during inflation, while
supergravity may be the answer. Describing inflation and a positive cosmological constant (dark
energy) in supergravity is non-trivial, especially when one insists on the minimalistic hidden sector.
Inflation is driven by positive energy so that it breaks supersymmetry (SUSY) spontaneously. As a
(model-independent) consequence, the goldstino should be present during inflation in supergravity
cosmology. The goldstino effective action is universal and is given by the Akulov—Volkov (AV)
action up to field redefinition [12,13]. As was demonstrated in Refs. [14,15], the viable description
of inflation and dark energy in supergravity can be achieved by employing an N = 1 vector multi-
plet with its N = 1 supersymmetric Born—Infeld (BI) action [16] in the presence of the alternative
Fayet—Iliopoulos (FI) term [17-21] without gauging the R-symmetry.?

In this paper we also employ an N = 1 vector multiplet with its N = 1 supersymmetric BI
action that automatically contains the goldstino (AV) action, but we choose the gravitino condensate
as the inflaton. A dynamical SUSY breaking is achieved at the very high scale with the vanishing
cosmological constant. The extra (FI) mechanism of spontaneous SUSY breaking is then used to
uplift a Minkowski vacuum to a de Sitter (dS) vacuum.

The BI theory has solid motivation. It is expected that Maxwell electrodynamics does not remain
unchanged up to the Planck scale, because of its internal problems related to the Coulomb singularity
and the unlimited values of electromagnetic field. This motivated Born and Infeld [26] to propose
the non-linear vacuum electrodynamics with the Lagrangian (in flat spacetime)

Lpy = _M}gl\/_ det (mw +MB_12F,W) = —Mg; — 3F7 + O(FY, (2)

where 1., is the Minkowski metric, F};, = 0,4, —0,4,,and F’ 2 wv- The constant term on the
right-hand side of Eq. (2) can be ignored in flat spacetime. The Bl theory has the new scale Mgy whose
value cannot exceed the GUT scale where electromagnetic interactions merge with strong and weak
interactions. On the other hand, we need Mp| < Mpl in order to ignore quantum gravity corrections.
The BI theory naturally emerges (i) in the bosonic part of the open superstring effective action [27],

! The effective Planck scale may also be dynamically generated [10].

2In Refs. [22-24], the N = 1 massive vector multiplet, unifying the Starobinsky inflaton (scalaron) [25]
and the goldstino (photino), was used together with the BI action, the FI term, the chiral (Polonyi) multiplet
representing the hidden SUSY-breaking sector, and the massive gravitino as the lightest SUSY particle (LSP)
for dark matter.
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(i1) as part of the Dirac—Born—Infeld (DBI) effective action of a D3-brane [28], and (iii) as part of the
Maxwell-Goldstone action describing partial supersymmetry breaking of N = 2 supersymmetry to
N = 1 supersymmetry [29,30].> The peculiar non-linear structure of the BI theory is responsible
for its electricmagnetic (Dirac) self-duality, taming the Coulomb self-energy of a point-like electric
charge, and causal wave propagation (no shock waves and no superluminal propagation)—see, e.g.,
Refs. [39,40] and the references therein for a review and non-Abelian extensions of BI theory. All
this adds more reasons for using the BI structure.

In a curved spacetime with metric g,,, the BI action is usually defined as the difference between
two spacetime densities,

SBI,standard = M]g] / d4x |:\/ - det(guv - \/_ det <g/w + M§]2FMU> :|, (3)

where the first term has been added “by hand” in order to eliminate the cosmological constant
arising from the second term and in Eq. (2). In this paper we propose the gravitino condensation
as the origin and the mechanism of such cancellation in the supergravity extension of the BI theory
with spontaneously broken SUSY.

The N = 1 (rigid) supersymmetric extension of BI theory is also self-dual [41]. The supersymmet-
ric BI theory coupled to N = 1 supergravity [i.e. the locally supersymmetric extension of Eq. (3)]
was constructed in Ref. [42].

Our paper is organized as follows. In Sect. 2 we provide more details on how to deal with a
cosmological constant and spontaneous supersymmetry breaking in the context of a supersymmetric
BI theory coupled to supergravity, and relate the BI scale to the spontaneous SUSY-breaking scale.
Most of the comments in Sect. 2 are known in the literature and are recalled to justify the consistency
of our approach. In Sect. 3 we study the dynamical gravitino condensate arising from the one-loop
effective action of pure supergravity, and investigate the induced scalar potential. Slow-roll inflation
with the gravitino condensate playing the role of inflaton is studied numerically in Sect. 4. Uplifting
the Minkowski vacuum to a de Sitter vacuum using the alternative FI term is proposed in Sect. 5.
Our conclusion is presented in Sect. 6. We use the supergravity notation of Ref. [1].

2. Spontaneous SUSY breaking, AV and BI actions, and their coupling to
supergravity

We recall that the AV Lagrangian in flat spacetime is given by [2]

i - o
Lay = —Mg,, det <ag + Ww“a,,x) = —Mg, — 5y - 90+ OOY), (4)
susy

where A (x) is a Majorana fermion field of spin 1/2. This fermionic field is called the goldstino because
the AV action has spontaneously broken non-linearly realized rigid SUSY under the transformations

Sh=M2 e+ M%(éy“x)aax 5)

susy
susy

3 See Refs. [31-34] for the extensions of BI theory to extended supersymmetry and higher dimensions.
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with the infinitesimal Majorana spinor parameter ¢, so that the goldstino is indeed a Nambu—
Goldstone fermion. The AV theory of Eq. (4) has the spontaneous SUSY-breaking scale Mysy .

A coupling of the AV action to supergravity is supposed to generate a gravitino mass via the so-
called super-Higgs effect [ 1] when the gravitino “eats up” the goldstino and thus gets the right number
of physical degrees of freedom. However, it is impossible to couple the AV action to supergravity
in a manifestly supersymmetric way (i.e. with the linearly realized SUSY) when using standard
supermultiplets or unconstrained superfields because of the mismatch in the numbers of bosonic and
fermionic physical degrees of freedom.* We embed the goldstino into a standard vector supermulti-
plet, i.e. identify the goldstino with the photino, and use an N = 1 supersymmetric BI action for the
vector multiplet, because it is well motivated at very high energies and includes the goldstino AV
action up to a field redefinition [12,13].

The supersymmetric extension of the BI action in Eq. (3) minimally coupled to supergravity in
curved superspace of the (old-minimal) supergravity (in a superconformal gauge) with a vanishing
cosmological constant, and the vanishing gravitino mass is given by

w22
1+ 4+ /14+4+ 182 ©)

A= My (D*W? +he), B= My (D*W?—hec),

SspilV1=4 < / d*xd*0EW? + h.c.) + I / d*xd*0d*6E

where £ is the chiral (curved) superspace density, £ is the full (curved) superspace density, D are
the covariant spinor derivatives in superspace, W is the chiral gauge-invariant field strength,

Wy = —3 (D> —4R) D, V, (7

of the gauge real scalar superfield pre-potential V' describing an N = 1 vector multiplet, R is the
chiral (scalar curvature) supergravity superfield, W? = W*W,, and D> = D*D, [1].
The action in Eq. (6) is obtained from the standard (Bagger—Galperin) action [29]

— 1 R S

SealW, 1= ; / d*xd*0 X +he., X+ v XD'X = w? (®)
BI

in terms of the constrained chiral superfield X after solving the constraint in Eq. (8) and then

minimally coupling the resulting action with the supergravity in curved superspace [19,39], where

a
n

(ez, Y, M, by), with v, as the Majorana gravitino field, whereas the complex scalar M and the real
vector field b,, are the auxiliary fields.’

the spacetime metric g, is replaced by the vierbein ef, and is extended to an off-shell supermultiplet

The gauge vector (photon) field 4, is extended in SUSY to an off-shell (real) gauge vector multiplet
(or a general real superfield) V' with the field components

V:(C’X>H5A[L3)“3D)a (9)

where A is the Majorana fermion called the photino, D is the auxiliary field, while the rest of the
fields (C, x, H) are the super-gauge degrees of freedom that are ignored in what follows.

4 The manifestly supersymmetric description is, nevertheless, possible at low energies when embedding the
goldstino into the constrained chiral superfield X obeying the nilpotency condition X? = 0 [35-38]. We avoid
that goldstino superfield because it is problematic at higher energies and in quantum theory.

5 The auxiliary fields of the supergravity multiplet do not play a significant role in our investigation and are
ignored below.
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Disturbing the action in Eq. (6) by adding a negative cosmological constant —Mél to restore the
original BI action in Eq. (2) explicitly breaks SUSY, which, however, can be restored by modifying
the action and the SUSY transformation laws [6,21]. As a result, it was found that the deformed
(new) BI action cannot have a non-vanishing cosmological constant but can have a spontaneously
broken local SUSY with a non-vanishing gravitino mass related to the SUSY-breaking scale Mp;.
This does not explain, however, the physical origin of the necessary compensating positive term
+M§I. We explain its origin by gravitino condensation (Sect. 3). To illustrate those features, we add
a few simple arguments below.

In order to cancel the SUSY variation of the cosmological constant multiplied by \/W =e
due to SSusyeZ = —iMIq ! (ey“*y,,) with the infinitesimal SUSY parameter £(x), we have to add the
photino—gravitino mixing term

Mg -
—ie—=—(y"yr,) (10)
Mp) :

to the Lagrangian, and simultaneously demand the supersymmetric variation of the photino X as
Ssusyh = Mg + -+, (11)

where the dots stand for the other field-dependent terms. The identification of the photino A with the
goldstino of the spontaneously broken local SUSY already requires

Mpg| = Msusy (12)

by comparison of Egs. (5) and (11). This may be not surprising after taking into account that the
initial (rigid) Bagger—Galperin action of Eq. (8) has a second (spontaneously broken and non-linearly
realized) SUSY whose transformation law is similar to that of Eq. (5). However, our deformed
super-BI action in supergravity does not respect another SUSY by construction.

The SUSY-restoring deformation comes together with the gravitino mass term having the mass
parameter m> = %Mé‘l /]\711%1, and the modification of the gravitino SUSY transformation law as
Ssusy ¥ = —2MP1(D“8 + %myu) + ---. This also implies (by local SUSY) the presence of the
goldstino mass term in the Lagrangian with the same mass parameter m [6]. Hence, the super-Higgs
effect is in place.

The recovery of the AV action from the super-BI action is possible by identifying the goldstino A,
with the leading field component of the superfield W, and projecting the other fields out, F,,(4) =
D =, = 0 in the absence of gravity, ¢j, = §;;. Then, the action in Eq. (8) reduces to the AV
action in Eq. (4) up to a field redefinition in the higher-order terms—see Ref. [43] for details. The
same conclusions are supported by the superconformal tensor calculus in supergravity [44]. In our
approach, the AV action is thus the fermionic fragment of the supersymmetric BI theory coupled
to supergravity with the spontaneously broken SUSY at the scale Mp;. In Sect. 3 we concentrate
on the pure supergravity sector of our theory, ignoring the gravitino—photino mixing (i.e. taking
into consideration only spin-3/2 gravitino components), just for simplicity. Accounting of a spin-1/2
photino contribution is beyond the scope of our investigation in this paper.
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3. One-loop effective action and gravitino condensate

The classical supergravity Lagrangian Lsuygra besides the Einstein—Hilbert and Rarita—Schwinger

terms,
M2
Ley = —TmeR (13)
and
Lrs = =76 ¥ y57,Davrp, (14)
respectively, also has the quartic gravitino coupling,
11 r— 7 7 -
Lauartic = T6Mp” (0" = Wuysv'™?] = M @ ysypt, (15)
originating from the spacetime (con)torsion in the covariant derivative of the gravitino field in its

kinetic term in the second-order formalism for supergravity [1].°

Since the supergravity action is invariant under the local SUSY, whose gauge field is ¥, one can
choose the (physical) gauge condition y#v,, = 0, which implies (&ME’“wv) = —%I}MW‘, in the
notation X, = %[y“, yV]_, and rewrite the (non-chiral) quartic gravitino term in Eq. (6) as

quamc = V1M, Pl p(‘/’uzuvwv) - :0 > (16)

where the real scalar field p has been introduced. As is clear from Eq. (16), a gravitino condensate
leads to a non-vanishing vacuum expectation value (VEV), (p) = pg9 # 0, whereas pg contributes
to the gravitino mass.

The one-loop contribution to the effective potential Vi-jo0p(0) of the scalar field p together with
its kinetic term arise after quantizing the gravitino sector and taking the Gaussian integral over v/,
in the gauge y#, = 0. This yields the one-loop contribution to the quantum effective action in the
standard form,

Tl-toop = —7TrIn A(p), (17)

where A(p) stands for the kinetic operator in the gravitino action, and the interaction with gravity
is ignored (ej, = d,). The one-loop contribution to the p-scalar potential [i.e. the terms without the
spacetime derivatives in Eq. (17)] was first computed in Refs. [3,4], with the result

M 2n 4 A 5 2
Z(\/_ il T(Pabp)z”} =—(2n)4/ dpn (HllMﬁzz_Z)

V- -loop = hm |:_

2V
(18)
in terms of the standard massless gravitino propagator (in momentum space)
Lyoy"puy.
L e (19)
P

the spacetime four-volume regulator V, and the ultraviolet (UV) cutoff A, with the trace Tr acting
on all variables.

® We separate the quartic terms from the minimal term in Eq. (14).
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The one-loop contribution in Eq. (17) expanded up to the second order in the spacetime derivatives
also yields the p-kinetic term subject to the wave function renormalization (i.e. with the Z factor), so
that the initially auxiliary scalar field p becomes dynamical with a mass M,.. The specific calculations
can be found in the literature [3,4,45—47], and the effective potential reads’

A 2
/ d*p In <1 + 11MP_12]7). (20)
Our result of taking the four-dimensional integral in Eq. (20) is given by (cf. Refs. [3,4])

1 | 121p* M2 A2 11p2A2 11p?
V(;O)=,02+—{M—fln(1+ Pl )— PR M1+ @n

2 ) ) "2 2
8 Pl p My, Mp A

V(p) = Velassical (0) + Vi-loop(p0) = p2 — W

The logarithmic scaling of the wave function renormalization of p in the one-loop approximation
yields the factor proportional to In <2—;>, where w is the renormalization scale. Hence, the canonical
(physical) scalar ¢ is given by [46]

A2 -
¢ = const._[In (?)MP_II'O = wMpio, (22)

where we have introduced the dimensionless (renormalization) constant w as the parameter. We also
use the other dimensionless quantities

o =My’p, My'A=A, and My'Mp =a, (23)

which allow us to rewrite the full scalar potential as

Pt =o? — L&t (14 220 S iiotn (14 A0 ) 4 110282 40t (24

(0)Mp, _0_871_2 n +[~\2 — o"In +1102 + 1lo +a”, (24)
where we have added the contribution of the first term on the right-hand side of Eq. (2).

The scalar potential of Eq. (24) has the double-well shape and is bounded from below, see Fig. 1,

provided that

~5 47'[2 ~ 27
A° > ETE ~359, or A>—~1.89. (25)

V11

There is a local maximum at p = o = 0 with the positive height Mél. A similar potential near its
maximum was used for describing slow-roll inflation with the inflaton field ¢ [46]; see Sect. 4 for
more. There are also two stable Minkowski vacua at p. % 0.

According to the previous section, supersymmetry requires the scalar potential of Eq. (24) to vanish
at the minimum, i.e. V' (o.) = 0. In addition, according to Eq. (16), po. # 0 determines the gravitino
mass

m32 = N11pc/Mp; = ~/11Mpioe. (26)

" The quantum effective action may have the imaginary part (sometimes lost in perturbation theory) that
contributes to the decay of the gravitino condensate after inflation. Our considerations are limited to the
inflationary era by assuming the scale of the imaginary part to be much less than the scale of inflation.
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Fig. 1. The profile of the V' (o) function in Eq. (24).

The non-vanishing values of p. and o, are determined by the condition dV'/d (62) = 0, which
yields the transcendental equation

2

A2 -
121072 In (1 + 4 ) =11A% — 472 > 0. (27)
GC

The hierarchy between the inflationary scale Hy,r, the BI scale Mp], the SUSY-breaking scale
Mysy, the (super-)GUT scale Mgur, the effective gravitational scale Mpy, and the Planck scale Mp;
in our approach reads

Hiyr, <K M) = Msusy ~ Mgur ~ MP] < Mpy, (28)

where “much less” means two to three orders of magnitude “less” (in GeV), and “approximately”
means the same order of magnitude; see the next section for our numerical estimates. As regards the
GUT scale, we take Mgyt ~ O(101) GeV.

4. Gravitino condensate as inflaton

A slow-roll inflation induced by gravitino condensation in supergravity was proposed and studied by
Ellis and Mavromatos in Ref. [46]. Since our induced scalar potential differs from that of Ref. [46],
we reconsider this inflation here by using A and w as the phenomenologically adjustable parameters.
A slow roll is possible near the maximum of the scalar potential of Eq. (24). Since the height of the
potential at the maximum is related to the inflationary Hubble scale Hj ¢ by Friedmann equation,

Vinax, = 3M3H? (29)

inf.>

the value of Hi,r. /Mpj is suppressed by the factor (A7[p1 /Mp])z. On the other hand, the inflationary
Hubble scale is related to the cosmic microwave background (CMB) tensor-to-scalar ratio » as

H.
i 1.06- 10747 (30)
Pl

In turn, r is restricted by Planck (2018) measurements [49] as < 0.064 (with 95% CL), which
implies Hipr, < 6 - 1013 GeV. Therefore, the ratio (Mpl /Mpy) should be of order 1022103« 1
for viable inflation. This justifies our setup in Sect. 1. We define the dimensionless parameter y as
(Mpl/Mpl) = 10*3/)/, where y is of order one.
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Fig.2. The running of the slow-roll parameter  for y = 0.5 and w = 13.

In our numerical calculations we have chosen the cutoff scale A = 3, so that the restriction in
Eq. (25) is satisfied. Then, Egs. (24) and (27) imply that

VimaxMp* = 0.245 and  ocr. = W™ (der./Mp1) = 0.722. (31)
In turn, this yields the gravitino mass m3,; and the gravitino condensate mass mcong. as follows:
m3p = 2.39Mp; and  migond. = my = +/8/11m3), = 2.038Mp. (32)

We numerically studied the running of the slow inflationary parameters ¢ = %Mgl(V/ /V)? and
n= Mgl(V’ '/ V') with respect to the inflaton field ¢ for values of the parameter y of 0.1, 0.5, and 1,
and found that ¢ is always under O(10™%) so that it can be ignored within the errors of the Planck
2018 data. Then the value of the scalar index ng = 1 — 6¢ 4+ 2n = 0.9649 £ 0.0042 (with 68%
CL) [49] can be reached with n = —0.0177 at the horizon crossing by using the parameter w of
order one. There are no additional constraints on the parameters y and w from demanding that the
e-folding number,

1 ¢end V
N, = —— —do, 33
g M%/% o (33)

be between 50 and 60, as is desired for viable inflation, when assigning the inflaton field ¢ /Mp; to run
somewhere between 0 and 5 during inflation. The running of the slow-roll parameter 7 is displayed
in Fig. 2.

In summary, our results qualitatively agree with those of Ref. [46], but quantitatively allow con-
siderably higher values of & and r up to order O(10~%), contrary to the O(10~8) of Ref. [46],
with Planckian values of the inflaton ¢ during inflation, contrary to its sub-Planckian values of
O(1073)Mp in Ref. [46]. Hence, the inflationary scale Hiyr. can be as high as 102 GeV versus the
1019 GeV of Ref. [46].

5. Adding the FI term

In order to uplift the Minkowski vacuum to a de Sitter vacuum (dark energy) in our approach, we
need an extra tool of spontaneous SUSY breaking. In the BI theory (without chiral matter) coupled

9/13

020z Atenuer 2z uo Jasn Aseiqi] sonewayiely Ausiaaiun ueyjodosya|\ oANo1 Aq 2981 /G/S0GE L0/ L/020ZA2BSqe-ajo1e/dayd/wod dnoolwapede//:sdiy woly papeojumoq



PTEP 2020, 013B05 R. Ishikawa and S. V. Ketov

to supergravity such a tool can be provided by the (alternative) FI terms [18—21] that do not require
the gauged R-symmetry, unlike the standard FI term [17] whose extension to supergravity is severely
restricted [48].

The (Abelian) gauge vector multiplet superfield ' can be decomposed into a sum of the reduced
gauge superfield V including the gauge field 4,,, and the nilpotent gauge-invariant goldstino superfield
G that contains only th egoldstino A and the auxiliary field D [19],

V=V+G, G =0. (34)

The simplest examples of the goldstino superfield are given by [18,19]

w2w?
g1 = _4W(DW) (35)
and
w2w?
Gy = —4W7 (36)

respectively, in terms of the standard N = 1 gauge superfield strength

Wy = —% (D? — 4R) DoV, (37)

where R is the chiral scalar curvature superfield. The W, obeys the Bianchi identities
DW =0 and D.WY=DW =D*W, =DW. (38)

The field components are given by W,| = Ay, DW| = —2D, and D, W,g)| = i(a“b)aﬁFab + .-
The difference between the superfields G| and G, is only in the gauge sector, and is not essential for
our purposes here.

The extra FI term with the coupling constant & = 0 is given by

Spr = £ / d*xd*0EG, (39)

where E is the supervielbein (super)determinant [1]. This FI term is manifestly SUSY- and gauge-
invariant, does not include the higher spacetime derivatives of the field components, but leads to the
inverse powers of the auxiliary field D (up to the fourth order) in the non-scalar sector of the theory.®
Integrating out the auxiliary field D leads to a positive contribution to the cosmological constant,

Ve = 152 >0 (40)

Matching Ve with the observed cosmological constant allows us to include a viable description of
the dark energy into our approach. The phenomenological values of the cosmological constant and
the related contribution (£) to the VEV of the auxiliary field D are tiny, so that they do not affect our
considerations of the high-scale SUSY breaking in the previous sections.

8 The limit £ — 0 does not lead to a well-defined theory, so that (D) = & must be non-vanishing.
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The nilpotent goldstino superfield G introduced above is composed of the usual (standard) super-
fields and, hence, is very different from the intrinsically nilpotent goldstino superfield introduced in
Refs. [35-38].

As the FI term affects the quartic and higher-order terms with respect to the gauge field and its
fermionic (spin-1/2) superpartner, back reaction of the FI term on the effective action should be
examined (work in progress). This should be done together with quantum renormalization of those
terms and, perhaps, requires a field-dependent FI parameter &£. The D-type scalar potential and the
associated dark energy are expected to be unaffected because of cancellation of (perturbative) quartic
and quadratic (ultraviolet) divergences due to supersymmetry of the action.

6. Conclusion

The gravitino condensate can be considered as a viable candidate for the inflaton in supergravity,
when assuming the effective (quantum) gravity scale to be close to the (super-)GUT scale that is also
close to the SUSY-breaking scale in our approach, with all scales close to 10!> GeV. Actually, in this
scenario we have the hyper-GUT where all fundamental interactions merge, including gravity. At
the same time, it is the weak point of our calculations because we ignored (other) quantum gravity
corrections.

The inflationary (Hubble) scale is well below the GUT scale, and can be as large as 10'> GeV. The
gravitino mass is above the inflationary scale, so that there is no gravitino overproduction problem in
the early Universe. The constraints from proton decay and big bang nucleosynthesis are very weak
because of high-scale SUSY. Then, SUSY is not a solution to the hierarchy problem with respect to
the electroweak scale. This is similar to the setup studied in Refs. [50,51]. Our scenario is consistent
with the known Higgs mass of about 125 GeV after taking into account the extreme possible values
of the gaugino mixing parameter tan 8 in the context of SUSY extensions of the Standard Model
[52].

As regards reheating after inflation, the inflaton (gravitino condensate) field decays into other
matter and radiation, which is highly model dependent, as usual. Unlike Ref. [24], the inflaton as
the gravitino condensate cannot decay into gravitinos because Eq. (32) leads to the kinematical
constraint 2m3,2 > mcong.. It also implies that the gravitino cannot be a dark matter particle in this
scenario. A detailed study of reheating requires knowledge of the couplings of the gravitino and
gravitino condensate to the Standard Model particles, which is beyond the scope of this paper.
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