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Spatial damage sensing ability of metallic particulate-reinforced
cementitious composites: Insights from electrical resistance tomography
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H I G H L I G H T S

• Spatial damage sensing ability of metal-
lic waste iron powder-incorporated ce-
mentitious systems is evaluated

• Evaluation of spatial damage sensing
ability is performed using electrical re-
sistance tomography (ERT)

• Spatial damage sensing ability improves
progressivelywith increase in iron pow-
der content

• Iron powder content 30% or greater (Ce-
ment-replacement) shows sufficient
spatial damage sensing ability
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The paper evaluates the spatial damage sensing ability of self-sensingmortars containing up to 40%wastemetal-
lic iron powder by volumeas cement-replacement. The spatial damage-sensing ability is evaluatedusing a frame-
work that integrates the electrical resistance tomography (ERT)-based conductivity reconstruction algorithm
with multiscale numerical homogenization with a view to enable microstructure-guided design of such self-
sensing composites. The ERT-based framework uses experimentally measured boundary electrode voltages as
input; assigns the effective conductivity of the composite (obtained from numerical homogenization) as initial
estimate of the conductivity distribution and initiates the iterative process involving the well-posed forward
model and the ill-posed inverse problem to obtain the conductivity map in the damaged configuration. The re-
constructed damagemaps, thus obtained, confirm sufficient spatial damage-sensing ability ofmortars containing
30% or greater amount of iron powder validating the applicability of such self-sensing composites towards spatial
damage sensing for health monitoring of structures.

© 2019 The Authors. Published by Elsevier Ltd. This is an open access article under the CC BY-NC-ND license
(http://creativecommons.org/licenses/by-nc-nd/4.0/).
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1. Introduction

Spatial damage sensing imparts valuable information on the reliabil-
ity and safety of the structures. It can save the structures from cata-
strophic failures and can prevent immense loss of life and property

[1,2]. Various non-destructive testing (NDT) techniques such as ultra-
sound testing, radiographic tests (X-ray) etc. have been traditionally
used towards costly routine inspections for maintenance of these struc-
tures. However, such frequent routine inspections are impractical and
very expensive for large structures in the long-term. Hence, a real-
time damage-sensing approach would be beneficial under such scenar-
ios. For real-scale industrial structures, use of multifunctional compos-
ites is gaining popularity for strain-sensing applications [3–5].
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Electrical responses of such conductive composites have been shown to
be sensitive to strain [6–13] and defects or damage [9,13–15]. Bulk elec-
trical response obtained from electrical impedance spectroscopy (EIS)
has been used for detection of cracks [16,17], fiber distributions
[18,19], fiber orientations [20], and corrosion rate of reinforcing bars
[21–24] in conductive cementitious composites. While several conduc-
tivefibers such as steel fibers [25,26], carbon fibers [27,28],multi walled
carbon nanotubes (MWNT) [29,30] have been used to obtain strain-
sensing ability in cementitious matrices, this paper incorporates metal-
lic waste iron powder in mortars towards spatial damage-sensing. This
waste iron powder is an industrial byproduct and it is generated in large
quantities in electric-arc furnace (EAF) steel production facilities and
shot-blasting operations of structural steel sections [31]. Traditionally,
this waste iron powder is landfilled since it is not economically feasible
to recycle steel from thewaste powder [32]. Severalmillion tons of such
waste product is being landfilled all over the world. Such waste iron
powder-incorporated cementitious composites have been shown to ex-
hibit significantly improved fracture resistance [31,33,34] and strain-
sensing ability [35] thereby achieving a multi-functional status. While
the strain-sensing ability of the waste iron powder-incorporated ce-
mentitious composites has been demonstrated using bulk-electrical re-
sponse in [35], this study employs an electrical resistance tomography
(ERT)-based reconstruction algorithm [29,36–38] to evaluate the appli-
cability of such composites towards spatial damage sensing. In ERT, sev-
eral electrode pairs, attached to the surface of the sample, measure
potential differences in response to an injected current and a spatial
conductivity distribution map is obtained by solving an ill-posed prob-
lem [38–40]. ERT has been applied in traditional cementitious compos-
ites towards evaluation of moisture transport [41,42] and crack
detection [36,43]. ERT has also been applied in recent years towards sur-
face damage detection [29,44,45] and strain-sensing [46] applications in
self-sensing concretes [29] for structural healthmonitoring (SHM). ERT-
based spatial damage sensing usually requires a pre-damaged (pristine
condition) reference conductivity map. Electrical resistance tomogra-
phy (ERT) has been successfully employed for imaging of moisture
flow in cement-basedmaterials [47,48]. ERT has also been used to eval-
uate chloride ingress in cementitious systems [49]. Besides, ERT-based
sensing skins have been shown to detect surface damage patterns reli-
ably in concrete structural members [50]. ERT has also been used for as-
sessment of cracks in concretes [51,52] and fly ash-modified
cementitious systems [53]. In this paper, the ERT-based image recon-
struction framework is integrated with a numerical module [30] that
performs numerical homogenization at different length scales based
on known microstructural features of the material. The effective con-
ductivity, thus obtained from multiscale numerical simulation serves
as baseline reference conductivity of the pre-damaged configuration
(pristine condition) that can serve as an input in realistic SHM applica-
tions. The baseline conductivity, thus obtained, is subtracted from con-
ductivity map of the damaged configuration, obtained from the ERT
framework, to generate spatial damage maps which are employed to
evaluate the influence of metallic waste powder incorporation on the
spatial damage sensing ability of mortars. Thus, the spatial damage-
sensing framework integrates the ERT-based conductivity reconstruc-
tion algorithm with multiscale numerical homogenization module
with a view to offer robustness and flexibility so as to enable tailoring
of the material microstructure at different length scales for efficient de-
sign of such self-sensing metallic particulate-reinforced cementitious
composites.

2. Experimental program

2.1. Materials and mixtures

The cement used for the experiments is commercially available Type
I/II ordinary portland cement (OPC) conforming to ASTM 150 [54]. The
chemical composition of the oxides of different elements in the OPC is

detailed in [33]. Metallic waste iron powder, obtained from industrial
shot-blasting facility, is used in this study to replace OPC partially in
the mortars. The iron powder primarily contains 88% Iron (Fe) and
10% oxygen (due to atmospheric oxidation) [31,33]. Traces of Cu, Mn
and Ca are also present in the iron powder [31,33]. The median size of
the iron particles in the powder is 19 μm [32,33,55]. Five different mor-
tar mixtures were prepared with constant sand (median particle size
600 μm) volume of 50%. While the control mortar does not contain
any iron powder, the other four mixtures contain 10, 20, 30 and 40%
iron powder by volume as OPC-replacement. A water-cement ratio of
0.5 (mass-based) was used to prepare all the mixtures. This study
does not consider water-to-cement ratio lower than 0.5 since suchmix-
tures with lower water content do not show desirable rheological prop-
erties especially for the mixtures containing higher dosage of iron
powder. The particle size distributions for OPC, sand and iron powder
are shown in Fig. 1. These particle size distributions are obtained from
laser diffraction analysis.

While mortar mixtures were used for spatial damage sensing (ERT),
companion paste mixtures were used for characterization of bulk elec-
trical response (electrical conductivity) evaluation as well as for micro-
structural observations. For spatial damage sensing, cylindrical discs of
diameter 50 mm and thickness 10 mm were prepared using mortar
mixtures. Circular holes of radii 1 cm are drilled in the mortar discs
1.8 cmaway from the center of the specimen (center to center distance)
to evaluate the ability of damage-sensing through the ERT. Two differ-
ent sample configurationswere used containing one and three holes re-
spectively. 30mmdiameter x 60mm long paste cylinders were used for
electrical conductivity measurements. The molds for electrical imped-
ance/conductivity measurement were fitted with 3 mm diameter steel
rods (electrodes) placed at 15 mm from both ends. Similar setup was
successfully implemented for cement pastes in [56]. Four replicate spec-
imens for each of these fivemixtureswere cast anddemolded after 24 h.
This was followed by exposing the specimens to a moist environment
with RH N 98% at a temperature of 23± 2°C for 28 days. The cured sam-
ples for EIS measurements were not removed from themolds and were
placed in a sealed container with the exposed surface covered with a
moist towel to maintain saturated conditions. Companion paste sam-
ples were also cast for microstructural evaluations.

2.2. Effective electrical conductivity measurements

The electrical conductivity of paste samples was measured using a
Solartron 1260™ gain phase analyzer. Electrical impedance spectros-
copy (EIS) has been used to characterize electrical conductivity of ce-
mentitious materials [57,58]. The 30 mm diameter × 60 mm length
cylindrical paste specimens (see Section 2.1) fittedwith steel electrodes
are used for EIS experiments. Alligator plugs from the impedance

Fig. 1. The particle size distribution of the OPC, sand and iron powder.
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analyzer were attached to the steel electrodes and a frequency sweep
was performed. Thus, the Nyquist plots were obtained from the EIS
measurements. From the Nyquist plot, the bulk resistance (Rb) can be
obtained as the value of real impedance where the imaginary imped-
ance value is minimum (meeting point of bulk arc and electrode arc)
[57]. The effective conductivity (σeff) can be calculated from the bulk re-
sistance (Rb) as shown in Eq. (1) [56,57]:

σ eff ¼
L

RbA
ð1Þ

where L is the specimen length and A is the cross sectional area. Since,
the EIS experiments were performed on the cylindrical samples with
steel electrodes, the effective spacing between the electrodes as well
as the effective cross sectional area cannot be measured directly.
Hence, the cell constant (L/A) was obtained using 30 mm diameter x
60 mm long cylindrical tube along with the steel electrodes fitted at
the same spacing as the samples. The tube was filled with 4% NaCl solu-
tion and the bulk resistance of the solutionwas obtained using EISmea-
surements. Using the known conductivity of the 4% NaCl solution
(4.4 S/m) [56], the cell constant (L/A) of 28.5 m−1 was calculated from
the bulk resistance of the solution using Eq. 1. This value of cell constant
(L/A)was used to obtain effective conductivity (σeff) from the bulk resis-
tance of paste samples (Rb) with varying dosage of iron powder.

2.3. Electrical resistance tomography (ERT) for spatial damage detection

A diffusive imaging modality that enables estimation of the internal
electrical conductivity distribution based on boundary current

injections and voltage measurements is used here to validate the feasi-
bility of ERT application in aforementioned mortars (see Section 2.1).
Mortar discs of size 50 mm diameter and 10mm thickness (with single
and three-hole configurations) are used as mentioned in section 2.1.
Thin copper film electrodes are cast into the samples (see Fig. 2 (b)).
Such thin copper film electrodes have been shown to provide sufficient
electrical contact in the literature [29]. Here, a total of eight copper tape
pairs are cast into each sample. The spatial resolution in ERT is greatly
influenced by current injection patterns [39,59]. In this study, adjacent
configuration of electrodes is adopted for current injection to obtain
the boundary voltagemeasurement [39,59].The electrode configuration
and stimulation pattern as applied to the cylindrical samples are shown
schematically in Fig. 2(a). Here, the current is injected through a pair of
electrodes and the voltages across other pairs of electrodes are mea-
sured. The custom data acquisition system (DAQ) system is built here
using a 34980Amultifunction switch fitted with a built-in 6 ½ digit dig-
ital multimeter (DMM) from Keysight Technologies™. A Solartron
1260™ gain phase analyzer acts as a current source. The switch inter-
faces with a MATLAB code to enable simultaneous current injection
across a pair of adjacent boundary electrodes while recording the volt-
ages across the other pairs in adjacent configuration (Fig. 2 (a)). The
voltages, thus obtained, are used to obtain ERT reconstructed images
as explained later in this paper. Fig. 2(b) shows the experimental
setup to obtain boundary voltages in a specimen with single-hole con-
figuration for reference whereas the zoomed figure shows the electrical
contact of the specimen with the embedded copper tape electrodes.

Fig. 3. A flowchart representing the sequence of computations and experiments to achieve spatial damage sensing.
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Fig. 2. (a) Current injection andboundary voltagemeasurements in adjacent configuration of electrodes (shown in green); (b) a single-hole disc sample configurationmounted on the ERT
setup.
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2.4. Scanning electron microscopy

The companion paste samples with different dosage of iron powder
were subjected to a microstructural evaluation. Small cube pieces (10
× 10 mm × 10 mm in size) were cut from the core of paste specimens
using a diamond saw. Prior to polishing, the cut pieces were cleaned ul-
trasonically to remove the debris. Afterwards, the sample was impreg-
nated in epoxy and vacuum-saturated followed by overnight curing.
Several grinding/polishing steps were performed using SiC abrasives
and finally the sample was polished using 0.04 μm colloidal silica sus-
pension. The polished sampleswere imaged using a field emission envi-
ronmental scanning electron microscope (FESEM) under backscattered
mode for microstructural evaluations.

3. Results and discussions

This section presents the influence of iron particles on the spatial
damage sensing ability of cementitious mortars. Fig. 3 shows a sche-
matic representation of the framework adopted in this study to achieve
spatial damage sensing for heterogenous composites. The framework
performs numerical homogenization [33,60] at multiple length scales
guided by the observed microstructure of such systems to obtain effec-
tive electrical conductivities which are validated against experimental
EIS observations. The effective electrical conductivities, thus obtained,
are used as input to the ERT-based reconstructed conductivity distribu-
tion algorithmmodule. In addition, the ERTmodule also requires exper-
imentally obtained boundary voltages (Section 2.3) of the target sample

as input. The ERT module essentially solves an ill-posed inverse bound-
ary problem by a forward model and an inverse problem to obtain re-
constructed conductivity distribution map of the target sample
facilitating spatial damage sensing.

The forthcoming sub-sections describe microstructural features of
the iron powder distributed in the HCP matrix, evaluate the electrical
conductivities of iron powder-incorporated HCP using EIS measure-
ments and detail different components of the ERT-based conductivity
reconstruction framework with a view to elucidate the influence of
iron powder-incorporation on the spatial damage sensing ability of
mortars. While microstructural evaluations serve as input to themicro-
structure generation algorithm [30,34,60] in the numerical homogeni-
zation module, the electrical conductivities of iron powder-
incorporated HCP mixtures are used later to validate the numerical ho-
mogenization module.

3.1. Material microstructure

Microstructural observations were performed to evaluate the size,
shape and distribution of iron particles in the HCP matrix. Fig. 4 shows
representative micrographs for the mortar containing 30% iron powder
as cement-replacement. Distributionof bright (owing to higher density)
elongated iron particulates are clearly visible in the backdrop of the gray
phases (indicating the reaction products) and the black areas (indicat-
ing pores in the BSE image). Some matrix cracks can be observed
which are a result of sample preparation. An image analysis of several
BSE images yielded an average aspect ratio of 12 for the elongated
iron particles which is used later in this paper towards generation of

(a) (b)

Fig. 5. (a) Nyquist plots showing the high frequency arcs and (b) computed bulk electrical conductivities for control aswell as iron powder-incorporatedHCPmixtures (error bars indicate
standard deviation).

(a) (b)
Fig. 4. BSE image of iron particles (bright areas) dispersed in HCPmatrixwhere 30% volume of OPC is replaced by iron particles at (a) 35× (scale bar indicates 500 μmand (b) 250× (scale
bar indicates 100 μm) resolution.
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representative unit cells for the microstructural analysis (See
Section 3.3).

3.2. Experimental evaluation of the electrical response of pastes

This section describes the experimental electrical response of the
iron powder-incorporated HCP with varying iron powder content. The
Nyquist plots, shown in Fig. 5(a), relate the resistance denoted by the
real part of impedance (Z ′ ) with the reactance denoted by the imagi-
nary part (Z") [57,58]. The Nyquist plot shifts to the left with increasing
iron powder content signifying increased conductivity with iron
powder-incorporation. Frequency-based AC impedance studies averts
the polarization effects in cement based composites that would other-
wise arise in DC measurements [61]. The high frequency arcs, as
depicted in Fig. 5(a), represent the bulk response of the composites en-
abling computation of bulk conductivity as described in Section 2.2. The
computed bulk electrical responses are reported in Fig. 5(b) showing
significant increase in conductivity with increasing iron powder con-
tent. Such increase in conductivity is likely to influence the spatial dam-
age sensing ability of cementitious systems which is explored in detail
later in this paper.

3.3. Multiscale numerical simulation

While the previous section elucidated experimental evaluation of
the electrical response of iron powder incorporated HCP, this section
performs numerical homogenization at different length scales so as to
obtain homogenized electrical properties of the iron powder incorpo-
rated mortars that serve as input to macro-scale model for ERT module
as explained later in this paper. Such an approach involves representa-
tion of the geometrical configuration of the different phases in the
form of unit cells at different length scales. In this study, two interactive
length scales at the paste level and mortar level are used for prediction
of effective electrical responses. A schematic representation of the nu-
merical simulation framework is shown in Fig. 6. The forthcoming
sub-sections elaborate the numerical simulation framework and its ap-
plication towards prediction of effective electrical properties of iron
powder incorporated mortars.

3.3.1. Numerical homogenization framework

3.3.1.1. Generation of unit cell. The unit cells are generated here using the
Lubachhevsky-Stillinger algorithm [57,58]. This algorithm employs a
hard contact model and hence particle overlaps are not allowed. Finally,
the obtained microstructural information is implemented via a python
language script to enable it to be imported to a commercial finite ele-
ment software. The unit cell generation algorithm has been successfully
implemented in [30,59,60] and adequately detailed in [57,58].

3.3.1.2. Boundary conditions. Once the unit cell is generated, it is meshed
using the python script and periodic boundary conditions (PBC) [30,61]
are applied. PBCs ensure a continuity of displacement and traction
across boundaries of neighboring unit cells. PBCs have been applied suc-
cessfully towards FE analysis of random heterogenous materials [62].

(a)

(b) (c)

Homogenized mortar

Homogenized paste

Sand

Cement paste

Iron particulate

3 mm

0.1 mm

Fig. 7. (a) The paste microstructure with 20% iron particulates as cement-replacement;
(b) mortar microstructure and (c) macro model.

Generated unit cell Meshed unit cell & 
periodic BC applied

ECD (A/sq.m)

Voltage

gradient

Electrical response

Post 
Processor

Effective 
Conductivity

Inclusions

Fig. 6. A numerical simulation framework computed at every length scale to obtain the effective electrical properties at that scale.
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Periodic boundary conditions are shown to be computationally efficient
even with smaller size of unit cells facilitating faster convergence [59].
More details on the PBC can be found in [60,63].

3.3.1.3. Homogenization of electrical properties. The numerical framework
assigns intrinsic electrical properties to each phase of the periodically
bounded unit cell. A unit potential is then applied across a face of the
unit cell while the other edges are insulated. The electricalmodule com-
putes current density ( J) from the input electrical conductivity (σk) of
component phases (k = 1, 2, . . n) and the applied electric field (E)
using Ohm's Law. The simulation yields the electric field and electric
current density (ECD) distribution in the unit cell whichwhen volumet-
rically averaged by a post-processingmodule yields the average electri-
cal conductivity (σeff) as shown in Eq. (2) [35,64].

σ eff ¼ J
.

E
ð2Þ

3.3.1.4. Post-processing and upscaling tomacro-scale. The aforementioned
analysis is implemented using ABAQUS™ solver and electric field/cur-
rent density distribution in the unit cell is obtained. The post processing
module employs aMATLAB® subroutine to obtain volume-averaged re-
sponses and effective electrical conductivity (using eq. 2). The numeri-
cal homogenization process is explained schematically in Fig. 6.

3.3.2. Application of numerical homogenization module towards effective
electrical conductivity of iron powder-incorporated mortars

The numerical simulation for effective electrical conductivity predic-
tion for iron powder-incorporated mortars involves two interactive
length scales at the paste scale and the mortar scale as shown in Fig. 7.
These homogenizations [66–68] are performed here at multiple steps
in order to reduce the computational demand while maintaining com-
putational efficiency [70]. Once the RVE is generated using the Python
script, it ismeshed and subjected to FE analysis under externally applied
unit voltage gradient along x direction. The FE analyses are carried out in
ABAQUS™ solver using DC2D4E quadrilateral elements. A MATLAB©
script operates on the result files containing the volume of the elements
and the responses to obtain the effective properties as explained in the

previous section (Fig. 6). Atfirst, the iron particles are homogenized into
the HCP matrix to obtain effective properties of iron powder-
incorporatedmortarswhich are used asmatrix-properties in themortar
scale. The sand inclusions are homogenized into the effective iron
powder-modified matrix in the mortar scale to obtain effective proper-
ties of the iron powder-modifiedmortars. Fig. 7(a) shows the generated
unit cell of iron powder-incorporated HCP for 20% iron powder incorpo-
ration as a representative case. The size and aspect ratio of iron particles
are adopted based on microstructural observations. Fig. 7(b) shows the
representative unit cell for mortars where sand inclusions are embed-
ded in the iron powder modified HCP matrix. The input electrical con-
ductivities for HCP, iron particles and sand are 0.065 S/m, 100 S/m and
10−8 S/m respectively [35]. It needs to be noted here that the electrical
conductivity value considered for HCP corresponds to moist condition
[36,71] and thus, the influence of saturated condition is incorporated
in the numerical simulations. The volume fractions of the inclusions
are mentioned earlier (Section 2.1). The sizes of the unit cells, obtained
from a size-sensitivity study, are shown in Fig. 7 and any increase in size
of unit cells beyond the ones shown in Fig. 7 results in insignificant
change in the obtained effective responses. Such relative size of unit
cells with respect to size of inclusions has been successfully imple-
mented towards prediction of effective properties in [30,33,60,64,65].
The effective electrical properties of iron powder-modified mortars,
thus obtained, serve as input material property for the macro scale
model involving spatial damage detection as explained later in this
paper.

Fig. 8 shows the electric current density (ECD) plots under applied
voltage difference of 1 V across the edges along X axis for the cement
paste scale with varying iron powder content. With increasing iron
powder content, the ECD increases substantiating the increased electri-
cal conductivity due to incorporation of conductive inclusions.

Fig. 9 shows the ECD plots for the mortar scale with varying iron
powder content under applied voltage difference of 1 V across the
edges along X axis. Similar to paste scale, here also ECD increases with
increasing iron powder content. Such increase in conductivity is likely
to improve the spatial damage sensing ability of the mortars which is
explored in detail later in this paper.

The numerical homogenizations are performed for four different
random microstructures at each scale for all the mixtures considered

A/sq.m

(a) (b) (c) (d)

Fig. 9. The ECD for the mortars containing (a) 10, (b) 20, (c) 30 and (d) 40% iron powder as cement-replacement under applied voltage difference of 1 V across the edges along X axis.

A/sq.m

(a) (b) (c) (d)

Fig. 8. The ECD under applied voltage difference of 1 V across the edges along X axis for the iron powder-incorporated HCP matrices containing (a) 10, (b) 20, (c) 30 and (d) 40% iron
powder as cement-replacement.
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here. Table 1 lists the computed mean effective electrical conductivities
of the pastes and mortars with varying iron powder content. The stan-
dard deviations were b1% of the mean in all the mixtures considered
here. These values are further used in the spatial damage sensing frame-
work towards validation of ERT application in such composites.

3.3.3. Comparison of the predicted electrical conductivitywith experimental
observations

In order to elucidate the predictive ability of the numerical homoge-
nization framework, explained before, this section compares the simu-
lated electrical conductivities with the experimental observations
(reported in Section 3.2) for iron powder-modified HCP with varying
iron powder content. The simulated conductivities and experimental
observations are shown in Fig. 10. A close correlation between the ex-
perimental and simulated conductivities is observed signifying efficacy
of the numerical homogenization framework.

3.4. Spatial damage sensing in iron powder-incorporated mortars

This section aims to evaluate the applicability of ERT imaging tech-
nique to iron powder-incorporated mortars. The fundamental principle
of ERT is governed by measured boundary voltages being characteristic
of conductivity distribution in the specimen. However, an attempt to
calculate the conductivity distribution from boundary voltagemeasure-
ments leads to an ill-posed problem [36,40,72] implying that similar
outcomes may be obtained from multiple inputs. Such problems are
generally solved by an iterative approach. First, an initial conductivity
distribution (based on the homogenized conductivity from
Section 3.3.2) is considered and the forwardmodel calculates boundary
voltages from the initial conductivity distribution. However, it is likely
that the potential distribution thus obtainedwill have boundary voltage
values different from the experimentally observed measurements
owing to the presence of damaged regions. Thus, an iterative algorithm
is followed to refine the estimated conductivity distribution. Towards
that end, the inverse problem is initiated that imposes the experimen-
tally obtained boundary voltages to obtain an improved conductivity
distribution while minimizing the differences between the experimen-
tal and predicted boundary voltages, obtained from the forward model.
The updated conductivity distribution thus obtained from inverse prob-
lem serves an input to the forward model. Thus, conductivity updating
procedure starts iterating between the forward and inverse problem.
The iterative procedure terminates when the error between the mea-
sured and predicted boundary voltages falls within a preset tolerance.
The conductivity distribution in the damaged sample, thus obtained
from ERT reconstruction, is compared against the homogeneous effec-
tive conductivity of pristine sample, obtained frommultiscale numerical
homogenization (Section 3.3.2), to yield the spatial distribution of dam-
age in the damaged sample. The algorithm is described using a flow-
chart in Fig. 11.

3.4.1. The forward model
The forward model obtains boundary voltages of the target sample

for a given spatial conductivity distribution. Fig. 12 shows a schematic
representation of the forward model. It assumes an initial conductivity
distribution and obtains the corresponding boundary voltages using
FE analysis. If the difference between the predicted and experimental
boundary voltages exceed the threshold, the conductivity distribution
is updated and the interactive process continues until the error is less
than the tolerance.

The Poisson equation that governs the forward model is given as
[29,36,73,74]:

∇: σ rð Þf g∇uðrÞÞ ¼ 0; r∈Ωð ð3Þ

Where r is the spatial coordinate encompassing the conductivity [σ
ðrÞ] and the electric potential [uðrÞ] in the domainΩ. The current density

ðσ∂u
.

∂n
Þ along the outward unit normal n through the boundary when

integrated over the lth electrode yields the total current (Il) through the
electrode (electrode domain τ1) as shown in Eq. (4) [29,36] which
serves as the first boundary condition.

Z
el

σ∂u
.

∂n

� �
dS ¼ Il; r∈τ1 ð4Þ

No current flows through the electrode-free boundary (domain τ)
(see Eq. (5) [29,36]) and it serves as second boundary condition applied
at the electrode-free boundary.

σ∂u
.

∂n

� �
¼ 0; r∈τ ð5Þ

The electric potential u under the lth electrode is conjugatedwith the
potential drop due to imperfect contact between the electrode and the
target sample. This imperfect contact is accounted for in the forward
model in terms of contact impedance zl, resulting in a total electric po-
tential Ul (Eq. (6) [29,36]). This is applied for the electrode domain
(τ1) as a boundary condition.

uþ zlσ∂u
.

∂n
¼ Ul; r∈τ1 ð6Þ

To maintain charge conservation, the net current flowing in all the
electrodes is considered zero and the net potential is considered zero
from the choice of potential ground.

X
l

Il ¼ 0

X
l

Ul ¼ 0 ð7bÞ

Fig. 10. Comparison between simulated electrical conductivities and the experimental
observations for iron powder-modified HCP.

Table 1
Simulated effective electrical conductivities (S/m) for the composites at paste and mortar
scales.

Iron powder % Pastes Mortars

0 0.065 0.039
10 0.083 0.05
20 0.104 0.063
30 0.136 0.083
40 0.194 0.118
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The forward model in ERT is implemented using a finite element
based procedure. The Poisson equation (Eq. (3)) can be multiplied by
a sufficiently smooth arbitrary test function (ν) and integrated over
the entire domain (Ω) thereby deriving the weak form, as shown in
Eq. (8) [29].

Z
Ω
ν ∇: σ rð Þf g∇uðrÞgÞ� ¼ 0ð½ ð8Þ

A nodal voltage ui and shape function φi (which can assume non-
zero values at vertices) can approximate the electric potential uh in
the realm of finite element theory as shown in Eq. (9) [29].

uh ¼
Xn
i¼1

uiφi n ¼ 3 vertices for triangular elementsð Þ ð9Þ

Using Galerkin's approximation and applying all the above-
mentioned boundary conditions the following matrix equation is ob-
tained [29,37,40].

AM þ AZ AV
AT
V AD

� �
U
VL

� �
¼ 0

Id

� �
ð10Þ

where the global conductivity matrix A is formed by combinations of
matrices AM, AZ, AV and AD. The potential vector B consists of the nodal
values of potential U and the potentials on the electrodes VL. Id is the
set of injected currents at the electrodes. The matrix entries for the
global conductivity matrix are defined as follows:

AM i; jð Þ ¼ ∬
Ω
σh∇φi:∇φ jdA

AZ i; jð Þ ¼
XL
l¼1

1
zl

Z
el
φiφ jdA

AV i; lð Þ ¼ −
1
zl

Z
el
φidr i ¼ 1 : n; and l ¼ 1 : Lð Þ

AD i; lð Þ ¼ 1
zl

elj j for i ¼ l

AD i; lð Þ ¼ 0 for i≠l ð11eÞ

The forward model is implemented in this paper using a MATLAB™
subroutine which provides voltage distribution from known conductiv-
ity distribution of the sample as per Eq. (10).

3.4.2. The inverse problem
While the forward problem, explained in the previous section, is a

well-posed problem, the inverse problem is an ill-posed problem. The
inverse problem aims to reconstruct the internal conductivity distribu-
tion from boundary voltage measurements. Any small changes in
boundary voltages results in large conductivity perturbations. An itera-
tive technique described hereafter is used to solve the non-linear ill-
posed problem.Asmentioned earlier, an initial conductivity distribution
is assumed at the onset of the iteration and the corresponding boundary
voltages are obtained by the forward model. Thereafter, the inverse
problem is invoked to yield an improved conductivity estimate from
the imposition of experimental voltages. The updated conductivity dis-
tribution, obtained from inverse problem, are used again in the forward
model to obtain corresponding updated boundary voltages. The itera-
tive process terminates when the error falls within the threshold. To
ensure a smooth and fast convergence, a regularization method is
necessary while solving an ill-posed problem. A Tikhonov type regular-
ization [29,38,40] is adopted in this study. The stable solution for con-
ductivity is obtained by minimizing the residual error shown in Eq. 12
[40].

f σð Þ ¼ F σð Þ−Vk k22 þ λ L σ−σkð Þk k22 ð12Þ

where f(σ) is the residual error, F(σ) denotes the computed boundary
voltages from the forwardmodel corresponding to the updated conduc-
tivity distribution, obtained from the inverse problem in the previous it-
eration, V denotes experimentally obtained voltages, λ is the positive
scalar regularization parameter, L is the regularizationmatrix imparting
some prior information about σk (conductivity for kth iteration). In the
minimization process, the constrained problem is formed by incorpo-
rating 0 b σ b σb where σb refers to the background conductivity of
the pristine sample obtained from numerical homogenization. The
upper limit is fixed at σb since incorporation of damage reduces the
overall conductivity of the sample. Minimization of Eq. (12) yields the

Y

N

Electrode 
configuration & 
model geometry

Current 
stimulation 

patterns

Assumed 
conductivity 
distribution

Meshing

FE 
implementation

Boundary 
voltage

Error > 
tolerance

Voltage 
surface plotEnd

Fig. 12. Schematic representation of forward model for ERT.
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Initialize 
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Solve forward problem 
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distribution 
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Y

Fig. 11. Flowchart representing the ERT algorithm.

8 S. Nayak, S. Das / Materials and Design 175 (2019) 107817



algebraic form of Tikhonov solution as shown in Eq. (13a) [40].

h ¼ F 0 σkð ÞT F 0 σkð Þ þ λLTL
� �−1

ðF 0 σkð ÞT V−F σkð Þð Þ þ λLTL σkð Þ ð13aÞ

where h is the increment in conductivity as shown in Eq. 13(b).

σkþ1 ¼ σk þ h ð13bÞ

The updated conductivity distribution, thus obtained from inverse
analysis, serves as input to the forward computations thereby improv-
ing the predictions. The iterative procedure terminates when the error

ratio ðkFðσÞ−Vk22
.

kVk22
Þ falls below 0.05% [29]. The ERT reconstruction pro-

cedure, adopted in this study, is sufficiently detailed in [36,40,69,74].

3.4.3. Reconstruction of conductivity maps for iron powder-incorporated
mortars

A MATLAB™ script (EIDORS) [39,40] implements the inverse com-
putations and calls the forward model subroutine repeatedly in an iter-
ative process to finally obtain spatial conductivity distribution for the
mortars with varying content of iron powder. The value of the regular-
ization parameter is considered 0.01 for comparative evaluation of dam-
age sensing ability of waste iron powder incorporated cementitious
systems. This choice enables reconstructed images of admissible quality.
The background conductivity obtained from multiscale numerical ho-
mogenization (See Section 3.3.2) serves as baseline conductivity map
(conductivity of pristine sample) for image reconstruction. The baseline
conductivity maps are subtracted from the conductivity maps obtained
from ERT algorithm to obtain spatial damage reconstruction. Fig. 13
shows the original images of the samples (single-hole and three-hole
configurations) along with corresponding reconstructed images for
the mortars with varying iron powder content. General trend in these
figures suggest that the damage sensing ability improves progressively
with increase in iron powder content which can be attributed to the in-
crease in composite conductivitywith increasingdosage of iron powder.
For a dosage of 30% or greater iron powder, the reconstructed damage
zones correlate very well with the actual location of damages in both
single and three-hole configurations thereby validating the application
of such imaging technique towards spatial damage sensing in iron
powder-incorporated cementitious composites.

4. Conclusions

This study elucidates the influence of metallic waste iron powder-
incorporation on the spatial damage-sensing ability ofmortars. The spa-
tial damage sensing is implemented using an ERT-based conductivity
reconstruction framework. The ERT framework uses experimentally
measured boundary electrode voltages as input to initiate the iterative

process involving the well-posed forward model and the ill-posed in-
verse problem.While the forwardmodel predicts the boundary voltage
based on an assumed conductivity distribution, the ill-posed inverse
problem reconstructs the conductivity distribution image by minimiz-
ing the residual error between theboundary voltages obtained from for-
ward problem and the experimental boundary voltage readings.
Moreover, the ERT-based framework adopted in this study integrates
an efficient multiscale numerical homogenization module. The numeri-
cal homogenizationmodule performs numerical homogenization at dif-
ferent length scales based on known microstructural features of the
material and provides the reference conductivity of the undamaged
configuration which is otherwise not readily available in realistic SHM
applications. The effective conductivity obtained from multiscale nu-
merical homogenization serves as baseline conductivity map for
image reconstruction. The baseline conductivity maps are subtracted
from the conductivity maps obtained from ERT algorithm to obtain re-
constructed images that can spatially identify damagedpatches. In addi-
tion, the effective conductivity obtained from multiscale numerical
homogenization is used as initial conductivity distribution (prior infor-
mation) for the damaged configuration in the forward model thereby
reducing the number of iterative processes and enhancing the efficiency
of the ERT framework. The spatial damage sensing ability is found to be
improving progressively with increase in iron powder content which
can be attributed to the increase in conductivity with increasing dosage
of iron powder. The mortars containing 30% or higher amount of iron
powder as OPC-replacement show sufficient spatial damage detection
ability thereby validating the application of ERT-based damage sensing
approach towards spatial damage sensing in iron powder-incorporated
cementitious composites.
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