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Extending the applicability of the 
Goldschmidt tolerance factor to 
arbitrary ionic compounds
Toyoto Sato1, Shigeyuki Takagi1, Stefano Deledda2, Bjørn C. Hauback2 & Shin-ichi Orimo1,3

Crystal structure determination is essential for characterizing materials and their properties, and 
can be facilitated by various tools and indicators. For instance, the Goldschmidt tolerance factor (T) 
for perovskite compounds is acknowledged for evaluating crystal structures in terms of the ionic 
packing. However, its applicability is limited to perovskite compounds. Here, we report on extending 
the applicability of T to ionic compounds with arbitrary ionic arrangements and compositions. By 
focussing on the occupancy of constituent spherical ions in the crystal structure, we define the ionic 
filling fraction (IFF), which is obtained from the volumes of crystal structure and constituent ions. Ionic 
compounds, including perovskites, are arranged linearly by the IFF, providing consistent results with T. 
The linearity guides towards finding suitable unit cell and composition, thus tackling the main obstacle 
for determining new crystal structures. We demonstrate the utility of the IFF by solving the structure of 
three hydrides with new crystal structures.

Every compound can be identified by a unique arrangement of the atoms in the crystal structure, which deter-
mines the inter–atomic distances and the compositional ratios and thus helps understanding specific material 
properties. For this reason, crystal structure determination and analysis are essential not only from a mere crys-
tallographic viewpoint, but also for numerous fields of materials research, chemistry, physics and life sciences.

The evaluation of crystal structures can be facilitated by various tools and indicators. For instance, Goldschmidt 
tolerance factor (T ) of perovskite compounds ABX3 (A and B: metal cations, X: chalcogen or halogen group) is 
widely used to assess the geometric stability and distortion of crystal structures in terms of the constituent ionic 
packing. The T is defined by ratios of constituent ionic radii of A, B and X as T =  (RA +  RX)/√ 2(RB +  RX), where 
RA, RB and RX are the ionic radii of A, B and X, respectively (c.f. Fig. 1a). The ideal perovskite compounds adopt 
a cubic close packed structure with T =  1. When the ratio of the ionic radii deviates from the ideal value (T ≠  1), 
a geometric strain and crystal distortions arise. As the deviation from T =  1 becomes greater, the crystal adopts 
structures of lower symmetry than the cubic one. Thus by calculating T, the crystalline structure can be predicted 
and its geometric strain and stability evaluated. At the same time, the T can be used to estimate the compatibility 
of different ions with a crystalline structure. Because of its simplicity and practicality, the T is used extensively in 
a wide variety of fundamental and applied studies1–5.

The application of the T has been recently extended to ABX3 hydrides where hydrogen is the anion X6,7. 
However, it is difficult to apply it to other hydrides that do not possess a perovskite-type crystal structure. Due to 
the high reactivity of hydrogen, the majority of hydrides occur in an extensive variety of chemically and structur-
ally diverse compounds7–19. Such diversity is complicated by the experimental challenges which limit our ability 
to determine crystal structures and compositional ratios. This can be a major drawback during the initial steps 
of the crystal structure determination process, when possible candidates for structural models are identified20,21. 
In this respect, it would be useful to extend the applicability of the T, which could provide information on the 
geometrical stability of crystalline structures and not be restricted to ABX3 perovskite structures.

In this communication, we propose to extend the applicability of the T to be used also for ionic compounds 
with arbitrary ionic arrangements and compositions including hydrides. In order to extract ionic packing infor-
mation from arbitrary ionic compounds as with the concept of the T, those compounds can be characterized by 
two criteria: the volume of the unit cell (Vunit) normalized by number of formula units (Z) and the total volume of 
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constituent ions that reflects the composition ratio (Vion). Although those quantities, Vunit and Vion, have been pre-
viously used for crystal structure determinations of hydrides7,16–19, we expanded the utility of the Vunit and the Vion 
into various ionic compounds with hydrides, oxides and halides focusing on the relation between the Vunit nor-
malized by Z, (Vunit/Z), and the Vion. The relation between the Vunit/Z and the Vion can be described as occupancy of 
constituent spherical ion in the crystal structure. We refer to it as the ionic filling fraction (IFF). The IFF surpris-
ingly leads to well organize crystal structures of arbitrary ionic compounds. Here, we use the IFF for assessment 
of ionic packing of crystal structures from a geometric point of view and discuss how this can be related to the T. 
In addition, we demonstrate the suitability of the IFF for determining the crystal structure of three Al–based com-
plex hydrides (so–called alanates) with new crystal structures, LiCa(AlH4)3, LiCaAlH6 and Sr(AlH4)Cl, in which 
both mixed cations or anions coexist. Such compounds are attractive for fundamental understanding of crystal 
structures for related complex hydrides which are interests for high gravimetric hydrogen applications. It is thus 
important to understand their structural features for further progress9–13. Our results show that the IFF is able to 
comprehensively classify the crystal structures of various ionic compounds including perovskite compounds and 
proving a new indicator for determining crystal structures.

Results
Ionic filling fraction (IFF) for ionic compounds.  We firstly consider the Goldschmidt tolerance factor 
(T). In an ideal cubic perovskite structure with a lattice constant a, T is defined by the ratio of three kinds of ionic 
radii as shown Fig. 1a. Assuming fixed values of radii of B and X for a given lattice constant a, T <  1 corresponds 
to a loosely packed crystal structure with small radius of A and T >  1 corresponds to a tightly packed crystal 
structure with large radius of A (Fig. 1b). This indicates that T can also be represented by the occupancy of con-
stituent spherical ions in the crystal structure. Expanding the concept in terms of the occupancy of constituent 
spherical ions in the crystal structure, allows extending the applicability of T to various kinds of ionic compounds 
(details are described in the next section).

In order to extract occupancy of constituent spherical ions in the crystal structure from different crystal 
structures of various kinds of ionic compounds, we need to secondly define a standard approach for those ionic 
compounds. The repeating unit of a crystalline compound is determined by the unit cell given by the lattice con-
stants (a, b, c, α, β and γ). However, it might be more convenient to consider the relative sizes of the asymmetric 
unit in the crystal by evaluating the volume of the unit cell (Vunit) normalized by the number of formula units  
(Z): Vunit/Z. On the other hand, crystal structures are also dependent on the constituent components and their 
relative fraction (composition ratio). To observe this dependence, composition ratios can be represented in terms 
of volume using the same units as those for Vunit/Z. Assuming spherical ions with a volume governed by their 
Shannon radii22; the total volume occupied by the ions (Vion) can be calculated according to the stoichiometric 
ratio of the ionic compounds. Then, the ratio between Vunit/Z and Vion represents the occupancy of constituent 
spherical ion in the crystal structure for ionic compounds with arbitrary ionic arrangements and composition. 
We will refer to the concept, which is the ratio between Vunit/Z and Vion, as the ionic filling fraction (IFF). The 
schematic figure for the IFF to an ideal cubic perovskite compound shows in Fig. 1c. Although the T is limited in 
fixed number of constituent ions with perovskite–type structure, it should be noted that the IFF concept can be 
flexibly responded any modifications of crystal structures and numbers of constituent ions.

Using the IFF, we extend the applicability to ionic compounds including hydrides with a variety of chemi-
cally and structurally diverse compounds. 1.40 Å is used as the radius of the H− ion6. In the hydrides, elements 

Figure 1.  Ionic packing in an ideal cubic perovskite structure. (a) concept of T, (b) loosely packed crystal 
structure with a small radius of A with T <  1 and tightly packed crystal structure with a large radius of A with 
T >  1, and (c) concept of the IFF in an ideal cubic perovskite structure with a lattice constant a and Z =  1 
(purple sphere: A; lime spheres: B; black spheres: X; Grey cuboid: Vunit/Z; purple +  lime +  3 ×  black spheres: 
Vion). The IFF shows spherical ionic volume fraction in the crystal structure (grey cuboid).
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belonging to Group 6–15 in the periodic table are known to primarily form complex anion with hydro-
gen8–10,13,15–19. The complex anions ionically bond with metal cations in the formation of complex hydrides. In 
case of complex anions formed with multiple elements, the thermochemical radius is used. It is estimated from 
the Glasser generalization of Kapustinskii’s equation for lattice energy of ionic compounds, is used (The definition 
of the thermochemical radius and coordination numbers (CNs) is presented in the Supplementary informa-
tion)23–26. This enables the estimation of the radius of a complex anion, which is assumed as a rigid spherical ion. 
Figure 2 shows a plot of Vunit/Z vs. Vion for typical oxides, halides and hydrides (a total of 137 compounds). The 
Vunit/Z and Vion values of these compounds are listed in Supplementary Tables 1–14. The inverse of the slope of 
straight lines that pass through the origin in each plot represents the IFF of spherical ions in the crystal structures. 
We will refer to this plot as the IFF plot. Although IFF is dependent on the crystal structure of each ionic com-
pound (for the closest packing crystal structure based on a single component, IFF =  0.74), it should be noted that 
the data points are mostly distributed around the best linear fit at Vunit/Z =  1/0.69 ×  Vion, corresponding to IFF of 
0.69. This suggests that ionic compounds adopt a constant IFF value (0.69). The constant IFF is close to the IFF 
of a body–centred cubic crystal structure containing a single component (IFF =  0.68). The hydrides in Fig. 2 are 
ionic hydrides and have stoichiometric compositions to fulfil electro–neutrality. In case of non–stoichiometric 
hydrides, hydrogen is dissolved in the metal lattice and located in interstitial sites of the metal lattice15. For such 
non–stoichiometric hydrides it is difficult to define the size of hydrogen. If the size of hydrogen in the interstitial 
sites could be precisely defined, it could be possible to include non–stoichiometric hydrides in the plot of Fig. 2.

In the IFF plots, the region for which Vunit/Z ≧  1/0.69 ×  Vion denotes crystal structures containing voids. In 
particular, ionic compounds with IFF ≦ 0.50 (Vunit/Z ≧  1/0.50 ×  Vion, yellow region in Fig. 2) are characterized by 
porous crystal structures10,27–31. On the other hand, ionic compounds for which Vunit/Z ≦  1/0.69 ×  Vion are charac-
terized by tightly packed arrangements of ions resulting in dense crystal structures. It is worth noting that some 
compounds, M″ (AlH4)2 (M″ : Sr, Eu)32 and RAlH6 (R: La, Ce, Pr, Nd)33 lie in the area with IFF ≧  1.0 (grey region) 
which implies Vunit/Z ≦  Vion, This region should feature not optimal crystal structures or composition ratios.

The T =  1 for the ideal perovskite oxides ABO3 is shown in a plot of Vunit/Z vs. Vion in Fig. 2. Here, the lattice 
constant a is set as the sum of the diameters of B ions and oxygen ions (radius: 1.40 Å), and the ratio between 
RA and RB is estimated from the T. It is worth noting that the data for the crystals with T =  1.0 (blue line) is dis-
tributed in the vicinity of the Vunit/Z =  1/0.69 ×  Vion line (black line). In addition, considered on the relationship 
between the T and the IFF on the perovskite oxides listed in the supplementary Table 2 in the Supplementary 

Figure 2.  IFF plot for ionic compounds with arbitrary ionic arrangements and compositions. IFFs for 137 
ionic compounds are shown (Black line: Vunit/Z =  1/0.69 ×  Vion; blue curve: T =  1.0; yellow area: IFF ≤  0.5; grey 
area: IFF ≥  1.0). The inverse of the slope on Vunit/Z =  1/0.69 ×  Vion corresponds to the IFF (= 0.69).
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information, the T as a function of normalized IFF by the constant IFF for perovskite oxides shows in Fig. 3. 
The normalized IFF indicates a deviation from the constant IFF value. The values of the T show to increase with 
increasing of their IFF (tightly ion packed crystal structure) as described above on an ideal cubic perovskite 
compound (c.f. Fig. 1b). Therefore the IFF can be consistent with the T. This suggests that we expect to extend the 
applicability of the T concept for different ionic compounds using IFF. Thus, the IFF is available for evaluation of 
crystal structures with arbitrary ionic arrangements and compositions.

Crystal structure analysis of novel hydride compounds using the IFF.  The selection of an optimal 
unit cell and composition ratio is one of the most difficult steps in the determination of the crystal structures. 
However, this can be considerably simplified by using the linearity obtained from the IFF and following the pro-
cedure summarized in the flow chart of Fig. 4. As an example, we demonstrate the use of this method by deter-
mining the crystal structure of three Al–based complex, LiCa(AlH4)3, LiCaAlH6 and Sr(AlH4)Cl, all showing new 
crystal structure and adopting complicated crystal structures where both mixed cations or anions coexist.

Crystal structure analysis of LiCa(AlH4)3 containing different metallic cations.  Considering a 
molar ratios of 1:1:3 for the starting materials LiH, CaH2 and AlH3, and evaluating the Raman and infrared spec-
tra (Supplementary Fig. 1) and the powder X-ray diffraction (PXD) pattern (Supplementary Fig. 2), we assumed 
the formation of a compound with stoichiometry LiCa(AlH4)3. Indexing of the Bragg peaks derived from the dif-
fraction patterns of LiCa(AlH4)3 shows that there are several possible candidates for the unit cell. This is likely due 
to poor crystallinity of the sample and the overlap of Bragg peaks from multiple phases or the same phase, and 
thus a limited number of Bragg peaks that can be used for indexing. Generally, an optimal unit cell is selected out 
of these candidates by means of trial and error and the space group, composition ratio and initial structure model 
of the lattice must be predicted. The use of the linearity obtained from the IFF minimizes this trial and error pro-
cess (Fig. 4). Having already anticipated the composition of the new phase to be LiCa(AlH4)3, we can estimate the 
Vion by using the ionic radii for Li+, Ca2+ and [AlH4]− (Li+ =  0.59–0.92 Å; Ca2+ =  1.00–1.34 Å; [AlH4]− =  2.26 Å). 
This results in a value between 150 and 158 Å3. Using the relationship Vunit/Z =  1/0.69 ×  Vion, Vunit/Z was estimated 
to be in the 217–230 Å3 range. Since Z is an integer, Vunit will roughly be an integer multiple of Vunit/Z. By searching 
for unit cells with the appropriate indices and a Vunit value close to an integer multiple of this Vunit/Z, the range 
of the possible unit cells is narrowed down and the selection of the candidate unit cell is simplified. In this work, 
the unit cell of LiCa(AlH4)3 was chosen to be a hexagonal crystal (a ≈  8.92 Å, c ≈  5.90 Å, Vunit ≈  406 Å3) with 
Z =  2. Based on hkl extinction rules, we predicted the space group to be either P63 (No. 173), P63/m (No. 176)  
or P6322 (No. 182), and using this information, we then identified the CdTh(MoO4)3 structure34 (space group 
P63/m (No. 176), a =  9.80 Å, c =  6.35 Å) as the optimal initial crystal structure model. The complete crystal 
structure of LiCa(AlH4)3 was then determined by combining the Rietveld refinement fit (Supplementary Fig. 3) 
with first–principles calculations (Fig. 5). In the crystal structure determination, the hydrogen atomic positions 
are determined from first–principles calculations. Supplementary Table 15 and Supplementary Fig. 4 show the 
atomic positions and the total electronic density of states obtained from first–principles calculations, respectively.

In the LiCa(AlH4)3 crystal structure, Li+ is six–fold coordinated by [AlH4]−, Ca2+ is nine–fold coordinated by 
[AlH4]− and [AlH4]− is two–fold coordinated by Li+ and three–fold coordinated by Ca2+; thus, the total CN =  5 

Figure 3.  Relationship between the T and the IFF. The T, as a function of normalized IFF for the perovskite 
oxides (blue open circles (a total of 20 perovskite compounds)).
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(detailed inter–atomic distances are shown in the Supplementary Table 16). The [AlH4]− coordination number is 
in between the coordination of [AlH4]− in the related compounds LiAlH4 (CN =  4)9 and Ca(AlH4)2 (CN =  6)35.

Recently, the crystal structure of LiCa(AlH4)3 was reported based on experiments36 and theoretical calcula-
tions37. While our crystal structure model has the same unit cell parameters and space group as those previously 
reported, our model has a different atomic arrangement. In the crystal structure proposed here, Li+ is located 
between Ca2+ and [AlH4]−, in contrast with the previously reported model, where all ions are positioned on the 
same (004) plane. From Rietveld refinements it is showed that the fit of the previously reported model is worse 
(Rwp =  0.046) than ours (Rwp =  0.040). First–principles calculations also showed that the previously reported 
model is less stable than our crystal structure model, the difference being 36 kJ/mol. Furthermore, and phonon 
calculations show the presence of imaginary frequencies. These results suggest the model we propose is a more 
accurate description of the crystal structure.

Figure 4.  The flow chart for crystal structure determination. The general procedure follows by black arrows. 
Using the IFF, the selection of an optimal unit cell and composition ratio is simplified.

Figure 5.  Crystal structure of LiCa(AlH4)3. The red, beige, yellow, blue and light-blue spheres, as well as the 
grey cuboid represent the Li+, Ca2+, Al, H, [AlH4]− and the Vunit/Z of LiCa(AlH4)3, respectively.
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Crystal structure analysis of the new hydride LiCaAlH6 containing different metallic cati-
ons.  LiCa(AlH4)3 releases hydrogen at around 400 K (the thermogravimetric curve at 5 K/min in a He gas 
flow of 150 ml/min is shown in Supplementary Fig. 5). The PXD of a sample after hydrogen release is shown 
in Supplementary Fig. 2. Although it was difficult to observe the characteristic vibrational modes of [AlH6]3− 
by Raman or infrared spectroscopies, we expected the formation of LiCaAlH6 after hydrogen release from 
LiCa(AlH4)3, in analogy with the related mixed cation alanate LiMg(AlH4)3

6. Accordingly, we can estimate the Vion 
by using the ionic radii for Li+, Ca2+ and [AlH6]3− (Li+ =  0.59–0.92 Å; Ca2+ =  1.00–1.34 Å; [AlH6]3− =  2.56 Å). 
This results in a value between 75 and 84 Å3. Using the relationship Vunit/Z =  1/0.69 ×  Vion, the Vunit/Z was esti-
mated to be in the 109–121 Å3 range. The PXD pattern of LiCaAlH6 is indexed using a primitive tetragonal 
unit cell with a ≈  6.59 Å, c ≈  16.78 Å, and Vunit ≈  729 Å3. Z is estimated to be 6 or 7 from the estimated Vion, but 
hydrides with [AlH6]3− are plotted in the region of Vunit/Z ≦  1/0.69 ×  Vion in Fig. 2. This suggests that hydrides 
with [AlH6]3− adopts tightly ionic packed crystal structures. Therefore, the range of Z is expanded to being in the 
range of 6–8. Since no prototype structure was found from the unit cell (tetragonal), the Z (= 6–8) and the com-
position, the initial crystal structure model was predicted in combination with ab initio structural determination 
FOX38. Using Rietveld analysis and first-principles calculations, the crystal structure in the space group: P–4 (No. 
81) was finally determined. The Rietveld fit is shown in Supplementary Fig. 6. This new crystal structure is shown 
in Fig. 6. In the crystal structure determination, the Li and H atomic positions are determined from first–prin-
ciples calculations. Supplementary Table 17 and Supplementary Fig. 7 show the atomic positions and the total 
electronic density of states obtained from first–principles calculations, respectively. The value of Z and IFF are 
finally determined as 8 and 0.82 (Vion =  75 Å3 and Vunit/Z =  91 Å3), respectively. The IFF agrees reasonably with 
hydrides with [AlH6]3− (See Fig. 2 and the Supplementary Table 14).

In the crystal structure, Li+ is four–fold coordinated by [AlH6]3−, Ca2+ is five–fold coordinated by [AlH6]3− 
and [AlH6]3− is four–fold coordinated by Li+ and five–fold coordinated by Ca2+ (the selected metal–hydrogen 
inter-atomic distances are listed in Supplementary Table 18). The CN around [AlH6]3− (or the AlH6 unit) is 12 in 
the related Li3AlH6

9 and 6 or 7 in CaAlH5
35. The CN around [AlH6]3− in LiCaAlH6 was found to be 9, which is the 

mean of the CNs in Li3AlH6 and CaAlH5. This is similar to LiCa(AlH4)3.

Crystal structure analysis of the new hydride Sr(AlH4)Cl containing different anions.  The sample 
was synthesized by the solid-state metathesis reaction of xLiAlH4 +  SrCl2 (x =  1.0–3.0), with x =  1.3 providing the 
highest sample purity (Supplementary Fig. 8). The Bragg peaks observed in the PXD patterns of the as-prepared 
sample allowed indexing with an orthorhombic unit cell (a ≈  5.23 Å, b ≈  9.10 Å, c ≈  4.32 Å, Vunit ≈  206 Å3). The 

Figure 6.  Crystal structure of LiCaAlH6. The red, beige, yellow, blue and light-green spheres, as well as the 
grey cuboid represent the Li+, Ca2+, Al, H, [AlH6]3− and the Vunit/Z of LiCaAlH6, respectively.
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space groups was predicted to be either Pmn21 (No. 31) or Pmmn (No. 59) based on the hkl extinction rules. 
Raman and Fourier transform infrared spectra (Supplementary Fig. 9) proved that the sample contained [AlH4]− 
complex anions (tetra–alanates). Since the Vunit/Z of all tetra–alanates is bigger than 69 Å3 (Supplementary Table 
13)9, the Z value of the target sample is expected to be 1–3. When Z =  1 (Vunit/Z ≈  206 Å3), we expect 3 moles 
of [AlH4]− anions per formula unit, which must be counter-balanced by three positive charges from the cati-
on(s) (Supplementary Table 13). One possible candidate is LiSr(AlH4)3 with a hexagonal unit cell (a =  8.9269 Å 
and c =  5.8941 Å, Vunit/Z ≈  220 Å3), which is however identified in the PXD pattern of the starting mixture 
3.0LiAlH4 +  SrCl2 (Supplementary Fig. 8). In the PXD pattern of the starting mixture 3.0LiAlH4 +  SrCl2, the new 
phase and LiSr(AlH4)3 can be clearly distinguished. Thus we have to exclude Z =  1. Z =  3 results in a too small 
Vunit/Z ≈  69 Å3, which is the same value observed for LiAlH4 (Vunit/Z ≈  69 Å3)9 and the smallest Vunit/Z in the 
tetra–alanates. We must therefore also rule out Z =  3. This leaves Z =  2 as the only possible value, resulting in 
Vunit/Z ≈  103 Å3. The composition ratio that fulfils the conditions of IFF <  1.0 and electro–neutrality is predicted 
to be Sr(AlH4)Cl (80 Å3 <  Vion <  86 Å3, 0.78 <  IFF <  0.84), with coexisting [AlH4]− and Cl− anions. Based on this 
information, the optimal initial crystal structure model was found isostructural with the PbCl(ReO4) structure 
(space group Pmn21 (No. 31), a =  5.68 Å, b =  9.44 Å and c =  4.47 Å)39. Owing to the difficulties in distinguishing Al 
and Cl with close number of electrons and atomic positions of H by PXD, the crystal structure was eventually deter-
mined by combining synchrotron radiation powder X–ray (SR–PXD) and neutron diffraction (PND) diffraction 
of the deuteride analogue. The crystal structure of Sr(AlH4)Cl is shown in Fig. 7. The Rietveld refinement fit and 
detailed atomic positions are shown in Supplementary Figs 10 and 11 and Supplementary Table 19, respectively.

The results of crystal structure analysis revealed a novel Sr(AlH4)Cl compound with coexisting [AlH4]− and 
Cl− anions. In this structure, Sr2+ is coordinated by four Cl− and five [AlH4]− ions (detailed inter–atomic dis-
tances are shown in Supplementary Table 20). So far there have been no reports on tetra–alanates that contain dif-
ferent anions coexisting within the same structure, but borohydrides with coexisting [BH4]− and Cl− anions are 
reported40. Therefore, the results of this study suggest that the replacement of [AlH4]− with halide ions is possible 
also in tetra–alanates, leading to novel tetra–alanates with potentially different material properties.

The possibility of using the IFF for determining the thermochemical radii or for assessing metal-hydrogen 
bonds, besides crystal structure analysis, is discussed in greater details in the Supplementary Information.

Discussion
Ionic compounds with arbitrary ionic arrangements and compositional ratios were sorted using the unit cell 
volume per formula unit (Vunit/Z) and the total volume of spherical ions (Vion) estimated through stoichiome-
try assuming spherical constituent ion in order to extend the applicability of Goldschmidt tolerance factor (T). 
The ratio between Vunit/Z and Vion defined as the ionic filling fraction (IFF) was used to extract ionic packing 
information from ionic compounds similar to using T. The IFF for most ionic compounds are interestingly dis-
tributed around a line given by Vunit/Z =  1/0.69 ×  Vion. The linearity (the inverse of the slope) suggests that ionic 
compounds adopt a constant IFF value (0.69). The linearity was also consistent with the ideal cubic perovskite 
structure with the T =  1. Furthermore, the IFF showed the trend that the IFF increases with increasing T. Thus, 
the IFF allows uniformly classifying the data for a variety of ionic compounds and extending the applicability of 
the T concept for arbitrary ionic compounds.

The use of this linear relationship facilitates the selection of unit cell and compositional composition ratios for 
novel hydrides, which has often been a bottleneck for the determination of their crystal structures. We have been 

Figure 7.  Crystal structure of Sr(AlH4)Cl. Purple, yellow, blue, light-blue and brown spheres and grey cuboids 
represent Sr2+, Al, H, [AlH4]−, Cl− and Vunit/Z of Sr(AlH4)Cl, respectively.
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able to elucidate three new crystal structures, LiCa(AlH4)3, LiCaAlH6 and Sr(AlH4)Cl, respectively, with different 
cations and anions coexisting within the crystal structures. Therefore, the IFF could become a new indicator for 
crystal structure determination.

Methods
Synthesis.  LiCa(AlH4)3 was directly synthesized by mechanochemical milling of LiH (Alfa Aesar, 99.4%), 
CaH2 (Sigma-Aldrich, 99.99%) and AlH3 in a molar ratios of 1:1:3. AlH3 as the starting material was synthe-
sized in diethyl ether according to the chemical reaction of LiAlH4 and AlCl3

41,42. The mixture was ball milled 
at 400 r.p.m. under a hydrogen gas pressure of 0.2 MPa using Fritsch P7. The effective milling time to obtain 
LiCa(AlH4)3 was 10 hours. Milling time of 15 min was alternated with pauses of 5 min duration.

LiCaAlH6 was yielded from LiCa(AlH4)3 which was kept at 400 K for 1 hour in 0.10 MPa of Ar gas pressure.
Sr(AlH4)Cl was synthesized by mechanochemical milling of LiAlH4 (Sigma–Aldrich, 95%) and SrCl2 

(Sigma-Aldrich, 99.9%) in a molar ratios of x:1 (x =  1.0–3.0). The mixture was milled at 400 rpm under an Ar 
atmosphere of 0.10 MPa using Fritsch P7. The effective milling time was 5 h. Milling time of 15 min was alternated 
with pauses of 5 min duration.

Sr(AlD4)Cl for powder synchrotron radiation (SR-PXD) X-ray and neutron diffraction (PND) was synthe-
sized by mechanochemical milling of LiAlD4 (ACROS Organic, 93%) and SrCl2 (Sigma-Aldrich, 99.9%) in a 
molar ratios of 1.3:1.

X–ray diffraction (PXD).  All samples were initially measured by a conventional powder X–ray diffractom-
eter (PANalytical X’PERT, with Cu Kα  radiation (wavelength λ  =  1.5406 Å for Kα 1 and 1.5444 Å for Kα 2)) at 
room temperature. The samples of LiCa(AlH4)3 and LiCaAlH6 for PXD and the Rietveld refinements were placed 
in Lindemann glass capillary (outside diameter =  0.50 mm, thickness =  0.01 mm) and sealed with paraffin liquid 
for the powder X-ray diffraction measurement with a transmission geometry at room temperature.

High–resolution synchrotron radiation X–ray diffraction (SR–PXD).  The high-resolution SR–PXD 
data of Sr(AlD4)Cl were collected at room temperature at the Swiss-Norwegian beamlines (station BM01B) at 
the European Synchrotron Radiation Facility (ESRF) in Grenoble, France. The sample was placed in a rotating 
0.5 mm boron-silica glass capillary. The wavelength 0.50513 Å was obtained from a channel-cut Si (111) mono-
chromator. Data was collected up to 40° in step of 0.0065° in 2θ .

Powder neutron diffraction (PND).  PND data of Sr(AlD4)Cl were collected at room temperature with the 
PUS instrument at the JEEP II reactor at Kjeller, Norway. The sample was placed in a cylindrical vanadium sample 
holder with a diameter of 6 mm. The wavelength 1.5539 Å was obtained from a Ge (511) focusing monochroma-
tor. Data was collected from 10° to 130° in step of 0.05° in 2θ.

Raman and infrared spectroscopies.  The Raman spectra of LiCa(AlH4)3 and Sr(AlH4)Cl were obtained 
by Nicolet Almega–HD with a Nd:YVO4 laser (532 nm). The sample was placed under Ar gas in a sample holder 
with a glass window, and spectra were measured using the backscattering configuration with a microscope Raman 
spectrometer. The FTIR spectra of LiCa(AlH4)3 and Sr(AlH4)Cl were obtained by Thermo Scientific Nicolet iZ10. 
A thin sample, approximately a few μm thick, was prepared in an Ar–gas–filled diamond anvil cell, and transmis-
sion spectra were measured with a microscope FTIR spectrometer.

Thermal analysis.  The hydrogen release reaction of LiCa(AlH4)3 was studied by thermogravimetry (TG, 
Rigaku TG-8210) with an Al sample holder heated up to 673 K at 5 K/min in a He gas flow of 150 ml/min.

Crystal structural determination.  The X-ray diffraction peaks of LiCa(AlH4)3, LiCaAlH6 and Sr(AlD4)
Cl were indexed by TREOR9743 and PIRUM44. Structural determinations of LiCa(AlH4)3 and LiCaAlH6 based 
on PXD data and Sr(AlD4)Cl with SR-PXD and PND data were performed combined with the ab initio struc-
tural determination program FOX (version 1.9.0.2)38, the Rietveld program GSAS with the graphical interface 
EXPGUI (version 1.80)45 and first–principles calculations. In the Rietveled analysis, the Pseudo-Voigt peak shape 
function with the Finger–Cox–Jephcoat asymmetry correction46,47 was used. The background was modeled by 
Chebyschev polynomial function model in GSAS.

All samples were handled in Ar or He gas filled glove boxes with a dew point below 183 K and with less than 
1 ppm of O2 to prevent (hydro–) oxidation.

First–principles calculations.  The crystal structures of LiCa(AlH4)3 and LiCaAlH6 were studied using 
first-principles calculations based on density-functional theory (DFT). We used a plane-wave basis and the pro-
jector augmented wave method48 within the generalized gradient approximation of Perdew and co-workers49, as 
implemented in vienna ab initio simulation package (VASP)50–52. To begin with, the experimentally determined 
structures of LiCa(AlH4)3 and LiCaAlH6 were fully relaxed with placing the H atoms to coordinate Al in the 
tetrahedral and octahedral fashions, respectively. After the relaxations, phonon calculations were performed to 
verify if the relaxed structures were at the true minimums. When imaginary phonon frequencies were observed, 
we slightly displaced the atoms along the directions of eigenvectors of the imaginary modes and further relaxed 
the structures to eliminate them. This procedure was carried out until the ground states were reached, in the same 
manner as in the prediction of crystal structures for several new complex transition-metal hydrides13. This was 
done using well-converged plane-wave basis sets with cut-off energies of 800 eV and 600 eV for LiCa(AlH4)3 and 
LiCaAlH6, respectively. The Brillouin-zone samplings were performed using the special k-point method53 with 
4 ×  4 ×  8 and 8 ×  8 ×  4 meshes for LiCa(AlH4)3 and LiCaAlH6, respectively.



www.nature.com/scientificreports/

9Scientific Reports | 6:23592 | DOI: 10.1038/srep23592

References
1.	 Peña, M. A. & Fierro, J. L. G. Crystal structures and performance of perovskite oxides. Chem. Rev. 101, 1981–2017 (2001).
2.	 Zhou, J.-S. & Goodenough, B. Universal octahedral–site distortion in orthorhombic perovskite oxides. Phys. Rev. Lett. 94, 065501 

(2005).
3.	 Singh, D. J. & Park, C. H. Behavior in a Magnetic perovskite from A–site size disorder: A density functional study. Phys. Rev. Lett. 

100, 087601 (2008).
4.	 Takagi, S., Subedi, A., Cooper, V. R. & Singh, D. J. Effect of A–site size difference on polar behavior in MBiScNbO6 (M =  Na, K, and 

Rb): Density functional calculations. Phys. Rev. B 82, 134108 (2010).
5.	 Cai, L., Arias, A. L. & Nino, J. C. The tolerance factors of the pyrochlore crystal structure. J. Mater. Chem. 21, 3611–3618 (2011).
6.	 Ikeda, K., Sato, T. & Orimo, S. Perovskite–type hydrides–synthesis, structures and properties. Int. J. Mat. Res. 99, 471–478 (2008).
7.	 Schouwink, P. et al. Structure and properties of complex hydride perovskite materials. Nat. Commun. 5, 5706 (2014).
8.	 Yvon, K. Complex transition–metal hydrides. Chimia 52, 613–619 (1998).
9.	 Hauback, B. C. Structures of aluminium–based light weight hydrides. Z. Kristallogr. 223, 636–648 (2008).

10.	 Orimo, S., Nakamori, Y., Eliseo, J. R., Züttel, A. & Jensen, C. M. Complex hydrides for hydrogen storage. Chem. Rev. 107, 4111–4132 
(2007).

11.	 Eberle, U., Felderhoff, M. & Schüth, F. Chemical and physical solutions for hydrogen storage. Angew. Chem. Int. Ed. 48, 6608–6630 
(2009).

12.	 Graetz, J. & Hauback, B. C. Recent developments in aluminum–based hydrides for hydrogen storage. MRS Bull. 38, 473–479 (2013).
13.	 Takagi, S. et al. True Boundary for the Formation of Homoleptic Transition–Metal Hydride Complexes. Angew. Chem. Int. Ed. 54, 

5650–5653 (2015).
14.	 Tomiyasu, K., Sato, T. & Orimo, S. Estimation of bonding nature using diamagnetic susceptibility. Chem. Commun. 51, 8691–8694 

(2015).
15.	 Takagi, S. & Orimo, S. Recent progress in hydrogen–rich materials from the perspective of bonding flexibility of hydrogen. Scripta 

Mater. 109, 1–5 (2015).
16.	 Nickels, E. A. et al. Tuning the decomposition temperature in complex hydrides: Synthesis of a mixed alkali metal borohydride. 

Angew. Chem. Int. Ed. 47, 2817–2819 (2008).
17.	 Černý, R., Penin, N., Hagemenn, H. & Filinchuk, Y. The first crystallographic and spectroscopic characterization of a 3d-metal 

borohydride: Mn(BH4)2. J. Phys. Chem. C 113, 9003–9007 (2009).
18.	 Černý, R., Solving crystal structures of metal and chemical hydrides. Z. Kristallogr. 223, 607–616 (2008).
19.	 Dovgaliuk, I., Le Duff, C. S., Robeyns, K., Devillers, M. & Filinchuk, Y. Mild dehydrogenation of ammonia borane complexed with 

aluminum borohydride. Chem. Mater. 27, 768–777 (2015).
20.	 Harris, K. D. M., Tremayne, M. & Kariuki, B. M. Contemporary advances in the use of powder x–ray diffraction for structure 

determination. Angew. Chem. Int. Ed. 40, 1626–1651 (2001).
21.	 Meredig, B. & Wolverton, C. A hybrid computational–experimental approach for automated crystal structure solution. Nature 

Mater. 12, 123–127 (2013).
22.	 Shannon, R. D. Revised effective ionic radii and systematic studies of interatomic distances in halides and chalcogenides. Acta 

Cryatallogr. A 32, 751–767 (1976).
23.	 Kapustinskii, A. F. Lattice energy of ionic crystal. Q. Rev. Chem. Soc. 10, 283–294 (1956).
24.	 Jenkins, H. D. B. & Thakur, K. P. Reappraisal of thermochemical radii for complex ions. J. Chem. Educ. 56, 576–577 (1979).
25.	 Glasser, L. Lattice energies of crystals with multiple ions: A generalized Kapustinskii equation. Inorg. Chem. 34, 4935–4936 (1995).
26.	 Lide, D. R. CRC Handbook of Chemistry and Physics 88th edition, CRC Press, (2007).
27.	 Post, J. E. & Heaney, P. J. Neutron and synchrotron X-ray diffraction study of the structures and dehydration behaviors of ramsdellite 

and “groutellite”. Am. Mineral. 89, 969–975 (2004).
28.	 Sawada, H. Electron density study of garnets: Z3Al2Si3O12 (Z =  Mg, Fe, Mn, Ca) and Ca3Fe2Si3O12. J. Solid State Chem. 142, 273–278 

(1999).
29.	 Tejada–Rosales, E. M. et al. Room–temperature synthesis and crystal, magnetic and electronic structure of the first silver copper 

oxide. Inorg. Chem. 41, 6604–6613 (2002).
30.	 Filinchuk, Y. et al. Porous and dense magnesium borohydride frameworks: synthesis, stability, and reversible absorption of guest 

species. Angew. Chem. Int. Ed. 50, 11162–11166 (2011).
31.	 Dolci, F. et al. Magnesium imide: synthesis and structure determination of an unconventional alkaline earth imide from 

decomposition of magnesium amide. Inorg. Chem. 50, 1116–1122 (2011).
32.	 Pommerin, A., Wosylus, A., Felderhoff, M., Schüth, F. & Weidenthaler, C. Synthesis, Crystal Structures, and Hydrogen-Storage 

Properties of Eu(AlH4)2 and Sr(AlH4)2 and of Their Decomposition Intermediates, EuAlH5 and SrAlH5. Inorg. Chem. 51, 4143–4150 
(2012).

33.	 Weidenthaler, C. et al. Complex rare–earth aluminum hydrides: Mechanochemical preparation, crystal structure and potential for 
hydrogen storage. J. Am. Chem. Soc. 131, 16735–16743 (2009).

34.	 Launay, P. S. & Rimsky, E. A. Structure du Tris(tétraoxomolybdate) de Cadmium et de Thorium. Acta Crystallogr. B 36, 910–912 
(1980).

35.	 Sato, T. et al. Syntheses, Crystal structures, and thermal analyses of solvent–free Ca(AlD4)2 and CaAlD5. J. Alloys Compd. 487, 
472–478 (2009).

36.	 Liu, D. M., Qian, Z. X., Si, T. Z. & Zhang, Q. A. Synthesis, crystal structure and thermal decomposition of LiCa(AlH4)3. J. Alloy 
Compd. 520, 202–206 (2012).

37.	 Wang, H.-C., Zheng, J., Wu, D.-H., Wei, L.-T. & Tang, B.-Y. Crystal feature and electronic structure of novel mixed alanate 
LiCa(AlH4)3: A density functional theory investigation. RSC Adv. 5, 16439–16445 (2015).

38.	 Favre-Nicolin, V. & Černý, R. FOX, ‘Free objects for crystallography’: A modular approach to ab initio structure determination from 
powder diffraction. J. Appl. Crystallogr. 35, 734–743 (2002).

39.	 Charkin, D. O., Plachinda, P. A., Pervukhina, N. V., Borisov, S. V. & Magarill, S. A. PbCl(ReO4), a derivative of the matlockite 
(PbFCl) structure. Acta Crystallogr. E 62, i23–i25 (2006).

40.	 Matsuo, M. & Orimo, S. Lithium fast–ionic conduction in complex hydrides: Review and prospects. Adv. Energy Mater. 1, 161–172 
(2011).

41.	 Brower, F. M. et al. Preparation and properties of aluminum hydride. J. Am. Chem. Soc. 98, 2450–2453 (1976).
42.	 Ikeda, K. et al. Dehydriding reaction of AlH3: in situ microscopic observations combined with thermal and surface analysis. 

Nanotechnology 20, 204004 (2009).
43.	 Werner, P.-E., Eriksson, L. & Westdahl, M. TREOR, a semi–exhaustive trial–and–error powder indexing program for all symmetries. 

J. Appl. Crystallogr. 18, 367–370 (1985).
44.	 Werner, P.-E. A fortran program for least–squares refinement of crystal–structure cell dimensions. Ark. Kemi 31, 513–516 (1969).
45.	 Toby, B. H. EXPGUI, A graphical user interface for GSAS. J. Appl. Crystallogr. 34, 210–213 (2001).
46.	 van Laar, B. & Yelon, W. B. The peak in neutron powder diffraction. J. Appl. Crystallogr. 17, 47–54 (1984).
47.	 Thompson, P., Cox, D. E. & Hastings, J. B. Rietveld refinement of Deby–Scherrer synchrotron x–ray data from Al2O3. J. Appl. 

Crystallogr. 20, 79–83 (1987).
48.	 Blöchl, P. E. Projector augmented–wave method. Phys. Rev. B 50, 17953–17979 (1994).



www.nature.com/scientificreports/

1 0Scientific Reports | 6:23592 | DOI: 10.1038/srep23592

49.	 Kresse, G. & Joubert, D. From ultrasoft pseudopotentials to the projector augmented–wave method. Phys. Rev. B 59, 1758–1775 
(1999).

50.	 Perdew, J. P., Burke, K. & Ernzerhof, M. Generalized gradient approximation made simple. Phys. Rev. Lett. 77, 3865–3868 (1996).
51.	 Kresse, G. & Hafner, J. Ab initio molecular dynamics for liquid metals. Phys. Rev. B 47, R558–R561 (1993).
52.	 Kresse, G. & Furthmüller, J. Efficient iterative schemes for ab initio total–energy calculations using a plane–wave basis set. Phys. Rev. 

B 54, 11169–11186 (1996).
53.	 Monkhorst, H. J. & Pack, J. D. Special points for Brillouin–zone integrations. Phys. Rev. B 13, 5188–5192 (1976).

Acknowledgements
We are grateful for helpful discussions with K. Aoki, T. Ikeshoji and K. Tomiyasu, technical support from H. 
Ohmiya and N. Warifune, and the use of SR16000 supercomputing resources at the Center for Computational 
Materials Science of the Institute for Materials Research, Tohoku University. This research was supported by the 
JSPS KAKENHI Grant Numbers 25220911, 26820312, and 26820313 from MEXT, Japan and Integrated Project 
of ICC-IMR of Tohoku University, Collaborative Research Center on Energy Materials in IMR (E-IMR), and 
the Inter-University Cooperative Research Program of the Cooperative Research and Development Center for 
Advanced Materials, Institute for Materials Research, Tohoku University. The skillful assistance of the beamline 
personnel at the Swiss-Norwegian Beamlines at the European Synchrotron Radiation Facility (ESRF), Grenoble, 
France, is gratefully acknowledged.

Author Contributions
T.S. conceived this study, prepared the samples, analysed the data, determined crystal structures and wrote 
the manuscript. S.T. carried out first–principles calculations. S.D. and B.H. performed the SR–PXD and PND 
measurements. S.O. designed and conducted the project. All authors commented on the final manuscript and 
conclusions of this work.

Additional Information
Supplementary information accompanies this paper at http://www.nature.com/srep
Competing financial interests: The authors declare no competing financial interests.
How to cite this article: Sato, T. et al. Extending the applicability of the Goldschmidt tolerance factor to 
arbitrary ionic compounds. Sci. Rep. 6, 23592; doi: 10.1038/srep23592 (2016).

This work is licensed under a Creative Commons Attribution 4.0 International License. The images 
or other third party material in this article are included in the article’s Creative Commons license, 

unless indicated otherwise in the credit line; if the material is not included under the Creative Commons license, 
users will need to obtain permission from the license holder to reproduce the material. To view a copy of this 
license, visit http://creativecommons.org/licenses/by/4.0/

http://www.nature.com/srep
http://creativecommons.org/licenses/by/4.0/

	Extending the applicability of the Goldschmidt tolerance factor to arbitrary ionic compounds

	Results

	Ionic filling fraction (IFF) for ionic compounds. 
	Crystal structure analysis of novel hydride compounds using the IFF. 
	Crystal structure analysis of LiCa(AlH4)3 containing different metallic cations. 
	Crystal structure analysis of the new hydride LiCaAlH6 containing different metallic cations. 
	Crystal structure analysis of the new hydride Sr(AlH4)Cl containing different anions. 

	Discussion

	Methods

	Synthesis. 
	X–ray diffraction (PXD). 
	High–resolution synchrotron radiation X–ray diffraction (SR–PXD). 
	Powder neutron diffraction (PND). 
	Raman and infrared spectroscopies. 
	Thermal analysis. 
	Crystal structural determination. 
	First–principles calculations. 

	Acknowledgements
	Author Contributions
	﻿Figure 1﻿﻿.﻿﻿ ﻿ Ionic packing in an ideal cubic perovskite structure.
	﻿Figure 2﻿﻿.﻿﻿ ﻿ IFF plot for ionic compounds with arbitrary ionic arrangements and compositions.
	﻿Figure 3﻿﻿.﻿﻿ ﻿ Relationship between the T and the IFF.
	﻿Figure 4﻿﻿.﻿﻿ ﻿ The flow chart for crystal structure determination.
	﻿Figure 5﻿﻿.﻿﻿ ﻿ Crystal structure of LiCa(AlH4)3.
	﻿Figure 6﻿﻿.﻿﻿ ﻿ Crystal structure of LiCaAlH6.
	﻿Figure 7﻿﻿.﻿﻿ ﻿ Crystal structure of Sr(AlH4)Cl.



 
    
       
          application/pdf
          
             
                Extending the applicability of the Goldschmidt tolerance factor to arbitrary ionic compounds
            
         
          
             
                srep ,  (2016). doi:10.1038/srep23592
            
         
          
             
                Toyoto Sato
                Shigeyuki Takagi
                Stefano Deledda
                Bjørn C. Hauback
                Shin-ichi Orimo
            
         
          doi:10.1038/srep23592
          
             
                Nature Publishing Group
            
         
          
             
                © 2016 Nature Publishing Group
            
         
      
       
          
      
       
          © 2016 Macmillan Publishers Limited
          10.1038/srep23592
          2045-2322
          
          Nature Publishing Group
          
             
                permissions@nature.com
            
         
          
             
                http://dx.doi.org/10.1038/srep23592
            
         
      
       
          
          
          
             
                doi:10.1038/srep23592
            
         
          
             
                srep ,  (2016). doi:10.1038/srep23592
            
         
          
          
      
       
       
          True
      
   




