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Introduction 9 

The undrained shear strength of soil is a key engineering parameter which is often linked to 10 

liquidity index (e.g. Vardanega and Haigh, 2014). This linkage depends critically on the 11 

undrained strength of soil at the liquid limit, a subject on which there has been some debate. 12 

The determination of the liquid limit is carried out using one of two general methods: 13 

‘Casagrande cup’ or ‘fall cone’, depending on national standards. 14 

The authors have presented an interesting paper that shows (amongst other things) how 15 

fall-cone undrained shear strength values at the fall-cone liquid limit (𝑐୳୊େ,୐୐) can vary with 16 

changes in the water content at the fall-cone liquid limit (𝑤 ୐,ూి
). Data of the undrained strength 17 

at liquid limit when this is determined by the fall cone are rare, although since this test is itself 18 

a measurement of soil strength, examination typically shows a much narrower range of values 19 

than for strengths measured at the Casagrande-cup liquid limit (𝑤 ୐,ౙ౫౦
). 20 

It is hence surprising that the work of Nagaraj et al. (2018) shows such clear trends of 21 

varying undrained strength at the fall-cone liquid limit with water content. The paper hence 22 

prompts a debate as to whether the undrained strength at the fall-cone liquid limit can be 23 

sensibly assumed as a fixed value. This discussion seeks (in the context of the published paper) 24 

to explore this question. 25 

26 

Which liquid limit? 27 

O’Kelly et al. (2018) recently reviewed values of liquid limit measured with the Casagrande 28 

cup device (Casagrande, 1932) and those measured with the BSI fall cone (BSI 1990). Many 29 

studies have been published comparing the two methods (e.g., Spagnoli 2012, O’Kelly et al. 30 

2018 and Vardanega et al. 2018).  31 

Hansbo (1957) showed that the penetration of a cone free-falling into a plastic material 32 

was linked to its strength (𝑐୳) by: 33 

𝑐୳ ൌ 𝐾 ௠௚

௛మ  (1) 34 

where cu = undrained shear strength; K = cone factor; m = fall cone mass; g = acceleration due 35 

to gravity and h = fall cone penetration depth. 36 

If the liquid limit is linked to a specific value of fall cone penetration for a particular 37 

cone (as is done in many codes, including for the 30°–80g cone setup adopted in BSI 1990), it 38 

is thus implicit that this should be linked to a fixed value of undrained shear strength. This is 39 

typically assumed to be around 1.7 kPa, though the precise value depends on assumptions as 40 

to the value of the cone factor K and also the assigned cone penetration depth value for the fall-41 

cone liquid limit condition. 42 

Conversely, Haigh (2012) showed based on analysis of the dynamic slope failure 43 

involved in the Casagrande test that the cup liquid limit corresponds to a specific strength of 44 

approximately 1 m2/s2, the precise value being dependent on the cup device’s base hardness, a 45 

property that varies widely (Haigh 2016). From this comparison, it is clear that while one might 46 

expect the undrained strength at the fall-cone liquid limit to be approximately constant, the 47 

undrained strength at the cup liquid limit would be expected to decrease with increasing value 48 

of the liquid-limit water content. 49 
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Undrained strength at liquid limit 50 

Wroth and Wood (1978) reviewed various sources and selected 1.7 kPa as an appropriate value 51 

for the undrained strength at the liquid limit, essentially based on the mid-point in the range of 52 

values given by Youssef et al. (1965). As was standard practice at the time, this dataset utilised 53 

the Casagrande cup method for liquid limit determination. Because the cone method for liquid 54 

limit determination was developed to give for some ‘typical’ soil the same liquid limit values 55 

as derived using the cup method, the strength at the cone liquid limit should also be 56 

approximately 1.7 kPa. Conversely, at the plastic limit the assumption of a fixed strength 57 

cannot be made as it captures the plastic to brittle transition of the soil (Haigh et al. 2013; 58 

O’Kelly, 2013). 59 

Nagaraj et al (2012) reviewed a large number of research papers that gave data for 60 

strength at liquid limit, mostly involving liquid limits measured using the cup method, with 61 

associated undrained strengths measured using the vane shear test. These data gave measured 62 

undrained strengths in the range 0.5 – 12 kPa, although mostly in the range of 0.7 – 2.7 kPa. 63 

The less widely reported undrained strengths measured using the vane shear test at the cone 64 

liquid limit had a narrower range of 0.8 – 4.8 kPa, although mostly in the range of 1.7 – 2.8 65 

kPa. While the data shows a variation in the undrained strength measured even at the fall-cone 66 

liquid limit, this could be explained based on differences in strain rate and deformation mode 67 

between the vane shear and fall-cone tests, which might lead to variability for different soils, 68 

(cf. Haigh and Vardanega, 2012).  69 

In the paper under discussion, (Nagaraj et al. 2018), however, the liquid limit values 70 

are determined throughout using the standard BSI fall-cone method (a 30° 80g cone penetrating 71 

20mm), with the undrained strength at the liquid limit being measured using a second fall cone 72 

set up (i.e., a 60° 60g cone). In this manner, the usual explanations for the variation in undrained 73 

strength at the liquid limit seem to have been eliminated. It is thus surprising that such a large 74 

variation in undrained strength at liquid limit (1.0 – 2.8 kPa) is seen, and particularly that this 75 

shows such strong trends with water content at liquid limit rather than just showing a random 76 

variation that might be attributed to experimental error. If equation (1) is valid, the penetration 77 

of a 60° 60g fall cone at the water content at which a 30° 80g fall cone penetrates 20 mm (fall 78 

cone liquid limit) should be constant. The values of the cone factor K can change the precise 79 

strength that is attributed to this penetration, but cannot give variation between soils if they are 80 

assumed to be constant for a given cone setup. The results of the Nagaraj et al (2018) paper, 81 

hence seem to suggest that equation (1) does not apply for the data-set presented. It may be that 82 

the high levels of sand in the studied soil mixtures affect the assumption of the validity of 83 

equation (1). 84 

If equation (1) does not apply, the reported fall-cone undrained strength values at cone 85 

liquid limit derived by the authors in this paper cannot be valid, (as they rely on equation (1) 86 

in their calculation), but the paper nevertheless has revealed a worrying incompleteness in the 87 

understanding of the fall-cone test in the geotechnical literature. 88 
 89 
Notation 90 

The following notation is used in this discussion paper: 91 

cu = undrained shear strength;  92 

𝑐୳୊େ,୐୐  = undrained strength at fall-cone liquid limit; 93 

g = acceleration due to gravity; 94 

h = fall cone penetration depth;  95 

K = cone factor;  96 

m = fall cone mass;  97 

wL,cup = liquid limit measured with the Casagrande cup device; 98 

wL,FC = liquid limit measured with the fall-cone apparatus. 99 
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