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FOURTH WINTER SCHOOL (1976)

THE WEAK RADON~NIKODYM PROPERTY

by
K., MUSIAL

Def, A Banach space X hassthe weak RNP iff given any
finite complete measure space (S, ,(b) and a C.p-continn—
ous measure ¥ : Z —> X of (6 )-finite variation there ex-
ists a weakly measurable f+ S=>X such that

¥E e 2 ~» (E) = Pettis - £d .
e -

Theorem. If X is separatle then X * has WRNP iff
x3 '.21 (isomorphically).

Corollary 1. If X is separable and X¥* = °"L‘J‘,"XWC
(X, = ar¥ -gequential, closure of Xe 4 whenevér cc is non
limit and X = A&Jx Xp if o is limit, X, = X), then X
is weak* ‘sequentially dense in X*¥ ,

Corollary 2., If X is separable, X $ £, and X* is
non-sepaxjabhle, then given a non purely atomic finite measure
space (S, E , ) there exists a bounded Pettis integrable
function f: S—)X* which is not weakly eq;xivalent to any

strongly measurable g : S—>X* ,
Corollary 3 (Rybakov). If the set of extreme points of

the unit ball of X ¥ is morm separable, then X¥ is sepe-

rable.
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Remark, There exists X with WRNP and without RNP,
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