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A theoretical formulation for the phonon density of states of amorphous germanium in
the infrared range is proposed. This formulation is based upon the quasi-harmonic
approximation and is compared with previous results.
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1. INTRODUCTION

It is well-known that the phonon (or vibrational) density of states of
amorphous tetrahedrally bonded semiconductors represents a crucial
element to study optical absorption corresponding to structural
disorder. In particular, a-germanium offers some interesting features
from the point of view of optical absorption in the infrared range so
that there is no dynamical disorder contribution to this absorption. By
taking into account a well-known formula for the phonon density of
states in the quasi-harmonic approximation, it is feasible to obtain an
expression for the coefficient of optical absorption in a-Ge for the
infrared region by considering only structural disorder contribution;
this is the aim of this paper.
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2. THEORY

By using atomic units and absorbing refractive index into the
coefficient of optical absorption, we can write a we2 where a(w)
stands for absorption coefficient and e2(o) denotes first-order infrared
spectrum. In addition, by taking into account that for a-Ge this
spectrum is entirely due to structural disorder [1, 2], we have [1, 3-5]:

lu( )l2 g( o) (1)

where #(w) is the frequency-dependent dipole moment matrix element
and g() is the phonon density of states.
On the other hand, we can write [4, 6]:

N

g(03) [an12(03 0)n) (2)

where (z)n is the vibrational eigenfrequency of the nth normal mode of
the solid and stands for Dirac delta function. Eq. (2) refers to a
quasi-harmonic approach. Moreover, matrix elements an behave as
dependent upon experiment and are also model-dependent [2].
Now by substituting formula (2) into formula (1), we get:

O(0.)) ]./, (0.)) 2 N

N Z lanl:Z5(3- Wn) (1 <_ n <_ N) (3)
n

when 0, it is well-known that I/(w)[/ tends to zero (see for
example, Ref. [1]); then, from this fact is follows the evident condition
lim0a(w) 0 and that (da/d)O as 0 (by virtue of the
L’H6pital rule). Next we will examine the low margin of the far-
infrared range; in this margin, it is well-known that =- =
where k is a positive constant [2, 3, 5] so that Eq. (3) becomes:

N

a(w) ,, kN-’w lan[Z5(w O3n). (4)
n

In addition, for the lowest frequencies in the far-infrared range there
are many photons (N) so that, by Stolz’s criterion, we have
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FIGURE Optical absorption coefficient of a-Ge; this plot is experimental (after
Ref. [6]).

"n=l ]an126(w Odn)
lim a kw lim
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N

By employing numerical values corresponding to a-Ge and
truncating delta function in formula (5), a straight line is obtained
from this formula; our result is a() ,, 0.841w (w in em-1) which agrees
with Figure (after Ref. [6]) for approximately 50cm-l<w<
100 cm- 1.

3. CONCLUSIONS

Optical absorption in a-Ge for the far-infrared range has been
discussed leading to an analytic expression for the coefficient of optical
absorption corresponding to the low region of the above range. This
expression agrees well with experiment between 50 cm-1 and 100 cm-1

approximately. However, below 50cm-1 there is no agreement
between our results and experiment after Ref. [6]. On the other hand,
extrapolation of our method to other amorphous semiconductors is
feasible so that it is possible to derive formulae which become
appropriate to explain some features of these materials which may be
regarded as unexplored aspects.
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