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Inthisnote,wewillproveatheoremconcerningwithafoliationinducedbya

transversalmaptothegivenfoliationonamanifold・WeshallbeinCoo-category

andfollowR．S・PalaisfOrtheterminologyforfoliation.

LetMbean加-dimensionalHausdorHmanifoldwitharegularfoliationZ,of

codimension",andAan〃一dimensionalHausdorHmanifold.IfMisamanifold,T"(M)

denotesthetangentspacetoMat苑.IffisamapofAtoM/;k:Zm(A)--

巧(")(M)denotesthelinearmapinducedontangentvectors.

Dennition・AmapfofAintoMissaidtobetransversaltoZ,atapointzz

inAiff*,"(T1z(A))+L（鰯)==乃(")(M)(directsum).fissaidtobetransversal

toZ,ifitistransversaltoZ,ateverypointofA.

(1)fistransversaltoLifandonlyifthereisasubspaceEofZz(A)of

dimensionksuchthatf*,@Eismjectiveandf*,｡(E)nZ,（α)={0}

Iftheaboveconditionissatished,smce""@.f*,"(E)+""z.L/(")=α伽.乃(@)(M),

wehavef*,@(E)+Z,（α)=rr(<m)(M).HencefistransversaltoLata、Conversely,

iffistransversaltoZ,at",letE'beasubspaceoff*,"(n(A))ofdimension"

suchthatE'nZ,（α)={0}.ThereisasubspaceEofZm(A)ofdimenison"suchthat

f*,<z(E)=E'andtheresultfollows.

(2)ForeachzzEA,letL'(mbethesetofvectorsinn(A)mappedbyf*

intoZ,J((z).ThenZ,';p-→Z,'pisaregularfOliationofcodimension"inA.

IfzzfAthenwecannndacubicalcoordinatesystem(y,,…,ym;Q)inM

centeredatf(")flatwithrespecttoLsuchthatforaleafZJ(")ofLthrough

f(z),QnZ（α)={pEQly'(b)=0,j=1,…，〃｝・

Since("j)（α)IZ,（α)=0,itfollowsthat(dyj)IE'arelinearlyindependent.

Since/;k,@:E－→E'isanisomorphism,d(y'｡/)"IEarelinearlyindependent,in

particular,d(y,｡/)@arelinearlyindependent.

Since/~'(Q)nナユ(Z/("))={ptナユ(Q)|(y")(P)=0},/-'(Z/("))isaregularly

imbeddedsubmanifoldinAofcodimension".Thenwecan伽dacoordinatesystem

(苑,,…,"";Q')inAsuchthat"i=y'Q/:Wecanassumethat(",,…,"";Q')is

cubical,centeredatdZand/(Q')=Q.Therelation"i=d(y'Q/)=Adyitogether

withthefactthatdyi(1,...,")areabasefortheannihilatorofLimpliesthat"@

areabasefOrtheannihilatorofZ''=点1(L).Then(",,…,""､:Q')isHatwith

respecttoL'.thereforeL'isinvolutiveandregular.

Since/*,Q(Z,'α)三Z,（α)forallzzEA,thereexistsadirerentiablemaphofA/Z''to
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