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This paper presents the decentralized trackers using the observer-based suboptimal method for the interconnected time-delay
singular/nonlinear subsystems with closed-loop decoupling property. The observer-based suboptimal method is used to guarantee
the high-performance trajectory tracker for two different subsystems. Then, due to the high gain that resulted from the decentralized
tracker, the closed-loop system will have the decoupling property. An illustrative example is given to demonstrate the effectiveness

of the proposed control structure.

1. Introduction

The singular system model is a natural presentation of
dynamic systems, such as power systems [1] and large-
scale systems [2, 3]. In general, an interconnection of state
variable subsystems is conveniently described as a singular
system, even though an overall state space representation may
not even exist. Over the past decades, much attention has
been focused on the decentralized control [4-6] for time-
delay singular systems. In [7], the problem of decentralized
stabilization has been discussed for nonlinear singular large-
scale time-delay control systems with impulsive solutions.
The H,, control for singular systems with state delay has
been presented in [8]. And the decentralized output feedback
control problem [9] is considered for a class of large-scale
systems with unknown time-varying delays.

In the recent years, a large number of control systems are
characterized by interconnected large-scale subsystems, and
many practical examples have been applied to decentralized
control systems. The decentralized control of interconnected
large-scale systems has commonly appeared in our modern
technologies, such as transportation systems, power systems,

and communication systems [10-12]. However, a survey of
the literature indicates that the singular system issue has
seldom been studied in such systems. Many research [13-
16] results concerning the singular/nonlinear system have
successfully solved lots of complex problems. For the above
reasons, we will discuss the decentralized control of the
interconnected large-scale time-delay singular subsystem and
nonlinear subsystem.

In this paper, we consider the time-delay effect. In
practical applications, the time-delay effect [17-19] may result
in an unexpected and unsatisfactory system performance,
even including the serious instability, if it is ignored in the
design of control systems. In order to overcome this problem,
the controller design method [20, 21] is necessary to be
further explored in this paper. Sequentially, the decentralized
tracker with the high-gain property will make the closed-loop
system own the decoupling property.

This paper is organized as follows. Section 2 describes
the problem of interest. Section 3 presents the observer-based
suboptimal digital tracker. Section 4 presents the simulation
results of interconnected time-delay singular/nonlinear sub-
systems. Finally, Section 5 draws conclusions.
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The equivalent time-delay linear nonsingular system
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The equivalent time-delay linear system

FIGURE 1: The schematic design methodology for the interconnected time-delay singular/nonlinear system.

2. System and Problem Description

Consider the time-delay system consisting of two intercon-
nected MIMO subsystems shown as

SI: Ex(t) = Ax; (t) + Ayxy (t —1y) + Byuy (t — 731)

+ hizxz (t=75-14),

(1)
MO =Cx, (E-1,). (1b)
2 (0 = f, (%, (- 1)) + g (5, (E - 7))
it ) K (=t m )]s
1, (1) = Cyxy (t = 15)» (2b)

where x,(t) and x,(¢) are the state vectors, u, (t) and u, (t) are
the control input vectors, and y,(t) and y,(t) are the output
vectors. f,(-) and g,(-) are nonlinear functions of the states
x,(t) of S2. E, A, A, By, C;, and C, are known as constant
system matrices of appropriate dimensions and E is a singular
matrix. State time delays 7,; and 7,, interconnection time
delays 7., and 7,,, input time delays 7;, and 7;,, and output
time delays 7,; and 7, are assumed to be known. The time
delays of interconnected state vectors h),x,(t — T, — T;;)

and h;lxl(t - T, — T,) are induced from multiple sensors

at different rates to accurately produce a reliable navigation
solution.

The subsystem S1 is the time-delay singular system and
subsystem S2 is the time-delay nonlinear subsystem. Before
designing the controller, the decentralized modeling of the
interconnected time-delay system is proposed in Figure 1.
The notation L(-) through this paper is a time lag operator;
for example, L(T,-j)u(t) =u(t- Tij).

It is very difficult to directly design the tracker and
observer for S1 and S2 because their system models are
not nonsingular and linear models. To solve this problem,
the previously proposed method in [21] and the OKID
(observer/Kalman filter identification) method in [22] are
appropriately utilized to make S1 and S2 become the equiva-
lent linear time-delay nonsingular subsystems. As a result, the
process becomes quite simple. Besides, aslong as the designed
tracker for each subsystem has the high-gain property, the
designed global system will have the closed-loop decoupling
property.

We will use the proposed schematic design in Figure 1 to
construct the methodology of the decentralized control for
the interconnected time-delay singular/nonlinear subsystems
with the closed-loop decoupling property.

3. Main Results

In this section, we construct the methodology of the
decentralized control by using the design concept of the
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observer-based suboptimal digital tracker to control time-
delay singular subsystem and time-delay nonlinear subsys-
tem, respectively. Before designing the controller, we need
to obtain the equivalent time-delay linear nonsingular sub-
system and the equivalent time-delay linear subsystem. The
problem of decentralized stabilization is discussed in the
appendix.

3.1. The Equivalent Time-Delay Linear Nonsingular Subsystems
for the Time-Delay Singular/Nonlinear Subsystems. From the
schematic design methodology of Figure 1, and by using the
previous method in [20], we can make the time-delay singular
subsystems (la) and (1b) become the equivalent time-delay
regular system as follows:

jcs (t) = Asfs (t) + A\dfs (t - Tsl) + dec (t - Til)
(3a)
)

() = C % (t—15) - Dyv (t - 11) (3b)

!
+hy,x, (E— 1, -

where the parameters A , A 4, By, C,,, and D, and input v, (t)
can be referred to in [20].

Remark A.0. Notably, definitions of the regular pencil [23]
and the standard pencil [24] are satisfied on no state delay
term in systems (la) and (1b). If A, exists, then definitions of
the regular pencil and the standard pencil do not guarantee
that systems (la) and (1b) can be decomposed into the
equivalent time-delay regular system.

Similarly, the time-delay nonlinear subsystems (2a) and
(2b) can transform the equivalent time-delay linear subsys-
tem by OKID method [21, 22] as follows:

Xgy (ko Ty + Ty) = GapXgy (ko Ty) + Hyptdg (K, Ty = Ti2)(> )
4a

Yaz (szz) =CapXay (szz - Toz) > (4b)

where G;,, Hy,, and Cy, are the identified parameters by
OKID method. The corresponding continuous-time system
of (4a) and (4b) is described by

Xy (8) = ApaXey () + Bty (t = 1) (5a)
Ve (t) = Cc2xc2 (t - TaZ) . (Sb)

Notably, A_,, B.,, and C,, are known as constant system
matrices of appropriate dimensions.

The equivalent subsystems (3a), (3b), and (5a) and (5b)
will be applied to the observer-based suboptimal digital
tracker [21] for the singular/nonlinear subsystem in the next
subsection and finally we proposed the schematic design
methodology of decentralized control for the interconnected
time-delay singular/nonlinear subsystems with closed-loop
decoupling property.

3.2. The Observer-Based Suboptimal Digital Tracker Design
[21]. Consider the continuous time-delay singular subsys-
tems (3a) and (3b) or the time-delay subsystems (5a) and

(5b). Here, we take the time-delay singular subsystems (3a)
and (3b) to design the observer-based suboptimal digital
tracker and the design results are similar to the time-delay
subsystems (5a) and (5b).

Consider the continuous time-delay singular subsystems
(3a) and (3b) without the time delay of interconnected state
vector hi,x,(t — 7., — 7). By [21], T, is the sampling period.
Let the state delay time be given by 7, = p, T} + I}, where
0 < T, < T) and p; > 0is an integer, and let the input delay
time be given by 7;, = ;T + 0;, where 0 < 0, < T, and
7, = 0 is an integer. The time-delay singular subsystems (3a)
and (3b), by both the Newton extrapolation method and the
Chebyshev quadrature method [25, 26], become

X5 (k+1)7Ty)
=GRy (KT,) + GV%, (KT, - p, Ty +T))
+ G@@s (KT, = pyT;) + §I3)Eds (KT, - p Ty = T})
+ HO, (kT, =, 1)) + H vy (KT, =9, T, - T}),
(6)

where

T _
G=¢M, GV = QP +Q] 4,

- T -
@12) =T, [le) _ Q?)] A, 6(13) — ?1 [Q?) _ ng)] Ay,

H” =[¢'""-1,]A]'B,, H"=[G-G"™]A]'B,

(7)
in which
n=2 g=2,  QV=[G-1](AT)",
Tl Tl 1 n s

QP =[o - (1-p)1,- Bl (ar)’, @
Q¥ = [20% - (1- B, 1, - RG] (A,T) "

Some terms in (6) may be combined because of the same
delay, so (6) can be reduced to

Xy ((k+1)TY)

M,
= Gy, (KT)) + Zéifds (KT, —iTy)

i=1

M2
+Hvy (KT,) + Y H vy (KT, - jT,).
j=1

€)



The time-delay state x, (t — 7,,) for KT} <t -1,
must be evaluated as follows:

xs (t - Tol)

- Mg, k)

=Ty .

N J ACTNE 5 (L7 )d)
kT,
=Ty A 1

+ J Ny (A~ 7,) dA
kT,

=4 (t —To1 — le) Xgs (le)

* [Sﬁl) (t = 7o = kTy) Xy (KT, = p Ty + T)
+ 852) (t = 7o = kT) Xy (KT, = p T1)
+§§3) (t = 7oy = KTy) Xy (KT, = p, Ty ~ Tl)]

+ [‘Pio) (t = 7oy = KTy) vy (KT, =, T)

—KTy) vy (KT, =, Ty — Tl)] >
(10)

(1)
T ¢ (t ~ To1

where

9 ( le) =M _le)’
&V (t -1, —kT)) = [qu’ +q ] A,
ng) (t =1, —kTy) = [qgl) q(13)] A\d’
S?) (t =1, —kTy) = [‘Z?) - q(12)] Zd’

‘PEO) (t ~To1 — le)

| O SRCR
[e48, (t -1, —KT}) - I,| A{'By, t-1, 20y,

‘Pgl) (t =75 —KTy)
[8, (t -7, —kT}) - I,] A,'B,, t—1, <0y
& (t—1,y —kTy) [I,-e ™| A]'By, t-1, 20,
(11)

in which

(1) [8 (t_ To1

q? = [q‘f)

le) - In] (145,1_‘1)_1 >
t—1, — kT, )
) b Y I

( T1 ﬁl n

= B8 (£ =75 le)] (AsTl)_l

< (k+ DT,
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t—1, —kT 2
N
1

+ ﬁfé\l (t =15 - le)] (A5T1)71

(12)

Some terms in (10) may be combined as in (9), and (10) can
be rewritten as

%s (t - Tol) = SO (t — To1
M,
+ Z(Si (t
i=1
+ ¢0 (t ~ To1

MZ
+ Z@; (t-1q
=i

Then, the output (3b) can be rewritten as

= KT,) %4, (KT)

~To1 — le) Xgs (le - iTl)
(13)
- kT1) Va (le)

le) Va (le - jTl) .

¥ () = Cy X (t = 71) = Dy, (£ - 71)
= Cugo (t ~To1 — le) Xgs (le)
M
+ ZC1151 (t = 7oy = kTy) Xy (KT, = iT,)
i=1
+Cy19, (t =7 = KTy) vy (KTy)

MZ
+ chﬁ_‘)j (t = 74 = KTy) vg (KT, - jT})
=1
- [DEO)Vd (KT, =mTy) + D(11)Vd (KT} =, Ty ~ Tl)] >
(14)
where D\ = D; (BYB,)'H\", D" =
. T
D; =[D, O] .

Similarly, some terms in (14) can be combined so (14) can
be rewritten as

»n @)= Cngo (t -

D;(BYB)'HY, and

To1 — le) Xgs (le)

= KT) %4, (KT, —iT))

M,
+ ZC1161 (t =1,
i1

+ CI@S (t =75 — KTy) vq (KT})

M,
+ ZC11¢; (t = 7o = KTy) v (KT, = jT}),

j=1
where @y, 97,9, and ¢, are the summation of multiple input-
delay terms.

In the following work, we use (13) and (15) to derive the
equivalent extended delay-free system as follows:

Xd ((k+ I)Tl) = GEXd (le) +ﬁevd (le), (163)

ya (kT,) = C,X4 (KT,), (16b)
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where

X4 (kT1) = [fds (le) Xgs (kT1 - T1) e Xy (kT1 - M1T1) Va (le - Tl) o Va (le - Mle) r (kT1)]T 17)

means the extended virtual state vector.

By the previous method [21], we derive the observer-
based suboptimal tracker for the time-delay singular system
with unavailable states using the equivalent extended delay-
free system. The extended observer-based suboptimal digital
tracker can be represented as

X, ((k+1)Ty)

= 605(\:1 (KT) + ﬁovd (KTy) + Ly [J’d (kT) - ée)?d (le)] >
(18a)

vy (kT)) = =K (kT,) X, (KT},), (18b)

where X ;(kT,) is the estimate of the extended state X ,(kT)
in (17) and

G,=C.-L,C.0.

H,=H,-L,C,H (19)

e e’

K(KT,) = [K4 (KT,) Fy(KT,) E4(kTy)],
in which

K, (kTy) = [KY (k1)) KD (kT)) -~ K™ (KT})]
Fy (kTy) = [F) (kT,) -+ FM™ (kTy)]-
(20)

The details of the parameters can be referred to in [21]. Here,
the observer-based suboptimal tracker has been completely
obtained. Figure 2 presents the realization of decentralized
control for the interconnected time-delay singular/nonlinear
subsystems.

From Figures 1 and 2, the design procedure can be
summarized as the following steps.

Step 1. Perform the previously proposed method [21] and the
OKID method [22] to determine the equivalent time-delay
linear subsystems in Figure 1.

Step 2. Design the observer-based suboptimal digital trackers
from the equivalent time-delay linear subsystems obtained in
Step 1.

Step 3. Perform the observer-based suboptimal digital track-
ers obtained in Step 2. The decentralized control for the
interconnected time-delay singular/nonlinear subsystems is
shown in Figure 2.

4. An Illustrative Example

Consider the time-delay system consisting of two intercon-
nected MIMO subsystems shown as

S1: Ex(t)=Ax, () +A;x; (t—7y) + By, (t—1,)

+ hizxz (t=15-14),

(21a)
¥y (£) =Cx; (t - Tol) > (21b)
82: %, () = fo, (%, (t = 735)) + 92 (x5 (t — 75))
(22a)
: [“2 (t=1p) + hyyx, (-7 — 7, )] ,
¥, (1) = Cyx, (t - Toz) > (22b)
where
up, ()] ~ (1, ()
uy (t) = u,®)’ u, (t) = Pk
[0, ()]
xu (t) —x2,1 (t) (23)
REE (t) RESS (t)
x () = o x, () = s ®
x5 () [ x5,4 (1)
[ x16 (1) ]

The first subsystem S1 of the large-scale system is given as
follows:

1211 -3 -2
0221 -3 -3
1211 -3 -2

E= ,  A=I,
1213 -5 —4
0211 -2 -2
(1000 -1 0|
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CICRDRN G oy
1
un (ki Ty - 2T, ) W Y
”dl(lel - M21T1) M—/
dl

9?,11((]‘1 + 1)T1) = Glidl(lel) + G(lll)"?dl(lel -puTi + T1)
: + a(lzl)idl(lel - P11T1) + 6(131);%1("17"1 -puTy - Tl) + H{?)”dl(lel - ’111Tl)
+ Hﬁ)udl(lel —mT - Tl) + Ldl(}’dl(lel) - j’dl(lel)) -

)’dl(lel) =Cy; [GIVlfdl(lel) + H((231+1)ud1 [(kl M- 1)T1” Digital observer 1
’d1(k1T1)
""""""""""""""""""""""""""""""""" | T
" (k1T1) N\ | Ex(t) = Ax,(t) + Alxl(t - 151) xa® i g
_ -O.H. L(Tn)% + Blul(t—r“) T G HL(Tol) i Yar ()
+ h’12x2(t ~Ta - Til) i
" e bk
b L(Tcz) @hiz(xdz(t))
__________________________________________________ 521
rs (szz) x,(t) = fz(xz(t - Tsz)) i
— 1
I
I
I

T R T s
e + h£1x1(t—Tc1 —Tiz)] T

____________________________________________________

Yar (ko Ty)

}dz((kz + I)Tz) = Gzyfdz(szz) + a(112)9?1:!2(]‘2712 -+ Tz)

+ a(122)7‘4712(7<2Tz - P12T2) + a(132)7‘:;12(szz - Ty - Tz) + Hig)”dz(szz - ’712T2)

+ Hg)”dz(szz =M T~ Tz) + Ldz()’dz(szz) - ?dz(szz))

I j/dz(szz) =C, [vazidz(szz) + H((gzzn)“dz [(kz -1y - I)TZH Digital observer 2

”dz(szz - Tz)

un(koTy - 2T, )

udl(lel - M21T1)

FIGURE 2: The decentralized control for the interconnected time-delay singular/nonlinear subsystems.
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I8

FI1GURE 3: Two-link robot.

Ay
[1.6207 0 0 0 -1.6207 0 ]
0 08103 -0.4052 0 -1.6207 O
0 0 0.8103 0 0 0
B 0 0 0 1.6207 -3.2413 O '
0 0 0 0 1.6207 0
L O 0 0 0  —-3.2413 1.6207 |

1=

10000 -11"
00-110 0]

101000
Clz >
010100

Ty =0, T =T, =05xT;.
(24)

Let the sampling period T; = 0.01sec and the initial
condition is x,(0) = [0 0 0 0 0 0]".

The second subsystem S2 of the large-scale system is given
by two-link robot [27, 28], which is described as shown in
Figure 3.

The dynamic equation of the two-link robot system can
be expressed as follows:

M(q)§+C(g.9)4+G(q) =T, (25)
where

M(q)=[

(m, +m,) lf myL L, (5,5, +¢,6)

myliL, (515, +6,6,) mzlg
) 0 -4,
C(g.q) = myLL, (g5, - 5,6) a0 s (26)
1

= (my +m,) llgrsl]

-myl, 9,5,

G-

andq = [q, 9,]", q1»4, are the angular positions, M(q) is the
moment of inertia, C(g, q) includes Ceoriolis and centripetal
forces, G(g) is the gravitational force, and T is the applied
torque vector. Here, we use the short hand notations s; =
sin(g;) and ¢; = cos(g;). The nominal parameters of the system
are given as follows: the link masses m, = 5kg, m, = 2.5kg,
the length [, = [, = 0.5 m, and the gravitational acceleration
g, = 9.81 ms™>. Rewrite (25) in the following form:

§=M"(q)(I-C(24)4-G(q))- (27)

Let x; and f;(x,) represent the state of the system and
the nonlinear function of the state x,, respectively. And the
notation is shown as follows:

T ) T
Xy (1) = [Xg X2 %23 Xo4] =40 @1 @ 4o

f®))=[far frz fas f2,4]T’

T
where f,; = X225 faz = X4 and [fz,z f2,4] =
M (~C[x,, %,4]" - G). Also, let u, = T, in which T =

T
I L]
Calculate the inverse of the matrix M, and then we can
have M~! = [g; gg] such that

>

(28)

0 0

Pu P
g (%, (1)) = 51 (;2 : (29)

P Pn

Therefore, the dynamic equation of the two-link robot system
can be reformulated as follows:
X, () = fo (%, (t=70)) + 95 (3, (£ = 7)) 1y (£ = 72) »
(30a)

¥, (£) = Cyx, (t - Toz) > (30b)

where C, = [} 99 9], the sampling period T, = 0.02 sec, and

the initial condition x,(0) = [0 0 0 0]".

Combining the above systems with the nonlinear inter-
connected terms, the large-scale system can then be shown
in Figures 1 and 2, where the nonlinear interconnected terms

2

X133 €08(Xg2,1)

>, and
sin”(xg5,2)

h'lz(xdz(t)) and h;l(xdl(t)) are given as [

[ X;u
X3 $i0(%q1,0)
interconnected terms are 7,; = 3x T, and 7., = 1 x T}, where
T, = 0.01 sec and T, = 0.02 sec.

Based on Section 3.1 [20], the time-delay singular sub-
system S1 can be transformed into the equivalent time-delay
regular system as follows:

], respectively. The time delays of the nonlinear

S1: X, (t) = AKX (t) + A X, (t—14) +Byv, (t—7;)

+ hizxz (t=15-11),
(31a)
Dy, (t 1),

y (@) =Cux (t-1,)- (31b)
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h 1010 0 2
where CH _ [ i Dl _ '
1 0 0  —0.5001 1000 0.5 1.5
N 0 04999 —-0.25 -0.4999 (32)
‘1o o0 04999 o |
o 0 0 04999 By OKID [21, 22] in Figure 1, the identified subsystem S2 is
04472 0 0 -02236 glven as
Z 0 02236 -0.1118 —0.2236
d= >
0 0 02236 0
82: x4y (KT, + T,) = Gypxgy (ko 1)
0 0 0 0.2236 (33a)
+ Hytigy (K, T, = 73)
0.4999 0.5001
Yaz (szz) = CanXay (szz — T ) > (33b)
-0.25 -0.25
Bd =
0.4999 0.4999
0.4999 —0.4999 where
[ 116 x10° -539x107% -839%x107% 1.15x107% 1.48x107° ]
581x 1072 1.07x10° -9.69x107° -8.64x107% —3.85x107°
Gp=| 1.83x107" 244x107° 923x107" -5.00x 107> -9.23x 1077 |,
6.99%x107° 190x107' 530x107% 7.99x107" -521x107®
| -8.04x 107 330x107° 1.38x10™° -1.29x107° -7.21x 107 |
[ —4.08x107° 2.11x107* ]
\ \ (34)
-1.46x 10" 2.92x 10"
Hy=| 232x107° -2.69x107* |,
1.98x107* -3.77x107*
| -6.01x107" 1.85x107° |
c 6.43x 107" -850x107" 529%x107" -6.39x107" -1.52x107®
“ 7 872x107" 7.84x107" 7.35x 107" 4.80x 1070 —2.02x 107’
in which the input time-delay 7;, = 0.5 x T}, and output time- -1.77 x 10> -8.82x 1072 1.96 x 10°
delay 7,, = 0.5 % T,. 2 -2 0
3.62x 10> 881x107% -3.93x10
Following the proposed method in this paper, let the
reference inputs r(t) = [0.5 sin(t) 0.5 cos(t)]T and apply -1.94x 107 -1.94%x 107> 0 0 '
them to subsystem S1 and subsystem S2, respectively. We 4 4
obtain the observer gain matrix L for S1 and S2 as follows: 10910 L15>10°7 0.0
(35)
-7.19%x107° -1.26 x 10> 1.00 x 10°
Sl: Ldl = 0 5 0
1.02x 10°  2.60x10*> —1.00 x 10
198 x 10° —157 x 10~ —1.26 x 102 -390 x 107" -3.39x 107" —4.23x 107"
: : : S2: Ly, =
3.97%10° 2.83x10°"  2.58 x 10 -328x107" 397x107" -3.61x107"
249x107" 1.97x10° -1.23x 10° 325x107" 4.90x107% —1.01x 107"

—249x 107" -3.94x10° 1.18 x 10° -3.67x107" 7.07x1071% —827x 1072
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The performance
The performance
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FIGURE 4: (a) Output responses of the subsystem S1: output y,;;, () and reference r,,(t). (b) Output responses of the subsystem S1: output
Va1,(t) and reference r,,(t).
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FIGURE 5: (a) Output responses of the subsystem S2: output y,,,(¢) and reference r,,(t). (b) Output responses of the subsystem S2: output
Y2, (t) and reference r,,(t).
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36
—2.15x 1077 222x 1072 3.66x 1072 (36)

Finally, the scheme of Figure 2 is implemented. For simplifi-
cation, the numerical analysis is not presented and Figures 4
243 % 1072 -3.02x 102 —1.81 x 1076 and 5 show the results of the simulation.

In order to confirm the independence of the control
240%x 1072 243%x 1072 —-158x 1077 for the two subsystems, the time-varying optimal digital

-1.98x 107 255% 107 -3.11x 1072
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The performance
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FIGURE 6: The unanticipated failure occurs without fault-tolerant control during t = 4~6 sec. (a) Output responses of the subsystem S1: output
Y411 (t) and reference r;,(t). (b) Output responses of the subsystem S1: output y,;,(¢) and reference ry,(t).
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FIGURE 7: The unanticipated failure occurs without fault-tolerant control during t = 4~6 sec. (a) Output responses of the subsystem S2: output
Y401 (t) and reference r,, (t). (b) Output responses of the subsystem S2: output y,,,(¢) and reference r,,(t).

controller of the subsystem S2 is reduced by multiplying a
scalar 0.97 during 4 sec to 6 sec in this simulation. Although
the time-varying optimal digital controller of the subsystem
S2 is reduced, the tracking performance of the subsystem S1
will not be affected by this condition and the results are shown
in Figures 6 and 7.

To show the effectiveness of the proposed method, we
compare it with the observer/Kalman filter identification
(OKID) method in the simulation for the subsystem S2.

Following [20, 21], let the subsystem S2 be excited by the con-
trol force u(t) with white noise u(t) = [u, () uz(t)]T having
zero mean and covariance diag [cov(u,(t)) cov(u,(t))] =
diag [0.2 0.2]. Then, the comparisons between the actual
outputs and the OKID method for subsystem S2 are shown
in Figure 8, and the comparisons between the actual outputs
and the proposed method for subsystem S2 are shown in
Figure 9.



Mathematical Problems in Engineering

8
=
<
g
£
o)
o
L
=
_001 1 1 1 1 1 1 Il 1 1
0 01 02 03 04 05 06 07 08 09 1
Time (s)
— Yan(kyT3)
- == Yokidz1 (k2 T3)
x107°
2 T T T T T T T T T
.
e
o)
o0
=)
£
g
o
N
0 01 02 03 04 05 06 07 08 09 1
Time (s)

— Error = y5, (k3 T5) = Yokidz1 (k2 T5)
(a)

0.15
8
5§ 01
£
—
& 0.05
g,
o 0
=
_005 1 1 1 1 1 1 Il 1 1
0 01 02 03 04 05 06 07 08 09 1
Time (s)
— Yan(kyT3)
- == Yokidzz (k2 T3)
x107°
-
e
by
oo
=
£
Q
g
L
L
0 01 02 03 04 05 06 07 08 09 1
Time (s)

— Error = Y35 (k,T5) = Yokiazz (k2 T5)
(b)

1

FIGURE 8: (a) The comparison between the system output y,,, (k,T,) and its observer-based output y, 4., (k,T,) by OKID for the subsystem

§2. (b) The comparison between the system output y,,,(k,T,) and its observer-based output y,4,,(k,T,) by OKID for the subsystem S2.
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subsystem S2. (b) The comparison between the system output y,,,(k,T,) and its observer-based output y,;,,(k,T,) by the proposed method
for the subsystem S2.
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From the comparison between Figures 8 and 9, the
effectiveness of the proposed method is better than OKID
method in the tracking error performance.

5. Conclusion

This paper presents a systematical methodology of the
decentralized control for the interconnected time-delay
singular/nonlinear subsystems with closed-loop decoupling
property. We use the observer-based suboptimal digital
tracker with high gain property to keep the good tracking
performance. Moreover, the decoupling property performs
very well such that even if some unanticipated fault occurs
in some of subsystems, it still will not affect the tracking
performance of each subsystem. The proposed methods
depend on the decentralized modeling of the interconnected
sampled-data time-delay subsystems in Section 2 and the
controller design is suitable to time-delay singular/nonlinear
subsystems in Section 3. Thus, the proposed method can deal
with the signal quantization and sensor delay but cannot
deal with intermittent measurements and missing/fading
measurements. In future works, we will pay more attention to
fault-tolerant control, intermittent measurements, and miss-
ing/fading measurements by using the proposed methods.

Appendix

The Decentralized Control Stabilization

The necessary and sufficient conditions for the decentralized
stabilization are presented in [29]. Here, we provide the proof
for the decentralized stabilization and more details can be
seen [29]. The following proofs are cited from [29].

Consider the given system X:

3. x (kT +T) = Ax (kT) + ZV:Biui (kT),
i=1 (A1)

y; (KT) = Cix (KT), i=1,...,v.
The decentralized stabilization problem for ¥ is to find
controllers X;,i = 1,..., v, such that the poles of the closed
loop system are in the desired locations in the open unit
disc. In order to provide an easier bookkeeping, we define the
following matrices:

T
c=[cl---cl],
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B= [Bl"'Bv]:

K = diag[K,---K,],  L=diag[L,---L,], (A2)

M = diag [M, ---M,], N = diag[N;---N,].

Definition A.l. Consider system X; A € C is called a
decentralized fixed mode if for all block diagonal matrices H
one has det(AI — A — BHC) = 0.

Lemma A.2. Necessary and sufficient condition for the exis-

tence of a decentralized feedback control law for the system
such that the closed loop system is asymptotically stable is that

Mathematical Problems in Engineering

all the fixed modes of the system are asymptotically stable (in
the unit disc).

Proof. We first establish necessity. Assume local controllers
¥, together stabilize 3 then for any [A| > 1 there exists a §
such that (A +8)I — K is invertible and the closed loop system
replacing K with K — 8T is still asymptotically stable. This
choice is possible because if AI — K is invertible obviously we
can choose § = 0. If AI — K is not invertible, by small enough
choice of § we can make sure that (A + §)I — K is invertible
and the closed loop system replacing K with K — 81 is still
asymptotically stable. But the closed loop system when K — 681
is in the loop is asymptotically stable. In particular, it cannot
have a pole in A. So

det (Al - A= B[M(AI - (K -8I))"' L+ N]|C) #0.
(A.3)

Hence the block diagonal matrix S = M(AI—(K-48I N'L+N
has the property that

det (\I — A — BSC) # 0. (A.4)

Thus A is not a fixed mode. Since this argument is true for
any A on or outside the unit disc, this implies that all the fixed
modes must be inside the unit disc. This proves the necessity
of the Lemma A.2.

Next, we establish sufficiency. To prove that we can
actually stabilize the system, we use a recursive argument.
Assume the system has an unstable eigenvalue in y. Since p is
not a fixed mode there exists N; such that

A+ Zv:BiNiC,-

i=1

(A.5)

no longer has an eigenvalue in p. Let k be the smallest
integer such that an unstable eigenvalue of A is no longer an
eigenvalue of

k
A+ Y BN, (A.6)

i=1

while N; can be chosen small enough not to introduce

additional unstable eigenvalues. Then for the system

k-1
(A + ZBiNiCi’ Bk> Ck) >

i=1

(A7)

an unstable eigenvalue is both observable and controllable.
But this implies that there exists a dynamic controller which
moves this eigenvalue in the open unit disc without introduc-
ing new unstable eigenvalues. Through a recursion, we can
move all eigenvalues one-by-one in the open unit disc and in
this way find a decentralized controller which stabilizes the
system. This proves the sufficiency of Lemma A.2. O
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