Journal of Saudi Chemical Society (2018) XXX, XXX—XXX

King Saud University

agesudlloll BER

King Saud University L)

www.ksu.edu.sa
www.sciencedirect.com

Journal of Saudi Chemical Society

ORIGINAL ARTICLE

Hidden correlation between absorption peaks in
achiral carbon nanotubes and nanoribbons

V.A. Saroka ™*, A.L. Pushkarchuk”, S.A. Kuten?, M.E. Portnoi €

& Institute for Nuclear Problems, Belarusian State University, Bobruiskaya 11, 220030 Minsk, Belarus
® Institute of Physical Organic Chemistry, National Academy of Sciences, Surganov Street 13, 220072 Minsk, Belarus
¢ School of Physics, University of Exeter, Stocker Road, EX4 4QL Exeter, United Kingdom

Received 2 February 2018; revised 9 March 2018; accepted 12 March 2018

KEYWORDS

Advanced materials;
Graphene;
Quasi-one-dimensional
structures;

Finite length;
Tight-binding model;
Cluster approximation;
Optical absorption;
Selection rules

Abstract In this paper we study the effect of absorption peak correlation in finite length carbon
nanotubes and graphene nanoribbons. It is shown, in the orthogonal m-orbital tight-binding model
with the nearest neighbor approximation, that if the ribbon width is a half of the tube circumference
the effect takes place for all achiral ribbons (zigzag, armchair and bearded), and corresponding
tubes, starting from lengths of about 30 nm. This correlation should be useful in designing
nanoribbon-based optoelectronics devices fully integrated into a single layer of graphene.
© 2018 Production and hosting by Elsevier B.V. on behalf of King Saud University. This is an open access
article under the CC BY-NC-ND license (http://creativecommons.org/licenses/by-nc-nd/4.0/).
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. Introduction

Carbon nanotubes (CNTs) are promising nanostructures for
post-silicon optoelectronics [1-3]. However, although individ-
ual carbon nanotube devices show high performance, their
large scale integration is still problematic [4]. For instance,
due to carbon nanotubes’ cylindrical topology they cannot
be incorporated into monolayer graphene. Although the cylin-
drical topology seems to be compatible with bilayer structures
and, in principal, to admit tube formation by electron beam
lithography of bilayer graphene [5], even in this case tube-
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integration cannot be achieved without introducing additional
strain at the “‘tube-bilayer” junction and without the tubes
becoming so-called collapsed tubes [6]. In contrast, graphene
nanoribbons (GNRs) are more attractive structures for mono-
layer integration. Due to their plain geometry, they can be nat-
urally embedded into a single layer of graphene without any
lattice mismatch. For instance, they could be produced by
the patterned adsorption of hydrogen [7-10] or by the reduc-
tion of fluorinated graphene with an electron beam [11]. Thus,
mapping the properties of tubular structures onto planar struc-
tures could be beneficial. It has been shown in the literature
that the electronic properties of both structures exhibit high
degree of similarity. Namely, there is a perfect match between
the energy band structures of the armchair graphene nanorib-
bons and zigzag carbon nanotubes [12]. Somewhat similar
comparisons can also be found for zigzag graphene nanorib-
bons and armchair carbon nanotubes [13,14]. These studies,
however, omit consideration of the optical properties. At the
same time, the studies of the optical properties of ribbons
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mainly highlight the differences between tubes and ribbons:
selection rules, the presence of edge to bulk state transitions,
etc. [15-18]. A detailed theoretical analysis of the optical
matrix elements revealed that the equivalence between arm-
chair nanoribbons and zigzag tubes also extends to their opti-
cal properties, even if curvature and edge effects are taken into
account [19]. For zigzag graphene nanoribbons, it has been
recently reported that the optical absorption peaks, resulting
from the bulk to bulk state transitions, correlate with those
in armchair nanotubes when the quantized transverse
momenta of their electrons are matched [20]. In the above-
mentioned studies, infinitely long structures are considered
while real carbon nanotubes and graphene nanoribbons have
a large, but finite, length.

The purpose of the present paper is to investigate theoreti-
cally whether the aforementioned optical correlation takes
place for finite length achiral structures. In the present analy-
sis, additionally to zigzag and armchair edges, ribbons with
so-called bearded edges [21] (or Klein edges [22]) are included.
It is worth noting that such structures attract less attention in
the literature since they are considered to be less stable in a free
form when compared to zigzag and armchair ones. However,
as predicted by first principles studies, ribbons with bearded
edges (in addition to armchair and zigzag ribbons) should exist
as fully-integrated into a single layer of graphene with pat-
terned adsorption of hydrogen [10].

2. Methods

2.1. Structural model

The structure of an infinitely long carbon nanotube is
described by the two chiral indices (n, m) [23]. For finite length
tubes, we supplement this conventional notation with an inte-
ger equal to the number of unit cells as defined for the infinite
structure. Thus, we refer to a finite length tube cluster as CNT
(n,m,I) N, where n and m are the standard chiral indexes, / is
the number of unit cells in the cluster, and N is the total num-
ber of atoms in the cluster. The three cases of interest, corre-
sponding to the achiral tubes, are presented in Fig. 1(a)—(c).
As one can see from Fig. 1, the length (in nm) of a tube, L,
is readily obtained by multiplying / by the translation vector
T (as defined for the infinite structure). The total number of
atoms in the structure N = pl/, where p is the number of atoms
in the unit cell. In principle, p can be expressed via the chiral
indices n and m, therefore the parameter N is superfluous.
However, it is useful to have it to hand for the estimation of
cluster size and for computational purposes.

Graphene nanoribbons are usually characterized by their
edge geometry and the width index, w, which counts the num-
ber of carbon atom pairs in the ribbon unit cell. Chiral, and
more complicated, ribbons can also be constructed. However,
there is no conventional notation for them yet; they could be
described as in Refs. [24-30]. In what follows, we focus only
on achiral ribbons with straight edges, and hence stick to the
most common notation; we make slight amendments to incor-
porate the features of finite length structures. Thus, we refer to
graphene nanoribbons with zigzag (Z), armchair (A) and
bearded (B) edges (see Fig. 1(d)—(f)) as ZGNR(w, /) N, AGNR
(w,l) N and BGNR(w,/) N, where w is the number of carbon
atom pairs in the unit cell of the ribbon, N and / have the same

meaning as for nanotubes. In this way, in fact, we define a gra-
phene macromolecule similar to Refs. [13,14,31,32]. However,
our notation is more general than that in Refs. [13,14,31,32]
since it includes bearded edges and it counts atoms in pairs
rather than quartets.

2.2. Computational model

The electronic band structures/energy levels and the electron
wave functions of the nanostructures in question are calculated
within the orthogonal m-orbital tight-binding model and the
nearest-neighbor approximation. The hopping integral is set
to y =3.12¢eV [33]. In order to reveal the pure finite length
effect for tubes and ribbons, we neglect the effects of intrinsic
strain originating from the curvature in tubes [34] and edge
relaxation in ribbons [35], i.e. all hopping integrals are the
same throughout the structure. For the model study, we
choose tubes with diameters d > 0.6 nm [see Fig. 1(a)—(c)] for
which curvature effects, such as the mixing of ¢- and =-
orbitals, are insignificant [36]. In this paper, we solve the eigen-
problem for the tight-binding matrix Hamiltonian numerically.
For finite clusters the dipole moment matrix elements are cal-
culated via the position operator matrix elements (see Ref. [37]
for details) instead of the momentum (or velocity) matrix ele-
ments in the case of the infinitely long structures [20]. The
absorption spectra for linearly polarized light (parallel to the
longitudinal axis of the structure) are recovered at zero tem-
perature (7' =0 K) by broadening the corresponding matrix
elements by 0.02 eV to account for the effects of inhomogene-
ity, impurities and various scattering channels. The aforemen-
tioned approach is equally valid for optical absorption
calculations in tubular and ribbon-like structures. Moreover,
it provides a reasonable balance between the heavy first princi-
ples computations [38-41] and analytical treatments with a
varying range of validity [18,20,42].

3. Results and discussion

The finite clusters depicted in Fig. | are based on infinitely long
carbon nanotubes and graphene nanoribbons of the following
types: (a) CNT(7,7), (b) CNT(12,0), (c) CNT(6,6), (d)
ZGNR(6), (¢) AGNR(11) and (f) BGNR(6). These infinitely
long structures form “‘tube-ribbon” pairs, for which the num-
ber of atoms in the unit cell of the tube, N,, is related to the
number of atoms in the unit cell of the corresponding ribbon,
N,, as follows:

1) For CNT(w+ 1,w+ 1) and ZGNR(w), N, = 2N, + 4;
2) For CNT (w+ 1,0) and AGNR(w), N, = 2N, + 4;
3) For CNT(w,w) and BGNR(w), N, = 2N,.

Such relations between N, and N, result from the matching
of the electron transverse momenta in each “tube-ribbon” pair.
As one can see from Fig. 2, such matching leads to the energy
bands of the infinitely long tubes and ribbons gaining much
similarity. In particular, the band structures of armchair rib-
bons and zigzag nanotubes are almost identical [see Fig. 2
(b)]. Conversely, the band structures of zigzag and bearded rib-
bons are somewhat dissimilar to those of corresponding tubes.
This can be attributed to the fact that the secular equations
quantizing the electron transverse momenta in ZGNRs and
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The atomic structures of the clusters in question: (a), (b) and (c) finite tubes and (d), (e) and (f) ribbons. The red and blue colors

highlight the unit cells of the corresponding infinitely long structures.

BGNRs depend on the electron longitudinal momentum
[20,43]. Nevertheless, it is clearly seen from Fig. 2(a) and (c)
that even for ZGNRs/BGNRs and corresponding armchair
CNTs the energy bands follow the same pattern, so that their
energy levels are approximately equal at the center of the Bril-
louin zone. The deviation from this pattern is observed close to
the Fermi level for energy states that are the so-called edge
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states [22.44]. These states naturally do not have counterparts
in the corresponding band structures of the tubes. It should be
also mentioned that the tube energy bands with replicas in the
ribbon band structure are double degenerate, while energy
bands without such a replica are non-degenerate. The band
structure matchings presented in Fig. 2(a) and (b) have been
reported in Refs. [12] and [20] (see also Ref. [45]), respectively,
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Fig. 2 The band structures of infinitely long tubes (solid red curves) and ribbons (dashed blue curves) with the matched electron
transverse momenta: (a) CNT(7,7) and ZGNR(6); (b) CNT(12,0) and AGNR(11); (c) CNT(6,6) and BGNR(6).

while the matching in Fig. 2(c) is presented for the first time. It
should be also highlighted that for armchair CNTs and
BGNRs, band structure matching requires a different relation
between N, and N, compared to those of armchair CNTs and
ZGNRs or zigzag CNTs and AGNRs.

Let us now proceed with the consideration of the optical
properties of finite clusters based on the aforementioned tubes
and ribbons. For such structures the unit cell element can be
effectively introduced as shown in Fig. 1, therefore the same
N, and N, as for infinitely long structures (with the same rela-
tions between them) can be used. In Fig. 3, we present the evo-
lution of the absorption spectra of finite length tubes and
ribbons with increasing length for the incident light linearly
polarized parallel to the structure longitudinal axis. As one
can see from Fig. 3, upon increasing the length of the cluster
the absorption spectra converge to those of infinitely long
structures, where the peak positions marked by the dashed ver-
tical lines are given by the following analytical expressions:

i
wZGNR,/ = 2"/31}’[ (w _i ]) (1)

) g

WAGNR) = 2"/‘1 — 2cos (}

(T
wBGNR:/' = 2'?5‘”’! (J) (3)
w
where y = 3.12 eV is the hopping integral [33] and j = 1...w/2
(wiseven) or (w—1)/2 (wis odd). We derived these equations
for infinitely long tubes and then adapted them for usage with

the corresponding ribbons. As one can see, both second
absorption peaks for armchair CNTs in Fig. 3(a) and (c)
(curves labeled with boxed numbers) do not have partners to
form pairs, therefore j = 1 should be excluded when applying
Egs. (1) and (3) to ZGNRs and BGNRs, respectively. The
intense peak at around 6.3 eV in Fig. 3 (b) originates from
the flat bands seen in Fig. 2 (b) for CNT(12,0) and AGNR(11)
at £~ +3.1eV. We should note that, for the finite length
AGNRs and zigzag CNTs, there are intense low-energy peaks
in the far- (mid-) infrared frequency range (o < 0.6 eV). Simi-
lar peaks have been predicted for infinitely long zigzag CNTs
and armchair ribbons. This is due to their being quasi-
metallic as a result of intrinsic strain originating from the cur-
vature effect in tubes and edge effect in ribbons [19]. Thus, we
see that the effect of finite length gives rise to low-energy fea-
tures in the absorption spectra, similar to those produced by
intrinsic strain. The intense low-energy peak is also seen in
Fig. 3(a) and (c) for finite length armchair CNTs (curves
labeled with boxed numbers). Such a peak is normally absent
in the absorption spectra of the infinitely long armchair tubes
[46]. However, a strong low-energy peak has been reported for
infinitely long tubes subjected to an external magnetic field
parallel to their longitudinal axes [47-50]. A somewhat similar
peak can also be noticed in plots for finite length AGNRs of
the metallic family, i.e. = 3p + 2, where p is an integer, with
the third order nearest neighbors taken into account [51].
The origin of this peak in Ref. [S1] is somewhat obscure, since
it has been shown by Gunlycke et al. [52] that the third order
nearest neighbor hopping integrals should open a narrow band
gap in infinitely long metallic armchair ribbons which may
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Fig. 3  The absorption spectra of finite length achiral carbon nanotubes (red, boxed) and graphene nanoribbons (blue, circled): (a) CNT
(7,7,1)N and ZGNR(6,/)N; (b) CNT(12,0,/)N and AGNR(11,/)N (c) CNT(6,6,/)N and BGNR(6,/), where [ = 13,33, 65,129,257,513
for boxed and circled labels 1,2,3,4,5, and 6, respectively. In ascending order of the labels the total number of atoms in the clusters are

N = 156,396,780, 1548,3084,6156 for ZGNR(6,])
N = 364,924, 1820,3612,7196,14364  for  CNT(7,7,0);
N = 312,792, 1560, 3096, 6168, 12312 for CNT(6, 6, /);

cause such a peak. As follows from our results presented in
Fig. 3(b), the peak can arise from the pure finite length effect.
Next we can notice that the low-energy peak in question is
absent in the absorption spectra of ZGNR and BGNRs. This
is because they possess edge states [see Fig. 2(a) and (c)] and
obey different optical selection rules. The selection rules for
ZGNRs have been studied both numerically [15-17,53-55]
and analytically [18.20,56]. As follows from our results in
Fig. 3(c), graphene nanoribbons with bearded edges obey the
same selection rules as ZGNRs. Also, in such ribbons, the edge
states do not contribute to the absorption of the parallel polar-
ization of the incident light. This behavior is evidence of the
optical transition matrix elements in infinitely long BGNRs
being zero at the center of the Brillouin zone, like in armchair
CNTs or ZGNRs [20]. Thus, both ZGNRs and BGNRs have
selection rules that are different from those in armchair CNTs.
Moreover, as one can see from Fig. 2(a) and (c), the band
structures (energy levels for finite clusters) are not the same.
Obviously, the band structures matching shown in Fig. 2(b)
is much better. Yet, in the absorption spectra for armchair
tubes and zigzag/bearded ribbons we have correlated peaks
(marked with vertical dashed lines) originating from the
bulk-to-bulk state transitions, i.e. not involving edge states.

and BGNR(6,/);
N

N = 286,726, 1430, 2838, 5654, 11286  for
= 624,1584,3120,6192,12336,24624  for

AGNR(11,1);
CNT(12,0, 1);

Thence, the correlation of the absorptions peak positions in
ZGNRs/BGNRs and armchair CNTs is a non-trivial effect,
which can be dubbed as a hidden correlation.

Let us now focus on the evolution of the absorption spectra
in question with the cluster lengths. For the achiral structures
shown in Fig. 3, one can unambiguously recognize the absorp-
tion spectra of the infinitely long structure, starting from
curves No. 3, boxed for tubes and circled for ribbons. These
curves correspond to L =159 nm for BGNR, ZGNR and
armchair CNTs and to L = 27.7 nm for AGNRs and zigzag
CNTs. Hence, the correlated peaks close to those given by
the infinitely long structure model can be observed starting
from lengths of about 30 nm. Since many of the experimental
studies dealing with short tubes or ribbons operate with
lengths > 100 nm [57,58], one can conclude that the correlated
peak positions in achiral tubes and ribbons may be observed in
currently available samples if the above-mentioned relations
for N, and N, could be satisfied. As seen from Fig. 3 (b), in
the case of finite length armchair ribbons and zigzag tubes
the correlated peaks can be observed even below the length
threshold of 30 nm. The number of correlated peaks in
such structures, however, should be larger than that given by
Eq. (2).
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(e) (f)

Fig.4 The decomposition of achiral CNTs into two GNRs: (a),(b) CNT(7, 7) into ZGNRs(6); (c),(d) CNT(12,0) into AGNRs(11); (e),
(f) CNT(6,6) into BGNRs(6). The 3D and 2D models are presented in panels (a), (c), (e) and (b), (d), (f), respectively. The blue color
highlights atoms to be removed from the structures.

The correlation reported here between the absorption peak posed into two corresponding nanoribbons with optical
positions in achiral carbon nanotubes and graphene nanorib- properties very similar to those of the initial tube. Such decom-
bons implies that an achiral carbon nanotube can be decom- positions are explicitly presented in Fig. 4 for all types of struc-

Please cite this article in press as: V.A. Saroka et al., Hidden correlation between absorption peaks in achiral carbon nanotubes and nanoribbons, Journal of Saudi
Chemical Society (2018), https://doi.org/10.1016/j.jscs.2018.03.001



https://doi.org/10.1016/j.jscs.2018.03.001

Hidden correlation

7

ture discussed above. It is readily seen from Fig. 4 that
N, =2N,+4 (for ZGNR(w) and CNT(w+ l,w+1);
AGNR(w) and CNT(w + 1,0)) and N, = 2N, (for BGNR(w)
and CNT(w,w)) relations between the number of atoms in
the tube and ribbon unit cells correspond to the width of the
ribbon, W, being half of the circumference of the tube, C. This
decomposition should have practical implications. As has been
mentioned in the introduction, the cylindrical topology of the
nanotubes does not allow their smooth integration into a gra-
phene monolayer. In contrast, the planar structure of the rib-
bons is naturally suitable for such an embedment. In other
words, the correlation between absorption peaks revealed here
allows one to map a cylindrical tube onto a planar ribbon,
while preserving some of its optical properties. This property
should be useful for the large scale integration of ribbon-
based optoelectronic devices into a flexible graphene substrate
with the unique possibility to mimic the performance of tube-
based devices.

A correlation, similar to that reported here, might also take
place for carbon nanotubes and superlattices based on gra-
phene nanoribbons [27-30] or tubes and ribbons based on
other 2D materials [59]. For instance, many features of the gra-
phene nanoribbons and quantum dots have also been revealed
in phosphorene analogs [60-63]. Moreover, the stability of
phosphorene nanotubes has been recently predicted by first
principles calculations [64].

Finally, we should notice that more sophisticated models
can be applied in the future to study the relations between
tubular and planar structures. However, the most advanced
models, providing the best fit to the experiments by taking into
account many-body and excitonic effects, are limited to a few
hundreds of atoms in the clusters. In order to reveal the finite
length effect, we had to deal with a significantly greater num-
ber of atoms [see Fig. 3 caption]. Our results imply that to sim-
plify such calculations, while testing the peak correlation in
question, the structures can be treated as infinitely long and
the periodic boundary conditions can be used for their longitu-
dinal direction (Bloch theorem). This should also allow the
treatment of structures which are large in the transverse direc-
tion, thereby increasing the number of correlated peaks and
increasing the probability of identifying the correlation
between the absorption peaks in tubes and ribbons. The pre-
sent research verifies that this effect is not an accidental fea-
ture; it also reveals inherent trends for the peak correlation
effect thereby providing an important reference point for the
next level of studies.

4. Conclusions

In summary, we have shown that the decomposition of all
achiral carbon nanotubes onto two achiral graphene nanorib-
bons of equal width [CNT(w+1,0) =AGNR(w),
CNT(w+ 1,w+ 1) -ZGNR(w)/BGNR(w)] maintains the
positions of the absorption peaks, giving rise to correlation
between the absorption peak positions in thus related tubes
and ribbons. In the tight-binding model, with the nearest
neighbor approximation, this correlation is also present for
realistic finite length tubes and ribbons (L > 30 nm) and there-
fore should be useful in the spectroscopic characterization of
such structures. For instance, Kataura plots [65], if properly
rescaled, may be applied to the characterization of achiral

nanoribbon width. The revealed correlation also implies that
planar structures, fully integrated into a graphene monolayer,
can mimic the optical response of tubular structures. We point
out that the correlation effect may be tested on isolated tubes
and ribbons. Recently, graphene ribbons with zigzag and arm-
chair edge topology have been produced by self-assembling
techniques with atomic precision [66,67]. At the same time,
the carbon nanotube samples have also been drastically
improved in quality. In addition to the gradual advancement
of carbon nanotube sorting techniques [68], the first successful
attempt at their synthesis with pre-defined chirality has been
reported [69].

Acknowledgments

The authors are grateful to C. A. Downing and R. H. Keens
for proofreading the manuscript. We also thank P. P. Kuzhir
and K. G. Batrakov for stimulating discussions and M. V.
Shuba for constructive feedback.

Declaration of interest statement

This work was supported by the EU FP7 ITN NOTEDEV
(Grant No. FP7-607521), EU H2020 RISE project CoExAN
(Grant No. H2020-644076), FP7 IRSES projects CANTOR
(Grant No. FP7-612285), QOCaN (Grant No. FP7-316432),
InterNoM (Grant No. FP7-612624); Graphene Flagship
(Grant No. 604391) and partially by the Belarus state program
of scientific investigations ‘“Convergence-2020".

References

[1] P. Avouris, Z. Chen, V. Perebeinos, Nat. Nanotechnol. 2 (2007)
605.
[2] P. Avouris, M. Freitag, V. Perebeinos, Nat. Photonics 2 (2008)
341.
[3] P. Avouris, Nano Lett. 10 (2010) 4285.
[4] M.F.L. De Volder, S.H. Tawfick, R.H. Baughman, A.J. Hart,
Science 339 (2013) 535.
[5] G. Algara-Siller, A. Santana, R. Onions, M. Suyetin, J.
Biskupek, E. Bichoutskaia, U. Kaiser, Carbon N. Y. 65 (2013)
80.
[6] C. Giusca, Y. Tison, S. Silva, Phys. Rev. B 76 (2007) 35429.
[7] L.A. Chernozatonskii, P.B. Sorokin, E.E. Belova, J. Briining, A.
S. Fedorov, JETP Lett. 85 (2007) 77.
[8] L.A. Chernozatonskii, P.B. Sorokin, J.W. Briining, Appl. Phys.
Lett. 91 (2007) 183103.
[9] L.A. Chernozatonskii, P.B. Sorokin, Phys. Status Solidi 245
(2008) 2086.
[10] L.A. Chernozatonskii, P.B. Sorokin, J. Phys. Chem. C 114
(2010) 3225.
[11] F. Withers, T.H. Bointon, M. Dubois, S. Russo, M.F. Craciun,
Nano Lett. 11 (2011) 3912.
[12] C.T. White, J. Li, D. Gunlycke, J.W. Mintmire, Nano Lett. 7
(2007) 825.
[13] L.I. Malysheva, A.I. Onipko, J. Exp. Theor. Phys. 108 (2009)
126.
[14] A. Onipko, L. Malysheva, Phys. Status Solidi 1700248 (2017)
1700248.
[15] M.-F. Lin, F. Shyu, J. Phys. Soc. Jpn 69 (2000) 3529.
[16] H. Hsu, L.E. Reichl, Phys. Rev. B 76 (2007) 45418.
[17] H.C. Chung, M.H. Lee, C.P. Chang, M.F. Lin, Opt. Express 19
(2011) 23350.

Chemical Society (2018), https://doi.org/10.1016/j.jscs.2018.03.001

Please cite this article in press as: V.A. Saroka et al., Hidden correlation between absorption peaks in achiral carbon nanotubes and nanoribbons, Journal of Saudi



http://refhub.elsevier.com/S1319-6103(18)30031-0/h0005
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0005
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0010
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0010
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0015
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0020
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0020
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0025
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0025
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0025
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0030
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0035
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0035
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0040
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0040
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0045
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0045
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0050
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0050
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0055
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0055
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0060
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0060
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0065
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0065
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0070
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0070
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0075
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0080
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0085
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0085
https://doi.org/10.1016/j.jscs.2018.03.001

V.A. Saroka et al.

[18] K.-I. Sasaki, K. Kato, Y. Tokura, K. Oguri, T. Sogawa, Phys.
Rev. B 84 (2011) 85458.

[19] M. E. Portnoi, V. A. Saroka, R. R. Hartmann, and O. V. Kibis,
in 2015 IEEE Comput. Soc. Annu. Symp. VLSI (IEEE, 2015),
pp- 456-459.

[20] V.A. Saroka, M.V. Shuba, M.E. Portnoi, Phys. Rev. B 95 (2017)
155438.

[21] M. Kohmoto, Y. Hasegawa, Phys. Rev. B 76 (2007) 205402.

[22] D.J. Klein, Chem. Phys. Lett. 217 (1994) 261.

[23] R. Saito, G. Dresselhaus, M. Dresselhaus, Physical Properties of
Carbon Nanotubes, Imperial College Press, London, 1998.

[24] M. Ezawa, Phys. Rev. B 73 (2006) 45432.

[25] A. Akhmerov, C. Beenakker, Phys. Rev. B 77 (2008) 85423.

[26] W. Jaskolski, A. Ayuela, M. Pelc, H. Santos, L. Chico, Phys.
Rev. B 83 (2011) 235424.

[27] V.A. Saroka, K.G. Batrakov, L.A. Chernozatonskii, Phys. Solid
State 56 (2014) 2135.

[28] V.A. Saroka, K.G. Batrakov, V.A. Demin, L.A.
Chernozatonskii, J. Phys.: Condens. Matter 27 (2015) 145305.

[29] V.A. Saroka, K.G. Batrakov, in: V.E. Borisenko, S.V.
Gaponenko, V.S. Gurin, C.H. Kam (Eds.), Physics, Chem.
Appl. Nanostructures, World Scientific, 2015, pp. 240-243.

[30] V.A. Saroka, K.G. Batrakov, Russ. Phys. J. 59 (2016) 633.

[31] L. Malysheva, A. Onipko, Phys. Rev. Lett. 100 (2008) 186806.

[32] A. Onipko, Phys. Rev. B 78 (2008) 245412.

[33] B. Partoens, F.M. Peeters, Phys. Rev. B 74 (2006) 75404.

[34] J.-C. Charlier, S. Roche, Rev. Mod. Phys. 79 (2007) 677.

[35] Y.-W. Son, M.L. Cohen, S.G. Louie, Phys. Rev. Lett. 97 (2006)
216803.

[36] E.B. Barros, A. Jorio, G.G. Samsonidze, R.B. Capaz, A.G.
Souza Filho, J. Mendes Filho, G. Dresselhaus, M.S.
Dresselhaus, Phys. Rep. 431 (2006) 261.

[37] H. Abdelsalam, M.H. Talaat, I. Lukyanchuk, M.E. Portnoi, V.
A. Saroka, J. Appl. Phys. 120 (2016) 014304.

[38] C.D. Spataru, S. Ismail-Beigi, L.X. Benedict, S.G. Louie, Phys.
Rev. Lett. 92 (2004) 77402.

[39] J. Deslippe, C.D. Spataru, D. Prendergast, S.G. Louie, Nano
Lett. 7 (2007) 1626.

[40] D. Prezzi, D. Varsano, A. Ruini, A. Marini, E. Molinari, Phys.
Rev. B 77 (2008) 41404.

[41] L. Yang, M.L. Cohen, S.G. Louie, Nano Lett. 7 (2007) 3112.

[42] P. Marconcini, M. MacUcci, Riv. Del Nuovo Cim. 34 (2011)
489.

[43] V. Saroka, (2017, June 27). “Solving the secular equation for
zigzag and bearded graphene nanoribbons,” Wolfram
Demonstrations  Project  [Online].  Available:  http://
demonstrations.wolfram.com/SolvingTheSecularEquationFor
ZigzagAndBeardedGrapheneNanoribb/.

[44] M. Fujita, K. Wakabayashi, K. Nakada, K. Kusakabe, J. Phys.
Soc. Jpn. 65 (1996) 1920.

[45] V. Saroka, (2017, September 8). “Band structures in zigzag
graphene nanoribbons and armchair carbon nanotubes,”
Wolfram Demonstrations Project [Online]. Available: http://

demonstrations.wolfram.com/BandStructuresInZigzagGraphene
NanoribbonsAndArmchairCarbonNa/.

[46] E. Mali¢, M. Hirtschulz, F. Milde, A. Knorr, S. Reich, Phys.
Rev. B 74 (2006) 195431.

[47] M.E. Portnoi, O.V. Kibis, M. Rosenau da Costa, Superlattices
Microstruct. 43 (2008) 399.

[48] M.E. Portnoi, M. Rosenau da Costa, O.V. Kibis, I.A. Shelykh,
Int. J. Mod. Phys. B 23 (2009) 2846.

[49] R. Moradian, R. Chegel, S. Behzad, Phys. E Low-Dimensional
Syst. Nanostructures 42 (2010) 1850.

[50] R. Chegel, S. Behzad, Opt. Commun. 313 (2014) 406.

[51] M. Berahman, M.H. Sheikhi, J. Comput. Theor. Nanosci. 8§
(2011) 90.

[52] D. Gunlycke, C.T. White, Phys. Rev. B 77 (2008) 115116.

[53] C.P. Chang, Y.C. Huang, C.L. Lu, J.H. Ho, T.S. Li, M.F. Lin,
Carbon N. Y. 44 (2006) 508.

[54] K. Gundra, A. Shukla, Phys. B Condens. Matter 406 (2011)
3538.

[55] K. Gundra, A. Shukla, Phys. Rev. B 83 (2011) 75413.

[56] V. Saroka, (2017, August 3). “Optical selection rules for zigzag
graphene nanoribbons,” Wolfram Demonstrations Project
[Online]. Available: http://demonstrations.wolfram.com/
OpticalSelectionRulesForZigzagGrapheneNanoribbons/.

[57] M.V. Shuba, A.G. Paddubskaya, A.O. Plyushch, P.P. Kuzhir,
G.Y. Slepyan, S.A. Maksimenko, V.K. Ksenevich, P. Buka, D.
Seliuta, I. Kasalynas, J. Macutkevic, G. Valusis, C. Thomsen, A.
Lakhtakia, Phys. Rev. B 85 (2012) 165435.

[58] T.H. Vo, M. Shekhirev, D.A. Kunkel, M.D. Morton, E.
Berglund, L. Kong, P.M. Wilson, P.A. Dowben, A. Enders, A.
Sinitskii, Nat. Commun. 5 (2014) 3189.

[59] P. Mir6, M. Audiffred, T. Heine, Chem. Soc. Rev. 43 (2014)
6537.

[60] M. Ezawa, Phys. Rev. B 76 (2007) 245415.

[61] A.D. Gtglii, P. Potasz, P. Hawrylak, Phys. Rev. B 88 (2013)
155429.

[62] V.A. Saroka, I. Lukyanchuk, M.E. Portnoi, H. Abdelsalam,
Phys. Rev. B 96 (2017) 085436.

[63] M. Ezawa, New J. Phys. 16 (2014) 115004.

[64] H. Guo, N. Lu, J. Dai, X. Wu, X.C. Zeng, J. Phys. Chem. C 118
(2014) 14051.

[65] H. Kataura, Y. Kumazawa, Y. Maniwa, I. Umezu, S. Suzuki, Y.
Ohtsuka, Y. Achiba, Synth. Met. 103 (1999) 2555.

[66] H. Zhang, H. Lin, K. Sun, L. Chen, Y. Zagranyarski, N.
Aghdassi, S. Duhm, Q. Li, D. Zhong, Y. Li, K. Miillen, H.
Fuchs, L. Chi, J. Am. Chem. Soc. 137 (2015) 4022.

[67] P. Ruffieux, S. Wang, B. Yang, C. Sanchez-Sanchez, J. Liu, T.
Dienel, L. Talirz, P. Shinde, C.A. Pignedoli, D. Passerone, T.
Dumslaff, X. Feng, K. Miillen, R. Fasel, Nature 531 (2016) 489.

[68] X. Wei, T. Tanaka, Y. Yomogida, N. Sato, R. Saito, H.
Kataura, Nat. Commun. 7 (2016) 12899.

[69] J.R. Sanchez-Valencia, T. Dienel, O. Groning, 1. Shorubalko, A.
Mueller, M. Jansen, K. Amsharov, P. Ruffieux, R. Fasel, Nature
512 (2014) 61.

Please cite this article in press as: V.A. Saroka et al., Hidden correlation between absorption peaks in achiral carbon nanotubes and nanoribbons, Journal of Saudi

Chemical Society (2018), https://doi.org/10.1016/j.jscs.2018.03.001



http://refhub.elsevier.com/S1319-6103(18)30031-0/h0090
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0090
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0100
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0100
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0105
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0110
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0115
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0115
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0115
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0120
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0125
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0130
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0130
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0135
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0135
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0140
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0140
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0145
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0145
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0145
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0145
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0145
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0145
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0145
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0145
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0150
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0155
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0160
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0165
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0170
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0175
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0175
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0180
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0180
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0180
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0185
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0185
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0190
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0190
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0195
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0195
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0200
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0200
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0205
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0210
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0210
http://demonstrations.wolfram.com/SolvingTheSecularEquationForZigzagAndBeardedGrapheneNanoribb/
http://demonstrations.wolfram.com/SolvingTheSecularEquationForZigzagAndBeardedGrapheneNanoribb/
http://demonstrations.wolfram.com/SolvingTheSecularEquationForZigzagAndBeardedGrapheneNanoribb/
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0220
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0220
http://demonstrations.wolfram.com/BandStructuresInZigzagGrapheneNanoribbonsAndArmchairCarbonNa/
http://demonstrations.wolfram.com/BandStructuresInZigzagGrapheneNanoribbonsAndArmchairCarbonNa/
http://demonstrations.wolfram.com/BandStructuresInZigzagGrapheneNanoribbonsAndArmchairCarbonNa/
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0230
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0230
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0235
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0235
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0240
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0240
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0245
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0245
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0250
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0255
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0255
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0260
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0265
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0265
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0270
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0270
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0275
http://demonstrations.wolfram.com/OpticalSelectionRulesForZigzagGrapheneNanoribbons/
http://demonstrations.wolfram.com/OpticalSelectionRulesForZigzagGrapheneNanoribbons/
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0285
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0285
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0285
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0285
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0290
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0290
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0290
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0295
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0295
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0300
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0305
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0305
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0310
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0310
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0315
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0320
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0320
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0325
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0325
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0330
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0330
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0330
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0335
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0335
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0335
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0340
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0340
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0345
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0345
http://refhub.elsevier.com/S1319-6103(18)30031-0/h0345
https://doi.org/10.1016/j.jscs.2018.03.001

	Hidden correlation between absorption peaks in achiral carbon nanotubes and nanoribbons
	1 Introduction
	2 Methods
	2.1 Structural model
	2.2 Computational model

	3 Results and discussion
	4 Conclusions
	ack8
	Acknowledgments
	Declaration of interest statement
	References


