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Abstract

The function of a protein depends on the structure of the protein. A commonly used
analytical technique for studying protein structure is radical-probe mass spectrometry (RP-
MS). RP-MS oxidizes a protein of interest then quantitates the oxidation on the protein.
Such quantitations can probe the solvent-accessible surface area (SASA) of the protein.
This SASA can be used for studying the structure of the protein. Thus, the spatial resolu-
tion of such quantitations of oxidation is the spatial resolution at which protein folding can
be studied. This thesis proposes a computational method for increasing, by many times,
the spatial resolution of such quantitations of oxidation. Traditional RP-MS can already
quantitate the oxidation on a peptide of a protein. MS/MS, which is also known as tandem
mass spectrometry, is a technique in analytical chemistry. MS/MS can fragment a peptide
into the suffixes of this peptide. Thus, the fraction of such individual suffixes of length i
that are oxidized is the relative frequency that one of the last i residues of this peptide
is oxidized. Thus, two such suffixes of lengths i and j, where i > j, correspond to two
such frequencies. Thus, the difference between these two frequencies is the frequency that
the oxidation on this peptide is inclusively between the ith-last and (j + 1)th-last residues
of this peptide. The oxidation between these two residues is used by our computational
method to quantitate oxidation at subpeptide level. Such quantitated oxidation extents
match the previously published oxidation rates and are computed from an MS/MS dataset.
The MS/MS dataset is produced by a specially designed RP-MS experiment. This RP-MS
experiment used MS/MS that targeted six tryptic peptides of apomyoglobin (PDB 1WLA).

However, such quantitations of oxidation are not precise, mostly because random errors
exist in such fraction of the suffixes that are oxidized. Such a fraction is a type of peak-area
fraction. A peak-area fraction represents, in a sample, the quantity of a type of molecule
relative to another type of molecule. To estimate random errors in a peak-area fraction,
we made three reasonable assumptions partially justified in the literature. From these
assumptions, we mathematically deduced our empirical formula. Our empirical formula
estimates random errors in a peak-area fraction that is observed in only one run of mass
spectrometry. Such estimated random errors match the empirically observed random errors
in a test dataset. The test dataset is generated by three almost repeated runs of MS/MS.
To generate the test dataset and the MS/MS dataset, the same instrument analyzed,
with similar configurations, two similar samples. Thus, our empirical formula is used for
estimating random errors in such a quantitation of oxidation in the MS/MS dataset.

MSE is a technique in analytical chemistry. MSE is similar to MS/MS. However,
the throughput of MS/MS is lower than the throughput of MSE by orders of magnitude.
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Unfortunately, we showed that, currently, MSE almost certainly cannot improve the spatial
resolution of RP-MS presumably because MSE generates too much noise.
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Chapter 1

Introduction

Proteins are essential for every life on Earth because the majority of proteins have im-
portant biological functions. The structure of a protein is correlated with the function
of this protein. The failure of a protein to assume its intended structure can result in
diseases, such as Alzheimer’s disease and cancer [39, 36]. This thesis proposes a new com-
putational method to derive information for studying protein structure from a specially
designed experiment.

Solvent-accessible surface area (SASA) of a protein is the surface area of this protein
that is accessible to a solvent such as water. SASA helps for studying protein structure
because SASA reduces the number of plausible protein structures to explore. Higher spatial
resolution of SASA further reduces such number of plausible protein structures. Figure 1.1
shows the concept of SASA. Fast photochemical oxidation of protein (FPOP), a special
experiment for studying protein structure, can probe the SASA of a protein. FPOP oxidizes
residues on a protein such that the extent of oxidation on a residue is positively correlated
with the solvent accessibility of this residue. Thus, the pattern of oxidation on a protein is
correlated with the SASA of this protein. Thus, the spatial resolution of such pattern of
oxidation determines the spatial resolution of such SASA. Mono-oxidation is observed as
a mass-shift of around +16Da or more precisely around +15.99Da. FPOP can be tuned
so that the oxidation caused by such FPOP mainly consists of mono-oxidation [17].

FPOP can oxidize a protein at a precise time, such as a few milliseconds, after the
protein starts to fold. Moreover, FPOP is neither labor-intensive nor time-consuming.

Without loss of generality, let us assume that the sequence of our peptide of interest is
VEADIAGHGQEVLIR. Denote the unoxidized form of VEADIAGHGQEVLIR by (VEADIAGHGQEVLIR).
Denote all mono-oxidized forms of VEADIAGHGQEVLIR by (VEADIAGHGQEVLIR)(+16). The
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Figure 1.1: An illustration of the concept of solvent-accessible surface area (SASA). SASA
changes while the protein folds. Fast photochemical oxidation of protein (FPOP) can
detect such change that other methods, such as X-ray crystallography, cannot detect.

oxidation site of (VEADIAGHGQEVLIR)(+16) can be located on any of its residues. For ex-
ample, (VEADIAGHGQEVLIR)(+16) can be any of the following: (V)(+16)EADIAGHGQEVLIR,
V(E)(+16)ADIAGHGQEVLIR, VE(A)(+16)DIAGHGQEVLIR, etc. LC-MS is an analytical tech-
nique that first separates a mixture of analytes by retention time (RT) and then analyzes
each analyte by mass spectrometry (MS). Figure 1.2 shows both the unoxidized form and
the mono-oxidized forms of VEADIAGHGQEVLIR detected in one run of LC-MS. In such
a run, the relative frequency that VEADIAGHGQEVLIR as a whole is oxidized can be esti-
mated to be the quantity of (VEADIAGHGQEVLIR)(+16) divided by the quantity of both
(VEADIAGHGQEVLIR) and (VEADIAGHGQEVLIR)(+16). Spatially more granular quantita-
tion of mono-oxidation results in higher spatial resolution of the SASA derived from such
quantitation of oxidation. Thus, ideally, researchers would like to quantitate the extent
of oxidation on each residue of VEADIAGHGQEVLIR. Equivalently, researchers would like to
quantitate each form of mono-oxidized VEADIAGHGQEVLIR. Unfortunately, current technolo-
gies and methods can quantitate the following at best: the mixture of all mono-oxidized
forms of VEADIAGHGQEVLIR as a whole relative to the unoxidized form of VEADIAGHGQEVLIR.
Such quantitation is qualified to be at peptide level. Any quantitation that is spatially
more granular than such peptide-level quantitation is qualified to be at subpeptide level.
Quantitation of oxidation at subpeptide level is challenging. My thesis proposes a method
for quantitating oxidation at subpeptide level using MS/MS.
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Figure 1.2: A heatmap showing both the unoxidized form of and the mono-oxidized forms
of VEADIAGHGQEVLIR in MS1. The unoxidized form and the mono-oxidized forms both have
a charge state of 3 and are thus approximately (15.99÷ 3)Da apart in m/z.

MS/MS is a commonly used technology in MS. MS/MS can fragment VEADIAGHGQEVLIR
into the suffixes of VEADIAGHGQEVLIR such as R, IR, LIR, etc. R is referred to as y1 ion,
IR is referred to as y2 ion, LIR is referred to as y3 ion, etc. Each of these y-ions will form
peaks in an MS2 spectrum at its corresponding mass-to-charge ratio (m/z) (Figure 1.3).
When an amino acid is mono-oxidized, the mass of the y-ion containing the mono-oxidized
amino acid is shifted by approximately +16Da (Figure 1.3). Thus, the m/z of this y-ion
will be shifted by approximately +16

z
, where z is the charge state of this y-ion. Figure 1.4

illustrates a local region of the MS2 spectrum of a mono-oxidized peptide. However, the
mono-oxidized peptide is a mixture of different forms because different amino acids can be
oxidized. Our task is to derive the proportion of each of these forms. Denote unoxidized yi
by yi and mono-oxidized yi by y′i. Let yi be the quantity of yi, and let y′i be the quantity

of y′i. Let φi =
y′i

yi+y′i
. Then, φi is the proportion of the mono-oxidized forms that have

the oxidation on the last i amino acids. Thus, φi − φi−1 is the proportion of these forms
that have the oxidation on the ith-last amino acid. In general, φi − φj is the proportion
of these forms that have the oxidation inclusively between the ith-last and (j + 1)th-last
amino acids. Chapter 4 of this thesis presents a novel algorithm that uses such φi − φj to
quantitate oxidation at subpeptide level.

However, φi and φj are subject to random errors due to the stochastic nature of a run
of MS. Chapter 5 of this thesis presents a novel empirical formula for characterizing such
random errors with fewer-than-expected amount of experimental data.
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Figure 1.3: A mixture MS2 spectrum of mono-oxidized VEADIAGHGQEVLIR. The vertical
axis represents absolute intensity.

Figure 1.4: A zoomed-in region of Figure 1.3.
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The throughput of MSE is higher than the throughput of MS/MS by orders of magni-
tude. Unfortunately, Chapter 6 of this thesis shows that currently MSE almost certainly
cannot probe SASA at subpeptide level.
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Chapter 2

Fundamentals of protein folding

A peptide is a sequence of n amino-acid residues chained together by n−1 peptide bonds,
where n≥2. In this thesis, “residue” refers to only “amino-acid residue” unless explicitly
stated otherwise. A polypeptide is a relatively long peptide. A typical polypeptide is
composed of the 20 standard amino-acid residues. Different sequences of these 20 residues
correspond to different polypeptides. Thus, a lot of different polypeptides can exist, be-
cause there are 20n distinct sequences that have a length of n. Although the number of
polypeptides in a typical biological organism is much less than 20n, this number is still
huge. A protein is an assembly of at least one polypeptide. Protein constitutes the building
block of life. The metabolism of every biological organism requires numerous proteins.

The structure of a protein is strongly correlated with the function of this protein.
Thus, determination of protein structure is a fundamental problem in life science. Protein
structure can be observed at different levels of organization. Four levels of organization
correspond to the following four levels of protein structures: primary, secondary, tertiary,
and quaternary structures. The primary structure of a protein is defined as the sequence
of the constituent residues of this protein. The covalent bonds in a protein fully determine
the primary structure of this protein. Protein secondary structure is the general three-
dimensional form of local segments of proteins. The secondary structure of a protein is
defined by the patterns of hydrogen bonds between amine hydrogen and carbonyl oxygen
atoms contained in the backbone peptide bonds of this protein. Alpha helices and beta
strands are the most common protein secondary structures. Random coil is defined as
the lack of any secondary structure. The tertiary structure of a protein is defined as the
three-dimensional shape of this protein. Protein quaternary structure is the arrangement of
more than one protein molecule in a multi-subunit complex. A single polypeptide chain is
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a protein if it can function on its own. Many proteins are comprised of several polypeptide
chains. These polypeptide chains are referred to as protein subunits.

Determination of the primary structure of a protein is very easy. The state-of-the-art
predictors of protein secondary structure achieve an accuracy of approximately 90% [25].
Moreover, a lot of experimental methods such as nuclear magnetic resonance (NMR) can
determine protein secondary structure. Thus, determination of the secondary structure of
a protein is easy. Experimental methods for determining the tertiary structure of a protein,
such as X-ray crystallography, are labor-intensive and time-consuming. The prediction of
protein tertiary structure without the use of any experimental data is NP-hard and thus
is computationally hard. The prediction of protein tertiary structure with the use of some
experimental data is ineffective for certain proteins. Thus, determination of the tertiary
structure of a protein is hard. It is very hard to determine the quaternary structure of
a protein. Nowadays, determination of the tertiary structure of a protein is still a major
challenge. In this thesis, “protein structure” refers to only “tertiary protein structure”
unless explicitly stated otherwise.

Protein structure is not static. The structure of a protein depends on the physiological
environment that surrounds this protein. For example, in an acidic solution at pH≈2, a
protein usually does not assume any shape at all. Thus, every residue of this protein is
exposed to this acidic solution, and this protein is referred to as denatured. Denaturation
is defined as the process by which a macromolecule loses its quaternary structure, tertiary
structure, and then secondary structure. We can view the structure of a protein as a point
on a high-dimensional energy landscape (Figure 2.1). The energy landscape is a mapping
of all possible conformations of the protein to the potential energies of these conformations.
On this landscape, the altitude of a coordinate represents the energy of a conformation.
Every protein tends to adopt a low-energy conformation. This tendency is consistent with
the second law of thermodynamics because high entropy is associated with low-energy
conformation. A change in the coordinate of a point on the energy landscape corresponds
to a change in the conformation of a protein. A path from one coordinate to another
coordinate on the energy landscape corresponds to a transition from one conformation to
another conformation. When a new protein is just synthesized, this new protein usually
does not have its intended structure and thus is usually not yet functional. Then, the
structure of this new protein changes until this structure stabilizes at a local minimum on
the energy landscape. Then, this protein is able to perform its intended function due to its
stable structure and is thus functional. The process by which a protein becomes functional
by assuming its intended structure is referred to as protein folding. This intended structure
is referred to as its native structure.

A few methods have been developed for studying protein structures. Unfortunately,
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Figure 2.1: An illustration of the landscape of protein structures. For a protein, the
position of each atom relative to other atoms determines the conformation space. Thus,
the dimension of the conformation space is much greater than two.

all these methods have some weaknesses. For example, X-ray crystallography is neither
effective for membrane proteins nor effective for studying protein-folding dynamics; NMR
is labor-intensive, time-consuming, and not effective for studying protein-folding dynamics.

The solvent-accessible surface area (SASA), also known as accessible surface area
(ASA), of a biomolecule is the part of the surface area of this biomolecule such that
this part can be accessed by the solvent in which this biomolecule is dissolved. In protein-
related scientific fields, this biomolecule usually refers to a protein of interest and this
solvent usually refers to water. Change in the SASA of a protein as a function of the time
since the protein started to fold can reveal the following relationship: the protein surface
that is exposed to water as a function of time. This relationship can then partially reveal
the folding dynamics of the protein.

Any amino-acid residue of any protein can be covalently modified by hydroxyl radical
(HO·). Let us suppose that a solution contains HO·. Let us assume that a treatment does
not change the composition of the solution for a substantial period of time. If this solution
covalently modifies this residue more heavily after this treatment, then this residue is more
solvent-accessible after this treatment, and vice versa. Thus, change in the extent of this
covalent modification on this residue is positively correlated with change in the solvent-
accessibility of this residue. Thus, change in the extent of this covalent modification on

8



every residue of a protein of interest can reveal change in SASA of this protein.

Radical-probe mass spectrometry (RP-MS) can estimate the SASA of a protein. An
RP-MS experiment usually proceeds as follows: First, a protein of interest is tuned to
be at a given stage of protein folding. Next, a source of energy such as ultraviolet light
generates short-lived free radicals such as HO·. Then, these free radicals cause covalent
modifications, which mainly consist of mono-oxidation, to the solvent-accessible surface
of this protein of interest. Afterwards, a protease such as trypsin cleaves this protein
of interest into shorter peptides which could have been modified by these free radicals.
Finally, liquid chromatography (LC) elutes and thus separates the mixture of these shorter
peptides. While LC is eluting these shorter peptides, mass spectrometry (MS) identifies
these peptides and quantitates the extent of oxidation on each of these peptides. A protein
of interest goes through different stages in the folding process of this protein. These
different stages result in different extents of covalent modification on the residues of this
protein of interest, respectively. Thus, changes in the SASA of this protein of interest across
these different stages can be inferred, Thus, RP-MS can be used for studying protein-folding
dynamics. Moreover, RP-MS is fast, cost-efficient, applicable to any protein, and able to
detect a rapid change in protein structure. Unfortunately, a protease usually only cleaves a
protein at a few backbones of this protein. Thus, a protease usually cleaves a protein into
only a few long peptides. Thus, each of these long peptides is composed of several residues.
Thus, the spatial resolution of RP-MS is limited to the peptide level that is determined by
this protease.

9



Chapter 3

Fundamentals of mass spectrometry
(MS)

This chapter presents the fundamentals of mass spectrometry (MS) and focuses on MS-
related concepts. The order in which we present the sections in this chapter is approxi-
mately the order in which a typical radical-probe mass spectrometry (RP-MS) experiment
is performed.

Section 3.1 presents fast photochemical oxidation of protein (FPOP), an analytical-
chemistry technique for oxidizing a protein to be investigated. Section 3.2 presents prote-
olysis, a molecular-biology method often applied before performing high-performance liquid
chromatography (HPLC). Section 3.2 presents HPLC, an analytical-chemistry technique
for separating analytes based on some of their chemical properties. Section 3.4 presents
MS, an analytical-chemistry technique for measuring the m/z of analytes. Section 3.5
presents MS/MS, a subclass of MS. In essence, MS/MS fragments analytes and then mea-
sures the m/z of each of these fragments. Section 3.6 presents the preprocessing of raw
mass spectra. Examples of such preprocessing are centroiding, deconvolution, and deiso-
toping. Such processing facilitates the subsequent interpretation of these preprocessed
mass spectra. Section 3.7 presents peptide-spectrum match (PSM), a key concept in the
interpretation of the MS2 spectra that are produced by protein MS. Section 3.8 presents
common protocols of protein MS and focuses on RP-MS.
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often subtle, gender-specific neural connectiv-
ity may account for the different behaviour of 
males and females. How FruM specifies the 
‘male’ properties of this circuit during devel-
opment remains a fascinating unanswered 
question.

Finally, it is notable that nearly all of these 
dimorphisms reside in central brain neurons. 
This suggests that males and females detect 
many of the same external signals but interpret 
them differently to produce distinct behav-
ioural responses. Intriguingly, earlier work6 
showed that courtship circuitry in the thorax 
of female flies also contains motor-neuron out-
put pathways that can produce wing-evoked 

love songs when artificially stimulated. Thus, 
in fruitflies at least, the principal determinants 
underlying the distinct behaviour of males and 
females seem to reside in the mind. ■
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Weighing up  
protein folding
Labelling molecules by fast oxidation allows mass spectrometry to study protein 
folding at submillisecond time resolution. The method also brings a wealth of 
structural information about protein folding within reach.

m a r T i n  g r U e B e L e

When it comes to protein-folding  
studies, mass spectrometry can pro-
vide much structural information. 

But its time resolution has been insufficient to 
detect the fastest folding events, which occur on 
the microsecond timescale1. Chen et al.2 now 
report a solution to this problem in their study 
of the submillisecond folding of the barstar 
protein, published in the Journal of the Ameri-
can Chemical Society. They have married two 
techniques that could potentially reach micro-
second resolution: laser temperature jumping 

(T-jumping), which initiates protein-folding 
reactions, and fast photochemical oxidation of 
the protein (FPOP), which allows mass spec-
trometry to monitor how far folding has pro-
gressed. Their technique should enable more 
structural information to be obtained from 
studies of protein-folding kinetics — crucial 
for developing the next generation of computa-
tional methods for simulating protein dynamics, 
and to allow more complex proteins and protein 
complexes to be studied experimentally.

There is currently great interest in fast-
folding proteins. Computational simulations 
of protein folding have extended into the 

millisecond timescale, and can thus visualize 
the movements of proteins that fold in micro-
seconds as they repeatedly fold and unfold3. 
This opens up the prospect of refining the force 
fields used in molecular dynamics simulations, 
so that the simulations can be made valid over 
even longer timescales. It also offers the hope 
of being able to correctly predict the biologi-
cally active structure of a protein starting from 
the unfolded state. More experimental data 
about fast-folding proteins are essential to real-
ize these desirable goals. Fast-folding proteins 
are also of interest because they are predicted 
to undergo ‘downhill’ folding, in which no sig-
nificant energy barrier is encountered. Further 
experimental confirmation of downhill folding 
would provide crucial evidence in support of 
an important mechanistic model of protein 
folding — the energy-landscape theory4.

Since the mid-1990s, resistive heating5 (in 
which a sample is warmed up by passing an 
electric current through it) and nanosecond 
laser T-jumps6 have been used in studies to ini-
tiate the refolding of proteins from their cold 
denatured states. Cold denaturation occurs at 
low temperatures when water molecules bind 
to hydrophobic amino acids that are normally 
buried inside proteins. The method generally 

Figure 1 | Improving the time resolution of mass spectrometry in protein-
folding studies. Chen et al.2 report a method that allows fast protein folding 
to be monitored using mass spectrometry. a, A solution of unfolded protein 
and hydrogen peroxide flows through a capillary tube into the reaction 
region. b, There, a T-jump — a laser pulse of wavelength 1,900 nanometres — 
initiates refolding of the protein. c, After a time delay, an ultraviolet laser pulse 
(wavelength 248 nm) breaks the peroxide into hydroxyl radicals. The radicals 

rapidly oxidize solvent-exposed amino acids in the protein (red dots become 
attached to the protein), increasing the protein’s mass. The longer the delay, 
the more the protein is folded (exposing fewer amino acids to solvent), and so 
less mass is added. d, Finally, the protein sample is flushed out of the capillary, 
excess peroxide is removed and mass spectrometry is used to determine the 
extent of protein oxidation (and so of protein folding). (Figure based on an 
idea by Jiawei Chen.)
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Figure 3.1: An overview of FPOP [19]. A protein experiences four stages while passing
through a tube. (a) A denatured protein and hydrogen peroxides (HOOH) flow through
a capillary tube. (b) An infrared laser having a wavelength of 1900 nanometers initiates
the folding of the denatured protein. (c) After a brief delay, an ultraviolet laser having a
wavelength of 248 nanometers splits HOOH into HO·. Some of these HO· almost instan-
taneously oxidize some residues of the partially folded protein. Longer delay causes the
protein to be less denatured before HO· is generated, then this less denatured protein is
subject to less modification by HO·. If a residue of the protein is closer to the solvent that
dissolved the protein, then this residue is more heavily modified by HO·. The addition of
red dots to the protein represents the addition of oxygen atoms to the protein. (d) The
modified protein exits the capillary, a radical scavenger removes the remaining HOOH, and
MS quantitates the HO·-mediated modification which is positively correlated with solvent-
accessible surface area (SASA). Before MS, proteolysis and then liquid chromatography
(LC) are often performed on the modified protein.

3.1 Fast photochemical oxidation of protein (FPOP)

FPOP is an analytical-chemistry technique for covalently labeling a protein. FPOP uses
ultraviolet light to cause the dissociation of hydrogen peroxide (HOOH) and then the
formation of hydroxyl radical (HO·), The action of such ultraviolet light is shown in the
following chemical equation.

HOOH +  → HO OH → 2 HO· ( denotes 248 nm ultraviolet light)

The in vivo half-life of HO· is approximately 10−9s, and HO· is highly reactive. Thus, HO·
virtually damages all types of macromolecules such as carbohydrates, nucleic acids, lipids,
and amino acids [37].

HO· can covalently modify a residue through different mechanisms. Thus, different
mass shifts of the modified residue can be observed. The time scale of these covalent
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modifications is usually less than one millisecond. Thus, there is only a sub-millisecond
interval between the time that HO· enters in contact with a residue and the time that HO·
finishes covalently modifying this residue. While HO· is covalently modifying a protein, HO·
may also affect the folding process of this protein. However, virtually all protein folding
processes take more than one millisecond to initiate. Thus, the time scale of covalent
modification mediated by HO· is short compared with the time scale of protein folding.
Thus, before that HO· finishes covalently modifying a protein, the overall folding process
of this protein is unlikely to be affected. In fact, HO· indeed does not substantially affect
the folding process of a protein before it finishes modifying this protein [17].

Intuitively, if the solvent accessibility of a residue is high, then this residue is more
likely to be covalently modified by HO·. Thus, the SASA of a residue of a protein is
positively correlated with the extent of HO·-mediated covalent modification on this residue.
Moreover, the duration of HO·-mediated covalent modification is short compared with the
duration of protein folding. Thus, the HO·-mediated modification to any protein only
depends on the structure of this protein at the precise time of this modification, Thus, after
a protein refolds for a given amount of time, the extent of the HO·-mediated modification
to each residue of this protein reveals the SASA of this protein after this amount of time.
Thus, if the time taken for a protein to refold varies, then the extent of the HO·-mediated
modification to any residue of this protein as a function of this time is positively correlated
with the solvent-accessibility of this residue as a function of this time. Thus, we can
characterize the change in the SASA of a protein as a function of time and thus study
protein-folding dynamics.

Different residues have different mechanisms of reacting with HO·. Thus, different
residues have hugely different reaction rates with HO·. For example, the second order re-
action rate of HO· with cysteine, the most reactive one, is approximately 2000 times higher
than such rate with glycine, the least reactive one [6]. However, HO· usually oxidizes a
residue, and oxidation of a residue by HO· often adds one oxygen atom to this residue.
Thus, mono-oxidation is the principal HO·-mediated covalent modification to all residues.
For example, all residues can have a mass shift of +15.9949 or +31.9898 Da after react-
ing with HO· except glycine, which simply does not react with HO·. The mass shifts of
+15.9949 and +31.9898 correspond to the addition of one and two oxygen atoms respec-
tively [44]. Table 3.1 shows that reactions between different residues and HO· happen at
different speeds. However, these reactions result in similar mass shifts to these different
residues. We use +15.9949, +15.99, and +16 interchangeably to denote the mass shift
caused by the addition of one oxygen atom.
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Free
amino acid

kHO·

(M−1s−1)
[6] Common mass shifts

resulting from modification by HO· (Da) [44]

Cys (C) 3.5× 1010 −15, 9772 +31.9898 +47.9847
Trp (W) 1.3× 1010 +3.9949 +15.9949 +31.9898 +47.9847
Tyr (Y) 1.3× 1010 +15.9949 +31.9898 +47.9847
Met (M) 8.5× 109 −32.0085 +15.9949 +31.9898
Phe (F) 6.9× 109 +15.9949 +31.9898 +47.9847
His (H) 4.8× 109 −23.0160 −22.0320 −10.0320 +4.9789 +15.9949
Arg (R) 3.5× 109 −43.0534 +13.9793 +15.9949
Ile (I) 1.8× 109 +13.9793 +15.9949
Leu (L) 1.7× 109 +13.9793 +15.9949
Val (V) 8.5× 108 +13.9793 +15.9949
Pro (P) 6.5× 108 +13.9793 +15.9949
Gln (Q) 5.4× 108 +13.9793 +15.9949
Thr (T) 5.1× 108 −2.0157 +15.9949
Lys (K) 3.5× 108 +13.9793 +15.9949
Ser (S) 3.2× 108 −2.0157 +15.9949
Glu (E) 2.3× 108 −30.0106 +13.9793 +15.9949
Ala (A) 7.7× 107 +15.9949
Asp (D) 7.5× 107 −30.0106 +15.9949
Asn (N) 4.9× 107 +15.9949
Gly (G) 1.7× 107 n.d.

Table 3.1: The initial rates of the second-order reaction of free amino acids with HO· at
pH=7 and the common mass shifts produced by such reaction. A free molecule is not
covalently bound to any other molecule. If an amino acid residue is part of a given protein
in a given solution, then the kHO·

of this residue depends on the position of this residue
with respect to this given protein and on the properties of this given solution.

© 2006 Nature Publishing Group 

 

analysis. Under optimal purification conditions, PerR bound operatorDNAwith a
dissociation constant (Kd) of ,1 nM as measured by either EMSA or FA and
contained,60% active molecules (Fig. 3c and d). For Fig. 3d, 50mMPerR:Znwas
reconstituted anaerobically with 50mMFe2þ and the amount of residual Fe2þ was
determined using ferrozine24 (Fz; 1562 nm ¼ 27,900M21 cm21 for Fe2þ 2 Fz3).
Electrophoretic mobility shift assays. PerR protein and a 250-base-pair
32P-labelled mrgA promoter fragment (0.1–1.0 nM) were incubated in binding
buffer (20mM TrisHCl, pH 8.0, 5% glycerol, 5mgml21 salmon sperm DNA,
50 mgml21 bovine serum albumin (BSA), 50mM KCl, 100mM MnCl2) and
separated by 6% PAGE with a 45mM Tris-borate buffer containing 100mM
MnCl2. For aerobic inactivation by Fe2þ (Fig. 2b), 1mM PerR:Zn was incubated
with 10 mM Fe2þ for 5min at room temperature (22 8C) with the appropriate
concentration of Zn2þ orMn2þ added for 5min before or after Fe2þ as indicated.
Diluted (20 £ ) aliquots from these reactions were analysed by EMSA (final
concentration of PerR:Zn was 50 nM). For Fig. 3c, PerR:Zn,Fe or PerR:Zn,Mn
was added in twofold-increments from 0.23 to 30 nM and the Kd was estimated
as the concentration of protein that led to ,50% binding.
Fluorescence anisotropy assays. A 6-carboxyfluorescein- (6F-)labelled mrgA-
PerR box DNA fragment was generated by self-annealing of 5 0 -6F-CTAAATTA
TAATAATTATAATTTAG-3 0 (Integrated DNATechnologies). FA measurements
(l ex ¼ 492 nm, slit width ¼ 15 nm; l em ¼ 520 nm, slit width ¼ 20 nm) were
performed anaerobically in 3ml of 20mMTrisHCl pH7.0, 5% glycerol, 100mM
KCl, with 100 nM DNA, 160 nM dimeric PerR:Zn (,100 nM active molecules),
metal ions, H2O2 or EDTA, as indicated (Fig. 3b). Since near-quantitative
inactivation of PerR:Zn was observed with 1mM Fe and 1 mM H2O2 in 10 s,

we estimate k inact < 105M21 s21. For the determination of percentage activity,
10 nM DNA was titrated with PerR (up to 60 nM of dimer) in the presence of
100mM Mn2þ (Fig. 3d). The anisotropy change versus PerR concentration was
fitted using a 1:1 binding model.
Mass spectrometry. ESI-MS was used to measure protein oxidation (Fig. 2a)
using a Bruker Esquire LC ion trap mass spectrometer. For standard acidic
denaturing conditions, 25%(v/v) methanol and 1%(v/v) acetic acid in 5mM
ammonium bicarbonate was used. For the detection of bound Zn2þ (Fig. 2a),
5%(v/v) methanol in 5mM ammonium bicarbonate was used. To monitor
cysteine oxidation, samples were modified with 50mM iodoacetamide in the
presence of 50mM EDTA to yield the carboxyamidomethyl derivative. Peptides
containing cysteine–carboxyamidomethyl residues are indicated by asterisks in
Fig. 4a and b.

Sites of oxidation were mapped by trypsin digestion followed by matrix-
assisted laser desorption/ionization–time of flight (MALDI-TOF) mass spec-
trometry using an Applied Biosystems 4700 mass spectrometer and further
localized using ESI-MS on an Applied Biosystems 4000 Q Trap (Fig. 4 and
Supplementary Figs S6 and S7). To monitor the incorporation of 18O into the
H37 and H91 peptides, 100mM isotopically enriched H2

18O2 (90%) was used
(Icon Isotopes).
Monitoring PerR oxidation in vivo. PerR activity was monitored using an
mrgA-cat-lacZ fusion7 in cells grown in minimal medium with 100mM iron
and manganese as described previously7. Mutant alleles of perR (Fig. 1b
and Supplementary Fig. S1) were generated using the QuikChange method
(Stratagene).

Figure 4 | Oxidation of PerR is localized to H37 and H91. a, Incorporation
of 18O (open arrows) into peptides T1 and T2* (Fig. 1a). b, Oxidation of
PerR–FLAG by H2O2 in vivo leads to oxygen incorporation into T1 and T2*,
but no cysteine oxidation (see extended spectra in Supplementary Fig. S2).
Peak intensity for the right portion of the spectra is enlarged 4-fold (4£).
Asterisks represent peptides containing carboxyamidomethylated cysteine
residues. c, Localization of 18O toH37 andH91 by ESI-MS. The [T1 þ 18]2þ

and [T2* þ 18]2þ parent ions (see asterisks on spectra) and carboxy-
terminal (y-series) and amino-terminal (b-series) fragmentation products

are shown. For T1, y8 and y9 0 (and b12 and b13 0 ) differ by 155.1Da (the
molecular mass of histidine þ 18O), indicating oxidation of H37 (the prime
symbol indicatesþ18Da). For T2*, y10 and y11 0 differ by 155Da, localizing
18O to H91 (and not H93). (See Supplementary Figs S6 and S7 for additional
details).m/z refers to the mass to charge ratio, and c.p.s., counts per second.
d, Formation of 2-oxo-histidine by MCO16. The hydroxyl radical generated
by the Fenton reaction (i) reacts rapidly with histidine (ii). Loss of an
electron from the initial adduct may regenerate Fe2þ.

LETTERS NATURE|Vol 440|16 March 2006
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Figure 3.2: A mechanism of histidine oxidation [24].
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Before any cleavage: K-A-F-A-R-W-A-R-P-K-P-R-E-Y-M-Q-F-P-W-P-Y-P

After trypsin cleavage: K|A-F-A-R|W-A-R-P-K-P-R|E-Y-M-Q-F-P-W-P-Y-P

After chymotrypsin cleavage: K|A-F|A-R|W|A-R-P-K-P-R|E-Y|M-Q-F-P-W-P-Y-P

Figure 3.3: An example of proteolysis by trypsin and then by high-specificity chymotrypsin.
Unlike most proteases, chymotrypsin does not cleave any polypeptide until trypsin activates
this chymotrypsin. Trypsin cleaves after any of {K, R} that is not before P. High-specificity
chymotrypsin cleaves after any of {F, Y, W} that is not before P.

3.2 Enzymatic proteolysis

A protease (also called peptidase, proteinase, or proteolytic enzyme) is an enzyme that
can perform proteolysis. Proteolysis is the cleavage a polypeptide into shorter peptides or
amino acids. A specific protease only cleaves at specific peptide bonds in the backbone of
a polypeptide. Thus, cleavage of a given polypeptide by a given specific protease produces
a predictable set of peptides.

If a carbonyl-carbon is part of lysine (K) or arginine (R) and a nitrogen is not part of
proline (P), then the protease trypsin cleaves at the peptide bond between this carbonyl-
carbon and this nitrogen, and vice versa. Equivalently, the specificity rule of trypsin
cleavage is referred to as follows: after K or R and not before P. Trypsin molecules can
cleave each other because trypsin is also a type of protein. Thus, trypsin molecules are
stored at below −20◦C to prevent them from cleaving each other. Trypsin is the most
commonly used protease for MS.

Different specific proteases are subject to different specificity rules. For example, LysN
cleaves before K, LysC cleaves after K, GluC cleaves after E, AspN cleaves before D, high-
specificity chymotrypsin cleaves after any of {F, Y, W} and not before P, and low-specificity
chymotrypsin cleaves after any of {F, Y, W, M, L} and not before P. Different proteases
usually cleave the same peptide independently of each other (Figure 3.3).

3.3 High-performance liquid chromatography (HPLC)

Liquid chromatography (LC) is an analytical-chemistry technique. LC separates a mixture
into the components constituting this mixture based on the chemical properties of these
components. In analytical chemistry, components, analytes, constituents, and substances
are all equivalent in meaning. To separate a mixture into the components constituting
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this mixture, LC uses a column that elutes different components at respectively different
speeds.

Mobile phase is defined as the solution that is gradually eluted by the column. Station-
ary phase is defined as the sorbent of the column which retains components in the solution.
The retention time (RT) of a component is defined as the elapsed time during which this
component is retained by the LC column, or equivalently the amount of time taken for this
component to go through the LC column. The RT of multiple molecules may also refer to
the shortest time interval that virtually includes the RT of all these molecules. The RT
of a component depends on the interaction between this component and the stationary
phase. This interaction depends on the chemistry of the stationary phase, the chemical
properties of this component, and on the composition of the mobile phase. Clearly, the
more a column retains a component, the higher the RT of this component will be in this
column, and vice versa.

High-performance liquid chromatography (HPLC) is a subclass of LC. HPLC is char-
acterized by the high pressure applied to the mobile phase. This high pressure, which
is usually between 50 and 350 bars, reduces the RT of all components. Thus, compared
with traditional LC, HPLC is characterized by higher resolving power and requires less
time per run. LC resolving-power is defined as the ability to distinguish two components
with slightly different RTs. Thus, HPLC has gradually replaced traditional LC. Fig-
ure 3.4 shows some key characteristics of reverse-phase HPLC (RP-HPLC), a subclass of
HPLC. In RP-HPLC, the column preferentially retains hydrophobic components. Thus,
in RP-HPLC, the RT of a hydrophobic component should be higher than the RT of a
hydrophilic component. Moreover, exposure of the hydrophobic regions of a component
depends on the size and shape of this component. Thus, in RP-HPLC, the size and shape
of a component affect the RT of this component. Frequently, RP-HPLC and MS are used
together.

The following two types of elution exist in LC: isocratic elution and gradient elution.
The composition of the mobile phase is relatively constant during isocratic elution and
changing during gradient elution. Usually, the variation in the RT of a component in
isocratic elution is lower than the variation in RT of this component in gradient elution.
Thus, the quantity of an eluted component as a function of RT forms a sharper peak
in gradient elution compared with isocratic elution. In gradient elution, the mobile phase
consists of mostly water at the beginning. As elution progresses, an organic solvent miscible
with water is gradually added to the mobile phase. In the end, the mobile phase consists
of mostly this organic solvent. Some commonly used organic solvents for gradient elution
are acetonitrile, methanol, and tetrahydrofuran.
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Retention time (RT) in minutes
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● Very hydrophilic molecules
Hydrophilic molecules
Hydrophobic molecules
Very hydrophobic molecules

Each rectangle is the column containing both the stationary phase and the mobile phase
Darkness in each rectangle is the proportion of high−elution−strength components in the mobile phase

Each downward arrow is the direction of and strength of elution in mobile phase

Chromatogram: detected quantity of molecules that exit the column as a function of RT

Figure 3.4: A schematic of RP-HPLC featuring a hypothetical RP-HPLC experiment.
In this experiment, the RT of hydrophobic molecules and the RT of very hydrophobic
molecules overlap. Thus, this experiment cannot separate these two types of molecules.

3.4 Mass spectrometry (MS)

MS is an analytical-chemistry technique based on the use of a mass spectrometer. A mass
spectrometer takes as input some analytes and outputs the mass spectra of these analytes.
A mass spectrum is a continuum of signal intensity as a function of m/z, where m/z
denotes mass-to-charge ratio.

Mass spectra of analytes can reveal some properties of these analytes. Examples of
these properties are chemical formula and structural formula. Moreover, mass spectra can
distinguish between isotopes of a chemical element because isotopes have different masses.

The history of MS is relatively long. At the beginning of the 20th century, MS has
already been used for separating isotopes. However, the development of protein MS,
which is the MS for studying proteins, only started at the end of the 20th century. Large
biomolecules such as proteins tend to fragment into small molecules after being ionized.
Thus, ionization tends to destroy the structural formula of a protein. Thus, protein MS
has been a major challenge. In 1984, Yamashita and Fenn [46] developed the electro-
spray ionization (ESI) method. ESI can ionize large biomolecules such as proteins without
breaking these biomolecules. In 1988, Tanaka et al. [40] developed the soft-laser-desorption
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Figure 5.1 Illustration of the principle of mass spectrometry. In the ionization source, the sample components acquire
their charges. In the mass analyzer the components are separated according to their m/z values before they hit the
detector. A computer connected to the instrument constructs the mass spectrum. An example in the text describes in
more detail the measurement of peptides A, B, and C

Figure 3.5: A schematic of a typical mass spectrometer [15].

method. Soft laser desorption can also ionize large biomolecules without breaking these
biomolecules.

A mass spectrometer mainly consists of the following three components: an ion source,
a mass analyzer, and a mass detector. A typical run of MS consists of a sequence of scans.
Each of these scans proceeds as follows: First, the ion source ionizes a set of analytes
coming from the inlet of the mass spectrometer so that these analytes form ions. Next, an
extraction system brings these ions from the ion source to the mass analyzer. Then, the
mass analyzer separates these ions according to the m/z of these ions. Afterwards, the
mass analyzer sends these separated ions to the mass detector. Finally, the mass detector
measures the quantity of ions at each specific m/z to produce a mass spectrum. Figure 3.5
shows a schematic of a typical mass spectrometer.

Section 3.4.1 presents some types of ion sources. Section 3.4.2 presents some types of
mass analyzers. Section 3.4.3 presents some types of mass detectors.

3.4.1 Ion source

Ionization can be either hard or soft. Hard ionization usually fragments analytes, and soft
ionization usually does not fragment analytes. For example, electron-impact ionization
(EI), also known as electron ionization, is a hard ionization technique. Some popular soft
ionization techniques are fast atom bombardment (FAB), chemical ionization (CI), matrix-
assisted laser desorption/ionization (MALDI), and electrospray ionization (ESI). Among
these techniques, only MALDI and ESI can ionize large biomolecules without fragmenting
most of these biomolecules. ESI is currently the most popular ionization technique.

17



The working mechanism of ESI is the following.

1. By mixing water and volatile compounds, a solvent is prepared. By mixing this
solvent with sample molecules, a solution is prepared.

2. This solution is dispersed by an electrospray into aerosol.
3. This aerosol is subject to a strong electric field to produce charged droplets.
4. The solvent in these charged droplets evaporates. During this evaporation, each of

these droplets can undergo the subsequent Coulomb-fission cycle.
1. Due to this evaporation, one such droplet continuously decreases in size. How-

ever, the charge on this droplet remains constant.
2. The electrostatic repulsion of the same charge on this droplet becomes too high

compared with the surface tension that holds this droplet together.
3. This droplet explodes and then becomes multiple smaller droplets.
4. Each of these smaller droplets can recursively undergo another such Coulomb-

fission cycle.
5. The solvent is almost completely evaporated. Each of the sample molecules might

have one or more charges.

ESI has several advantages. For example, ESI can ionize a protein without denaturing
this protein, can analyze a dilute solution, and can ionize analytes in any polar solvent.
Most importantly, ESI can generate multiply charged ions. Thus, the m/z of a molecule
with high molecular weight can still be within the m/z detection range of a typical mass
spectrometer. Thus, ESI is currently the most commonly used ionization technique.

3.4.2 Mass analyzer

Every mass analyzer separates ions according to the m/z of each of these ions. m/z is the
mass-to-charge ratio measured in Da. Every mass analyzer is characterized by m/z range,
peak shape, mass resolution (resolution), and mass accuracy (accuracy).

If the m/z of an ion is within the m/z range of a mass analyzer, then the mass spectrom-
eter that uses this mass analyzer can detect this ion. Otherwise, this mass spectrometer
cannot detect this ion.

A peak is an elevation of intensities within a small interval of m/z in a mass spectrum.
As shown in Figure 3.6, a peak is usually bell-shaped.

Resolution is the ability to distinguish between two peaks respectively having two
slightly different values of m/z. The IUPAC definition of resolution and the resolving-
power definition of resolution coexist. Similarly, the IUPAC definition of resolving power
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78 FUNDAMENTALS OF MASS SPECTROMETRY

100%
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Figure 5.7 Figure showing the similarity between the two definitions of resolution, peak width
definition (�m/2 at x %) and valley definition (�m at 2x %). The full line curve corresponds to the
added intensities from two similar and symmetrical overlapping peaks, and the dotted subcurves
to the intensity from each peak (drawn from a figure in de Hoffmann and Stroobant (2002) with
permission)

Note that the percent valley definition depends upon two adjacent mass spectral peaks
of equal size and shape. This can sometimes be found within the isotopic envelope of a
single peptide, but rarely for two different peptides. The resolution is therefore commonly
calculated from a single peak. However, for the most common peak shapes occurring
in mass spectrometry, it is shown that for an isolated symmetrical peak recorded with
a system which is linear in the range between x % and 2x % levels of the peak, the
x % peak width definition is technically equivalent to the 2x % valley definition. This is
illustrated in Figure 5.7.

The spectrometers are often classified as being of low, middle, or high resolution,
depending on which mass spectra they are able to produce. Commonly, a resolution of
up to 2000 is denoted as low, and those over 20 000 as high, but these limits are not fixed
and they evolve as instruments evolve (typically shifting towards ever higher absolute
resolutions).

5.7.1 Isotopic resolution

The determination of isotopes is important in the interpretation of mass spectrograms,
as explained above. The resolution should therefore be high enough to recognize the
isotopes. For a peak of m/z, the resolution Rm must satisfy Rm ≥ m/z · z.

Example Suppose that we have an ion of m/z = 600, and that z can be up to three.
Then for z = 3 the distance between isotopic peaks is 1/3. For the peaks to be resolved at

Figure 3.6: Definitions of ∆M , the slight difference between the respective m/z of two
adjacent peaks [15]. The two dotted curves are two peaks. The full-line curve is produced
by adding the two peaks. In this figure, x%-peak-width ∆M = 2x%-valley ∆M = ∆m.

and the resolving-power definition of resolving power coexist. Let M be the m/z range of a
mass analyzer. let ∆M be the slight difference between the m/z of a peak and the m/z of
another peak. Let us suppose that these peaks are both produced by a mass spectrometer
that uses this mass analyzer. According to the IUPAC definition, resolution is defined as
M

∆M
, and resolving power is defined as ∆M [31]. According to the resolving-power defini-

tion, resolution is defined as ∆M , and resolving power is defined as M
∆M

. The ratio M
∆M

has
no unit, and the unit of ∆M is the unit of m/z. Thus, the unit of resolution or of resolving
power can indicate which of these two definitions is used. Similarly, the peak-width defi-
nition of ∆M and the valley definition of ∆M coexist. These two definitions of ∆M are
described in Figure 3.6. According to the peak-width definition, an x%-peak-width ∆M
is defined as the width of a peak measured at x% of the height of this peak. The overlap
between two bell-shaped peaks having the same shape but slightly different m/z values
produces a valley between these two bell-shaped peaks. Let us suppose that the minimum
height of the valley is x% of the height of these two bell-shaped peaks. According to the
valley definition, an x%-valley ∆M is the difference between the m/z values of these two
bell-shaped peaks.

Accuracy is the ability to produce a peak whose centroid m/z is near the theoretical
m/z of this peak. Let pO be the average m/z of the observed peak. Let pE be the theoretical
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m/z of the expected peak. Accuracy is defined as either |pO−pE |
pE

or |pO − pE|. Thus, the
unit of accuracy can indicate which of these two definitions of accuracy is used.

3.4.3 Mass detector

Every mass detector records the current-or-charge produced by an ion when this ion hits
or passes by a surface. The working mechanism of an electron-multiplier detector is as
follows: First, an incident ion can cause the ejection of some electrons. Then, each of these
ejected electrons can cause a new ejection of more electrons. Afterwards, this electron-
ejection amplification continues until a huge quantity of electrons produce a detectable
signal. The working mechanism of a Scintillator detector is as follows: First, an incident
ion can cause the emission of some electrons. Then, this emission of electrons can cause the
emission of light, Afterwards, this emission of light is detected. The working mechanism of
a Faraday-Cup detector is as follows: First, an incident ion collides with a metal, and this
collision can cause the ejection of secondary electrons. Then, this ejection can generate a
flow of electric current. Afterwards, this flow of electric current is detected. Almost every
mass detector amplifies the signal generated by an incident ion.

3.5 MS/MS

MS/MS is an analytical-chemistry technique that can fragment a biomolecule. This frag-
mentation can partially or fully reveal the chemical structure of this fragmented biomolecule.
MS/MS has two stages. MS1 is the first stage of MS/MS, and MS2 is the second stage
of MS/MS. MS2 is immediately after MS1. MS1 proceeds as follows: First, an ionization
source ionizes some sample molecules, and these ionized sample molecules are referred to
as precursor ions. Then, a mass analyzer separates these precursor ions based on the m/z
of these precursor ions. Finally, a mass detector detects the m/z of some of these separated
precursor ions. MS2 proceeds as follows: First, an ion filter selects some MS1-generated
precursor ions that are within a chosen m/z range. Next, some of these selected precursor
ions are fragmented. Then, some of these fragments become product ions. Afterwards,
a mass analyzer separates these product ions based on the m/z of these product ions.
Finally, a mass detector detects the m/z of some of these separated product ions. An MS1

spectrum is defined as the mass spectrum produced in MS1. An MS2 spectrum is defined as
the mass spectrum produced in MS2. MS1 spectrum, precursor spectrum, survey spectrum,
MS1 scan, precursor scan, and survey scan are all equivalent in meaning. MS2 spectrum,
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120 TANDEM MS OR MS/MS ANALYSIS

(HP)LC
MS separation

on masses
The peptide m/z value selected
for further analysis

A (virtual) MS spectrum

Fragmentation

An MS/MS spectrum

A new MS analysis

Figure 8.1 The principle for obtaining an MS/MS spectrum. Note that the MS spectrum does not
need to be constructed

For identification and characterization the MS/MS spectrum is compared to subse-
quences in a database, by using one of the approaches described in Chapter 10.

The peptide ion chosen for fragmentation is called the precursor ion or parent ion, and
the resulting fragment ions are likewise called product ions or daughter ions. Fragments
(or fragment parts) that are neutral are called neutral losses. Note that the presence of
these neutral fragments can only be inferred by observing the original fragment both with
and without the loss. The neutral fragments themselves cannot be seen directly due to the
lack of charge.

8.1 Peptide fragments
The peptides are mainly fragmented along the peptide backbone. Further fragmentation
may occur, changing the produced fragments into other fragment types. Since the first
mass analyzer selects ions that fall within a certain m/z range rather than a single m/z
value, multiple ions can be selected simultaneously. Each of these selected precursors will
yield fragments, of which those with sufficiently high abundances are shown as peaks in
the MS/MS spectrum.

The precursor can carry one or more charges, depending on the ionization source
and the peptide properties. When a singly charged precursor ion fragments, the single
charge will necessarily be located on only a single fragment ion, effectively hiding the
neutral sister fragment from the mass spectrometer. With multiply charged precursors,
the different charges are usually distributed across the product ions. One advantage with
multiply charged precursors is that instruments with lower maximum precursor m/z
values can be used. Multiply charged ions also tend to fragment easier, and, as explained
above, yield more fragment ions per fragmentation event.

The accepted nomenclature for the fragment ions is to denote each type by a letter.
The most important fragment types are described below; for a complete list see the
bibliographic notes.

Backbone fragments result from fragmentation along the peptide backbone. If a charge
is retained on the N-terminal fragment, the fragment ion is classified as a, b, or c,

Figure 3.7: A schematic of MS/MS [15]. Figure 3.9 is an example that shows peaks
produced by protein MS.

MS/MS spectrum, product spectrum, MS2 scan, MS/MS scan, and product scan are all
equivalent in meaning.

The distribution of the product ions generated by MS/MS depends on the fragmentation
method used for this MS/MS. Collision-induced dissociation (CID), also known as collision
activated dissociation (CAD), is the most popular fragmentation method. The mechanism
of CID is as follows: First, an electromagnetic field accelerates a precursor-ion AB. Next,
this precursor ion can collide with at least one neutral gaseous molecule M. Then, this
collision can cause this precursor ion to fragment. Afterwards, this precursor ion can
fragment into one product ion A and one uncharged molecule B. Finally, A can be detected.
The following chemical equation describes the mechanism of CID.

AB+ + M→ A+ + B + M

Even if no fragmentation method is used, precursors can still fragment if the energy in
these precursors is sufficiently high.

MS2 can break the backbone of a peptide to produce peptide fragments. Breakage
of the bond between alpha-carbon and carbonyl-carbon can generate either an a-ion or
an x-ion (Figure 3.8a). Breakage of the bond between carbonyl-carbon and nitrogen can
generate either a b-ion or a y-ion (Figure 3.8a). Breakage of the bond between nitrogen and
alpha-carbon can generate either a c-ion or a z-ion (Figure 3.8a). Only a positively charged
fragment containing the N-terminus of a precursor peptide can become an a-ion, a b-ion,
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multiple collision condition, by the primary fragment disso-
ciation leading to the secondary ion products (satellites) such
as internal fragments [176], amino acid-specific immonium
ions [177], neutral-loss a/b/y-ions (e.g., bn-NH3, bn-H2O,

etc.) [178, 179], and smaller member of b, a, and y-ion
series. All these ions provide peptide sequence information
directly and that is why they are called “direct sequence ion”
[180]. Figure 18 shows a typical example of the CID-MS/MS

(a) The notation for the major product ions.
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Scheme 2: A mechanism for the production of bn and yn ions.

or yn-ion. Thus, the propensity of the formation of bn or
yn ion is dependent on the relative proton affinities of the
N-terminal oxazolone and the C-terminal truncated pep-
tide/amino acid. The N-terminal oxazolone (bn-ion) can
undergo a neutral loss of carbon monoxide (CO) to form
an-ion. It has also been proposed that the N-terminal a, b-
fragments are terminated with five membered [182] (oxa-
zolone) ring, via rearrangement type reaction. Generally
the amide bonds N-terminal to proline and C-terminal to
Asp/Glu are more prone to fragmentation [183]. This is
because the tertiary amide nitrogen of the proline residue is
more basic and thus more likely to be protonated than other
backbone amide bonds due to the mobile proton mecha-
nism and thereby leading to enhanced peptide bond cleavage.
The acidic residues Asp/Glu provide “local” mobile proton,
which catalyzes the cleavage at the peptide bonds C-termi-
nal to these residues [183]. It should be noted that the dis-
sociation of the doubly or multiply charged peptide is more
advantageous compared to that of a singly protonated pep-
tide [58]. The population of more than one charge on the
peptide backbone results in more dissociation pathways by

mobile proton mechanism and thus produces more fragment
ions to provide much more sequence information compared
to that derived from the singly protonated peptide. Further-
more, the presence of more than one charge of similar pola-
rity can impart Coulomb repulsion in gas phase rendering
the precursor ion less stable and thereby further contributes
to more facile dissociation. In general the peptide fragmen-
tation is mostly influenced by the charge (e.g., protons), and
thereby the fragmentation is called “charge directed frag-
mentation” [159, 161].

However, this conventional knowledge of fragmentation
pathways and rules cannot reasonably explain many ano-
malous fragmentations because it is often the case [157, 184–
187] that abundant fragment ions appear in the MS/MS
spectra of peptides that do not belong to the above-discussed
direct sequence ion series. These fragments are formed in
complex rearrangements and are termed as “nondirect sequ-
ence ions” [180]. The nondirect sequence ions discovered so
far include scrambled fragments of the b/a type ions, which is
equivalent to the loss of amino acid residue from the interior

(b) How b-ions and y-ions are formed.

Figure 3.8: Peptide fragmentation in MS2 [4].
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or a c-ion. Only a positively charged fragment containing the C-terminus of a precursor
peptide can become an x-ion, a y-ion, or a z-ion. Sufficiently high collision energy in CID
can even fragment the side chain of a residue. Then, this fragmentation can generate some
product ions that are not shown in Figure 3.8a. However, CID generates mostly b-ions
and y-ions.

3.6 Preprocessing of mass spectra

In a mass spectra, the ion intensity at a precise m/z is the strength of the signal that is
generated by some ions having this m/z. This strength is often the number of such ions
that are detected. A peak is defined as the ion intensities within a small interval of m/z
in a mass spectrum. Presumably, some physically and chemically identical ions generate
most of the ion intensities in this peak.

A peak is not always bell-shaped. The intensity of a peak is the sum of all intensities in
this peak. The centroid of a peak is characterized by a combination of the representative
m/z of this peak and the intensity of this peak. A centroid C of a peak is mathematically
defined in Equation (3.1) [42].

C
def
=


∑
a<r<b

y(r)·r∑
a<r<b

y(r)
,
∑
a<r<b

y(r)

 (3.1)

where r is m/z, y(r) is the ion intensity at r,
∑

a<r<b y(r) is the intensity of this peak, a is
the lower m/z border of this peak, and where b is the upper m/z border of this peak. [42]
presents several procedures for determining both a and b. Centroiding is defined as the
process of replacing a peak by the centroid of this peak. Centroiding transforms a peak
into one ion intensity at one m/z. Thus, centroiding reduces, in a mass spectrum, the
number of pairs of m/z and ion intensity. Thus, centroiding compresses a mass spectrum
although this compression is lossy. Moreover, centroiding partially removes the noise in a
mass spectrum. Thus, centroiding facilitates the analysis of a mass spectrum.

Isotopes are defined as atoms having the same number of protons but different number
of neutrons. Thus, isotopes have the same chemical properties but different masses. The
mass difference between any two isotopes of a chemical element is a multiple of the mass
of a neutron, and the mass of a neutron is approximately 1.009Da. Almost every atom
has multiple isotopes. Isotopic molecules have the same structural formula but pairwise
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different masses. This mass difference exists because at least one atom position in this
structural formula has isotopes. Isotopes can also refer to isotopic molecules. Thus, all
isotopes of every molecule pairwise differ in molecular weight. Each of these pairwise
differences is approximately a multiple of 1.009Da.

The mass of a molecule is the sum of the respective masses of the individually distin-
guishable atoms that collectively constitute this molecule. The monoisotopic mass of an
atom is defined as the mass of the most abundant isotope of this atom. Nominal mass is
defined as the monoisotopic mass rounded to the nearest integer. The average mass of an
atom is defined as the average of the respective masses of all isotopes of this atom such
that this average is weighted by the natural abundance of each of these isotopes. Table 3.2
shows the respective monoisotopic masses of the commonly observed amino-acid residues
and the respective average masses of these residues.

In every mass spectrum, the charge state (z) of a peak is defined as the charge of the
ion that generated this peak. Let us suppose that two ions have the same z and differ by
a mass difference of ∆m. Then, in every mass spectrum, the respective m/z of the peaks
respectively generated by these two ions differ by ∆m

z
. Thus, n isotopes having the same

z and ordered by mass can respectively generate n isotopic peaks ordered by m/z. Every
two consecutive peaks in these isotopic peaks differ by approximately 1.009

z
in m/z. The

charge-state determination of some isotopic peaks is defined as the process of inferring the
z of these peaks. Deisotoping of some isotopic peaks is defined as the process of converting
these peaks into one representative peak. The mass in the m/z of this representative peak
is usually the monoisotopic mass of the ions that respectively generated these isotopic
peaks. The z of this representative peak is the common z of these isotopic peaks.

Let A1 and A2 be two chemically and physically identical molecules. The following can
happen: A1 gains one positive charge to become A+

1 , and A2 gains two positive charges to
become A++

2 . Let m1 the m/z of the peak generated by A+
1 , and let m2 the m/z of the peak

generated by A++
2 Then, m1 + 1.007 ≈ 2 ·m2. In general, some chemically and physically

identical molecules can form different ions during ionization. Then, these different ions
generate different peaks having pairwise different m/z. Deconvolution is defined as the
process of converting these different peaks into one peak by assuming the following: after
ionization, each sample molecule can only gain exactly one proton (electron) instead of
being able to gain multiple protons (electrons).

During fragmentation in MS2, an ion might lose part of this ion such that the z of this
ion remains unchanged. This lost part is usually a small molecule, such as H2O or NH3.
Such loss is referred to as neutral loss.

The mass of a proton is approximately 1.007Da. The mass of a neutron is approxi-
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Residue
3-

letter
code

1-
letter
code

Mono-
isotopic
mass

Average
mass Structure

Alanine
C3H5NO Ala A 71.037114 71.0779

Arginine
C6H12N4O Arg R 156.101111 156.1857

Asparagine
C4H6N2O2

Asn N 114.042927 114.1026

Aspartic
acid
C4H5NO3

Asp D 115.026943 115.0874

Asn or Asp Asx B    

Cysteine
C3H5NOS Cys C 103.009185 103.1429

Glutamic
acid
C5H7NO3

Glu E 129.042593 129.114

Glutamine
C5H8N2O2

Gln Q 128.058578 128.1292

Glu or Gln Glx Z    

Glycine
C2H3NO Gly G 57.021464 57.0513

Histidine
C6H7N3O His H 137.058912 137.1393

Isoleucine
C6H11NO Ile I 113.084064 113.1576

Residue
3-

letter
code

1-
letter
code

Mono-
isotopic
mass

Average
mass Structure

Leucine
C6H11NO Leu L 113.084064 113.1576

Lysine
C6H12N2O Lys K 128.094963 128.1723

Methionine
C5H9NOS Met M 131.040485 131.1961

Phenylalanine
C9H9NO Phe F 147.068414 147.1739

Proline
C5H7NO Pro P 97.052764 97.1152

Serine
C3H5NO2

Ser S 87.032028 87.0773

Threonine
C4H7NO2

Thr T 101.047679 101.1039

Selenocysteine
C3H5NOSe SeC U 150.95363 150.0379

Tryptophan
C11H10N2O Trp W 186.079313 186.2099

Tyrosine
C9H9NO2

Tyr Y 163.06332 163.1733

Unknown Xaa X    

Valine
C5H9NO Val V 99.068414 99.1311

Table 3.2: Some properties of the commonly observed amino acids [1].
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mately 1.009Da. Let C be any collection of chemically identical molecules. Let m be the
monoisotopic mass, in Da, of C. Let us suppose that each isotope of C gains one proton
to become a cation. Then, an approximate m/z of the peak generated by this cation is in
the following set:

{ . . . , 1.007 +m− 2×1.009, 1.007 +m− 1×1.009,
1.007 +m,

1.007 +m+ 1×1.009, 1.007 +m+ 2×1.009, . . . }

where these different m/z correspond to different isotopes. Let us suppose that the most
naturally abundant isotope of C forms some pairwise different cations. Then, an approxi-
mate m/z of the peak generated by any of these cations is in the following set:

{m+ 1×1.007

1
,
m+ 2×1.007

2
,
m+ 3×1.007

3
, . . .}

where these different m/z correspond to different charge states (z). Let M be the set that
contains only the respective masses of all isotopes of C. Then, for each m′ ∈ M , there
exists an integer n such that m′ ≈ m + n×1.009. Let Z be the set that contains only the
respective z of all cations formed by C. Then, Z ⊂ {1, 2, 3, . . . }, and the numbers in Z are
consecutive because ionization efficiency as a function of z is bell-shaped. Thus, for each
isotope of C and for each cation formed by this isotope, the m/z of the peak formed by
this cation is in the following set.⋃

m′ ∈M

( ⋃
z′ ∈ Z

(
m′ + 1.007 · z′

z′
)
)

Both M and Z can be observed in a mass spectrum.

The combination of deconvolution and deisotoping converts all peaks generated by C
into one single peak. This single peak is presumably generated by the addition of one
proton to the most naturally abundant isotope of C.

3.7 Peptide-spectrum match (PSM)

In an MS2 spectrum, the respective masses of some product ions formed by a peptide M
can be estimated by the following procedure:

1. Determine the mass offset ∆m that is specific to the product ion formed by M.
As shown in Figure 3.8b, Both y-ion and b-ion are mostly composed of residues
chained together by peptide bonds, y-ion possesses one extra H2O and one extra
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hydrogen atom (H), and b-ion possesses one extra H. Thus, ∆m ≈ 19.018 for y-ion
and ∆m ≈ 1.008 for b-ion.

2. Determine the direction in which the residues of M are processed. This direction is
from N-terminus to C-terminus for a-ion, b-ion, and c-ion. This direction is from
C-terminus to N-terminus for x-ion, y-ion, and z-ion.

3. Iterate through the residues of M. In each iteration, let Σm be the sum of the
respective masses of all residues which are iterated. Add ∆m + Σm to the output
list of the respective masses of these product ion formed by M.

Figure 3.9 shows an example of the application of such a procedure. Such a procedure can
be used for calculating a PSM score. The PSM between a peptide and a mass spectrum
implies that this peptide is likely to have generated some signals in this mass spectrum.
Thus, PSM can be used for identifying the peptide that generated some signals in a given
mass spectrum.

De novo sequencing derives information about the sequence of a presumably novel pep-
tide. This sequence presumably has never been discovered before this de novo sequencing.
Database search derives information about the sequence of a peptide such that this se-
quence can be extracted from a database. Usually, this peptide can be generated by the
proteolysis of at least one protein found in this database. This proteolysis is usually cat-
alyzed by a given protease. De novo sequencing explores more peptide sequences than
database search. Thus, de novo sequencing is more error-prone than database search.
Some commonly used database-search software packages are Mascot [9], PEAKS DB [47],
Sequest [16], MS-GFDB [22], X!Tandem [10], and OMSSA [18].

Post-translational modification (PTM) is any in vivo covalent modification to a protein
after this protein has been synthesized. PTM is presented in more detail in [33, Chapter 20].
Almost every PTM can be detected in a mass spectrum as a mass shift. Thus, MS can often
identify and sometimes quantitate a PTM. FPOP usually shifts the mass of a biomolecule
by +15.99Da (Table 3.1). However, FPOP is not in vivo. Thus, FPOP does not generate
any PTM.

3.8 Mass spectrometry (MS) protocols

Figure 3.10 shows some workflows of protein MS. Figure 3.11 is an schematic of a typical
RP-MS experiment. RP-MS is commonly used for studying protein-folding dynamics.
Unfortunately, the spatial resolution of RP-MS is only at peptide level. This peptide level
is an intrinsic characteristic of proteolysis. Fortunately, by using a variant of the standard
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Peptide Fragmentation –
interpretation of tandem MS/MS spectra

Peptide: S-G-F-L-E-E-D-E-L-K
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Figure 3.9: An interpretation of an MS2 spectrum by PSM. The peptide SGFLEEDELK

generated this MS2 spectrum. The peak at the m/z of 583.5 is the doubly charged precursor
of SGFLEEDELK. (Upper left) The theoretical molecular weight (MW) in Da, the notation,
and the sequence, of each b-ion of SGFLEEDELK and of each y-ion of SGFLEEDELK. (Upper
right) An uninterpreted MS2 spectrum generated by SGFLEEDELK. (Lower left) For some
high-intensity peaks, the m/z of this peak matches the theoretical MW of an y-ion of
SGFLEEDELK. (Lower right) For some high-intensity peaks, the m/z of this peak matches
the theoretical MW of a b-ion of SGFLEEDELK.
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RP-MS, we can improve the spatial resolution of RP-MS to subpeptide level. Chapter 4
presents this improvement.
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The following is the workflow of LC-MS/MS for an investigated protein:
1 A protease, such as trypsin, cleaves the investigated protein into peptides.
2 HPLC elutes these peptides. Each of these peptides exits the HPLC column at the

RT of this peptide in this column.
3 While HPLC is eluting, the mass spectrometer repeats the following procedure.

1 The inlet of the mass spectrometer extracts the eluted peptides from the exit
of the HPLC column.

2 The ion source of the mass spectrometer ionizes these extracted peptides by
using a soft ionization technique, such as ESI. Ionized peptides can be referred
to as precursors.

3 The mass analyzer of the mass spectrometer separates these precursors based
on the respective m/z of these precursors.

4 If the conditions for MS1 are satisfied, then the mass detector of the mass
spectrometer measures the m/z-and-intensity of each of these precursors to
produce a raw MS1 spectrum.

5 Otherwise, if the conditions for MS2 are satisfied, then the mass spectrometer
proceeds as follows:

1 The mass analyzer selects these separated precursors such that the respec-
tive m/z of these selected precursors are within a given range.

2 The mass analyzer uses a method, such as CID, to fragment these selected
precursors. Some of these fragments respectively become product ions.

3 The mass detector measures the m/z-and-intensity of each of these product
ions to produce a raw MS2 spectrum.

6 The computer stores this raw MS1-or-MS2 spectrum.
4 Optionally, a software application preprocesses the raw mass spectra.
5 A human expert or a software application interprets such raw-or-preprocessed mass

spectra.

The following is the workflow of bottom-up proteomics:
1. A protein mixture is prepared from cells or tissues.
2. Proteins of interest are extracted from this protein mixture using a conventional

molecular-biology technique, such as 1D gel electrophoresis.
3. LC-MS/MS is performed on these proteins of interest.

The following is the workflow of RP-MS for an investigated protein:
1. FPOP is performed on the investigated protein. FPOP is described in Figure 3.1.
2. LC-MS/MS is performed on the protein modified by FPOP.

Figure 3.10: Some workflows of protein MS.
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Figure 3.11: A schematic of RP-MS [2]. More details are presented in Figure 3.10.
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Chapter 4

Quantitating mono-oxidation at
subpeptide level
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Our algorithm quantitates mono-oxidation at subpeptide level on a dataset produced by targeted

LC-MS/MS. This quantitation can improve the spatial resolution at which protein folding is studied

with radical-probe mass spectrometry (RP-MS).

Figure 4.1: The graphical abstract of Chapter 4 (hypothetical data used as example).
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Section 4.1 presents our motivation, which is to improve the spatial resolution at which
protein folding is studied with RP-MS. Section 4.2 presents related works in the literature.
Section 4.3 presents an MS/MS dataset produced by a variant of RP-MS. The MS/MS
dataset is mainly produced by six runs of targeted MS/MS respectively analyzing six
mono-oxidized tryptic peptides. Section 4.4 presents our algorithm. Our algorithm takes
as input the data produced by a run of targeted MS/MS, and our algorithm quantitates
the oxidation on a subpeptide of the peptide analyzed by this run. Section 4.5 presents the
results of running our algorithm on the MS/MS dataset. These results are collectively con-
sistent with some previously published oxidation rates. Section 4.6 presents the discussion
about our work.

4.1 Motivation

Quantitating oxidation at peptide level means quantitating the extent of oxidation on a
proteolyzed peptide. Quantitating oxidation at subpeptide level means quantitating the
extent of oxidation on a short peptide that is part of a proteolyzed peptide. Quantitating
oxidation at residue level means quantitating the extent of oxidation on one single residue
of a proteolyzed peptide.

We proposed an algorithm for quantitating, at subpeptide level, the mono-oxidation
produced by fast photochemical oxidation of protein (FPOP) and detected by targeted
LC-MS/MS. Our algorithm can improve the spatial resolution of RP-MS. The spatial
resolution of RP-MS is the granularity level at which RP-MS is used for studying protein
folding. Moreover, our work is an important step towards quantitation of oxidation at
residue level.

4.2 Related works

In 1999, Maleknia et al. [29] used Synchrotron X-rays to generate hydroxyl radical (HO·)
within 10 milliseconds. In the same year, they used electrical discharge to oxidize proteins
that are introduced into a mass spectrometer. Since then, many analytical methods for
generating HO· have been developed. Unfortunately, these methods suffer from the uncer-
tainty that HO· can partially denature an investigated protein. Moreover, these methods
cannot efficiently control the extent of HO·-mediated modification to an investigated pro-
tein.
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>1WLA:A|PDBID|CHAIN|SEQUENCE

GLSDGEWQQVLNVWGK VEADIAGHGQEVLIR LFTGHPETLEK FDK

FKHLK TEAEMK ASEDLK K HGTVVLTALGGILK K K GHHEAELKPLAQSHATKHK

IPIKYLEFISDAIIHVLHSK HPGDFGADAQGAMTK ALELFR NDIAAK YK ELGFQG

Figure 4.2: The FASTA sequence of apomyoglobin (PDB 1WLA:A). Each word denotes a
tryptic peptide. All tryptic peptides are analyzed in one run of MS1. However, only the
six underlined tryptic peptides are analyzed in six runs of targeted MS2 respectively.

In 2005, Hambly and Gross [20] developed FPOP. FPOP reduces the chemical effect
of HO· to less than 1 microsecond. Moreover, FPOP limits the extent of HO·-mediated
modifications by using a radical scavenger, such as glutamine. Since then, FPOP has
been extensively used for RP-MS. Unfortunately, RP-MS has only been used to quantitate
oxidation at peptide level. Different amino acids respectively have hugely different rates of
reaction with HO· (Table 3.1). Thus, if the rate of such reaction of an amino-acid residue
is negligible, then this residue is often assumed to be always unoxidized.

Some methods were proposed to quantitate oxidation at subpeptide level. In 2012,
Chen et al. [8] used MS2 spectra to map some peaks in MS1 spectra to some oxidized
residues, then they used this mapping to quantitate the oxidation on each of some selected
residues of Barstar. Unfortunately, this mapping requires considerable human effort, and
this quantitation requires a high-resolution mass spectrometer. Moreover, this mapping is
often compromised by the overlap between the respective retention times (RTs) of differ-
ently oxidized isobaric peptides. In 2013, Li et al. [26] used c-ion intensities to quantitate,
with some errors, oxidation at subpeptide level. Unfortunately, Li et al. [26] did not discuss
the correction of these errors and investigated only two real peptides.

4.3 The MS/MS dataset

The MS/MS dataset is produced by an RP-MS experiment. This experiment was con-
ducted by Siavash Vahidi and Professor Lars Konermann. This experiment was similar
to the other experiment described in [43]. This experiment proceeded as follows: First,
a solution with pH=2 is prepared, containing denatured apomyoglobin (PDB 1WLA:A).
Next, FPOP oxidized most of this denatured apomyoglobin, although most tryptic pep-
tides of apomyoglobin remain unoxidized. Then, trypsin cleaved oxidized apomyoglobin
into tryptic peptides. Each of these tryptic peptides was either oxidized or unoxidized. Af-
terwards, one run of LC-MS analyzed these tryptic peptides to produce a sequence of MS1
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Sequence of both For precursor ions of P ′ For precursor ions of P
P ′ and P RT in min z m/z peak-area RT in min z m/z peak-area

GLSDGEWQQVLNVWGK [49.0, 62.0] 3 611.30 12377 [59.0, 64.0] 3 605.97 17390
VEADIAGHGQEVLIR [28.3, 40.3] 3 541.62 29232 [34.0, 83.0] 3 536.29 249193
LFTGHPETLEK [22.5, 34.0] 3 429.89 24164 [28.5, 37.0] 3 424.56 123514
TEAEMK [0.0, 7.0] 2 362.66 4545 [10.0, 14.8] 2 354.67 14512
HPGDFGADAQGAMTK [19.5, 27.0] 3 506.89 20141 [26.7, 33.3] 3 501.56 6005
ELGFQG [21.0, 34.0] 1 666.31 9365 [31.9, 37.9] 1 650.32 81906

Table 4.1: A summary of the MS1 spectra in the MS/MS dataset. The m/z window that
is used for constructing extracted-ion chromatograms (XICs) and thus peak-areas is the
m/z of the precursor ion ±0.1Da. The peak-area of all multiply-oxidized (e.g. di-oxidized,
tri-oxidized) peptides is at most 10% of the peak-area of the corresponding mono-oxidized
peptide (data not shown). P is a chemical species of unoxidized peptides. P ′ is a chemical
superspecies of mono-oxidized peptides that are chemically identical up to mono-oxidation-
induced structural isomerism.

spectra. Finally, six runs of targeted LC-MS/MS respectively analyzed six mono-oxidized
tryptic peptides among these peptides. Each of these six runs produced a sequence of
MS2 spectra. Figure 4.2 shows the sequence of apomyoglobin and the six mono-oxidized
tryptic peptides. The FPOP presumably used a finely tuned quantity of radical scavengers
to control oxidation extents. Thus, the sequence of MS1 spectra shows that a tryptic
peptide of apomyoglobin is rarely oxidized more than once. Thus, any tryptic peptide
of apomyoglobin is assumed to be either unoxidized or mono-oxidized after the FPOP.
We manually verified, by visual inspection, that the mass spectrometer that produced
the MS/MS dataset has a mass accuracy of ±0.1Da. Peptides having the same sequence
respectively generate precursor ions having the same charge state (Table 4.1).

In this section, P is defined as a chemical species of unoxidized peptides, and P ′ is
defined as a chemical superspecies of mono-oxidized peptides that are chemically identical
up to structural isomerism, where this isomerism is only due to the fact that any site on any
residue can be mono-oxidized. Peak-area is a function that outputs the area under the curve
of an XIC; let M be a class of molecules, let r be a set of mass spectra generated by one run
of LC-MS or of LC-MS/MS; then, peak-area(M, r)

def
=
∑

s∈r XIC(M, s), so peak-area(M, r)
represents the total absolute quantity of M detected in r.
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3D chromatogram constructed from a run of LC−MS 
      that analyzes the mono−oxidized forms and unoxidized form of a peptide
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Relative frequency of oxidation is estimated to be P' ÷ (P'+P)

Figure 4.3: A schematic of MS1-based quantitation of oxidation at peptide level. A hypo-
thetical run is used as example. The mono-oxidized forms can be chemically different and
thus can be eluted at different RT ranges respectively.

4.4 Methods

In brief, our algorithm proceeds as follows: First, oxidation at peptide level is quantitated
by using MS1 spectra. Next, oxidation at subpeptide level is quantitated by using MS2

spectra. Then, random errors in the quantitation of oxidation at subpeptide level are es-
timated by our empirical formula presented in Chapter 5, Afterwards, every quantitated
oxidation at subpeptide level is processed to be nonnegative, because the unprocessed quan-
titated oxidation at subpeptide level can be negative due to the errors in such quantitation.
Finally, by using both quantitation of oxidation at subpeptide level and quantitation of
oxidation at peptide level, our algorithm quantitates oxidation at subpeptide level for mul-
tiple peptides in a protein. The input mass spectra were preprocessed by PEAKS 6 [27]
before being used by our algorithm.

Every y-ion is indexed from C-terminus to N-terminus, but every residue is indexed
from N-terminus to C-terminus (Figure 3.9).

Before quantitating oxidation at subpeptide level, we have to quantitate oxidation at
peptide level. In MS1 spectra, the fraction of the peak-area of mono-oxidized peptide over
the peak-area of both mono-oxidized or unoxidized peptide denotes the relative frequency
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that this peptide is oxidized after FPOP. Thus, this peak-area fraction is used for quan-
titating oxidation at peptide level. Figure 4.3 shows how MS1 enables the quantitation of
oxidation at peptide level.

In the LC-MS/MS experiment, the instrument is programmed to target a mono-oxidized
peptide P ′. When P ′ is eluted from liquid chromatography (LC) column, P ′ is contin-
uously acquired by the mass spectrometer and fragmented. The product ions of P ′ are
detected to produce an MS2 spectrum. As a result, a sequence of MS2 spectra are pro-
duced. For any index i, we use yi to denote the unoxidized yi ion and y′i to denote the
mono-oxidized yi ion. The peak-area of yi or y′i is the total intensities of the corresponding
ion in the sequence of MS2 spectra, and is denoted by yi or y′i, respectively. Thus, φi,
the fraction of yi ions that are mono-oxidized, can be estimated by the following formula.

φi :=
y′i

yi + y′i
.

Because of the stochastic nature of every run of mass spectrometry and of the algorith-
mic artifact in the calculation of peak-area, random error exists in the observation of φi.
One run of mass spectrometry cannot empirically assess any random error. Fortunately,
Chapter 5 provides an empirical formula that estimates the following: the random error
in a peak-area fraction given that this fraction is measured in only one run of mass spec-
trometry. Thus, we applied our empirical formula to φi, because φi is a peak-area fraction.
The substitution of φi into our empirical formula implies that

Φi
app∼N

(
E[Φi],

yi · y′i
(yi + y′i)

3

)
, (4.1)

where φi is one realization, or equivalently one observed value, of the hidden random
variable Φi. Φi denotes the hidden stochastic process that generated φi with random error.
φi is trivially an estimate of E[Φi]. Thus, let Ê[Φi] be defined as φi.

The quantity of every y-ion should be proportional to the quantity of the peptides that
can generate this y-ion. Thus, y′i should be proportional to the quantity of mono-oxidized
peptides whose mono-oxidation site is before or at the y-ion index i. Similarly, yi should
be proportional to the quantity of mono-oxidized peptides whose mono-oxidation site is
after the y-ion index i. Thus, by definition, Ê[Φi] denotes the relative frequency that the

oxidation site on P ′ is before or at the y-ion index i. Thus, Ê[Φi] − Ê[Φi−1] denotes the
relative frequency that the oxidation site on P ′ is at the y-ion index i.

Relative frequency cannot be negative. Thus, for every applicable i, Ê[Φi] − Ê[Φi−1]

should be positive. Equivalently, Ê[Φi] should monotonically increase as a function of i. For
example, this monotonicity almost holds for (VEADIAGHGQEVLIR)(+16) (Figure 4.4). This
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Figure 4.4: A mixture MS2 spectrum of VEADIAGHGQEVLIR in the MS/MS dataset. The
top annotation shows yi and the bottom annotation shows y′i. i denotes an y-ion index.
y denotes the unoxidized form of a y-ion. y′ denotes the mono-oxidized forms of a y-ion.
Both annotations annotate the same spectrum.

monotonicity is desired but not observed for some pairs of y-ion indexes. This monotonicity
can be invalidated by multiple causes. However, the most important cause among these
causes seems to be the stochastic nature of Φi that generated φi. This stochastic nature
causes random error in the observation of φi. An estimation of this random error is provided
by Equation (4.1). Then, by considering this random error, Line 15 of Algorithm 1 enforces
this monotonicity.

The z-score of an observation is defined as follows: the deviation of this observation
from the mean of this observation, divided by the standard deviation of this observation.
The standard deviation of Φi can be estimated by Equation (4.1). Thus, Equation (4.1)
can normalize observed deviations respectively to z-scores. Thus, the sum of the respective
squares of these z-scores monotonically decreases as a function of the likelihood of observing
these z-scores. This monotonic decrease leads to isotonic regression. Thus, the exact
formulation of our isotonic regression is as follows given the length n of the sequence of a
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peptide:

Minimize
n−1∑
i=1

(̂̂E[Φi]− Ê(Φi)√
v̂ar(Φi)

)2

(4.2)

such that ∀i ∈ {2, 3, . . . , n− 1} :
(

0 ≤ ̂̂E[Φi−1] ≤ ̂̂E[Φi] ≤ 1
)

(4.3)

where Ê(Φi) = φi =
y′i

yi + yi′
and v̂ar(Φi) =

yi + y′i
(yi · y′i)3

. (4.4)

Our isotonic regression is solved by using the linear-time pool-adjacent-violators algorithm
(PAVA) implemented by Turner [41].

The solution to our isotonic regression transforms each Ê[Φi] into its correspondinĝ̂E[Φi]. By definition of isotonic regression, ̂̂E[Φi] − ̂̂E[Φi−1] ≥ 0 for all valid y-ion indexes

i and i + 1. Thus, every ̂̂E[Φi] − ̂̂E[Φi−1] can denote a valid relative frequency. Thus,̂̂E[Φi] − ̂̂E[Φi−1] denotes the relative frequency of the following event: the residue located
at the y-ion index i of a peptide is mono-oxidized given that this peptide as a whole is
mono-oxidized. The random error in each Ê[Φi] is estimated to be approximately

√
v̂ar[Φi],

and Ê[Φi] ≈ ̂̂E[Φi]. Thus, the random error in ̂̂E[Φi] is also estimated to be approximately√
v̂ar[Φi]. Thus, if Φi and Φi−1 are independent, then the random error in Ê[Φi − Φi−1]

is estimated to be approximately
√

v̂ar[Φi] + v̂ar[Φi−1]. Thus, the random error in the

observed ̂̂E[Φi]− ̂̂E[Φi−1] is estimated to be approximately
√

v̂ar[Φi] + v̂ar[Φi−1].

We can quantitate both the mono-oxidation on each peptide and the mono-oxidation
on each residue of a mono-oxidized peptide. Thus, we can quantitate the mono-oxidation
on each residue. Line 15 of Algorithm 1 (page 41) calculates mono-oxidation at residue
level by using this quantitation. Afterwards, the relative frequency that each residue is
mono-oxidized is estimated. Finally, the random error in this relative frequency is estimated
as well.

Some errors exist in our MS1-based quantitation of oxidation at peptide level. However,
a peptide can be divided into multiple subpeptides. Thus, the extent of oxidation on each
of these subpeptide is only a small difference between two peak-area fractions. Thus,
quantitation of oxidation at subpeptide level has more error than quantitation of oxidation
at peptide level. Moreover, the intensity of a product ion is usually much lower than the
intensity of the precursor ion that formed this product ion. Thus, MS2-based quantitation
of oxidation has more error than MS1-based quantitation of oxidation. We used both such
MS2-based quantitation at subpeptide level and such MS1-based quantitation at peptide
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level. Therefore, we ignored error in such MS1-based quantitation because such MS2-based
quantitation has much more error.

As mentioned in Section 3.6, preprocessing of mass spectra is important. Examples
of such preprocessing are baseline removal, centroiding, deconvolution, and deisotoping.
Thus, before applying any aforementioned procedure, we performed the following: First, we
manually determined the charge state of every applicable precursor. Then, we performed a
moving average with a window of 20s along RT for the MS2 spectra in the MS/MS dataset.
Finally, we let the software PEAKS 6 [27] preprocess these MS2 spectra.

4.5 Results on the MS/MS dataset

Algorithm 1 generated Figure 4.5 from the MS/MS dataset which is described in Sec-
tion 4.3. As mentioned in Section 4.4, the expected pattern is that Φi does not substantially
decrease as the y-ion index i increases. Figure 4.5 shows the following: The mono-oxidized
forms of GLSDGEWQQVLNVWGK show the expected pattern at all y-ion indexes without any
exception. The mono-oxidized forms of VEADIAGHGQEVLIR show the expected pattern at
all y-ion indexes except from i = 9 to i = 10. The mono-oxidized forms of LFTGHPETLEK

show the expected pattern at all y-ion indexes except from i = 5 to i = 6 and from i = 8
to i = 9. The mono-oxidized forms of TEAEMK show the expected pattern at all y-ion
indexes except from i = 2 to i = 3 and from i = 4 to i = 5. The mono-oxidized forms
of HPGDFGADAQGAMTK show the expected pattern at all y-ion indexes except from i = 5 to
i = 6. The mono-oxidized forms of ELGFQG show the expected pattern at all y-ion indexes
without any exception.

The native reactivity of a free amino acid with HO· is positively correlated with the per-
centage of mono-oxidation on this residue. Unfortunately, this correlation is weak mainly
because of the following: the reaction of a residue with HO· can cause a mass shift other
than +15.99Da to this residue (Table 3.1), so this reaction does not always generate a
mono-oxidized peptide. In a protein, the reactivity of a residue may depend on adjacent
residues.

The five residues that are top-listed in Table 3.1 are most reactive with HO·. Thus,
these five residues are investigated in Figure 4.5.

� Cysteine (C) is not in any of the six investigated peptides.
� Tryptophan (W) appears twice in GLSDGEWQQVLNVWGK. GLSDGEWQQV and W are the two

subtryptic regions that have the majority of the oxidation on GLSDGEWQQVLNVWGK.
As expected, GLSDGEWQQV and W both contain W. However, GLSDGEWQQV is too long.
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Algorithm 1 quantitate-oxidation-at-subpeptide-level(P ,P ′, r′, r′′)

Input: P is a chemical species of unoxidized peptides. P ′ is a chemical superspecies of
mono-oxidized peptides. Both P and P ′ have the same sequence and P ′ is heavier
than P by approximately 15.99Da. A sample contains both P and P ′. A run of
LC-MS surveyed this entire sample to produce a sequence r′ of MS1 spectra. A run of
LC-MS/MS targeted only P ′ in this sample to produce a sequence r′′ of MS2 spectra.

Output: The estimated relative frequency that a y-ion is oxidized as a function of the
index of this y-ion, such as Figure 4.5, and the estimated relative frequency that a
residue is oxidized as a function of this residue, such as Figure 4.6.

1: P̂r[P → P ′]
def
=

peak-area(P ′, r′)

peak-area(P ′, r′) + peak-area(P , r′)
. quantitate mono-oxidation at peptide level by using information in MS1

2: Smooth r′′ by a moving average of 20 MS2 spectra that are consecutive along RT.
. Numbers other than 20 yield similar results.

3: Preprocess smoothed r′′ using PEAKS 6 [27].

4: n
def
= the length of the sequence of P or equivalently of P ′.

5: for i ∈ {1, 2, . . . , n−1} do

6: yi
def
= peak-area(yi(P

′), r′′) + i

7: y′i
def
= peak-area(y′i(P

′), r′′) + (n− i)

8: (Ê[Φi], v̂ar[Φi])
def
=

(
y′i

yi + y′i
,

yi · y′i
(yi + y′i)

3

)
. Equation (5.15)

9: end for
10: Plot Ê[Φi]±

√
v̂ar[Φi] as a function of i, and this plot is in Figure 4.5.

11: (̂̂E[Φ1], ̂̂E[Φ2], . . . , ̂̂E[Φn−1]) := arg min
(φ1,φ2,...,φn−1)∈[0,1]n−1

such that φ1≤φ2≤···≤φn−1

n−1∑
i=1

(
φi − Ê(Φi)√

v̂ar(Φi)

)2


. Perform isotonic regression of Ê[Φi] versus i where each Ê[Φi] has weight (v̂ar[Φi])
−1

. The PAVA implemented by Turner [41] is used for solving our isotonic regression.

12: ((Ê[Φ0], v̂ar[Φ0]), (Ê[Φn], v̂ar[Φn])) :=((0, 0), (1, 0)) . Oxidation before 0 and n
13: for i ∈ {1, 2, . . . , n} do

14:

(̂̂E[Φi − Φi−1], ̂̂var[Φi − Φi−1]
)

def
=
(̂̂E[Φi]− ̂̂E[Φi−1], v̂ar[Φi] + v̂ar[Φi−1]

)
15: P̂r[P n+1−i → P ′n+1−i]

app∼ P̂r[P → P ′] · N
(̂̂E[Φi − Φi−1], ̂̂var[Φi − Φi−1]

)
16: end for
17: Plot P̂r[P k → P ′k] as a function of the residue at index k of P or equivalently of P ′,

and this plot is in Figure 4.6.

41



1 2 3 4 5 6 7 8 9 10 12 14

0.
0

0.
2

0.
4

0.
6

0.
8

1.
0

● ●

●

●
● ●

●

●

●
●

●

●

●

●

●

Tryptic peptide GLSDGEWQQVLNVWGK

1 2 3 4 5 6 7 8 9 10 11 12 13 14

0.
0

0.
2

0.
4

0.
6

0.
8

1.
0

●

●

●

●
●

●

● ●

●

●

●
●

●
●

Tryptic peptide VEADIAGHGQEVLIR

1 2 3 4 5 6 7 8 9 10

0.
0

0.
2

0.
4

0.
6

0.
8

1.
0

●

●
●

●
●

● ●
●

●

●

Tryptic peptide LFTGHPETLEK

1 2 3 4 5

0.
0

0.
2

0.
4

0.
6

0.
8

1.
0

●

●

●

●

●

Tryptic peptide TEAEMK

1 2 3 4 5 6 7 8 9 10 11 12 13 14

0.
0

0.
2

0.
4

0.
6

0.
8

1.
0

●

●

●
●

●

●

●

●

●

●
●

●

●
●

Tryptic peptide HPGDFGADAQGAMTK

1 2 3 4 5

0.
0

0.
2

0.
4

0.
6

0.
8

1.
0

●

●

● ●
●

Tryptic peptide ELGFQG

y-ion index (i)

Ê
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Figure 4.5: The estimated relative frequency that yi is mono-oxidized as a function of i.
Algorithm 1 generated this plot.
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Thus, the precise region of oxidation on GLSDGEWQQV cannot be determined. Thus, the
extent of oxidation on W that is part of GLSDGEWQQV cannot be accurately quantitated.
For GLSDGEWQQVLNVWGK, the increase in φi from i = 2 to i = 3 in Figure 4.5 is likely
to be caused by the high extent of oxidation on W. Thus, even if W is in a peptide,
other residues in this peptide cannot be excluded for quantitating oxidation.

� Tyrosine (Y) is not in any of the six investigated peptides.
� Methionine (M) appears once in TEAEMK and once in HPGDFGADAQGAMTK. MK is only a

small part of TEAEMK, but MK has approximately 98% of the oxidation on TEAEMK.
Similarly, AM is only a small part of HPGDFGADAQGAMTK, but AM has approximately
93% of the oxidation on HPGDFGADAQGAMTK. Moreover, Φi − Φi−1 ≈ 1 whenever i
corresponds to M. Thus, the oxidation on M is sufficiently high compared with other
residues. Thus, if one single M is in a peptide and other residues in the peptide
all have low reactivity with HO·, we can exclude other residues in this peptide for
quantitating oxidation.

� Phenylalanine (F) appears once in LFTGHPETLEK, once in HPGDFGADAQGAMTK, and once
in ELGFQG. FTGH has approximately 80% of the oxidation on LFTGHPETLEK and con-
tains F. In HPGDFGADAQGAMTK, the oxidation in the subtryptic region containing F is
characterized by huge statistical variation, Thus, we cannot accurately quantitate
oxidation near F in HPGDFGADAQGAMTK. F has approximately 25% of the oxidation on
ELGFQG; For LFTGHPETLEK, an obvious increase in Φi from i = 9 to i = 10 exists, and
10 is the y-ion index of F. However, for ELGFQG, no significant increase in Φi from
i = 2 to i = 3 exists, and 3 is the y-ion index of F in ELGFQG. Thus, even if F is in a
peptide, we cannot exclude other residues in this peptide for quantitating oxidation.

Figure 4.6 shows the relative frequency that a residue becomes mono-oxidized as a
function of its residue index. The respective second-order reaction rates of the 20 standard
amino acids with HO· are listed in Table 3.1.

Let us suppose that the 20 standard amino-acid residues are sorted in descending order
based on their relative frequencies. Then, M, W, and F are likely to be ranked first, second,
and third, respectively. Let us suppose that the 20 standard amino acids are sorted in
descending order based on their reaction rates. Then, M, W, and F are ranked second, forth,
and fifth, respectively. Thus, the observed high reactivity of these three residues with HO·
is consistent with their intrinsic high reactivity with HO·.

Let us suppose that the 20 standard amino acids are sorted in ascending order based
on their reaction rates. Then, G, N, D, A, and E are ranked first, second, third, forth, and
fifth respectively. Let us suppose that the 20 standard amino-acid residues are sorted in
ascending order based on their relative frequencies. Then, G, D, A, and E are all unlikely
to be mono-oxidized, and N is discarded because no observation is made for N. Thus, the
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Figure 4.6: The relative frequency that a residue is mono-oxidized as a function of the
position of this residue. Algorithm 1 generated this plot.
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observed low reactivity of these residues with HO· is consistent with their intrinsic low
reactivity with HO·.

We also attempted to use b-ions in addition to using y-ions. Unfortunately, the intensity
of a typical b-ion is usually not sufficiently high for quantitating oxidation at subpeptide
level. Thus, using b-ions yields worse results than using y-ions.

4.6 Discussion

Traditionally, RP-MS uses MS2 spectra to identify the residues that are oxidized. We used
MS2 spectra produced from targeted LC-MS/MS to attempt to quantitate mono-oxidation
on each residue. We were unable to quantitate the oxidation on every residue of a peptide.
However, we presented Algorithm 1 that can quantitate oxidation at subpeptide level. Our
algorithm is evaluated on the MS/MS dataset produced by a specially designed RP-MS ex-
periment. In this RP-MS experiment, ultraviolet laser irradiated denatured apomyoglobin
during FPOP, and then six runs of targeted MS/MS respectively analyzed six tryptic pep-
tides of apomyoglobin. The evaluation shows the following expected pattern: the estimated
oxidation extent before a y-ion index as a function of this y-ion index is monotonically in-
creasing in general. Moreover, the estimated relative frequency that a residue is oxidized
approximately matches the expected reactivity of this residue with HO· [28, 17]. Thus, the
relative frequency, which is estimated by our algorithm, is approximately correct. Thus,
the output produced by our algorithm is likely to be correct.

Many aspects of RP-MS are not investigated. First, the evaluation of our algorithm did
not consider the other experimental controls of FPOP. For example, these controls include
folded protein with irradiation by ultraviolet light and folded protein without irradiation.
Moreover, a run of targeted LC-MS/MS only covers one peptide, so multiple runs are
required to cover one entire protein. Furthermore, the oxidation site on a peptide should
affect the relative frequency that this peptide fragments at a given bond. Thus, almost
every peak-area fraction is a biased estimate of a relative frequency. This bias causes
systematic errors in quantitation of mono-oxidation at subpeptide level.

In the future, we will first evaluate our algorithm with different experimental controls,
then make the specially designed RP-MS experiment less time-consuming and/or less labor-
intensive, and finally investigate how the oxidation site on a peptide affects the relative
frequency that this peptide fragments at a given bond.
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Chapter 5

Estimating the random error in a
peak-area fraction given only one run

X

Y

X

X + Y
≈ 2

5
± ε

retention time (RT)
m/z
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Part of the 3D-chromatogram of one run of LC-MS/MS
in which X is the peak-area of a product-ion A and Y is the peak-area of a product-ion B

such that B is chemically different from A

Our objective is to estimate the random error ε in X
X+Y from only one run of LC-MS/MS.

X
X+Y represents the quantity of A relative to B.

Figure 5.1: The graphical abstract of Chapter 5 (hypothetical data used as example).
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For any run of LC-MS or of LC-MS/MS, the peak-area of a chemical species is defined as
the area under the curve of the extracted-ion chromatogram (XIC) of this chemical species.
This peak-area represents the total quantity of this chemical species detected in this run
of LC-MS or of LC-MS/MS. Peak-area fraction of a first chemical species relative to a
second chemical species is defined as follows: the peak-area of this first chemical species,
divided by the sum of the peak-area of this first chemical species and the peak-area of this
second chemical species.

Multiple repeated runs can empirically estimate the random error in a measurement of
peak-area fraction. Given only one run, this random error seems to be impossible to esti-
mate, because the sample variance of every sample of size one is undefined. However, from
some assumptions that are partially supported by evidence in the literature, we mathemat-
ically deduced an empirical formula that estimates this random error. We extracted more
than 10000 peak-area fractions from a test dataset produced by three runs of LC-MS/MS.
Then, for each peak-area fraction in these peak-area fractions and for each applicable run
among these three runs, our empirical formula predicted the variance in the single mea-
surement of this peak-area fraction. Then, we compared such predicted variances with the
sample variances respectively observed in some pairs of repeated runs. This comparison
confirms that each of these peak-area fractions empirically follows the normal distribution
with the corresponding predicted variance. Thus, our empirical formula can estimate the
random error in one single measurement of peak-area fraction.

Our empirical formula cannot offer every benefit that multiple repeated runs can. For
example, multiple repeated runs can respectively provide multiple estimates of the mean
of a peak-area, and the average of these estimates is a more precise estimate of this mean.
Moreover, the test dataset is produced by only one quadrupole time-of-flight (QTOF)
mass spectrometer analyzing only one non-complex sample. However, the more similar a
second experiment is to the experiment that produced the test dataset, the more applicable
our empirical formula is to the dataset produced by this second experiment. Fortunately,
the same mass spectrometer produced both the MS/MS dataset and the test dataset,
and two similar samples respectively generated these two datasets. Thus, our empirical
formula is very applicable to the MS/MS dataset used in Chapter 4. Thus, Chapter 4
uses Equation (5.15), a key result of this chapter, for estimating the confidence in our
quantitation of oxidation. More specifically, for the y-ions that have the same residue
sequence and thus the same y-ion index, the peak-area fraction of oxidized y-ions over
both oxidized or unoxidized y-ions is the fraction of oxidation that occurred before this
y-ion index. Thus, Chapter 4 uses such peak-area fraction to quantitate the extent of
oxidation at subpeptide level.
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5.1 Motivation

This chapter provides an empirical formula for the following purpose: estimating the ran-
dom error in a peak-area fraction that is measured once in only one run of LC-MS/MS.
A peak-area fraction represents, in a sample, the quantity of a chemical species relative to
another chemical species. Thus, our empirical formula can estimate the random error in
this relative quantity even if only one run is used for deriving this relative quantity. Our
empirical formula performs well on the test dataset. A QTOF mass spectrometer produced
the test dataset by analyzing a non-complex sample.

If an instrument similar to this QTOF mass spectrometer analyzes a non-complex
sample to produce another dataset, then our empirical formula is likely to be applicable
to this other dataset. To produce the MS/MS dataset used in Chapter 4, this same
QTOF mass spectrometer analyzed a sample that is almost identical to the test-dataset
sample. Thus, our empirical formula is certainly applicable to the MS/MS dataset used in
Chapter 4. Thus, in Chapter 4, our empirical formula is used for estimating the random
error in quantitation of oxidation at subpeptide level. In Chapter 4, the extent of oxidation
before a y-ion index i is estimated to be the following: peak-area fraction of mono-oxidized
yi over mono-oxidized or unoxidized yi.

In summary, our empirical formula is unlikely to be applicable to any mass spectrometer
analyzing any sample but is certainly applicable to the MS/MS dataset used in Chapter 4.
Thus, in Chapter 4, our empirical formula is applied to the MS/MS dataset.

5.2 Related works

Generally, an analytical instrument exhibits both additive error and multiplicative error.
Let the random variable ξ be an observed signal intensity. Let ε0 be the additive error
in ξ. Let ε1 be the multiplicative error in ξ. Then, mathematically, ξ ∼ ε1 · E[ξ] + ε0.
LC-MS/MS instruments, although highly complex, are characterized by additive error and
multiplicative error [21]. Shot noise, also known as Poisson noise, is observed in LC-MS/MS
if the quantity of ions detected is an integer representing ion count [3, 12].

In 2004, Anderle et al. [3] developed a noise model to characterize the random error in
a peak intensity. This noise model assumes that this random error consists of the following
two additive components: a component proportional to the square of the peak intensity and
a component proportional to the peak intensity. This noise model is useful for estimating
sample preparation noise. Unfortunately, this noise model does not address MS2 spectra,
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does not quantitate a first ion relative to a second ion that is chemically different from this
first ion, and does not characterize variation in XIC using only one run of LC-MS/MS.

In 2008, Du et al. [12] developed a noise model to characterize the noise in a dataset
produced by either QTOF or ion-trap mass spectrometers. This noise model assumes that
this noise consists of multinomial noise, Poisson noise, and detector noise. According to
this noise model, peaks respectively generated by isotopes follow a multinomial distribu-
tion, every such isotopic peak follows a Poisson distribution, and the ability of a detector to
detect ions is subject to dead-time effect. This noise model is useful for deisotoping. Unfor-
tunately, this noise model does not consider MS2 spectra, does not address the potentially
different variabilities of noise for repeated runs of LC-MS/MS, and does not quantitate a
first ion relative to a second ion that is chemically different from this first ion.

In 2010, Karp et al. [21] proposed a methodology for addressing the accuracy-and-
precision in isobaric tags for relative and absolute quantitation (iTRAQ). In this method-
ology, variance heterogeneity refers to the phenomena that low signals have higher rela-
tive variability, and ratio compression refers to the phenomena that ratio of quantities in
iTRAQ quantitation is compressed towards 1. They mentioned that variance heterogene-
ity compromises the precision in iTRAQ quantitation, and that ratio compression com-
promises the accuracy in iTRAQ quantitation. They proposed the following: a correction
factor computed from spiked proteins of known ratios to address ratio compression, and
an additive-multiplicative error model with variance-stabilizing normalization to address
variance heterogeneity. This methodology is useful for quantitating by iTRAQ a protein
when the signal intensity of this protein is low. Unfortunately, this methodology does not
address any label-free quantitation, is not generally applicable to the quantitation of any
product ion, and cannot characterize the random error in any relative quantity using only
one single run of LC-MS/MS.

5.3 Deriving our empirical formula

This section presents our empirical formula for estimating the random error in a peak-area
fraction. First, we made some reasonable assumptions partially supported by evidence in
the literature. Next, we provided a method for estimating an unknown variable in our em-
pirical formula. This estimation does not require any additional experimental data. Then,
we mathematically deduced our empirical formula from these assumptions. Afterwards, we
showed that, if some conditions are satisfied, then our empirical formula can be simplified.
This simplified version of our empirical formula is used in Chapter 4.
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5.3.1 Making and justifying assumptions

We made the following three assumptions.

1 If the first and second scans that are sufficiently far apart in retention time (RT)
generated a first and a second mass spectra respectively, then the generation of this
first mass spectrum does not significantly affect the generation of this second mass
spectrum, and vice versa.

2 The correlation between the peak-area of a peptide species and the peak-area of
another peptide species is approximately zero.

3 Shot noise and multiplicative random error constitute the majority of random error
in almost every observed mass spectrum. In this chapter, the constant δ is defined
as the expected value of this multiplicative random error.

Assumptions 1 to 3 have all been made in the literature. Assumption 1 is implicitly
made in [38], because the central limit theorem assumes at least one variant of statistical
independence. A stronger version of Assumption 2 is made in [45]. This version of As-
sumption 2 assumes that, in one scan, the XIC of a peptide species and the XIC of another
peptide species are independently generated with respect to each other. Assumption 3 is
justified in both [3] and [12].

Assumptions 1 to 3 are all reasonable. Autocorrelation of the generation of mass spec-
trum should become negligible as RT lag becomes sufficiently large. Thus, Assumption 1 is
reasonable. A physical or chemical process that affects multiple molecular entities should
affect them independently of each other. Thus, Assumption 2 is reasonable. A random
signal that is discrete in nature is almost always characterized by shot noise, and the ad-
ditive error in the property of a process causes some multiplicative error in the quantity of
products generated by this process given that the quantity of reactants consumed by this
process varies. Thus, Assumption 3 is reasonable, For example, the quantity of ions that
hit a mass detector should be characterized by shot noise. And if the chemical reaction
rate is subject to additive random error when the quantity of chemical reactants varies,
then the quantity of chemical products should be characterized by multiplicative random
error.

Thus, we made these three assumptions to mathematically deduce our empirical formula
from these three assumptions.
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5.3.2 Estimating the square δ2 of the multiplicative-random-error
constant δ defined in Assumption 3

In this chapter, δ is the multiplicative-random-error constant defined in Assumption 3.
In a run of LC-MS or of LC-MS/MS, the calibration function continuously applies the
same pressure to the same calibrant. Thus, in the calibration function, the same process
should generate different mass spectra respectively at different RTs. Thus, the fluctuation
of peak intensity in a mass spectrum as a function of RT should be able to empirically
estimate δ2. Thus, let us take the squared coefficient-of-variation of XIC within an RT
window as the window moves. Then, the moving squared coefficient-of-variation of XIC
in calibration function can empirically estimate δ2. Let the random variable R be any
sequence of consecutive scans. Let r be any sequence of mass spectra that is approximately
generated by R. We estimated the coefficient-of-variation between TIC(Ri) and TIC(Ri+1)

as

∣∣∣∣TIC(ri)− TIC(ri+1)

TIC(ri)

∣∣∣∣. Then, any coefficient-of-variation whose corresponding Ri+1 is

outside of a given RT range of interest is filtered out. Then, δ2 is empirically estimated to
be the half of the average of the remaining squared coefficients-of-variation. This average
is halved because both TIC(Ri) and TIC(Ri+1) are random for any valid i. More precisely,
we applied the definition of δ in Assumption 3 on the empirical data produced by the
calibration function to obtain Equation (5.1). Thus, Equation (5.1) empirically estimates
δ2.

δ̂2 ≈ 1

|r′|
·
|r′|∑
i=1

(
1

2
·
(

TIC(r′i)− TIC(r′i+1)

TIC(r′i)

)2
)

(5.1)

In Equation (5.1), r is a sequence of mass spectra produced by the calibration function
and ordered by RT so that ri is the ith-generated mass spectrum in r, and r′ is the shortest
substring of r such that the mass spectra of interest are all within the RT range spanned
by r′.

Some alternative statistical methods estimated δ2 by using the same calibration func-
tions. The estimate of δ2 is relatively constant regardless of which statistical method
generated this estimate.
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5.3.3 Mathematically deducing our empirical formula from the
assumptions

Let A be a chemical species. Let the random variable S be a scan that generates a not-
yet-observed mass spectrum s. Assumption 3 implies the following.

XIC(A, S)
app∼DAS

(
E[XIC(A, S)],E[XIC(A, S)] + (δ · E[XIC(A, S)])2) . (5.2)

In Equation (5.2), DAS(µ, σ2) can be any statistical distribution that has a finite mean of
µ and a finite variance of σ2, and XIC is a function that outputs the absolute intensity of
some investigated molecules in a mass spectrum; XIC(M, s) is the sum of the respective
intensities of the peaks generated by M in s, given that s is a mass spectrum, and that M is
some investigated molecules. Let the random variable R be a sequence of consecutive scans
in a run of LC-MS or of LC-MS/MS. The definition of peak-area implies the following.

peak-area(A,R) =
∑
S∈R

XIC(A, S). (5.3)

The substitution of Equation (5.2) into Equation (5.3) implies the following.

peak-area(A,R)
app∼
∑
S∈R

DAS
(
E[XIC(A, S)],E[XIC(A, S)] + (δ · E[XIC(A, S)])2

)
. (5.4)

Assumption 1 implies that the generalized central limit theorem presented in [13, Theorem
7.8] is applicable to Equation (5.4). The result of such application is the following.

peak-area(A,R)
app∼N

(
E[peak-area(A,R)],E[peak-area(A,R)] + E[

∑
S∈R

(
(δ · XIC(A, S))2

)
]

)
.

(5.5)

Let B be a chemical species that is different from A. Let X-and-Y be respectively the
peak-areas of A-and-B in a sequence R of scans produced by one run of LC-MS or of
LC-MS/MS. Equivalently, let X

def
= peak-area(A,R) and let Y

def
= peak-area(B,R). Assump-

tion 2 implies that the covariance between X and Y is small compared with their respec-
tive variances. Thus, the application of the multivariate delta method presented in [34] to
X ÷ (X + Y ), the application of the Taylor expansion for moments of function of random
variables presented in [23, Chapter 4] to the equation resulting from this multivariate delta
method, and then the substitution of Equation (5.5) into the equation resulting from this

52



Taylor expansion results in the following.

X

X + Y

app∼N

(
µX

µX + µY
,

(
µX

µX + µY

)2

·
(
σ2
X

µ2
X

+
σ2
X + σ2

Y

(µX + µY )2 −
2 · σ2

X

µX · (µX + µY )

))
(5.6)

where µX
def
= E[peak-area(A,R)] (5.7)

µY
def
= E[peak-area(B,R)] (5.8)

σ2
X

def
= E[peak-area(A,R)] + E[

∑
S∈R

(
(δ · XIC(A, S))2

)
] (5.9)

σ2
Y

def
= E[peak-area(B,R)] + E[

∑
S∈R

(
(δ · XIC(B, S))2

)
]. (5.10)

5.3.4 Simplifying our empirical formula for use in Chapter 4

In Equation (5.6), if δ−2 is large compared with the intensity of XIC in most mass spectra
of interest, then

E[peak-area(A,R)]� E[
∑
S∈R

(
(δ · XIC(A, S))2

)
], (5.11)

E[peak-area(B,R)]� E[
∑
S∈R

(
(δ · XIC(B, S))2

)
]. (5.12)

Then, the substitution of Equations (5.11) and (5.12) into Equation (5.6) implies the
following.

σ2
X ≈ E[peak-area(A,R)] = µX and σ2

Y ≈ E[peak-area(B,R)] = µY . (5.13)

Then, the substitution of Equation (5.13) into Equation (5.6) implies the following simpli-
fication.

X

X + Y

app∼N

(
µX

µX + µY
,

(
µX

µX + µY

)2

·
(
µX
µ2
X

+
µX + µY

(µX + µY )2
− 2 · µX
µX · (µX + µY )

))
(5.14)

app∼N
(

µX
µX + µY

,
µX · µY

(µX + µY )3

)
. (5.15)

δ is indeed sufficiently small in the MS/MS dataset that is used in Chapter 4. Thus,
Chapter 4 utilizes Equation (5.15) instead of Equation (5.6).
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Peptide sequence of P RT in min m/z Scans in which MS2 is performed for P

ALELFRNDIAAK [30.7, 31.1] 454.26 10 scans in 1st run and 10 scans in 2nd run
HGTVVLTALGGILK [37.6, 38.0] 460.29 10 scans in 2nd run and 10 scans in 3rd run
HGTVVLTALGGILKK [34.2, 35.9] 502.98 10 scans in 1st run and 20 scans in 3rd run

Table 5.1: Important information extracted from the test dataset. Each of these three
peptides is selected for MS2 in two repeated runs of LC-MS/MS, has an RT range that is
defined as the smallest range covering all scans in these two runs, and is used with these
two runs as the input to Algorithm 2.

5.4 Testing our empirical formula

5.4.1 Test dataset

A complete iterative-exclusion mass spectrometry (IE-MS) dataset that includes the test
dataset was produced by the radical-probe mass spectrometry (RP-MS) experiment de-
scribed in [43]. In this RP-MS experiment, all runs of LC-MS/MS analyzed the same
sample with almost identical configurations. Thus, these runs of LC-MS/MS are repeated.

Let X be the peak-area of a product ion. Let Y be the peak-area of another chemically
different product ion. Our empirical formula estimates the random error in the peak-area
fraction X ÷ (X + Y ). However, only the runs of LC-MS/MS that select chemically
identical precursors for MS2 can reveal such random error. Thus, the test dataset used for
testing our empirical formula is only produced by three runs in this RP-MS experiment.
These three runs of LC-MS/MS analyzed the same sample and were repeated with almost
identical configurations. In each of these runs, a Synapt QTOF mass spectrometer (Waters,
Milford, MA) performed MS/MS by using collision-induced dissociation (CID).

IE-MS avoids selecting the same precursor-ion species for MS2 in multiple runs. How-
ever, the test dataset shows that IE-MS sometimes still selects the same precursor-ion
species in two runs. In this sub-experiment, all these precursor-ion species are respectively
formed by the three peptide species listed in Table 5.1. For each of these peptide species,
Table 5.1 shows the two repeated runs that produced the MS2 spectra of this peptide
species.
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5.4.2 Test method

To calculate peak-area, peaks must be detected first. Automated peak detection is both
less labor-intensive and less error-prone than manual peak detection. Unfortunately, a
typical peak-detection algorithm detects only high-intensity peaks. Thus, we designed
a peak-detection algorithm (Algorithm 3) that selects both high-intensity peaks and low-
intensity peaks. We manually verified, by careful visual inspection, that our peak-detection
algorithm is correct. Basically, our peak-detection algorithm takes as input a sequence of
MS2 spectra and outputs values of m/z. The intensity at any of these values of m/z in any
of these MS2 spectra is mostly generated by one product-ion species, and some peak-areas
that respectively have some of these values of m/z pairwise differ by several orders of
magnitude.

The interval [30.7 min, 38.0 min] is the smallest RT range that covers all RT ranges listed
in Table 5.1. Thus, this RT range is used for estimating δ2. The three runs described in
Table 5.1 respectively have three calibration functions. Section 5.3.2 describes how to
estimate δ2, which is estimated to be 0.00334 from the first run, 0.00525 from the second
run, and 0.00555 from the last run. Finally, we estimated δ2 to be the average of these
three individual estimates. Thus, δ̂2 ≈ 0.0047.

Let Φ1 and Φ2 be two values of the same peak-area fraction that are respectively
observed in two repeated runs. Then, E[Φ1] = E[Φ2]. Let p1 be an estimate of var[Φ1].
Let p2 be an estimate of var[Φ2]. Let p12 be an estimate of var[Φ1−Φ2]. If both p1 and p2

are correct, then p12 is also correct. Otherwise, p12 is likely to be incorrect. Thus, if p12 is
correct, then both p1 and p2 are likely to be correct. Thus, Algorithm 2 uses p12 to verify
that both p1 and p2 are correct.

Let A and B be two different chemical species. Let X and Y represent the quantities
of A and B. Let the random-variable Φ1 be the X/(X+Y ) observed in a first run. Let the
random-variable Φ2 be the X/(X+Y ) observed in a second run. Let us suppose that these
two runs are repeated. If Φ1

app∼N (µ, σ2
1) and Φ2

app∼N (µ, σ2
2), then Φ1−Φ2

app∼N (0, σ2
1 + σ2

2).
Otherwise, it is unlikely that Φ1 − Φ2

app∼N (0, σ2
1 + σ2

2). Thus, if Φ1 − Φ2
app∼N (0, σ2

1 + σ2
2),

then it is likely that Φ1
app∼N (µ, σ2

1) and that Φ2
app∼N (µ, σ2

2) for some µ. Thus, Algorithm 2
assesses our empirical formula by using the following procedure: First, our empirical for-
mula is applied to this first run to estimate σ1 and then to this second run to estimate σ2.
Then, σ1 and σ1 are respectively used to estimate Φ1 and Φ2. Finally, the distribution of
Φ1 − Φ2, visualized with density plots and Q-Q plots, assesses our empirical formula.
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Algorithm 2 test-empirical-formula(r1 , r2 ,M)

Input: r1 is a sequence of MS2 spectra produced by a first run R1 of LC-MS/MS. r2 is
a sequence of MS2 spectra produced by a second run R2 of LC-MS/MS.

(
R1 , R2

)
is

approximately iid. Equivalently, R1 and R2 are repeated. M is a set of many product-
ion species generated by one chemical species of precursor ions and detected in both
r1 and r2 . The respective m/z of these product-ion species are respectively the m/z
in detect-peaks(r1 , r2 ) that is presented in Algorithm 3. Table 5.1 summarizes the
three inputs that are given one-by-one to this algorithm.

Output: Each input generates a heatmap of the observed deviation divided by the pre-
dicted standard deviation. Examples of such heatmaps are Figures 5.2 to 5.4. Each
input generates a Q-Q plot of the intensities in the heatmap as well. Examples of such
Q-Q plots are in Figure 5.5.

1: Let R be the distribution such that (R1 , R2 )
app∼R.

2: for i ∈ {1 , 2} do
3: for A ∈M, B ∈M \ {A} do . apply Equation (5.6)
4: µ̂X := peak-area(A, ri) . because X

app∼ peak-area(A,R)

5: σ̂2
X :=

∑
s∈ri

(
δ̂2 · (XIC(A, s))2 + XIC(A, s)

)
6: µ̂Y := peak-area(B, ri) . because Y

app∼ peak-area(B,R)

7: σ̂2
Y :=

∑
s∈ri

(
δ̂2 · (XIC(B, s))2 + XIC(B, s)

)
8: Êi[ΦAB] :=

µ̂X
µ̂X + µ̂Y

. because ΦAB
app∼ X

X + Y

9: v̂ar[Êi[ΦAB]] :=
(

µ̂X
µ̂X + µ̂Y

)2

·

(
σ̂2
X

µ̂2
X

+
σ̂2
X + σ̂2

Y

(µ̂X + µ̂Y )2
− σ̂2

X

µ̂X · (µ̂X + µ̂Y )

)
10: end for
11: end for
12: for A ∈M, B ∈M \ {A} do

13: ẑAB :=
Ê1 [ΦAB]− Ê2 [ΦAB]√

v̂ar[Ê1 [ΦAB]] + v̂ar[Ê2 [ΦAB]]
. ẑAB denotes observed deviation

predicted standard deviation
.

14: end for
15: Plot ẑAB as a function of A and B. This plot is in Figures 5.2 to 5.4.
16: Create normal Q-Q plot for {ẑAB : index of A < index of B}. This plot is in Figure 5.5.
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−0.2 0.5 −0.6 0 −0.3 0 −0.5 −0.1 0.2 −0.3 −0.2 0.5 0 −0.3 −0.6 −0.3 0.4 −0.3 0.2 −0.3 0.2 −0.6 0.1 0.2 −1 −0.7 0.2 0.6 0 −1.4 −0.7 0.6 0.2 0 0 0.6 0.4 −1 −0.1 0.3 −1 −0.3 0.5 0.2 −0.7 −0.1 0.2 −0.1 −0.7 0.5 0.2 0.6 −0.3 −0.2 −0.3 0 1.7 0.9 −0.2

−0.1 1.2 −0.8 0.3 −0.3 0.2 −0.6 0 0.6 −0.4 0 1.1 0.2 −0.3 −0.8 −0.3 0.8 −0.2 0.5 −0.2 0.5 −0.7 0.4 0.4 −1.3 −0.8 0.6 1 0.3 −1.8 −0.8 1.2 0.4 0.2 0.2 0.9 0.9 −1.1 0.1 0.4 −1.1 −0.2 0.8 0.3 −0.8 0.1 0.5 0 −0.9 0.6 0.4 0.9 −0.2 −0.1 −0.2 0.1 1.9 1.3 −0.2

1.1 1.8 0.8 1.3 1 1.3 0.9 1.2 1.5 1 1.2 1.8 1.3 1 0.7 1 1.6 0.9 1.4 1 1.3 0.6 1.3 1.3 0.3 0.6 1.5 1.7 1.3 −0.2 0.5 1.8 1.3 1.2 1.1 1.6 1.7 1.1 1 1.2 0.1 0.7 1.5 1 0.2 1.1 1.4 0.7 0.4 1.2 1 1.6 0.8 0.7 0.9 0.7 2.4 1.9 0.4

−1.2 0 −1.9 −0.8 −1.4 −0.8 −1.6 −1 −0.5 −1.5 −1.1 0.1 −0.8 −1.3 −1.9 −1.4 −0.1 −1 −0.5 −1.2 −0.3 −1.5 −0.5 −0.3 −2.2 −1.6 −0.5 0.2 −0.7 −2.5 −1.5 0.2 −0.3 −0.7 −0.5 0.2 −1.7 −0.9 −0.4 −0.1 −1.7 −0.8 0.1 −0.1 −1.3 −0.7 −0.3 −0.4 −1.6 0.2 0 0.3 −0.9 −0.6 −0.9 −0.3 1.6 0.7 −0.5

−1 −0.2 −1.5 −0.8 −1.1 −0.8 −1.3 −0.9 −0.6 −1.2 −1 −0.2 −0.8 −1.1 −1.5 −1.2 −0.3 −1 −0.6 −1.1 −0.4 −1.4 −0.6 −0.4 −1.8 −1.4 −0.6 0 −0.7 −2.2 −1.4 −0.1 −0.4 −0.7 −0.6 −0.2 −1.6 −0.9 −0.6 −0.2 −1.6 −0.8 −0.1 −0.3 −1.3 −0.7 −0.4 −0.5 −1.5 0.1 −0.1 0.1 −0.9 −0.7 −0.9 −0.4 1.3 0.4 −0.6

−0.3 0.6 −0.8 0 −0.4 −0.1 −0.6 −0.2 0.2 −0.5 −0.3 0.6 −0.1 −0.4 −0.8 −0.5 0.4 −0.4 0.1 −0.4 0.2 −0.8 0.1 0.2 −1.2 −0.8 0.2 0.6 0 −1.7 −0.8 0.7 0.1 −0.1 0.6 0.5 −1.1 −0.2 0 0.2 −1.1 −0.3 0.5 0.2 −0.8 −0.1 0.2 −0.1 −0.9 0.5 0.2 0.7 −0.4 −0.3 −0.3 0 1.7 1 −0.3

−0.3 0.8 −0.9 0.1 −0.4 0 −0.7 −0.1 0.3 −0.5 −0.2 0.8 0 −0.4 −0.9 −0.5 0.6 −0.3 0.3 −0.4 0.3 −0.8 0.2 0.3 −1.4 −0.9 0.3 0.8 0.1 −1.8 −0.8 0.9 0.3 0.1 0.7 0.7 −1.2 −0.2 0 0.3 −1.1 −0.3 0.6 0.2 −0.8 0 0.3 0 −0.9 0.5 0.3 0.8 −0.3 −0.2 −0.3 0 1.8 1.1 −0.2

−0.5 0.4 −1 −0.2 −0.6 −0.3 −0.8 −0.4 0 −0.7 −0.5 0.4 −0.2 −0.6 −1 −0.7 0.2 −0.5 −0.1 −0.6 0 −0.9 −0.1 0 −1.4 −1 0 0.5 −0.2 −1.8 −1 0.5 −0.3 −0.1 0.4 0.3 −1.3 −0.4 −0.2 0.1 −1.2 −0.5 0.3 0.1 −1 −0.3 0 −0.2 −1.1 0.4 0.1 0.5 −0.5 −0.4 −0.5 −0.1 1.6 0.8 −0.3

−1.8 −0.3 −2.6 −1.3 −2 −1.2 −2.2 −1.5 −0.9 −2 −1.5 −0.1 −1.1 −1.8 −2.5 −1.8 −0.4 −1.2 −0.8 −1.6 −0.5 −1.9 −0.8 −0.5 −2.7 −2 −0.9 0 −1.1 −2.8 −1.7 −0.5 −0.9 −0.7 0.1 −0.2 −1.8 −1.2 −0.6 −0.2 −1.9 −0.9 0 −0.3 −1.5 −0.9 −0.5 −0.5 −1.9 0.2 −0.1 0.2 −1.2 −0.8 −1.1 −0.4 1.5 0.6 −0.6

0.8 1.7 0.3 1.1 0.7 1 0.4 0.9 1.3 0.6 0.8 1.6 1 0.6 0.2 0.6 1.4 0.5 1.2 0.6 1.1 0.1 1 1 −0.3 0.1 1.2 1.5 1 −0.8 1.7 1 0.8 0.8 1.4 1.5 −0.5 0.8 0.7 0.9 −0.4 0.4 1.3 0.8 −0.2 0.8 1.1 0.4 −0.1 1 0.7 1.4 0.5 0.3 0.5 0.5 2.2 1.7 0.2

1.9 2.8 1.4 2.2 1.8 2.1 1.6 2 2.4 1.7 1.9 2.7 2.1 1.7 1.3 1.6 2.5 1.4 2.2 1.7 2 1.1 2 1.9 0.7 1.1 2.3 2.4 2.1 0.8 2.8 1.8 1.8 1.7 2.2 2.5 0.2 1.8 1.4 1.6 0.3 1.1 2.1 1.4 0.5 1.7 2 1 0.8 1.5 1.2 2.2 1.3 1 1.3 1 2.7 2.5 0.6

−0.5 1 −1.4 −0.1 −0.7 −0.1 −1 −0.3 0.3 −0.8 −0.4 0.9 −0.1 −0.7 −1.3 −0.8 0.6 −0.5 0.2 −0.6 0.3 −1 0.1 0.2 −1.8 −1.1 0.3 0.8 −2.1 −1 1.1 0.2 −0.1 0 0.7 0.7 −1.3 −0.3 0 0.3 −1.3 −0.4 0.6 0.2 −1 −0.2 0.3 −0.1 −1.1 0.5 0.3 0.8 −0.5 −0.3 −0.4 0 1.9 1.2 −0.3

−1.3 −0.2 −1.8 −0.9 −1.4 −0.9 −1.6 −1.1 −0.7 −1.4 −1.1 −0.1 −0.9 −1.3 −1.8 −1.4 −0.3 −1 −0.6 −1.2 −0.4 −1.6 −0.6 −0.5 −2.1 −1.6 −0.7 −0.8 −2.4 −1.5 0 −0.5 −0.8 −0.6 0 −0.2 −1.7 −1 −0.6 −0.2 −1.7 −0.9 −0.1 −0.3 −1.4 −0.8 −0.5 −0.5 −1.6 0.1 −0.1 0.2 −1 −0.7 −1 −0.4 1.4 0.5 −0.6

−0.9 0.8 −1.9 −0.4 −1.1 −0.4 −1.5 −0.7 0 −1.2 −0.7 0.7 −0.4 −1 −1.7 −1.1 0.4 −0.7 0 −0.9 0.1 −1.3 −0.1 0.1 −2.1 −1.4 0.7 −0.3 −2.3 −1.2 0.9 0 −0.3 −0.2 0.6 0.5 −1.5 −0.6 −0.2 0.2 −1.5 −0.5 0.5 0.1 −1.1 −0.4 0.1 −0.2 −1.4 0.4 0.2 0.7 −0.7 −0.4 −0.6 −0.1 1.8 1.1 −0.3

0.9 2 0.2 1.2 0.7 1.1 0.4 1 1.5 0.6 0.9 1.9 1.1 0.6 0.2 0.6 1.6 0.4 1.3 0.6 1.1 0.1 1.1 1.1 −0.5 1.4 1.6 1.1 −1.1 −0.1 2 1 0.9 0.8 1.4 1.6 −0.6 0.8 0.7 0.9 −0.5 0.3 1.3 0.7 −0.3 0.8 1.2 0.4 −0.2 0.9 0.7 1.5 0.4 0.3 0.4 0.4 2.3 1.8 0.1

1.6 2.8 0.9 1.9 1.4 1.7 1.1 1.6 2.2 1.3 1.5 2.6 1.7 1.2 0.8 1.2 2.2 0.9 1.9 1.2 1.6 0.5 1.7 1.5 0.5 2.1 2.1 1.8 −0.7 0.3 2.7 1.4 1.4 1.2 1.8 2.2 −0.3 1.3 1 1.2 −0.2 0.7 1.7 1 0 1.3 1.6 0.6 0.2 1.2 0.9 1.8 0.8 0.6 0.9 0.6 2.5 2.2 0.3

−0.6 0.4 −1.1 −0.3 −0.7 −0.3 −0.9 −0.5 0 −0.8 −0.5 0.4 −0.3 −0.7 −1.1 −0.8 0.2 −0.6 −0.1 −0.7 0 −1 −0.1 −1.5 −1.1 −0.1 0.5 −0.2 −1.9 −1 0.5 0 −0.3 −0.2 0.4 0.3 −1.3 −0.4 −0.2 0.1 −1.3 −0.5 0.3 0 −1 −0.3 0 −0.2 −1.1 0.4 0.1 0.5 −0.6 −0.4 −0.5 −0.1 1.7 0.9 −0.3

−0.6 0.6 −1.2 −0.2 −0.7 −0.2 −1 −0.4 0.1 −0.8 −0.5 0.6 −0.2 −0.7 −1.2 −0.8 0.4 −0.5 0 −0.6 0.1 −1 0.1 −1.7 −1.1 0.1 0.6 −0.1 −2 −1 0.8 0.1 −0.2 −0.1 0.6 0.5 −1.3 −0.4 −0.1 0.2 −1.3 −0.4 0.5 0.1 −1 −0.2 0.1 −0.2 −1.1 0.4 0.2 0.7 −0.5 −0.4 −0.5 −0.1 1.8 1 −0.3

0.8 1.9 0.1 1.1 0.6 1 0.3 0.9 1.3 0.5 0.8 1.8 1 0.5 0.1 0.5 1.5 0.4 1.2 0.5 1 1 1 −0.5 −0.1 1.3 1.6 1 −1.1 −0.1 1.9 0.9 0.8 0.8 1.4 1.5 −0.6 0.7 0.6 0.9 −0.6 0.3 1.2 0.7 −0.3 0.7 1.1 0.4 −0.2 0.9 0.7 1.4 0.4 0.3 0.4 0.4 2.2 1.8 0.1

−0.6 0.3 −1.1 −0.3 −0.8 −0.3 −1 −0.5 −0.1 −0.8 −0.5 0.4 −0.3 −0.7 −1.2 −0.8 0.2 −0.6 −0.1 −0.7 −1 −0.1 0 −1.6 −1.1 −0.1 0.4 −0.3 −2 −1.1 0.5 0 −0.3 −0.2 0.4 0.3 −1.3 −0.5 −0.2 0.1 −1.3 −0.5 0.3 0 −1 −0.4 0 −0.2 −1.2 0.4 0.1 0.5 −0.6 −0.4 −0.6 −0.1 1.6 0.8 −0.4

0.2 1.6 −0.6 0.6 0 0.5 −0.3 0.3 0.9 −0.1 0.3 1.5 0.5 0 −0.6 −0.1 1.2 0 0.8 0.7 −0.5 0.6 0.7 −1.2 −0.6 0.9 1.2 0.6 −1.7 −0.6 1.6 0.6 0.4 0.4 1.1 1.2 −1 0.2 0.3 0.6 −1 −0.1 0.9 0.4 −0.7 0.3 0.7 0.1 −0.7 0.7 0.4 1.1 −0.1 0 0 0.2 2 1.5 −0.1

−0.8 0.7 −1.5 −0.3 −0.9 −0.3 −1.2 −0.6 0.1 −1 −0.6 0.7 −0.3 −0.9 −1.5 −0.9 0.4 −0.6 −0.8 0.1 −1.2 0 0.1 −1.9 −1.3 0 0.6 −0.2 −2.2 −1.2 0.8 0.1 −0.3 −0.1 0.6 0.5 −1.4 −0.5 −0.2 0.2 −1.4 −0.5 0.5 0.1 −1 −0.3 0.1 −0.2 −1.3 0.4 0.2 0.7 −0.6 −0.4 −0.6 −0.1 1.8 1 −0.3

0.2 1.1 −0.3 0.5 0 0.4 −0.2 0.3 0.7 0 0.2 1.1 0.4 0 −0.4 0 0.9 0.6 0 0.6 −0.4 0.5 0.6 −0.9 −0.4 0.7 1 0.5 −1.4 −0.5 1.2 0.5 0.3 0.4 1 1 −0.9 0.2 0.3 0.6 −0.8 0 0.8 0.4 −0.6 0.3 0.6 0.1 −0.6 0.7 0.4 1 0 0 0 0.2 2 1.3 −0.1

−1.2 0.2 −2 −0.8 −1.4 −0.7 −1.6 −1 −0.4 −1.4 −1 0.2 −0.7 −1.3 −1.9 −1.3 −0.9 −0.4 −1.2 −0.2 −1.5 −0.4 −0.2 −2.2 −1.6 −0.4 0.3 −0.6 −2.5 −1.4 0.4 −0.2 −0.6 −0.4 0.3 0.1 −1.6 −0.8 −0.4 0 −1.6 −0.7 0.2 −0.1 −1.2 −0.6 −0.2 −0.3 −1.5 0.3 0 0.4 −0.9 −0.6 −0.8 −0.2 1.6 0.8 −0.4

0.3 1.9 −0.5 0.8 0.1 0.7 −0.2 0.5 1.2 0 0.4 1.7 0.7 0.1 −0.5 1.3 0 0.9 0.1 0.8 −0.5 0.8 0.8 −1.2 −0.6 1.1 1.4 0.8 −1.6 −0.6 1.8 0.7 0.5 0.5 1.2 1.4 −1 0.3 0.3 0.6 −0.9 0 1 0.5 −0.6 0.4 0.8 0.2 −0.7 0.7 0.5 1.2 0 0 0.1 0.2 2.1 1.6 −0.1

1 2.8 0.1 1.6 0.8 1.3 0.4 1.1 1.9 0.7 1 2.3 1.2 0.6 0.5 1.9 0.4 1.5 0.6 1.2 −0.1 1.2 1.1 −0.8 −0.2 1.7 1.8 1.3 −1.3 −0.2 2.5 1 0.9 0.8 1.5 1.9 −0.7 0.8 0.6 0.9 −0.7 0.3 1.3 0.7 −0.4 0.8 1.2 0.4 −0.3 0.9 0.7 1.5 0.3 0.2 0.4 0.4 2.3 1.9 0.1

0.2 1.9 −0.6 0.8 0 0.6 −0.3 0.4 1.1 −0.1 0.3 1.6 0.6 −0.6 −0.1 1.3 0 0.9 0 0.7 −0.5 0.7 0.7 −1.2 −0.6 1 1.3 0.7 −1.7 −0.6 1.8 0.6 0.4 0.4 1.1 1.3 −1 0.3 0.3 0.6 −1 0 1 0.5 −0.7 0.3 0.8 0.1 −0.7 0.7 0.5 1.2 0 0 0 0.2 2.1 1.6 −0.1

−0.5 1.1 −1.3 0 −0.6 0 −1 −0.3 0.4 −0.7 −0.3 1 −0.6 −1.2 −0.7 0.7 −0.4 0.3 −0.5 0.3 −1 0.2 0.3 −1.7 −1.1 0.4 0.9 0.1 −2.1 −1 1.1 0.2 0 0.1 0.8 0.8 −1.3 −0.2 0 0.3 −1.3 −0.3 0.6 0.2 −0.9 −0.1 0.3 −0.1 −1.1 0.5 0.3 0.8 −0.4 −0.3 −0.4 0 1.9 1.2 −0.2

−1.6 −0.1 −2.4 −1.1 −1.8 −1 −2.1 −1.4 −0.7 −1.9 −1.4 −1 −1.6 −2.3 −1.7 −0.2 −1.1 −0.7 −1.5 −0.4 −1.8 −0.6 −0.4 −2.6 −1.9 −0.7 0.1 −0.9 −2.7 −1.6 0.1 −0.4 −0.8 −0.6 0.2 −0.1 −1.8 −1.1 −0.5 −0.1 −1.8 −0.9 0.1 −0.2 −1.4 −0.8 −0.4 −0.4 −1.8 0.2 0 0.3 −1.1 −0.7 −1 −0.3 1.6 0.7 −0.5

−0.1 1.6 −1 0.4 −0.3 0.3 −0.7 0.1 0.8 −0.4 1.4 0.3 −0.3 −1 −0.4 1 −0.2 0.6 −0.3 0.5 −0.8 0.5 0.5 −1.5 −0.9 0.7 1.1 0.4 −1.9 −0.8 1.5 0.5 0.2 0.3 1 1.1 −1.2 0 0.2 0.5 −1.1 −0.2 0.8 0.3 −0.8 0.1 0.6 0 −0.9 0.6 0.4 1 −0.2 −0.1 −0.2 0.1 2 1.4 −0.2

0.4 2.3 −0.7 1 0.1 0.8 −0.3 0.5 1.3 0.4 1.9 0.7 0.1 −0.7 0 1.4 0 1 0.1 0.8 −0.5 0.8 0.8 −1.3 −0.6 1.2 1.4 0.8 −1.7 −0.6 2 0.7 0.5 0.5 1.2 1.5 −1 0.4 0.3 0.6 −1 0 1.1 0.5 −0.6 0.4 0.9 0.2 −0.7 0.7 0.5 1.2 0 0 0 0.2 2.1 1.6 −0.1

−1 0.8 −2 −0.4 −1.2 −0.4 −1.6 −0.8 −1.3 −0.8 0.7 −0.4 −1.1 −1.9 −1.2 0.4 −0.7 −0.1 −0.9 0.1 −1.3 −0.1 0 −2.2 −1.5 0 0.7 −0.3 −2.4 −1.3 0.9 0 −0.3 −0.2 0.6 0.5 −1.5 −0.6 −0.2 0.2 −1.5 −0.5 0.4 0.1 −1.1 −0.4 0.1 −0.2 −1.4 0.4 0.2 0.7 −0.7 −0.4 −0.6 −0.1 1.8 1.1 −0.3

−0.2 1.6 −1.2 0.4 −0.4 0.3 −0.8 0.8 −0.5 −0.1 1.4 0.3 −0.4 −1.1 −0.5 1 −0.3 0.6 −0.3 0.5 −0.9 0.4 0.5 −1.6 −1 0.7 1.1 0.3 −2 −0.9 1.5 0.4 0.1 0.2 0.9 1 −1.2 0 0.1 0.4 −1.2 −0.2 0.8 0.3 −0.8 0.1 0.5 0 −1 0.6 0.4 1 −0.3 −0.2 −0.2 0.1 2 1.4 −0.2

0.7 2.5 −0.3 1.2 0.4 1 0.8 1.6 0.3 0.7 2.1 1 0.3 −0.4 0.2 1.6 0.2 1.2 0.3 1 −0.3 1 0.9 −1.1 −0.4 1.5 1.6 1 −1.6 −0.4 2.2 0.8 0.7 0.6 1.3 1.6 −0.9 0.6 0.5 0.8 −0.8 0.1 1.2 0.6 −0.5 0.6 1 0.2 −0.5 0.8 0.6 1.4 0.1 0.1 0.2 0.3 2.2 1.7 0

−0.5 1.2 −1.3 0.1 −0.7 −1 −0.3 0.4 −0.8 −0.3 1 0 −0.6 −1.3 −0.7 0.7 −0.4 0.3 −0.5 0.3 −1 0.2 0.3 −1.7 −1.1 0.4 0.9 0.1 −2.1 −1 1.2 0.3 0 0.1 0.8 0.8 −1.3 −0.2 0 0.3 −1.3 −0.3 0.7 0.2 −0.9 −0.1 0.4 −0.1 −1.1 0.5 0.3 0.9 −0.4 −0.3 −0.4 0 1.9 1.2 −0.2

0.3 2.3 −0.8 0.9 0.7 −0.4 0.4 1.2 −0.1 0.3 1.8 0.6 0 −0.8 −0.1 1.4 0 0.9 0 0.8 −0.6 0.7 0.7 −1.4 −0.7 1.1 1.4 0.7 −1.8 −0.7 2 0.6 0.4 0.4 1.1 1.4 −1 0.3 0.3 0.6 −1 −0.1 1 0.5 −0.7 0.3 0.8 0.1 −0.8 0.7 0.5 1.2 −0.1 0 0 0.2 2.1 1.6 −0.1

−0.6 1.4 −1.7 −0.9 −0.1 −1.2 −0.4 0.4 −1 −0.4 1.1 0 −0.8 −1.6 −0.8 0.8 −0.5 0.3 −0.6 0.3 −1.1 0.2 0.3 −1.9 −1.2 0.4 0.9 0.1 −2.2 −1.1 1.3 0.2 −0.1 0 0.8 0.8 −1.3 −0.3 0 0.3 −1.3 −0.4 0.6 0.2 −1 −0.1 0.3 −0.1 −1.2 0.5 0.3 0.9 −0.5 −0.3 −0.4 0 1.9 1.3 −0.3

1.1 3.2 1.7 0.8 1.3 0.3 1.2 2 0.7 1 2.4 1.3 0.6 −0.1 0.5 2 0.3 1.5 0.6 1.1 −0.1 1.2 1.1 −0.9 −0.2 1.9 1.8 1.4 −1.4 −0.3 2.6 1 0.9 0.8 1.5 1.9 −0.8 0.8 0.6 0.9 −0.7 0.2 1.3 0.7 −0.4 0.8 1.2 0.3 −0.4 0.9 0.6 1.5 0.3 0.2 0.3 0.4 2.2 1.9 0.1

−2.1 −3.2 −1.4 −2.3 −1.2 −2.5 −1.6 −0.8 −2.3 −1.6 0.1 −1.1 −1.9 −2.8 −1.9 −0.2 −1.1 −0.7 −1.6 −0.3 −1.9 −0.6 −0.4 −2.8 −2 −0.8 0.2 −1 −2.8 −1.7 0.3 −0.4 −0.8 −0.6 0.2 0 −1.8 −1.2 −0.5 −0.1 −1.8 −0.9 0.1 −0.2 −1.4 −0.8 −0.4 −0.4 −1.8 0.2 0 0.4 −1.1 −0.7 −1 −0.3 1.6 0.8 −0.5

2.1 −1.1 0.6 −0.3 0.5 −0.7 0.2 1 −0.4 0.1 1.6 0.5 −0.2 −1 −0.3 1.2 −0.2 0.8 −0.2 0.6 −0.8 0.6 0.6 −1.6 −0.9 0.9 1.3 0.5 −1.9 −0.8 1.8 0.5 0.3 0.3 1 1.2 −1.1 0.1 0.2 0.5 −1.1 −0.2 0.9 0.4 −0.8 0.2 0.7 0.1 −0.9 0.7 0.4 1.1 −0.2 −0.1 −0.1 0.1 2 1.5 −0.1
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Density of a color key
as a function of

the value of this color key

Entity on x-axis:
(
index of B,m/z of B, peak-area(B, s1 ), peak-area(B, s2 )
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Heatmap of ẑ as a function of a pair (A,B) of chemical species of product ions

where ẑAB
def
=

Ê1 [ΦAB ]−Ê2 [ΦAB ]√
v̂ar[Ê1 [ΦAB ]] + v̂ar[Ê2 [ΦAB ]]

and ΦAB
def
=

peak-area(A,S)

peak-area(A,S) + peak-area(B,S)
.

(S1 , S2 ) is a pair of repeated runs of LC-MS/MS observed as (s1 , s2 ) where (S1 , S2 )
iid∼ S.

The peptide-species P whose sequence is ALELFRNDIAAK generated both A and B.

Figure 5.2: A heatmap generated by Algorithm 2. ΦAB denotes the fraction of A in a mix
of both A and B; ẑAB denotes first estimate of E[ΦAB ] − second estimate of E[ΦAB ]√

estimated variance of first estimate + estimated variance of second estimate

or equivalently predicted E[ΦAB ] − true E[ΦAB ]

predicted
√

var[ΦAB ]
.

57



(1
, 4

87
.4

1,
 4

63
33

, 3
67

73
)

(2
, 1

45
.1

1,
 2

37
0,

 1
76

3)
(3

, 4
94

.3
5,

 3
35

96
, 2

68
50

)
(4

, 4
54

.3
5,

 2
63

76
, 2

06
41

)
(5

, 6
00

.5
4,

 3
52

09
, 2

75
15

)
(6

, 6
07

.4
8,

 2
39

34
, 1

90
90

)
(7

, 3
45

.7
6,

 1
21

42
, 9

57
8)

(8
, 3

81
.2

8,
 1

10
51

, 8
49

5)
(9

, 6
90

.5
3,

 1
51

06
, 1

19
26

)
(1

0,
 3

95
.2

8,
 7

33
9,

 5
75

2)
(1

1,
 4

30
.3

9,
 6

64
8,

 5
19

7)
(1

2,
 1

10
.0

7,
 7

59
, 5

56
)

(1
3,

 1
30

.1
, 1

21
5,

 8
46

)
(1

4,
 3

54
.7

7,
 4

04
6,

 3
08

5)
(1

5,
 1

97
.1

6,
 2

71
8,

 2
09

7)
(1

6,
 1

73
.1

2,
 2

63
1,

 1
91

9)
(1

7,
 3

86
.8

2,
 2

89
2,

 2
26

2)
(1

8,
 2

60
.2

5,
 2

10
6,

 1
58

6)
(1

9,
 3

67
.2

8,
 2

51
9,

 1
93

8)
(2

0,
 4

46
.8

5,
 2

69
5,

 2
09

3)
(2

1,
 1

57
.1

5,
 1

25
5,

 9
63

)
(2

2,
 6

72
.5

2,
 8

95
9,

 6
99

4)
(2

3,
 5

60
.4

3,
 1

87
4,

 1
39

0)
(2

4,
 3

31
.7

6,
 1

51
8,

 1
18

4)
(2

5,
 4

75
.3

6,
 1

43
6,

 1
08

4)
(2

6,
 2

15
.1

7,
 1

22
3,

 8
92

)
(2

7,
 6

16
.9

8,
 1

59
8,

 1
12

1)
(2

8,
 5

89
.4

5,
 1

66
4,

 1
23

5)
(2

9,
 2

28
.1

7,
 8

82
, 6

58
)

(3
0,

 4
66

.3
6,

 1
95

8,
 1

58
9)

(3
1,

 1
52

.1
3,

 4
43

, 3
36

)
(3

2,
 2

96
.2

5,
 1

52
8,

 1
14

7)
(3

3,
 3

04
.2

3,
 8

02
, 6

34
)

(3
4,

 1
01

.0
7,

 3
36

, 2
49

)
(3

5,
 3

77
.2

6,
 1

29
8,

 1
02

4)
(3

6,
 3

41
.2

9,
 9

79
, 8

00
)

(3
7,

 1
85

.1
6,

 8
04

, 6
40

)
(3

8,
 7

79
.5

8,
 2

07
74

, 1
60

63
)

(3
9,

 7
72

.6
3,

 1
90

85
, 1

52
15

)
(4

0,
 3

13
.2

8,
 5

49
, 3

83
)

(4
1,

 2
86

.2
3,

 4
76

, 3
39

)
(4

2,
 2

47
.6

8,
 4

17
, 3

39
)

(4
3,

 5
03

.8
9,

 8
31

, 5
85

)
(4

4,
 5

77
.4

2,
 5

40
, 4

39
)

(4
5,

 5
51

.4
2,

 4
11

, 2
93

)
(4

6,
 7

08
.5

4,
 6

52
1,

 5
19

8)
(4

7,
 2

68
.2

1,
 4

89
, 3

99
)

(4
8,

 3
36

.2
9,

 5
54

, 4
19

)
(4

9,
 2

42
.2

3,
 5

13
, 4

11
)

(5
0,

 6
48

.4
9,

 5
58

, 4
39

)
(5

1,
 8

85
.7

4,
 2

41
4,

 1
91

4)
(5

2,
 7

61
.5

9,
 2

16
1,

 1
71

6)
(5

3,
 5

37
.4

1,
 2

53
, 1

95
)

(5
4,

 6
26

.4
8,

 2
80

, 2
40

)
(5

5,
 5

08
.3

8,
 2

43
, 1

67
)

(5
6,

 2
78

.1
8,

 2
35

, 1
65

)
(5

7,
 1

00
6.

76
, 1

42
5,

 1
06

5)
(5

8,
 6

64
.5

1,
 8

16
, 5

85
)

(5
9,

 4
12

.3
3,

 1
87

, 1
41

)
(6

0,
 8

67
.7

2,
 7

80
, 5

91
)

(6
1,

 1
38

.0
7,

 1
00

, 7
5)

(6
2,

 5
46

.4
3,

 2
38

, 1
97

)

(62, 546.43, 238, 197)
(61, 138.07, 100, 75)
(60, 867.72, 780, 591)
(59, 412.33, 187, 141)
(58, 664.51, 816, 585)
(57, 1006.76, 1425, 1065)
(56, 278.18, 235, 165)
(55, 508.38, 243, 167)
(54, 626.48, 280, 240)
(53, 537.41, 253, 195)
(52, 761.59, 2161, 1716)
(51, 885.74, 2414, 1914)
(50, 648.49, 558, 439)
(49, 242.23, 513, 411)
(48, 336.29, 554, 419)
(47, 268.21, 489, 399)
(46, 708.54, 6521, 5198)
(45, 551.42, 411, 293)
(44, 577.42, 540, 439)
(43, 503.89, 831, 585)
(42, 247.68, 417, 339)
(41, 286.23, 476, 339)
(40, 313.28, 549, 383)
(39, 772.63, 19085, 15215)
(38, 779.58, 20774, 16063)
(37, 185.16, 804, 640)
(36, 341.29, 979, 800)
(35, 377.26, 1298, 1024)
(34, 101.07, 336, 249)
(33, 304.23, 802, 634)
(32, 296.25, 1528, 1147)
(31, 152.13, 443, 336)
(30, 466.36, 1958, 1589)
(29, 228.17, 882, 658)
(28, 589.45, 1664, 1235)
(27, 616.98, 1598, 1121)
(26, 215.17, 1223, 892)
(25, 475.36, 1436, 1084)
(24, 331.76, 1518, 1184)
(23, 560.43, 1874, 1390)
(22, 672.52, 8959, 6994)
(21, 157.15, 1255, 963)
(20, 446.85, 2695, 2093)
(19, 367.28, 2519, 1938)
(18, 260.25, 2106, 1586)
(17, 386.82, 2892, 2262)
(16, 173.12, 2631, 1919)
(15, 197.16, 2718, 2097)
(14, 354.77, 4046, 3085)
(13, 130.1, 1215, 846)
(12, 110.07, 759, 556)
(11, 430.39, 6648, 5197)
(10, 395.28, 7339, 5752)
(9, 690.53, 15106, 11926)
(8, 381.28, 11051, 8495)
(7, 345.76, 12142, 9578)
(6, 607.48, 23934, 19090)
(5, 600.54, 35209, 27515)
(4, 454.35, 26376, 20641)
(3, 494.35, 33596, 26850)
(2, 145.11, 2370, 1763)
(1, 487.41, 46333, 36773)

−0.4−0.9−0.3−0.5−0.5−0.3−0.4−0.7−0.4−0.5−0.5 −1 −1.4−0.7−0.6−1.1−0.5−0.8−0.6−0.6−0.6−0.5−0.9−0.5−0.8−1.1−1.4−0.9−0.9−0.2−0.7−0.8−0.4−0.8−0.4−0.1−0.3−0.6−0.3−1.3−1.1−0.1−1.3−0.1−1.1−0.3−0.1−0.7−0.3−0.4−0.4−0.4−0.5 0.2 −1.3−1.1−0.9−1.2−0.6−0.7−0.5

0.4 0 0.4 0.3 0.3 0.4 0.3 0.2 0.3 0.3 0.3 −0.1−0.4 0.1 0.2 −0.2 0.3 0 0.2 0.2 0.1 0.2 −0.1 0.2 0 −0.2−0.4−0.1 0 0.5 0.1 0 0.3 −0.1 0.3 0.5 0.4 0.2 0.4 −0.4−0.3 0.5 −0.4 0.5 −0.3 0.4 0.5 0 0.4 0.3 0.3 0.3 0.1 0.7 −0.5−0.3 0 −0.3 0 0.1 0.5

0.6 −0.2 0.7 0.4 0.4 0.7 0.5 0.2 0.5 0.4 0.4 −0.4 −1 0.1 0.2 −0.5 0.4 −0.1 0.2 0.3 0.1 0.4 −0.3 0.3 0 −0.4−0.9−0.2−0.2 0.8 0 −0.1 0.5 −0.2 0.5 0.8 0.5 0.3 0.7 −0.8−0.6 0.7 −0.8 0.7 −0.6 0.7 0.7 0 0.6 0.4 0.6 0.6 0.1 1.1 −0.8−0.6−0.2−0.6 0 −0.1 0.7

0.4 −0.1 0.5 0.3 0.3 0.5 0.4 0.2 0.4 0.3 0.3 −0.2−0.6 0.1 0.2 −0.3 0.3 0 0.2 0.2 0.1 0.3 −0.1 0.3 0 −0.3−0.6−0.1−0.1 0.6 0 0 0.4 −0.1 0.3 0.6 0.4 0.2 0.5 −0.6−0.4 0.5 −0.5 0.5 −0.4 0.4 0.6 0 0.4 0.3 0.4 0.4 0.1 0.8 −0.6−0.4−0.1−0.4 0 0 0.6

1.4 0.5 1.5 1.2 1.2 1.4 1.3 0.9 1.3 1.2 1.1 0.2 −0.3 0.8 0.9 0.2 1.1 0.6 0.9 1 0.8 1.1 0.4 1 0.6 0.2 −0.3 0.4 0.4 1.5 0.5 0.5 1.1 0.3 1.1 1.5 1.1 1 1.4 −0.3−0.1 1.2 −0.2 1.3 −0.1 1.4 1.3 0.5 1.1 0.9 1.3 1.3 0.6 1.5 −0.3−0.2 0.5 0.4 0.6 0.3 1.2

0.9 −0.1 1 0.7 0.7 1 0.8 0.4 0.8 0.7 0.7 −0.2−0.9 0.3 0.4 −0.3 0.6 0.1 0.4 0.5 0.3 0.6 −0.1 0.6 0.1 −0.3−0.8−0.1 0 1.1 0.2 0.1 0.7 −0.1 0.7 1.1 0.8 0.5 1 −0.7−0.5 0.9 −0.7 0.9 −0.5 1 0.9 0.1 0.7 0.6 0.8 0.8 0.3 1.2 −0.7−0.5 −0.5 0.1 0.2 0 0.9

1.1 0.5 1.1 1 0.9 1.1 1 0.8 1 1 0.9 0.3 −0.1 0.7 0.8 0.3 0.9 0.6 0.8 0.9 0.7 0.9 0.5 0.9 0.6 0.3 0 0.5 0.5 1.2 0.6 0.6 0.9 0.4 1 1.2 1 0.8 1.1 0 0.1 1.1 0 1.1 0.1 1.1 1.1 0.6 1 0.9 1 1 0.6 1.4 −0.1 0.5 0.2 0.4 0.6 0.3 1.1

1.3 0.7 1.3 1.2 1.1 1.3 1.2 1 1.2 1.2 1.1 0.5 0.1 0.9 1 0.5 1.1 0.8 1 1.1 0.9 1.1 0.6 1.1 0.8 0.5 0.2 0.6 0.7 1.4 0.7 0.7 1.1 0.5 1.2 1.4 1.2 1 1.3 0.1 0.3 1.3 0.2 1.3 0.3 1.3 1.3 0.7 1.2 1 1.2 1.2 0.8 1.5 0.1 0.7 0.3 0.6 0.8 0.5 1.3

−0.8−1.3−0.7−0.9−0.9−0.7−0.8 −1 −0.8−0.9−0.9−1.3−1.8−1.1 −1 −1.5−0.9−1.2 −1 −0.9 −1 −0.9−1.3−0.9−1.1−1.4−1.8−1.3−1.2−0.5 −1 −1.2−0.7−1.1−0.7−0.4−0.6 −1 −0.7−1.7−1.5−0.4−1.7−0.4−1.4−0.7−0.4 −1 −0.6−0.7−0.7−0.7−0.8 −1.5−1.4−1.2−1.5−0.8−1.1−0.7−0.2

0.3 −0.3 0.3 0.1 0.1 0.3 0.2 0 0.2 0.2 0.1 −0.4−0.9−0.1 0 −0.5 0.1 −0.2 0 0.1 0 0.1 −0.3 0.1 −0.2−0.5−0.8−0.3−0.3 0.5 −0.1−0.2 0.2 −0.3 0.2 0.5 0.3 0 0.3 −0.8−0.6 0.4 −0.7 0.4 −0.6 0.3 0.4 −0.1 0.3 0.2 0.3 0.3 0.8 −0.8−0.6−0.3−0.6−0.1−0.1−0.1 0.5

0 −1 0.1 −0.2−0.3 0.1 −0.1−0.5−0.1−0.2−0.2 −1 −1.7−0.6−0.4−1.3−0.2−0.8−0.5−0.3−0.5−0.3 −1 −0.2−0.7−1.1−1.7−0.9−0.8 0.3 −0.5−0.8−0.1−0.7−0.1 0.4 0 −0.4 0.1 −1.4−1.2 0.2 −1.5 0.3 −1.1 0.1 0.3 −0.5 0.1 −0.1 0 −0.3 0.7 −1.2 −1 −0.8−1.3−0.4−0.6−0.3 0.4

0 −0.9 0.1 −0.2−0.2 0.1 −0.1−0.5−0.1−0.2−0.2 −1 −1.7−0.6−0.4−1.2−0.2−0.8−0.4−0.3−0.4−0.2 −1 −0.2−0.7−1.1−1.7−0.9−0.8 0.3 −0.5−0.8 0 −0.7−0.1 0.4 0 −0.4 0.1 −1.4−1.2 0.3 −1.5 0.3 −1.1 0.1 0.3 −0.5 0.1 −0.1 0 −0.3 0.7 −1.2 −1 −0.8−1.3−0.4−0.6−0.3 0.4

0.1 −0.6 0.2 −0.1−0.1 0.2 0 −0.3 0 0 −0.1−0.7−1.3−0.4−0.2−0.9−0.1−0.5−0.3−0.1−0.3−0.1−0.7−0.1−0.5−0.8−1.3−0.6−0.5 0.4 −0.3−0.5 0 −0.5 0 0.4 0.1 −0.2 0.2 −1.1−0.9 0.3 −1.1 0.3 −0.9 0.2 0.3 −0.4 0.2 0.1 0.1 −0.2 0.7 −1 −0.9−0.6−0.9−0.3−0.4−0.3 0.4

−0.1−0.8 0 −0.3−0.3−0.1−0.2−0.5−0.2−0.3−0.3−0.9−1.5−0.6−0.4 −1 −0.3−0.7−0.5−0.3−0.5−0.3−0.8−0.3−0.6 −1 −1.4−0.8−0.7 0.1 −0.5−0.7−0.1−0.7−0.2 0.2 −0.1−0.4−0.1−1.3−1.1 0.1 −1.3 0.1 −1 −0.1 0.2 −0.5 −0.2−0.1−0.1−0.3 0.6 −1.2 −1 −0.7−1.1−0.4−0.6−0.4 0.3

0.6 −0.2 0.7 0.4 0.4 0.6 0.5 0.2 0.5 0.4 0.4 −0.3−0.9 0.1 0.2 −0.4 0.4 0 0.2 0.3 0.2 0.4 −0.2 0.3 0 −0.4−0.8−0.2−0.1 0.8 0 −0.1 0.4 −0.2 0.5 0.8 0.5 0.3 0.6 −0.8−0.6 0.7 −0.7 0.7 −0.5 0.6 0.7 0.5 0.4 0.5 0.5 0.1 1 −0.7−0.6−0.1−0.5 0 0 0 0.7

−0.3 −1 −0.2−0.5−0.5−0.3−0.4−0.7−0.4−0.5−0.5−1.1−1.6−0.8−0.6−1.2−0.5−0.9−0.7−0.5−0.6−0.5 −1 −0.5−0.8−1.2−1.6 −1 −0.9−0.1−0.7−0.9−0.3−0.8−0.4 0 −0.2−0.6−0.3−1.5−1.2 0 −1.5 0 −1.2−0.3 −0.7−0.2−0.3−0.3−0.3−0.4 0.4 −1.3−1.1−0.9−1.3−0.6−0.7−0.5 0.1

−0.1−1.1 0 −0.3−0.4 0 −0.2−0.6−0.2−0.3−0.3−1.1−1.9−0.7−0.5−1.4−0.3−0.9−0.6−0.4−0.5−0.4−1.1−0.3−0.8−1.3−1.9−1.1−0.9 0.3 −0.5−0.9−0.1−0.7−0.2 0.3 0 −0.5 0 −1.6−1.3 0.2 −1.6 0.2 −1.2 0.3 −0.6 0.1 −0.2−0.1−0.1−0.3 0.7 −1.3−1.1 −1 −1.4−0.4−0.7−0.4 0.3

1.2 0.4 1.2 1 1 1.2 1.1 0.8 1.1 1 1 0.3 −0.2 0.7 0.8 0.2 1 0.6 0.8 0.9 0.7 1 0.4 0.9 0.6 0.2 −0.2 0.4 0.4 1.3 0.5 0.5 1 0.3 1 1.3 1 0.9 1.2 −0.2 0 1.1 −0.1 1.2 1.2 1.2 0.5 1 0.9 1.1 1.1 0.6 1.4 −0.3−0.1 0.5 0.1 0.4 0.6 0.3 1.1

−0.3 −1 −0.2−0.5−0.5−0.2−0.4−0.7−0.4−0.4−0.5 −1 −1.6−0.7−0.6−1.2−0.4−0.9−0.6−0.5−0.6−0.5 −1 −0.5−0.8−1.2−1.6 −1 −0.9 0 −0.6−0.9−0.3−0.8−0.3 0.1 −0.2−0.6−0.2−1.4−1.2 0 −1.5 −1.2−0.2 0 −0.7−0.1−0.3−0.3−0.3−0.4 0.4 −1.3−1.1−0.9−1.3−0.5−0.7−0.5 0.1

1.6 0.7 1.7 1.4 1.4 1.7 1.5 1.2 1.5 1.4 1.4 0.4 −0.1 1 1.1 0.4 1.3 0.8 1.1 1.2 1 1.4 0.6 1.2 0.8 0.4 0 0.6 0.6 1.7 0.7 0.8 1.3 0.5 1.3 1.7 1.3 1.2 1.7 −0.1 0.1 1.4 1.5 0.1 1.6 1.5 0.7 1.3 1.1 1.5 1.5 0.7 1.7 −0.2 0 0.7 0.2 0.5 0.8 0.4 1.3

−0.3−0.9−0.2−0.4−0.4−0.2−0.3−0.6−0.3−0.4−0.4 −1 −1.5−0.7−0.6−1.1−0.4−0.8−0.6−0.5−0.6−0.4−0.9−0.4−0.8−1.1−1.5−0.9−0.8 0 −0.6−0.8−0.3−0.8−0.3 0.1 −0.2−0.6−0.2−1.4−1.2 −1.4 0 −1.1−0.2 0 −0.7−0.1−0.3−0.3−0.2−0.4 0.4 −1.3−1.1−0.9−1.2−0.5−0.7−0.5 0.1

1.2 0.5 1.3 1.1 1.1 1.3 1.2 0.9 1.2 1.1 1 0.3 −0.2 0.8 0.9 0.3 1 0.6 0.8 0.9 0.8 1 0.4 1 0.6 0.2 −0.2 0.4 0.5 1.4 0.6 0.5 1 0.3 1.1 1.4 1.1 0.9 1.3 −0.2 1.2 −0.1 1.2 0 1.3 1.2 0.6 1.1 0.9 1.2 1.2 0.6 1.5 −0.3−0.1 0.5 0.1 0.4 0.6 0.3 1.1

1.6 0.7 1.6 1.4 1.4 1.6 1.5 1.1 1.5 1.4 1.3 0.5 0 1 1.1 0.5 1.3 0.9 1.1 1.2 1 1.3 0.7 1.2 0.8 0.5 0.1 0.7 0.7 1.7 0.8 0.8 1.3 0.5 1.3 1.6 1.3 1.2 1.6 0.2 1.4 0.1 1.4 0.2 1.6 1.5 0.8 1.3 1.1 1.4 1.4 0.8 1.7 −0.1 0 0.7 0.3 0.6 0.8 0.4 1.3

−0.1−1.1 0 −0.3−0.4 0 −0.2−0.7−0.2−0.3−0.4−1.1 −2 −0.8−0.5−1.5−0.3−0.9−0.6−0.4−0.6−0.4−1.1−0.3−0.8−1.3 −2 −1.1−0.9 0.3 −0.6−0.9−0.1−0.7−0.2 0.3 0 −0.6 −1.6−1.3 0.2 −1.7 0.2 −1.2 0 0.3 −0.6 0.1 −0.2−0.1−0.1−0.3 0.7 −1.3−1.1 −1 −1.4−0.5−0.7−0.4 0.3

0.5 −0.6 0.6 0.2 0.2 0.6 0.4 −0.1 0.4 0.2 0.2 −0.7−1.5−0.2 0 −1 0.2 −0.4−0.1 0.1 −0.1 0.2 −0.7 0.1 −0.4−0.9−1.5−0.6−0.5 0.8 −0.2−0.5 0.3 −0.4 0.3 0.8 0.4 0.6 −1.2−0.9 0.6 −1.2 0.6 −0.9 0.5 0.6 −0.3 0.4 0.2 0.4 0.4 0 1 −1 −0.8−0.5 −1 −0.2−0.3−0.2 0.6

0 −0.8 0.1 −0.2−0.2 0 −0.1−0.5−0.1−0.2−0.2−0.9−1.5−0.6−0.4−1.1−0.2−0.7−0.4−0.3−0.4−0.3−0.9−0.2−0.6 −1 −1.5−0.8−0.7 0.2 −0.5−0.7−0.1−0.6−0.1 0.3 −0.4 0 −1.3−1.1 0.2 −1.3 0.2 −1 0 0.2 −0.5 0.1 −0.1 0 0 −0.3 0.6 −1.2 −1 −0.8−1.1−0.4−0.5−0.4 0.3

−0.4−1.2−0.3−0.6−0.6−0.3−0.5−0.9−0.5−0.6−0.6−1.2−1.9−0.9−0.8−1.5−0.6−1.1−0.8−0.7−0.8−0.6−1.2−0.6 −1 −1.4−1.9−1.2 −1 −0.1−0.7−1.1−0.4−0.9−0.4 −0.3−0.8−0.3−1.6−1.4−0.1−1.7−0.1−1.3−0.3 0 −0.8−0.2−0.4−0.4−0.4−0.5 0.4 −1.4−1.2−1.1−1.5−0.6−0.8−0.5 0.1

0.1 −0.8 0.2 −0.1−0.1 0.2 0 −0.4 0 −0.1−0.1−0.9−1.6−0.5−0.3−1.1−0.1−0.6−0.3−0.2−0.4−0.2−0.8−0.1−0.6 −1 −1.5−0.8−0.7 0.4 −0.4−0.6 0 −0.6 0.4 0.1 −0.3 0.2 −1.3−1.1 0.3 −1.3 0.3 −1 0.2 0.4 −0.5 0.2 0 0.1 0.1 −0.2 0.7 −1.2 −1 −0.7−1.1−0.3−0.5−0.3 0.4

0.7 0 0.8 0.6 0.5 0.7 0.6 0.4 0.6 0.6 0.5 −0.1−0.6 0.3 0.4 −0.2 0.5 0.2 0.4 0.5 0.3 0.5 0 0.5 0.2 −0.1−0.5 0 0.1 0.9 0.2 0.1 0.6 0.6 0.9 0.6 0.4 0.7 −0.5−0.3 0.8 −0.5 0.8 −0.3 0.7 0.8 0.2 0.7 0.5 0.7 0.7 0.3 1.1 −0.5−0.4 0.1 −0.3 0.1 0.2 0.1 0.8

0.1 −0.8 0.1 −0.1−0.2 0.1 0 −0.4 0 −0.1−0.1−0.8−1.5−0.5−0.3 −1 −0.1−0.6−0.3−0.2−0.3−0.2−0.8−0.2−0.5−0.9−1.4−0.8−0.6 0.3 −0.4−0.6 −0.6 0 0.4 0.1 −0.3 0.1 −1.3 −1 0.3 −1.3 0.3 −1 0.1 0.3 −0.4 0.1 0 0 0.1 −0.2 0.7 −1.1−0.9−0.7−1.1−0.4−0.5−0.3 0.4

0.9 −0.1 1 0.6 0.6 0.9 0.8 0.4 0.8 0.6 0.6 −0.3 −1 0.2 0.4 −0.4 0.6 0 0.3 0.5 0.3 0.6 −0.2 0.5 0.1 −0.4−0.9−0.2−0.1 1.1 0.1 0.6 −0.1 0.6 1.1 0.7 0.5 0.9 −0.8−0.5 0.8 −0.8 0.9 −0.5 0.9 0.9 0.1 0.7 0.5 0.8 0.8 0.2 1.2 −0.7−0.6−0.1−0.5 0 0.1 0 0.8

0.5 −0.2 0.6 0.4 0.3 0.6 0.4 0.1 0.4 0.4 0.3 −0.3−0.9 0.1 0.2 −0.4 0.3 −0.1 0.2 0.3 0.1 0.3 −0.2 0.3 0 −0.4−0.8−0.2−0.2 0.7 −0.1 0.4 −0.2 0.4 0.7 0.5 0.2 0.6 −0.8−0.6 0.6 −0.7 0.6 −0.5 0.5 0.7 0 0.5 0.3 0.5 0.5 0.1 1 −0.7−0.6−0.2−0.5 0 0 −0.1 0.7

−0.4−1.3−0.2−0.6−0.6−0.3−0.4−0.9−0.4−0.5−0.6−1.2 −2 −0.9−0.7−1.6−0.5−1.1−0.8−0.6−0.7−0.6−1.3−0.5 −1 −1.4 −2 −1.2−1.1 −0.7−1.1−0.3−0.9−0.4 0.1 −0.2−0.8−0.3−1.7−1.4 0 −1.7 0 −1.3−0.3 0.1 −0.8−0.1−0.4−0.3−0.3−0.5 0.5 −1.4−1.2−1.1−1.5−0.6−0.8−0.5 0.2

0.9 0 1 0.7 0.6 0.9 0.8 0.4 0.8 0.7 0.6 −0.2−0.8 0.3 0.4 −0.3 0.6 0.1 0.4 0.5 0.3 0.6 −0.1 0.5 0.1 −0.3−0.7−0.1 1.1 0.2 0.1 0.6 −0.1 0.7 1 0.7 0.5 0.9 −0.7−0.5 0.8 −0.6 0.9 −0.4 0.9 0.9 0.1 0.7 0.5 0.8 0.8 0.3 1.2 −0.7−0.5 0 −0.4 0.1 0.2 0 0.9

1.1 0 1.2 0.8 0.8 1.1 0.9 0.5 1 0.8 0.8 −0.2−0.8 0.4 0.6 −0.2 0.8 0.2 0.5 0.6 0.4 0.8 0 0.7 0.2 −0.2−0.8 0.1 1.2 0.2 0.2 0.8 0 0.8 1.2 0.8 0.6 1.1 −0.7−0.4 0.9 −0.6 1 −0.4 1.1 1 0.2 0.8 0.6 0.9 0.9 0.3 1.3 −0.6−0.5 0.1 −0.4 0.1 0.2 0.1 0.9

1.9 0.8 2 1.7 1.7 2 1.8 1.4 1.8 1.7 1.6 0.5 −0.1 1.2 1.3 0.5 1.5 1 1.3 1.4 1.2 1.6 0.8 1.4 1 0.5 0.8 0.7 2 0.8 0.9 1.4 0.5 1.5 1.9 1.5 1.5 2 −0.1 0.2 1.5 0 1.6 0.2 1.9 1.6 0.8 1.4 1.3 1.7 1.7 0.8 1.8 −0.2 0 0.8 0.3 0.6 0.9 0.4 1.4

1.3 0.3 1.4 1 1 1.3 1.1 0.8 1.2 1 1 0 −0.6 0.6 0.8 0 1 0.4 0.7 0.9 0.6 1 0.2 0.9 0.4 −0.5 0.2 0.3 1.4 0.4 0.4 0.9 0.1 1 1.4 1 0.9 1.3 −0.5−0.2 1.1 −0.4 1.2 −0.2 1.3 1.2 0.4 1 0.8 1.1 1.1 0.5 1.4 −0.5−0.3 0.3 −0.2 0.3 0.4 0.2 1.1

0.8 −0.2 0.9 0.5 0.5 0.8 0.7 0.3 0.7 0.6 0.5 −0.3 −1 0.1 0.3 −0.5 0.5 0 0.3 0.4 0.2 0.5 −0.2 0.4 −0.4 −1 −0.2−0.1 1 0 −0.1 0.5 −0.2 0.6 1 0.6 0.4 0.8 −0.8−0.6 0.8 −0.8 0.8 −0.6 0.8 0.8 0 0.6 0.5 0.7 0.7 0.2 1.1 −0.8−0.6−0.1−0.6 0 0 0 0.8

0.3 −0.7 0.4 0.1 0 0.3 0.2 −0.2 0.2 0.1 0 −0.7−1.4−0.3−0.2−0.9 0 −0.5−0.2−0.1−0.2 0 −0.7 −0.4−0.9−1.4−0.7−0.5 0.5 −0.3−0.5 0.2 −0.5 0.1 0.6 0.2 −0.1 0.3 −1.2 −1 0.4 −1.2 0.5 −0.9 0.3 0.5 −0.3 0.3 0.1 0.2 0.2 −0.1 0.9 −1.1−0.9−0.6 −1 −0.3−0.3−0.2 0.5

1.1 0 1.2 0.8 0.8 1.2 1 0.6 1 0.8 0.8 −0.1−0.8 0.4 0.6 −0.2 0.8 0.2 0.5 0.7 0.4 0.8 0.7 0.2 −0.2−0.8 0 0.1 1.3 0.2 0.2 0.8 0 0.8 1.2 0.9 0.7 1.1 −0.7−0.4 0.9 −0.6 1 −0.4 1.1 1 0.2 0.8 0.7 1 1 0.3 1.3 −0.6−0.5 0.1 −0.4 0.1 0.3 0.1 0.9

0.3 −0.8 0.4 0 0 0.4 0.2 −0.3 0.2 0.1 0 −0.8−1.6−0.4−0.2−1.1 0 −0.6−0.2−0.1−0.2 −0.8 0 −0.5 −1 −1.6−0.8−0.6 0.6 −0.3−0.6 0.2 −0.5 0.2 0.6 0.3 −0.2 0.4 −1.3 −1 0.4 −1.4 0.5 −1 0.4 0.5 −0.4 0.3 0.1 0.2 0.3 −0.1 0.9 −1.1−0.9−0.6−1.1−0.3−0.4−0.2 0.5

0.5 −0.4 0.6 0.3 0.3 0.6 0.4 0 0.4 0.3 0.3 −0.5−1.2−0.1 0.1 −0.7 0.3 −0.3 0 0.2 0.2 −0.4 0.2 −0.2−0.6−1.2−0.4−0.3 0.7 −0.1−0.3 0.3 −0.3 0.4 0.8 0.4 0.1 0.6 −1 −0.8 0.6 −1 0.6 −0.7 0.5 0.6 −0.2 0.5 0.3 0.4 0.5 0 1 −0.9−0.7−0.3−0.8−0.1−0.1−0.1 0.6

0.4 −0.6 0.5 0.1 0.1 0.4 0.3 −0.2 0.3 0.1 0.1 −0.7−1.5−0.3−0.1−0.9 0.1 −0.5−0.1 −0.2 0.1 −0.7 0.1 −0.4−0.9−1.4−0.6−0.5 0.6 −0.3−0.5 0.2 −0.5 0.2 0.7 0.3 −0.1 0.4 −1.2−0.9 0.5 −1.2 0.5 −0.9 0.4 0.5 −0.3 0.3 0.1 0.3 0.3 −0.1 0.9 −1.1−0.9−0.5 −1 −0.2−0.3−0.2 0.6

0.5 −0.5 0.6 0.3 0.3 0.6 0.4 0 0.4 0.3 0.3 −0.6−1.3−0.1 0 −0.8 0.2 −0.3 0.1 0 0.2 −0.5 0.2 −0.3−0.7−1.3−0.5−0.4 0.8 −0.2−0.3 0.3 −0.4 0.3 0.8 0.4 0.1 0.6 −1.1−0.8 0.6 −1.1 0.6 −0.8 0.6 0.7 −0.2 0.5 0.3 0.4 0.5 0 1 −1 −0.8−0.4−0.9−0.2−0.2−0.2 0.6

0.9 −0.2 1 0.6 0.6 0.9 0.7 0.3 0.8 0.6 0.6 −0.3 −1 0.2 0.4 −0.5 0.6 0.3 0.5 0.3 0.6 −0.2 0.5 0 −0.4 −1 −0.2−0.1 1.1 0.1 0 0.6 −0.2 0.6 1.1 0.7 0.4 0.9 −0.9−0.6 0.8 −0.8 0.9 −0.6 0.9 0.9 0 0.7 0.5 0.8 0.8 0.2 1.2 −0.8−0.6−0.1−0.6 0 0.1 0 0.8

0.3 −0.8 0.4 0 0 0.3 0.1 −0.3 0.2 0 0 −0.8−1.6−0.4−0.2−1.1 −0.6−0.2−0.1−0.3 0 −0.8 0 −0.5 −1 −1.5−0.8−0.6 0.5 −0.3−0.6 0.1 −0.5 0.1 0.6 0.2 −0.2 0.3 −1.3 −1 0.4 −1.3 0.4 −1 0.3 0.5 −0.4 0.3 0.1 0.2 0.2 −0.1 0.9 −1.1−0.9−0.6−1.1−0.3−0.4−0.3 0.5

1.4 0.3 1.5 1.2 1.2 1.5 1.3 0.9 1.3 1.2 1.1 0.1 −0.6 0.7 0.8 1.1 0.5 0.8 0.9 0.7 1.1 0.2 0.9 0.5 0 −0.5 0.2 0.3 1.6 0.4 0.4 1 0.2 1.1 1.5 1.1 1 1.5 −0.5−0.3 1.1 −0.4 1.2 −0.2 1.4 1.2 0.4 1 0.9 1.2 1.3 0.5 1.5 −0.5−0.3 0.3 −0.2 0.3 0.5 0.2 1.1

0.5 −0.5 0.6 0.2 0.2 0.6 0.4 −0.1 0.4 0.3 0.2 −0.6−1.4−0.2 −0.8 0.2 −0.4 0 0.1 −0.1 0.2 −0.6 0.2 −0.3−0.8−1.3−0.6−0.4 0.7 −0.2−0.4 0.3 −0.4 0.3 0.8 0.4 0 0.5 −1.1−0.9 0.6 −1.1 0.6 −0.8 0.5 0.6 −0.2 0.4 0.2 0.4 0.4 0 1 −1 −0.8−0.4−0.9−0.2−0.2−0.2 0.6

0.7 −0.4 0.8 0.5 0.4 0.8 0.6 0.1 0.6 0.5 0.4 −0.5−1.3 0.2 −0.7 0.4 −0.2 0.1 0.3 0.1 0.4 −0.4 0.3 −0.1−0.6−1.2−0.4−0.3 0.9 −0.1−0.2 0.5 −0.3 0.5 0.9 0.6 0.2 0.8 −1 −0.8 0.7 −1 0.7 −0.7 0.7 0.8 −0.1 0.6 0.4 0.6 0.6 0.1 1.1 −0.9−0.7−0.3−0.8−0.1−0.1−0.1 0.7

1.9 0.9 2 1.7 1.7 2 1.8 1.4 1.8 1.7 1.6 0.6 1.3 1.4 0.6 1.6 1 1.3 1.5 1.2 1.6 0.8 1.4 1 0.6 0.1 0.8 0.8 2 0.9 1 1.5 0.6 1.6 1.9 1.5 1.5 2 0 0.2 1.5 0.1 1.6 0.2 1.9 1.6 0.9 1.5 1.3 1.7 1.7 0.9 1.8 −0.1 0.1 0.9 0.3 0.6 1 0.4 1.4

1.1 0.2 1.2 0.9 0.9 1.1 1 0.6 1 0.9 0.8 −0.6 0.5 0.6 −0.1 0.8 0.3 0.6 0.7 0.5 0.8 0.1 0.7 0.3 0 −0.5 0.2 0.2 1.2 0.3 0.3 0.8 0.1 0.9 1.2 0.9 0.7 1.1 −0.5−0.3 1 −0.4 1 −0.3 1.1 1.1 0.3 0.9 0.7 1 1 0.4 1.3 −0.5−0.3 0.2 −0.2 0.2 0.4 0.1 1

0.3 −0.8 0.4 0 0 0.4 0.2 −0.3 0.2 0 −0.8−1.6−0.4−0.2−1.1 0 −0.6−0.3−0.1−0.3 0 −0.8 0 −0.5 −1 −1.6−0.8−0.6 0.6 −0.3−0.6 0.1 −0.5 0.1 0.6 0.2 −0.2 0.4 −1.3 −1 0.4 −1.4 0.5 −1 0.3 0.5 −0.4 0.3 0.1 0.2 0.2 −0.1 0.9 −1.1−0.9−0.7−1.1−0.3−0.4−0.3 0.5

0.2 −0.8 0.4 0 −0.1 0.3 0.1 −0.3 0.1 0 −0.9−1.7−0.5−0.3−1.2 0 −0.6−0.3−0.1−0.3−0.1−0.8−0.1−0.6 −1 −1.7−0.8−0.7 0.5 −0.4−0.6 0.1 −0.6 0.1 0.6 0.2 −0.2 0.3 −1.4−1.1 0.4 −1.4 0.4 −1 0.3 0.5 −0.4 0.3 0 0.2 0.2 −0.2 0.9 −1.2 −1 −0.7−1.2−0.3−0.4−0.3 0.5

0.1 −1 0.2 −0.2−0.2 0.2 0 −0.5 −0.1−0.2 −1 −1.8−0.6−0.4−1.3−0.2−0.8−0.4−0.3−0.4−0.2 −1 −0.2−0.7−1.2−1.8 −1 −0.8 0.4 −0.4−0.8 0 −0.6 0 0.5 0.1 −0.4 0.2 −1.5−1.2 0.3 −1.5 0.4 −1.1 0.2 0.4 −0.5 0.2 0 0.1 0.1 −0.2 0.8 −1.2 −1 −0.8−1.3−0.4−0.5−0.3 0.4

0.6 −0.5 0.7 0.3 0.3 0.7 0.5 0.5 0.3 0.3 −0.6−1.4−0.1 0.1 −0.9 0.3 −0.3 0 0.2 0 0.3 −0.6 0.2 −0.3−0.8−1.4−0.5−0.4 0.9 −0.1−0.4 0.4 −0.4 0.4 0.9 0.5 0.1 0.7 −1.1−0.9 0.6 −1.2 0.7 −0.8 0.6 0.7 −0.2 0.5 0.3 0.5 0.5 0 1 −1 −0.8−0.4−0.9−0.2−0.2−0.2 0.7

0.1 −1 0.2 −0.1−0.2 0.2 −0.5 0 −0.1−0.2 −1 −1.8−0.6−0.4−1.3−0.1−0.7−0.4−0.3−0.4−0.2 −1 −0.2−0.7−1.1−1.8−0.9−0.8 0.4 −0.4−0.8 0 −0.6 0 0.5 0.1 −0.4 0.2 −1.5−1.2 0.3 −1.5 0.4 −1.1 0.2 0.4 −0.5 0.2 0 0.1 0.1 −0.2 0.8 −1.2 −1 −0.8−1.3−0.4−0.5−0.3 0.4

−0.1−1.2 0 −0.4−0.4 −0.2−0.7−0.2−0.3−0.4−1.1 −2 −0.8−0.6−1.5−0.3−0.9−0.6−0.4−0.6−0.4−1.2−0.3−0.8−1.3 −2 −1.1−0.9 0.3 −0.6−0.9−0.1−0.7−0.2 0.3 0 −0.6 0 −1.6−1.3 0.2 −1.7 0.2 −1.2 0 0.3 −0.6 0.1 −0.2−0.1−0.1−0.3 0.7 −1.3−1.1 −1 −1.4−0.5−0.7−0.4 0.3

0.3 −0.8 0.4 0 0.4 0.2 −0.3 0.2 0.1 0 −0.9−1.7−0.4−0.2−1.2 0 −0.6−0.3−0.1−0.3 0 −0.8 0 −0.5 −1 −1.7−0.8−0.6 0.6 −0.3−0.6 0.2 −0.5 0.1 0.6 0.2 −0.2 0.4 −1.4−1.1 0.4 −1.4 0.5 −1 0.4 0.5 −0.4 0.3 0.1 0.2 0.3 −0.1 0.9 −1.1−0.9−0.7−1.2−0.3−0.4−0.3 0.5

0.3 −0.8 0.4 0 0.4 0.1 −0.3 0.2 0 0 −0.9−1.7−0.5−0.2−1.2 0 −0.6−0.3−0.1−0.3 0 −0.8−0.1−0.5 −1 −1.7−0.8−0.7 0.6 −0.4−0.6 0.1 −0.6 0.1 0.6 0.2 −0.2 0.3 −1.4−1.1 0.4 −1.4 0.5 −1 0.3 0.5 −0.4 0.3 0.1 0.2 0.2 −0.1 0.9 −1.2 −1 −0.7−1.2−0.3−0.4−0.3 0.5

−0.1−1.2 −0.4−0.4 0 −0.2−0.7−0.2−0.4−0.4−1.2 −2 −0.8−0.6−1.5−0.4 −1 −0.6−0.5−0.6−0.4−1.2−0.4−0.9−1.4 −2 −1.2 −1 0.2 −0.6 −1 −0.1−0.8−0.2 0.3 −0.1−0.6 0 −1.6−1.3 0.2 −1.7 0.2 −1.2 0 0.2 −0.7 0 −0.2−0.1−0.1−0.3 0.7 −1.3−1.1 −1 −1.5−0.5−0.7−0.4 0.3

1.1 1.2 0.8 0.8 1.2 1 0.5 1 0.8 0.8 −0.2−0.9 0.4 0.5 −0.3 0.8 0.2 0.5 0.6 0.4 0.8 0 0.7 0.2 −0.3−0.8 0 0 1.3 0.2 0.1 0.8 0 0.8 1.2 0.8 0.6 1.1 −0.7−0.5 0.9 −0.7 1 −0.4 1.1 1 0.2 0.8 0.6 0.9 1 0.3 1.3 −0.7−0.5 0.1 −0.5 0.1 0.2 0 0.9

−1.1 0.1 −0.3−0.3 0.1 −0.1−0.6−0.1−0.2−0.3−1.1−1.9−0.7−0.5−1.4−0.3−0.9−0.5−0.4−0.5−0.3−1.1−0.3−0.8−1.3−1.9−1.1−0.9 0.4 −0.5−0.9−0.1−0.7−0.1 0.4 0 −0.5 0.1 −1.6−1.2 0.3 −1.6 0.3 −1.2 0.1 0.3 −0.6 0.1 −0.1 0 0 −0.3 0.8 −1.3−1.1−0.9−1.4−0.4−0.6−0.4 0.4
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Entity on x-axis:
(
index of B,m/z of B, peak-area(B, s1 ), peak-area(B, s2 )
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Heatmap of ẑ as a function of a pair (A,B) of chemical species of product ions

where ẑAB
def
=

Ê1 [ΦAB ]−Ê2 [ΦAB ]√
v̂ar[Ê1 [ΦAB ]] + v̂ar[Ê2 [ΦAB ]]

and ΦAB
def
=

peak-area(A,S)

peak-area(A,S) + peak-area(B,S)
.

(S1 , S2 ) is a pair of repeated runs of LC-MS/MS observed as (s1 , s2 ) where (S1 , S2 )
iid∼ S.

The peptide-species P whose sequence is HGTVVLTALGGILK generated both A and B.

Figure 5.3: A heatmap generated by Algorithm 2. ΦAB denotes the fraction of A in a mix
of both A and B; ẑAB denotes first estimate of E[ΦAB ] − second estimate of E[ΦAB ]√

estimated variance of first estimate + estimated variance of second estimate

or equivalently predicted E[ΦAB ] − true E[ΦAB ]

predicted
√

var[ΦAB ]
.
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Heatmap of ẑ as a function of a pair (A,B) of chemical species of product ions

where ẑAB
def
=

Ê1 [ΦAB ]−Ê2 [ΦAB ]√
v̂ar[Ê1 [ΦAB ]] + v̂ar[Ê2 [ΦAB ]]

and ΦAB
def
=

peak-area(A,S)

peak-area(A,S) + peak-area(B,S)
.

(S1 , S2 ) is a pair of repeated runs of LC-MS/MS observed as (s1 , s2 ) where (S1 , S2 )
iid∼ S.

The peptide-species P whose sequence is HGTVVLTALGGILKK generated both A and B.

Figure 5.4: A heatmap generated by Algorithm 2. ΦAB denotes the fraction of A in a mix
of both A and B; ẑAB denotes first estimate of E[ΦAB ] − second estimate of E[ΦAB ]√

estimated variance of first estimate + estimated variance of second estimate

or equivalently predicted E[ΦAB ] − true E[ΦAB ]

predicted
√

var[ΦAB ]
.
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5.4.3 Test result

In the test dataset, we observed three pairs of runs of LC-MS/MS. For each of these three
pairs, at least one precursor-ion species is selected for MS2 by both runs. Algorithm 2 takes
as input these two runs and the product-ion species observed in these two runs. Algorithm 2
outputs a heatmap (see Figures 5.2 to 5.4). The values of the color key in Figure 5.2 very
closely follow the standard normal. The values of the color key in Figure 5.3 closely follow
the standard normal, because the distribution of these values is slightly less heavy-tailed
than the standard normal. The values of the color key in Figure 5.4 closely follow the
standard normal, because the distribution of these values is slightly more heavy-tailed
than the standard normal.

In each heatmap (Figures 5.2 to 5.4), the intensities are evenly distributed in a typical
random subregion of this heatmap. Thus, the skewness in each heatmap is approximately
zero. The heatmap in Figure 5.2 has no outlier. The heatmap in Figure 5.3 has no outlier.
The heatmap in Figure 5.4 has only one weak outlier. This weak outlier is at the 29th row,
or equivalently the 29th column, of this heatmap.

For any A1 , any A2 , any B1 , and any B2 ,

A1

A1 + A2

− B1

B1 +B2

≡ −
(

A2

A1 + A2

− B2

B1 +B2

)
.

Thus, in each heatmap in Figures 5.2 to 5.4, the upper right triangle is symmetric to the
additive inverse of the lower left triangle, and vice versa. Thus, the plot of the density of
a color key as a function of the value of this color key is always symmetric with respect
to the zero of this value. Thus, the skewness in the distribution of the values of the color
key cannot be assessed in any heatmap in Figures 5.2 to 5.4. However, this skewness can
be assessed in one of these two triangles. Thus, for each heatmap in Figures 5.2 to 5.4,
Algorithm 2 selected only the intensities in the upper right triangle of this heatmap to
generate Figure 5.5. Figure 5.5 shows that the intensities in every heatmap approximately
follow the standard normal.

Each heatmap in Figures 5.2 to 5.4 has more than 100 degrees of freedom. Thus,
Figures 5.2 to 5.4 have in total more than 300 degrees of freedom. And our model from
which we derived our empirical formula does not have any free parameter. Thus, our
empirical formula is not subject to overfitting. Thus, in Figure 5.5, the approximate
match between the observed distribution and the expected standard normal is significant.

To further prove the significance of this approximate match, we repeated the follow-
ing procedure four times: First, we randomly selected from our test dataset some MS2
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Figure 5.5: The Q-Q plots generated by Algorithm 2. These Q-Q plots correspond to
Figures 5.2 to 5.4 respectively from left to right. Each of these Q-Q plots is generated with
only the intensities above the diagonal of the corresponding heatmap.

spectra generated by a mixture of pairwise different precursors. Then, we evaluated our
empirical formula on these MS2 spectra. Next, to visualize the result of such evaluation,
we constructed a heatmap that is similar to the heatmap shown in Figure 5.2. In each
heatmap constructed with this procedure, the intensities are not bell-shaped. Moreover,
more than 20% of these intensities are not in the z-score range between −5 and 5. Thus,
this approximate match is unlikely to occur by chance.

The calculation of both peak-area and XIC runs in time that is linear with respect
to input size. Thus, the running time for evaluating our empirical formula is linear with
respect to input size.

5.5 Discussion

Let A and B be two different chemical species. In one given run of LC-MS/MS, let X be the
peak-area of A and let Y be the peak-area of B. X and Y denote quantity of A and quantity
of B that are both detected in this run of LC-MS/MS respectively. Let us suppose that
the X

X+Y
of the same sample are observed in multiple repeated runs of LC-MS/MS. Then,

the multiple X
X+Y

, observed from these multiple repeated runs respectively, all estimate the

expected value of X
X+Y

. The expected value of X
X+Y

represents the quantity of A relative

to B in this same sample. However, every observed X
X+Y

is characterized by some random
error because every run of LC-MS/MS is inherently stochastic.
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Sample variance is undefined for one observation. Similarly, empirical estimation of
random error is undefined for one run. Thus, if only one run of LC-MS/MS is used for
estimating X

X+Y
, then the estimation of the random error in this estimate is challenging.

However, from some reasonable assumptions that are partially supported by evidence in
the literature, we mathematically deduced an empirical formula that estimates, by using
only one run of LC-MS/MS, the random error in such X

X+Y
.

We tested our empirical formula with some pairs of repeated runs of LC-MS/MS. Our
empirical formula estimated the random error in X

X+Y
for more than 10000 (X, Y ) pairs.

Both X and Y in these pairs assumed values from below 100 to above 40000. Then, the esti-
mated random errors are compared with the actual random errors observed in two repeated
runs. This comparison confirms that our empirical formula can approximately estimate the
random error in X

X+Y
. Our empirical formula is not extensively tested on multiple datasets

that are respectively produced by multiple LC-MS/MS instruments, However, our empiri-
cal formula is likely to be applicable to a dataset that is produced by a similar instrument
analyzing a non-complex sample.

Our work has several limitations. First, compared with a QTOF mass spectrometer,
other mass spectrometers, such as Fourier transform ion cyclotron resonance (FTICR) mass
spectrometer, have different working mechanisms. Thus, our empirical formula may not
be applicable to an arbitrary dataset. Moreover, our empirical formula estimates only the
random error in measuring the quantity of a chemical species relative to another chemical
species. Thus, our empirical formula does not estimate the random error in measuring
the absolute quantity of any chemical species, does not address any systematic error, and
cannot reduce the random error in the estimate of the mean value of X

X+Y
in the same way

as repeated runs. Despite all these limitations, our empirical formula is still useful. Let us
suppose that, by using only one run of LC-MS/MS, a QTOF mass spectrometer analyzed
a non-complex sample. Then, our empirical formula can estimate the random error in the
measured quantity of a chemical species in this sample relative to another chemical species.
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Chapter 6

Caveats about using MSE for RP-MS

One run of targeted LC-MS/MS usually can cover only one peptide. However, one run of
LC-MSE covers all peptides in the sample analyzed by this run. Thus, we hypothesized
that MSE can improve the spatial resolution of radical-probe mass spectrometry (RP-
MS), because MSE could make RP-MS at subpeptide resolution less labor-intensive and
less time-consuming if our hypothesis is true. Unfortunately, our hypothesis is wrong.
However, we learned some important lessons that can be shared. This chapter presents
the background on MSE, an MSE dataset, a lower bound on the interference to desired
signal in MSE spectra, how the MSE dataset failed to confirm our hypothesis, and why our
hypothesis is wrong. Past works related to RP-MS are presented in Section 4.2 and are
thus omitted in this chapter.

6.1 Background of MSE

MSE, a technology in mass spectrometry, was pioneered by the Waters Corporation [35].
The superscripted letter E in MSE stands for varying levels of energy. In MSE, the collision-
induced dissociation (CID) alternates between the low-energy mode and the high-energy
mode. In low-energy mode, collision energy is low. Thus, the percentage of precursor
ions that fragment and subsequently become product ions is low. Thus, low-energy CID
produces MS1-like spectra. In high-energy mode, collision energy is high. Thus, the per-
centage of precursor ions that fragment and subsequently become product ions is high.
Thus, high-energy CID produces MS2-like spectra. In MSE, all molecules coming from the
inlet of a mass spectrometer are selected for fragmentation regardless of CID mode. Thus,
the precursor selectivity in MSE is low.
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MSE has several advantages compared with MS/MS. First, MS/MS selects at each
retention time (RT) only the precursors that satisfy certain predefined conditions for MS2.
This satisfaction is highly non-reproducible. However, MSE selects at each RT all pre-
cursors for high-energy CID. Thus, precursor selectivity is relatively constant across MSE

experiments but varies across MS/MS experiments. Thus, the result generated by MSE

is generally more reproducible than the result generated by MS/MS. Moreover, MS/MS
selects at each RT only the precursors that are within a narrow window of m/z for MS2.
However, MSE selects at each RT all precursors for high-energy CID. Thus, the analysis
by MSE is more comprehensive than the analysis by MS/MS.

Unfortunately, given the same precursors to be selected for either high-energy CID
or MS2, MSE selects a larger quantity of more-chemically-heterogeneous precursors than
MS/MS would select. Thus, MS2-like spectra produced by MSE are both more complex
and noisier than MS2 spectra produced by MS/MS.

Mass spectra produced by one run of MSE can identify endogenous metabolites in rat
urines [35]. Moreover, appropriate processing of MSE spectra can enhance the discovery of
metabolites [5]. Unfortunately, MSE has been used for only characterizing small metabo-
lites. Thus, performance of MSE for protein mass spectrometry (MS) is unknown, and
performance of MSE for RP-MS is completely unknown. However, one run of MSE can
potentially cover all peptides that would require multiple runs of conventional MS/MS to
cover. Thus, evaluating the performance of MSE for studying proteins is important. For
example, to cover a peptide by LC-MS/MS, one run has to target this peptide during the
entire RT range of this peptide. Thus, the coverage of multiple peptides of interest requires
multiple runs of LC-MS/MS. However, if the MS2-like spectra produced by MSE are not
much noisier and not much more complex than the MS2 spectra produced by MS/MS, then
the coverage of multiple peptides of interest would require only one run of MSE. More-
over, MSE selects all precursors for high-energy CID. Thus, MSE can potentially cover all
oxidized products of this peptide of interest in only one run.

6.2 The MSE dataset

The MSE dataset was generated by an RP-MS experiment conducted by Siavash Vahidi and
Professor Lars Konermann. The mass spectrometer performed MSE instead of MS/MS in
this RP-MS experiment that is otherwise standard. This RP-MS experiment proceeded as
follows: First, fast photochemical oxidation of protein (FPOP) was performed on apomyo-
globin (PDB 1WLA). After this FPOP, some apomyoglobins were covalently modified. Next,
trypsin cleaved all apomyoglobins into peptides. Then, these peptides were eluted and thus

64



m/z

r.
 in

t. 
(%

)

100 200 300 400 500 600 700

-90

-60

-30

0

30

60

90
362.7224 (1)

363.2227 (1)

147.1578 (1)

253.0839 (1)

130.1278 (1)

259.1012 (1)

259.1005 (1)

351.0437 (1)

150.1387 (1)

724.2830 (1)

724.2802 (1)

240.9555 (1)

494.2601 (1)

129.1814 (1) 203.1862 (1)

249.9502 (1)

373.0213 (1)266.0537 (1)149.1034 (1)

379.0380 (1)

341.2468 (1)

347.9103 (1) 412.2802 (1)

376.9063 (1)201.1330 (1) 238.9604 (1) 494.2652 (1)

215.1386 (1)

281.1309 (1)152.9848 (1)

295.9539 (1)

605.8189 (1)

149.1078 (1)

572.7642 (1) 760.7265 (1)

SV_G2_0184 [200]
SV_G2_0184 [5288]

Figure 6.1: A pair of consecutive mass spectra in the MSE dataset. First, the low-energy
CID of TEAE(M)(+15.99)K generated the upper MS1-like spectrum. Immediately after-
wards, the high-energy CID of TEAE(M)(+15.99)K generated the lower MS2-like spectrum.
The y-axis represents relative intensity.

separated by high-performance liquid chromatography (HPLC). While HPLC is eluting
these peptides, the peptides that HPLC finished eluting were ionized by, analyzed by,
and then detected by a Synapt G2 mass spectrometer (Waters, Milford, MA). This mass
spectrometer was always in MSE mode. The CID energy inside this mass spectrometer
was alternating between 20.0eV and 30.0eV. Finally, a sequence of raw MSE spectra was
generated by this mass spectrometer. We converted this sequence of raw MSE spectra into
the mzML format by using MSConvert [7].

6.3 A lower bound on the interference-to-signal ratios

in the MSE dataset

Let us define the following:

1. Let ∆m be the resolution of the mass spectrometer.
2. Let M be the length of the continuous m/z range of the mass spectrometer such that

almost all peak intensities are within this range. The unit of m/z is dalton.
3. Let n+1 be the number of residues in a peptide of interest.
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4. Let r be the following proportion in an MS1-like spectrum: the sum of the intensities
in the desired m/z intervals to the sum of all intensities. Let us suppose that M=
1000Da. Let us suppose that the desired signal intensity can be in the following m/z
intervals: [200,200.1] and [201,201.1]. Then, r=((200.1−200)+(201.1−201))/1000.

5. Signaling peaks are the peaks that we are interested in. Signal is the sum of the
respective intensities of all signaling peaks. Noisy peaks are the peaks that we are
not interested in. Noise is the sum of the respective intensities of all noisy peaks. An
interfering peak is a noisy peak whose m/z overlaps with the m/z of any signaling
peak. Interference is the sum of the respective intensities of all interfering peaks.

Let us make the following optimistic assumptions.

1. The respective m/z of noisy peaks are evenly distributed in a range of length M .
2. Every precursor ion forms at most one singly charged y-ion. This y-ion always has

two isotopes.
3. The accuracy of the mass spectrometer is perfect.

For both MS1-like spectra and MS2-like spectra, r denotes the ratio of signal to noise. In
RP-MS, signaling peaks are generated by only oxidized or unoxidized y-ions. These y-ions
are formed by only mono-oxidized precursors in a typical RT range of interest. For each
i∈[1...n], yi can be either unoxidized or mono-oxidized and generates two isotopic peaks.
Thus, yi can generate 2×2×n signaling peaks. Thus, the signal is within a noncontigu-
ous m/z range of 2×2×n×∆m, because each signaling peak has a width of ∆m. Thus,
1−r
M
÷ r

2×2×n×∆m
denote the ratio of interference to signal, because all noisy peaks are

distributed over an m/z range of length M .

The following is observed in the MSE dataset. M≈1000Da because almost all peaks are
in the m/z range from 100Da to 1100Da. ∆m≈0.1Da. n=10 for a typical tryptic peptide
of apomyoglobin (PDB 1WLA). r≈0.01 for a typical mass spectrum, although the respective

r of two mass spectra can differ by orders of magnitude. Thus,
1−r
M
÷ r

2×2×n×∆m
≈2

5
.

Thus, on average, the interference is 40% of the signal.

Worse still, our assumptions are overly optimistic. For example, high-energy CID can
generate an ion that is not a standard y-ion, sources other than irrelevant precursor ions
can generate noisy peaks, and the accuracy of the mass spectrometer is not perfect. Thus,
y′i÷(yi+y

′
i) as a function of i is unlikely to be generally increasing, where yi and y′i are

defined in Section 4.4.
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6.4 Negative results on the MSE dataset

We attempted to reduce interference and to amplify the signal. Unfortunately, even our
optimistic assumptions imply that the ratio of interference to signal is at least 40%. In
reality, we observed that, for almost all signaling peaks, the ratio of interference to signal
is much higher than this lower bound of 40%. Moreover, different y-ions respectively
generated by different precursors sometimes overlap with each other in both m/z and RT.
We observed that, as i increases, (y′i)÷(yi+y

′
i) randomly fluctuates instead of generally

increasing, presumably because yi and/or y′i are subject to too much interference. The
MS2-like spectrum in Figure 6.1 is one of the best-quality MS2-like spectra in the MSE

dataset. Still, in the MS2-like spectrum in Figure 6.1, only y1, y′2, and y′6 can be detected
by meticulous and labor-intensive visual inspection after zooming into the respective m/z
of these y-ions.

6.5 Discussion about the negative results

RP-MS that uses MSE is both less time-consuming and less labor-intensive than RP-MS
that uses targeted MS/MS. Thus, we attempted to use MSE for improving the spatial
resolution of RP-MS. Unfortunately, our attempt failed, presumably because the MS2-like
spectra produced by MSE have too much noise-induced interference. By making several
optimistic assumptions, we established a lower bound on this interference. Methods for
reducing this interference may exist. Still, we suspect that current MSE technology cannot
reliably quantitate most product ions generated by high-energy CID.

The additional dataset described in [32] is also generated by a Synapt G2 mass spec-
trometer that runs in MSE mode. Thus, we looked at this additional dataset. The ex-
periment that generated this additional dataset has the following characteristics compared
with the MSE dataset: First, the duration of each scan was increased to produce mass
spectra with higher mass resolution. Second, peptides are eluted more slowly to better
separate these peptides. Third, CID seems to be more optimized. Presumably because
of these characteristics, we can manually identify some product ions in this additional
dataset. Unfortunately, the MS2-like spectra in this additional dataset are generally still
too noisy and too complex. Thus, we can manually quantitate only very few product ions
of interest in this dataset. Thus, MSE currently seems to be unable to improve the spatial
resolution of RP-MS.
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Chapter 7

Conclusion

The spatial resolution of the quantitation of oxidation by radical-probe mass spectrometry
(RP-MS) is low. The low spatial resolution of such quantitations result in the low spatial
resolution of the solvent-accessible surface area (SASA) derived from such quantitations.
The low spatial resolution of this SASA results in the low spatial resolution at which
protein folding is studied. We showed that targeted LC-MS/MS can improve the spatial
resolution of such quantitations of oxidation. Moreover, we designed an algorithm that
automates such quantitations of oxidation at this improved spatial resolution. MS/MS
can fragment a mono-oxidized peptide into the suffixes of this peptide. Thus, one such
suffix is oxidized if and only if the oxidation site on this peptide is on this suffix. Thus,
one such suffix of length i is oxidized if and only if this oxidation site is in the last i
amino-acid residues of this peptide. Let φi be the relative frequency that one such suffix
of length i is oxidized. Without loss of generality, let i > j. Then, φi − φj denotes the
relative frequency that the oxidation site in a given mono-oxidized peptide is between the
ith-last and (j + 1)th-last amino-acid residues of this peptide. Thus, φi − φj can be used
for quantitating oxidation at subpeptide level, and φi − φi−1 can be used for quantitating
oxidation at residue level. We evaluated our algorithm on an MS/MS dataset, most of
which is produced by six runs of targeted MS/MS. Our algorithm quantitated oxidation
near residue level. The extents of oxidation computed by our algorithm agree with the
corresponding theoretical extents of oxidation. Thus, our algorithm is sufficiently correct.
The throughput of targeted LC-MS/MS is low. Also, the fragmentation chemistry in MS2

can result in a bias in the oxidation quantitated by our algorithm. However, our algorithm
is still sufficiently useful.

However, random errors exist in such quantitation of oxidation. Worse yet, only mul-
tiple repeated runs can empirically estimate such random errors, but we have only one
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run of targeted LC-MS/MS per peptide. To estimate such random errors using insufficient
experimental data, we made some assumptions partially supported by evidence in the lit-
erature. Then, from these assumptions, we mathematically deduced an empirical formula.
Our empirical formula estimates the random error in the peak-area fraction that is calcu-
lated from only one run of LC-MS/MS. A peak-area fraction represents, in a sample of
interest, the quantity of a type of molecule relative to another type of molecule. Peak-area
fraction is a generalized version of φi. Three repeated runs of LC-MS/MS confirmed that
our empirical formula is sufficiently correct. These three runs were all performed by a
quadrupole time-of-flight (QTOF) mass spectrometer that analyzed a non-complex sam-
ple. Multiple runs provide more information than one run. Thus, one run generally cannot
replace repeated runs. For example, multiple repeated runs result in multiple estimates
of the same expected value of a peak-area fraction. Then, the average of these multiple
estimates has less random error than any one of these multiple estimates. However, our
empirical formula is still sufficiently useful.

The throughput of targeted MS/MS is lower than the throughput of MSE by orders of
magnitude. Thus, we hypothesized that MSE can also improve the spatial resolution of
RP-MS. Unfortunately, an MSE dataset shows that our hypothesis is likely to be wrong.
Moreover, an additional MSE dataset shows that our hypothesis is very likely to be wrong.

MSE does not seem to be able to achieve the purpose of improving the spatial resolution
of RP-MS. Thus, in the future, we will try some alternative approaches for this purpose.
Ideally, these alternative approaches should be neither labor-intensive nor time-consuming.
For example, the following experimental methods all outperform MSE in protein identifica-
tion: ion mobility spectrometry (IMS) assisted MSE (HD-MSE) [11], ultra-definition MSE

(UD-MSE) [11], and multiplexed MS/MS [14]. Thus, these methods can be the basis of
these alternative approaches.

In the future, we will also test our empirical formula on additional datasets. For
example, one such additional dataset can be produced by a mass spectrometer of another
type, and this mass spectrometer can analyze a complex sample to produce this dataset.
In isobaric tags for relative and absolute quantitation (iTRAQ) experiments, the ratio
of iTRAQ reporter ions is also a peak-area fraction. Thus, our empirical formula has
the potential to estimate the random error in iTRAQ when fewer-than-expected runs of
LC-MS/MS are performed.
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APPENDICES

Our custom peak-detection algorithm

The intensity of a candidate peak is assumed to be proportional to the probability that
this candidate peak is a true peak. And the respective generations of different peaks
are assumed to be pairwise independent. Thus, the product of the respective intensities
of different candidate peaks is assumed to be proportional to the probability that these
candidate peaks are all true peaks. These candidate peaks can be in different mass spectra
but all have the same m/z. The continuous range of applicable m/z is partitioned into
connected and pairwise non-overlapping subranges of m/z. Each of these subranges spans
0.01 m/z. Let p be probability that a first subrange contains at least one true peak. Let p′

be the probability that another subrange near this first subrange contains at least one true
peak. Then, p relative to p′ is the likelihood that this first subrange contains at least one
significant true peak. If this significant true peak does not overlap with any other peak
that has already been picked, then this significant true peak is picked.

Additional justification for using our empirical formula

Table 5.1 summarizes the dataset used for testing our empirical formula. Table 4.1 sum-
marizes the dataset to which our empirical formula is applied. The comparison between
these two datasets reveals the following discrepancy: the RT ranges in Table 4.1 are typi-
cally much larger than the RT ranges in Table 5.1. Thus, our empirical formula is perhaps
not applicable to the dataset summarized in Table 4.1, because the errors in a smaller RT
range cannot be extrapolated to the errors in a larger RT range.

Fortunately, our empirical formula is not affected by this potential problem of extrap-
olation. The following two paragraphs explain why this potential problem is not an issue.
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Algorithm 3 detect-peaks(r1 , r2 )

Input: r1 is a sequence of MS2 spectra produced by a first run of LC-MS/MS, r2 is a
sequence of MS2 spectra produced by a second run of LC-MS/MS;

(
r1 , r2

)
should be

iid, or equivalently the run that produced r1 and the run that produced r2 should be
repeated.

Output: a set such that each element in this set is the m/z of a chemical species of
product ions that is detected in both r1 and r2 .
We manually validated by visual inspection the output of this algorithm.

1: find a subsequence r′1 of r1 and a subsequence r′2 of r2 such that

1. the RT of any spectrum s1 in r′1 ≈ the RT of any spectrum s2 in r′2 and

2. the precursor m/z of any s1 in r′1 ≈ the precursor m/z of any s2 in r′2 .

2: ∆
def
={−50

100
,
−49

100
, ...,

49

100
,

50

100
} . Discretized values of m/z

3: sumLnInts(m
z
, r′)

def
=
∑
s∈r′

(
ln

(
1 +

∑
p∈s

(
Intensity(p) · 1[m

z
< m/z of p ≤ m

z
+

1

100
]

)))
. sum of logarithm of peak intensity in every spectrum with add-one Laplace smooth-
ing, where p means peak, s means spectrum, and where r′ means sequence of spectra

4: lnLike(m
z
, r′)

def
= sumLnInts(m

z
, r′)− 1

101
·
∑
δ∈∆

(
sumLnInts(m

z
+ δ, r′)

)
. log-likelihood at an m/z relative to the background log-likelihood near this m/z

5: M
Z

def
={ 1

100
,

2

100
, ...,

199999

100
,
200000

100
}, M

Z

′ def
= ∅ . Discretized values of m/z

6: while max
m
z
∈M
Z

lnLike(m
z
, r′1 ) >

ln(200000)

10
∧ |M

Z

′| < 1000 do

7: m
z

def
= arg max

m
z
∈M
Z

lnLike(m
z
, r′1 )

8: M
Z

def
= M

Z
\

(⋃
δ∈∆

(
{m
z

+ δ}
))

. eliminate peaks that are adjacent in m/z

9: if lnLike(m
z
, r′2 ) >

ln(200000)

10
∧ (∀m

z
′ ∈ M

Z

′
: −3 < m

z
′ − m

z
< 3) then

10: . select intensity with high relative log-likelihood and naively avoid isotope
11: M

Z

′ def
= M

Z

′ ∪ {m
z
}

12: end if
13: end while
14: return M

Z

′
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First, each of the peptides in Table 4.1 has most of its peak intensities concentrated at
a few short RT intervals. The length of each of these RT intervals is similar to the length
of any RT range in Table 5.1 (data not shown). Thus, the union of these RT intervals is
still larger, but not much larger, than a typical RT range in Table 5.1. Thus, this problem
is alleviated.

Second, we merged the MS2 spectra of each peptide in Table 4.1. The number of these
merged MS2 spectra is approximately the number of the MS2 spectra of each peptide in
Table 5.1. This merging step does not increase any error. After this merging step, the
multiplicative random error captured by the constant δ is still negligible compared with
the shot noise captured by Equation (5.15). Also, this multiplicative random error and
this shot noise should constitute most of the error in these merged mass spectra. Thus, the
shot noise captured by Equation (5.15) is sufficient for characterizing the random errors in
the dataset summarized in Table 4.1.

Definitions specific to this thesis

P ′ is defined as a chemical superspecies of mono-oxidized peptides that are chemically
identical up to structural isomerism, where this isomerism is only due to the fact that
any site on any residue can be mono-oxidized; for example, P ′ can be any of the fol-
lowing: {F[+16]DK}, {Y[+16]K, Y[+16]K}, {Y[+16]K, YK[+16]}, and {Y[+15.99]K,
Y[+16]K}; however, P ′ cannot be any of the following: {Y[+16]K, Y[+16]K[+16]},
{Y[+16]K, YK}, {Y[+32]K}, {Y[+16]K, Y[+16]K[+14]}, and {Y[+16]K, Y[-16]K}.
35, 37, 41, 72

P is defined as a chemical species of unoxidized peptides; for example, P can be {FDK,
FDK}, can be {ALELFR}, cannot be {FDK, FKD}, and cannot be {FDK, F[+16]DK}. 35,
41, 54, 57–59, 72

TIC is a function such that TIC(s) is the sum of the respective intensities at all applicable
m/z values in the mass spectrum s; TIC(s) represents the intensity of all ions detected
in s. 51, 72

XIC is a function that outputs the absolute intensity of some investigated molecules in
a mass spectrum; XIC(M, s) is the sum of the respective intensities of the peaks
generated by M in s, given that s is a mass spectrum, and that M is some investigated
molecules. 35, 50, 52, 53, 56, 61, 72, 73
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peak-area is a function that outputs the area under the curve of an extracted-ion chro-
matogram (XIC); let M be a class of molecules, let r be a set of mass spectra gener-

ated by one run of LC-MS or of LC-MS/MS; then, peak-area(M, r)
def
=
∑

s∈r XIC(M, s),
so peak-area(M, r) represents the total absolute quantity of M detected in r. iii,
viii, 35–37, 39, 41, 45–50, 52–59, 61, 69, 73

Definitions in Mathematics

N is the random-variable generator for the normal distribution. N (µ, σ2) has a mean of
µ and a variance of σ2. 37, 41, 52, 53, 55, 73

iid denotes “independent and identically distributed”. 56–59, 71

E is the expectation operator; E[X] is the expected value of the random variable X or
equivalently the mean of X. 37, 39, 41, 42, 48, 52, 53, 55–59, 73

var is the variance operator; var[X] is the statistical variance of the random variable X.
39, 41, 42, 55–59, 73

app∼ denotes “is approximately distributed as”. 37, 41, 52, 53, 55, 56, 73

Definitions in mass spectrometry

m/z is the mass-to-charge ratio measured in Da. xi, 3, 10, 16–20, 23, 24, 26, 28, 30, 35,
46, 54–59, 64–67, 70–72

HO· is the symbol for hydroxyl radical. x, 8, 9, 11–13, 33, 34, 40, 43, 45

LC-MS/MS is an analytical-chemistry technique using liquid chromatography (LC) and
MS/MS such that the outlet of the LC column is connected to the inlet of the MS/MS
instrument. 30, 32, 33, 35, 37, 41, 45–49, 51, 52, 54, 56–64, 68, 69, 71, 73

LC-MS is an analytical-chemistry technique using LC and mass spectrometry (MS) such
that the outlet of the LC column is connected to the inlet of the MS instrument. 2,
31, 34, 35, 41, 47, 51, 52, 73
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MS/MS denotes “tandem mass spectrometry”. iii, vii, viii, x–xii, 2, 3, 5, 10, 20, 21,
33–35, 38, 40, 45, 47, 48, 53, 54, 64, 67–69, 73, 74

MS1 is the first stage in MS/MS or the only stage in MS; MS1 generates precursor ions
and survey scans. x–xii, 3, 20, 30, 32, 34–37, 39–41, 63, 65, 66, 74

MS2 is the second stage in MS/MS; MS2 generates product ions and product scans. xi,
xii, 3, 4, 10, 20–22, 24, 26, 28, 30, 32, 34–41, 45, 48, 49, 54–56, 60, 61, 63–68, 71, 72,
74

MSE is a mass-spectrometry technology pioneered by the Waters Corporation [35]; in
MSE, collision-induced dissociation (CID) alternates between low energy mode which
produces MS1-like spectra and high energy mode which produces MS2-like spectra.
iii, iv, viii, xii, 5, 63–67, 69, 74

mono-oxidation is defined as a modification characterized by a mass shift of approxi-
mately 15.99Da to a biomolecule; 15.99Da is approximately equal to the mass of one
oxygen atom. viii, 1, 2, 9, 12, 32, 33, 35, 37, 39–41, 45, 74

mono-oxidized denotes “affected by mono-oxidation”. xi, xii, 1–4, 32, 33, 35–44, 48, 66,
68, 72

Acronyms in mass spectrometry

CID Collision-Induced Dissociation 21, 23, 30, 54, 63–67, 74

ESI ElectroSpray Ionization 16–18, 30

FPOP Fast Photochemical Oxidation of Protein vii, xi, 1, 2, 10, 11, 27, 30, 33–35, 37, 45,
64

HPLC High-Performance Liquid Chromatography vii, xi, 10, 14, 15, 30, 65, 75

IE-MS Iterative-Exclusion Mass Spectrometry 54

LC Liquid Chromatography 9, 11, 14, 15, 37, 73

MS Mass Spectrometry vii, xi, 2, 3, 9–11, 14–17, 21, 27, 30, 64, 73, 74

PDB Protein Data Bank iii, xii, 34, 66
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PSM Peptide-Spectrum Match vii, xi, 10, 26–28

PTM Post-Translational Modification 27

QTOF Quadrupole Time-Of-Flight 47–49, 54, 62, 69

RP-HPLC Reverse-Phase High-Performance Liquid Chromatography xi, 15, 16

RT Retention Time 2, 15, 16, 30, 34–36, 40, 41, 46, 50, 51, 54, 55, 64, 66, 67, 70–72

SASA Solvent-Accessible Surface Area iii, xi, 1, 2, 5, 8, 9, 11, 12, 68

XIC eXtracted-Ion Chromatogram 35, 47, 49, 51, 53, 73

RP-MS Radical-Probe Mass Spectrometry iii, iv, viii, xi, 9, 10, 27, 29–34, 45, 54, 63, 64,
66–69
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