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Current methods for topology optimization primarily represent the interface between solid and void
implicitly on fixed grids. In contrast, shape optimization methods represent the interface explicitly, but
do not allow for any topological changes to the structure. Using an explicit interface representation has
a number of advantages as described below. Consequently, we propose to use the Deformable Simplicial
Complex (DSC) method [1] which represents the interface explicitly as one or more closed piecewise linear
curves in 2D.

As opposed to pure shape optimization methods, the DSC method is able to handle topology changes.
It does so by discretizing the entire design domain into an irregular adaptive triangle mesh and thereby
explicitly representing both the structure and the embedding space. In other words, the entire design
domain is divided into triangles, where the interface is represented as piecewise linear curves between
void and non-void triangles.

Another advantage of the DSC method is that we can exploit the triangle mesh for the FEM com-
putations used in the optimization procedure. The non-void elements define the structure and their
deformation is described by second order shape functions. To increase performance, degrees of freedom
associated with void triangles are eliminated from the FE equation. Using the triangle mesh for com-
putations is possible since the DSC method ensures a mesh with no degenerate elements. If the mesh
contained degenerate or close to degenerate elements the FEM computations would break down and the
results would no longer be valid. The DSC method solves this issue by a series of mesh operations which
keeps the mesh ever well-formed. Put another way, the consequence of using a well-formed adaptive mesh
is that the representation for the FEM calculations and the shape of the structure can be one and the
same.

In addition to unifying calculations and representation of the structure, the approach also unifies shape
and topology optimization into a single framework. Furthermore, it combines the two in a simultaneous
optimization strategy. Here, the shape is optimized on the basis of the gradient based optimization
algorithm Method of Moving Asymptotes whereas holes are introduced using topological derivatives.
Since we combine these methods, and since FEM calculations are performed only on non-void triangles
and gradients are calculated only for the interface nodes, the presented approach is efficient.

An explicit representation is not just useful when considering simplicity and performance. In many
cases, the explicitly represented interface is necessary to be able to model a problem. For example for
flow or electromagnetic problems with localized boundary effects. Furthermore, control of boundary
smoothness is simple to implement and can e.g. be used to control fillet radius at corners. The method
also opens up for the opportunity to apply other local constraints, such as min/max length scale of the
structure. Finally, the explicit interface is in all cases necessary when interpreting the final design.

The status of the work is that the method has been developed and is showing promising results. For
instance, the cantilever beam problem has been solved to a high precision using a fine discretization by
evaluating the objective function approximately 500 times. This took around 100 seconds on an ordinary
laptop utilizing a single thread. In addition, a coarse solution to the same problem has been obtained in
approximately 10 seconds.
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