
University of Pennsylvania
ScholarlyCommons

Statistics Papers Wharton Faculty Research

1-1979

Monotone Subsequences in the Sequence of
Fractional Parts of Multiples of an Irrational
David W. Boyd
University of British Columbia

J Michael Steele
University of Pennsylvania

Follow this and additional works at: http://repository.upenn.edu/statistics_papers

Part of the Physical Sciences and Mathematics Commons

At the time of publication, author J. Michael Steele was affiliated with University of British Columbia. Currently, (s)he is a faculty member at the
Statistic Department at the University of Pennsylvania.

This paper is posted at ScholarlyCommons. http://repository.upenn.edu/statistics_papers/24
For more information, please contact repository@pobox.upenn.edu.

Recommended Citation
Boyd, D. W., & Steele, J. M. (1979). Monotone Subsequences in the Sequence of Fractional Parts of Multiples of an Irrational. Journal
für die Reine und Angewandte Mathematik, 1979 (306), 49-59. http://dx.doi.org/10.1515/crll.1979.306.49

http://repository.upenn.edu?utm_source=repository.upenn.edu%2Fstatistics_papers%2F24&utm_medium=PDF&utm_campaign=PDFCoverPages
http://repository.upenn.edu/statistics_papers?utm_source=repository.upenn.edu%2Fstatistics_papers%2F24&utm_medium=PDF&utm_campaign=PDFCoverPages
http://repository.upenn.edu/wharton_faculty?utm_source=repository.upenn.edu%2Fstatistics_papers%2F24&utm_medium=PDF&utm_campaign=PDFCoverPages
http://repository.upenn.edu/statistics_papers?utm_source=repository.upenn.edu%2Fstatistics_papers%2F24&utm_medium=PDF&utm_campaign=PDFCoverPages
http://network.bepress.com/hgg/discipline/114?utm_source=repository.upenn.edu%2Fstatistics_papers%2F24&utm_medium=PDF&utm_campaign=PDFCoverPages
http://dx.doi.org/10.1515/crll.1979.306.49
http://repository.upenn.edu/statistics_papers/24
mailto:repository@pobox.upenn.edu


Monotone Subsequences in the Sequence of Fractional Parts of Multiples
of an Irrational

Abstract
Hammersley [7] showed that if X1, X2, . . . is a sequence of independent identically distributed random
variables whose common distribution is continuous, and if ln+(ln-) denotes the length of the longest

increasing (decreasing) subsequence of X1, X2, . . ., Xn, then there is a constant c such that ln-
⁄n½→ c and ln+

⁄n½→
c in probability, as n → ∞. Kesten [8] showed that in fact there is almost sure convergence. Logan and Shepp
[11] proved that c ≧ 2, and recently Versik and Kerov [13] have announced that c = 2.

Disciplines
Physical Sciences and Mathematics

Comments
At the time of publication, author J. Michael Steele was affiliated with University of British Columbia.
Currently, (s)he is a faculty member at the Statistic Department at the University of Pennsylvania.

This journal article is available at ScholarlyCommons: http://repository.upenn.edu/statistics_papers/24

http://repository.upenn.edu/statistics_papers/24?utm_source=repository.upenn.edu%2Fstatistics_papers%2F24&utm_medium=PDF&utm_campaign=PDFCoverPages























	University of Pennsylvania
	ScholarlyCommons
	1-1979

	Monotone Subsequences in the Sequence of Fractional Parts of Multiples of an Irrational
	David W. Boyd
	J Michael Steele
	Recommended Citation

	Monotone Subsequences in the Sequence of Fractional Parts of Multiples of an Irrational
	Abstract
	Disciplines
	Comments


	tmp.1503608159.pdf.Gwq3u

